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DANG44.  NGUYEN HAM TUNG PHAN

€  KIEN THUC CAN NHO

Ham s6 F(z) 1a mot nguyén ham ctia ham s6 f(x) néu F'(z) = f(x).

u=f(z)

a) Cong thitc nguyén ham timg phan =
) dv = g(x)dz v= [ g(x)dz = G(z)(C =0).

Khi d6 ta c6 /u dv=u-v— /v- du hay /f(x)g(:c) dz = f(2)G(z) — /G(x)f’(a:) dz.

du = f'(z)dz

b) Cong thitc tich phan timg phan u=J@) =
dv = g(z)dx v:/g(x)dx:G(x)(C’:O).

b
Khi d6 ta c6 /u dv = (u-v)

a

b b b
- / v- du hay / F(2)g(x) dz = [f()G(x)

a

c¢) Cong thitc dao ham ctia ham s6 so cap va ham hgp

o (z%) = az™ L. o (&%) =¢e".

e (sinu) = cosu.

e (cosu) = —u'sinu.

o (uwv) =u'v+uv. o (Inz) =
d) Nguyen ham cac ham sb6 thuong gap

efder=e"+C.

sinzdr = —cosz + C.

coszdz =sinz + C.

: . x)-u(z) dx. o/

$a+1
o/xadx: m +C, V6l a # —1. ./
-/
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€ BAITAP MAU

Vi du 1. Cho ham s6 f(x) lién tuc trén R. Biét cos 2z 13 mot nguyén ham ctia ham s6 f(x)-e?,
ho tat ca cidc nguyén ham ctia ham s6 f(z) - e® 1a

@—sin2x+c082x+0. —2sin2x+cosQw+C.
@—2sin2x—0052x+0. @2sin2x—cos2x+0.
Loi giai.

Phan tich huéng dan giai

a) DANG TOAN: Day 1a dang stt dung phuong phap nguyén ham ting phan.

b) HUONG GIAT:

— Budc 1: Dya trén gid thuyét cos 2z 1a mot nguyén ham ciia ham s6 f(z) - e* ta tim
dugc ham s6 f(z) - e”.

— Budc 2: Ap dung cong thiic nguyen ham timg phan ta tinh duge I = / f'(z)-e” dx

{u:ex {du:e:"dm
=
dv = f'(z)dz v = f(z).

LOI GIAI CHI TIET

bang cach dit

Ta c6 cos 2z 1a mot nguyén ham ctia ham s6 f(z) - e” suy ra f(x) - e® = (cos2z)’ = —2sin 2z.
Xét [ = /f(x) -e’dx.
Dat

u=e" du = e* dz
=
dv = f'(z)dx v = f(z).
Khi d6 ta co ]:/f'(x)~exdx:f(x)-ex—/f(x)-exdx:—Qsian—0082x+C’.
Chon phuong an @

€)  BAITAP TUONG TY VA PHAT TRIEN

Cau 1. Cho ham s f(x) lién tuc trén R. Biét sin 3z 13 mot nguyén ham ctia ham s6 f(z) - e, ho
tat ca cdc nguyén ham ctia ham s6 f/(z) - e® 1a
@36083x—sin3x+0. —30083x—cos3x+0.
©BSin3x—cos3x+C. @36053x—0083x~|—0.
Loi giai.

v
P

v
X

v
X
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Ta c6 sin 3z 1a mot nguyén ham ctia ham s6 f(z) - e® suy ra f(x) - e® = (sin3z)" = 3 cos 3.
Xét I = /f(x) e’ dx.

u=ce" du =e"dzx
Dat =

dv = f'(z)dx v = f(z).
Khi d6 ta co I = /f/(x) cefdr = f(z) - e" — /f(m) -e"dr = 3cos3z —sin3x + C.
Chon phuong an @

1) o

Cau 2. Cho ham s6 f(z) lién tuc trén (0;+o00). Biét Inz la mot nguyén ham clia ham s6 ——=,
e

tat cA cac nguyen ham ctia ham s6 f/(z) - 22 1a

(A)z-e +C. Blz-e" -2 +C. (C)-z-e"+2"+C. ([D)w-e” +2e" +C.
Loi giai.
2 N S ]- r
Ta c6 Inx 1a mot nguyén ham cta ham so Lf) suy ra Lf) =(Inz) === f(z)= <
e [§ i T
e*r —e”

Suy ra f(x) = —a

4 / 2 e’x —e” 2 T x x x
Xét I = | fiz) -z°de = T-x-dx: (e®z —e") - dx = [ e®zdz — [ e"dux.

U=z du = dx
Dat = . suyra

dv =e*dx v=e

/exa:dx—/e‘”dx:(x-ex—/exdx>—/exdx:x-ex—Zem—l—C.

Chon phuong an
()

Cau 3. Cho ham s6 f(z) lien tuc trén R. Biét 22 — 3z + 1 1a mot nguyeén ham ctia ham s6 —~,
x

ho tat ci cac nguyén ham ctia ham s6 f/(z) - % 13

Az — 11e?® 9 4x — be” 4o — 5e**
Lai giai.
- 2 N ~ ~ N 2 N A f(x) f(x) 2 !
Ta c6 22 — 3z 4+ 1 1a mot nguyen ham ciia ham s6 —— suy ra ——= = (22 =3z +1) =2z — 3.
T T

Suy ra f(r) = 22 — 3z suy ra f(z) = 4o — 3.
Xét I = /(4x —3)-e**du.

w=4r —3 du =4dzx
Dat 5 = 1
dv =e** dz v = §e2‘”,

Khi dé6 ta co

_ . p2T - L n2x . 2
[:/(43;_3).62%:M_Q/eamdxzM_eaxw:uw,

Chon phuong an @
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Cau 4. Cho ham s6 f(x) lien tuc trén R. Biét sin?z 14 mot nguyén ham ctia ham s6 f(z) - €%, ho
tat ca cac nguyen ham ciia ham sé f/(z) - e® 1a

@20053: —cos2x + C. sin2:v —sin?z + C. @281111‘ —sin®z + C. @sin2x+sin2x + C.
Loi giai.
Ta c6 sin® z 1a mot nguyén ham cia ham s6 f(xz) - ” suy ra f(z) - e” = (sin® :c)/ = sin 2.

Xét I = /f(x) e’ dx.
u=ce" du = e" dz
Dat =
dv = f'(z)dx v = f(x).
Khidotaco I = /f’(x) cetdr = f(z)-e* — /f(:v) e dz = sin 2z — sin® x + C.
Chon phuong an

Cau 5. Cho ham s6 f(z) lién tuc trén R. Biét cos? z 1a mot nguyén ham ctia ham s6 f(z) - e**, ho

tat ca cdc nguyeén ham ctia ham s6 f/(z) - e?* 12

v
P

@—sin2x+20082x+c. sin2x—2c082x+0.
@—sin2x—QSin2x+C’. @—sian—2cos2x+C.
Loi giai.
Ta c6 cos? z 1a mot nguyén ham cia ham s6 f(x) - €** suy ra f(z) - e = (cos? m)/ = —sin 2.
Xét [ = /f/(:t) e .
u=e du = 26** dzx
bat =
dv = f'(z)dx v = f(x).

v
X

Khi do6 ta cé]:/f’(x)-e%dx:f(x)-ezf—Z/f(x)-ezxdx:—sin2x—20082x+(].
Chon phuong an @

v
X

T NV1VOH HNIN 3@ NJIML 1YHd NYOL 9NVA 08

1 p p
Cau 6. Cho F(z) = 5.2 la mot nguyén ham cta ham so % Tim mot nguyén ham cia ham so
f(z)Inz.
Inx 1 Inx 1
@/f(x)lnzdx:?—Fsz—i—C. /f(:v)ln:vdx:?+ﬁ+0.
Inx 1 Inx 1
@/f(x)lnxdx:—(?jtﬁ)%—a @/f(m)lnxdx:—<?+ﬁ)+0.
Loi giai.
1 . P 1\ 1
Ta c6 F(x) = — la mot nguyén ham ciia ham so fz) suy ra ) = (—) = ——.
1
u=Inxz du=—dz . R
Dat ) = r . Ap dung cong thitc nguyén ham tiing phan ta co
dv = f'(z)dx v = f(z)

/f’(x)lnmdx:f(x)mx—/@dx:: —i(xlnx)—i+o:_(lz_f+ ! )+c.

x3 22 212

Chon phuong an @
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Cau 7. F(z) = 2% 13 mot nguyeén ham ciia f(z)e?. Tim mot nguyen ham ctia ham s6 f/(z)e?

@/f’(x)em dr = 222 — 22 + C. /f’(:c)ez'” de = —22°% + 22 + C.
@/f’(x)e% do = —2* + 2+ C. @/f’(x)ez'” dz = —2® + 22 + C.

Loi giai.
F(z) = 2% 1a mot nguyen ham clia f(z)e?” suy ra f(z)e?* = 2.
Dit QI du=2-c%da Apd ong thii én ham timg phan ta cd
a = . Ap dung cong thitc nguyén ham tiing phan ta co
dv = f'(z)dx v = f(z)

/f e = f —2/f X dr =2z — 2 /f )e¥ de = —22°% + 22 + C.

Chon phuong an
Cau 8. Cho F(z) = (z — 1)e® 14 mot nguyén ham ctia ham s6 f(z)e?*. Tim mot nguyén ham cta
ham s6 f(z)e?.

@/f’(:c)ez’” dz = 2 ; Tt 1 C. /f’(:c)ezx dz = (4 —22)e” + C.
@/ fl(x)e** dz = (z — 2)e® + C. @/ fl(x)e** dz = (2 — z)e® + C.

Loi giai.
Ta c6 F(z) = (z — 1)e® 1a mot nguyén ham ctia ham s6 f(z)e?® suy ra f(z)e®® = [(xz —1)e?] =
e’ + (z — 1)e”.
u =% du=2-e**ds .
Dat = . Ap dung cong thitc nguyén ham titing phan ta co
dv = f'(z)dx v=f(z)

/ fl(x)e**dx = f(x)e*® —2 / f(x)e* dx

= [+ (z —1)e"] — Q/f(x)e% dz
= (e"+(x—1)e") —2(x—1)e"+C = (2—1x)e" + C.

Chon phuong an @

1 p P
Cau 9. Cho F(z) = .3 la mot nguyén ham ctia ham so M Tim mot nguyén ham ciia ham so
x x
f'(z)In.
Inx 1 Inx 1
@/f hl:L“dI—Fﬂ—%—f—C, /f hl:L“dI—?ﬂ—Fﬂ—C.
1 1 1 1
@/f hlxdff_—(nx 3$3)+C @/f lnxdm——(nz 3>+C'.
Loi giai.

33

ZE4‘

/() o) Ly

]_ 2 N A
Ta c6 F(z) = 3.3 la mot nguyén ham ciia ham so — - suyra ——
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u=Inz du=—-dx . .
bat , = x . Ap dung cong thic nguyén ham ting phan ta cé
dv = f'(z)dx v = f(z)

1 1 1 1
/f/(x)lnxdx:f(x)lnx—/@dx:—F(xlnx)—@vLC':—(%%—@)+C.

Chon phuong an @
Cau 10. Cho F(z) = e®cosz 13 mot nguyén ham citia ham s6 f(x)e?”. Tim mot nguyén ham cia
ham s6 f/(x)e?®.
@/f )e* dz = —e” (sinz 4 cosz) + C. /f’(x)ezxdx:ex(sinqucosx)—i—C.
@/f/(x)e% dz = —e” (sinz — cosz) + C. @/f’(m)e% dz =e” (sinx — cosz) + C.

Loi giai.

Vi F(x) = e cosx 1a mot nguyén ham ctia ham s6 f(z)e?® nén f(z)e?® = F'(z) = ¢® cosx — e sin 7.
pat {7 du=2-"dr ¢ dung cong thite nguyen ham ting phin fa o
a = . Ap dung cong thitc nguyén ham tiing phan ta co
dv = f'(z)dx v = f(x)
Ta co

/ fl@)e®de = f(x)e®® -2 / F(2)e® dz

= ¢e"(cosx —sinzx) — 2 / f(z)e** dzx
= ¢"(cosz —sinz) —2e* cosx + C' = —e” (sinz + cosz) + C.
Chon phuong an @

X
Cau 11. Cho F(z) = — 1a mot nguyén ham ciia ham s6 f(z). Tim mot nguyen ham ctia ham s6

(f(x) + f'(z)) e

x\ '/ r T
Ta c6 F(z) = S Y moOt nguyén ham ctia ham s6 f(z) suy ra f(z) = (—) S
x
= du = f'(x)d
b {u f@ { u='a)do

dv =e"dx v =e”.

Theo cong thitc nguyén ham ting phan, ta c6

/ f)e” dw = e f(x) - / " /() dr = / (F@) + @) - dr = e"f(@) + € = =)

T NV1VOH HNIN 3@ NJIML 1YHd NYOL 9NVA 08
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Chon phuong an @
()

Cau 12. Cho F(x) = 2%® 1a mot nguyén ham ctia ham s6 — Tim mot nguyén ham ciia ham
s6 f'(z)Inw.
@/f’(x) Inzxdr =e" (x3lna:+ 202 Inx —i—xZ) +C.
/f’(x) Inxdr = —e* (xglna; + 223 Inx — xz) +C.
@/f’(a:) Inzxdr =e" (:z;3lnq: — 2% Inx — a:2) +C.
@/f’(a:) Inzxdr =e” (1:3lna: +22%Inx — x2) +C.
Loi giai.
Ta c¢6 F(z) = 2%¢* 1a mot nguyén ham clia ham s6 @ suy ra @ = (x2e$)/ = 2ze” + z2e”.
u=1Inz du = l dz . R
bat = x . Ap dung cong thic nguyén ham ting phan ta cé
dv = f'(z)dx v = f(z)

/ '(z)Inzde = f(x)lnx—/@dx

= (M) (zlnz) — 2%e” 4+ C

x
= zlnz (Qxem + xzex) — 2%+ C
= e’ (a:‘glnzv +22%Inz — xz) +C.

Chon phuong an @

Cau 13. Cho F(z) = =%

ham s6 f(z)cos .

14 mot nguyén ham ctia ham s6 f(r)sinz. Tim mot nguyén ham cla

2
COST  COS° T
@/f’(x)cosxdx:— — —-— taxcosx+C.
x r?sinx
2
COST  COS° T
/f’(x)cosxdx:— — —5—— —xcosz +C.
T r2sinx
2
CoOST  COS°T
@/f’(x)cosxdx: + —5—— t+zcosz+C.
x x?sinx
2
cosxT  COs“x
@ f'(z)coszdx = + ————xcosz+C.
x r2sinw
Loi giai.
) CoST .. S S £ : : cosx\’
Ta c6 F(z) = la. mot nguyén ham cta ham so f(z)sinz suy ra f(z)sinz = ( ) =
x x

—xsinx — cosx

2
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U = COST du = —sinzdz . .
bat = . Ap dung cong thitc nguyén ham tiing phan ta cé

dv = f(x) dx v = f(x)

/f’(x)cosa:da: = f(x

)cosx — /f(x) sinz dz

= (f(x)sinx)coter/f(x)sinxdx

—rsinT — cosx

(

COS T COS™ T

2
2
4+ zcosx + C.

Chon phuong an @

Cau 14. Cho ham s6 f(z) théa man

@[:1. [:_

L&i gii.

—_
S~ in

sinz - f(z)dr = f(0) = 1. Tinh

T x2sinx

O\wlﬁ

(©1=0.

)cotx+xcosx+0

cosx - f'(x)dx.

D)1 =2.

U = COST du = —sinzxdz . .
Dat = . Ap dung cong thtc tich phan ting phan ta co

dv = f'(z)dx v = f(z)

5
Ta co: /Cosx f'(z)dz = (f(z)cosz)

Chon phu’dng an @

Cau 15. Cho ham s6 f(z) c6 dao ham f/(z) lién tuc trén R théa man f(0) = f(1) = 1. Biét

1

/f )sinzdx = —f(0) +

O\wm

/e:v (f(2) + f'(x)) do = ae +b. Tinh § = o017 4 018,

: (A)s=1. B)s =—1.

Loi giai.
fry d — ! d
pat 1" f(z) _ Jdu fi(z)dx
dv =e%dx v =e”.

Theo cong thiic tich phan ting phan, ta c6

:/ d:c:>/

Vaya=1;b=—-1= 5 =2.
Chon phuong an @

1
0/ Fa)e de = (¢ ()

Cau 16. Ch00<a<gvab:

s \wlﬁ

(©)s=o.

f(z)sinzdex =—-1+1=0.

D)s = 2.

cot x - €* de. Meénh dé nao dudi day ding?

T NV1VOH HNIN 3@ NJIML 1YHd NYOL 9NVA 08

v
P

v
X

v
X


https://www.facebook.com/groups/GeoGebraPro

44. NGUYEN HAM TUNG PHAN PHAT TRIEN DE MINH HOA LAN 1

eil’

5—dr =e“cota —b.

dz = —e%cota — b.

sin? x

5 dz =e%cota +b. @

sin“ x

dz = —e%cota + b.

N \Mlﬂ N \Mlﬂ

Lai giai.

u=e’ du =" dz o . . )
bat 1 = . Theo cong thic tich phan tiung phan, ta cé
dx v=—cotx

s
s 2

2
+/excot$dm =c%cota +b.
a
Qa

s
2
X
e
——dz = —e"cotx
sin” x
a

Chon phuong an @

1 1
/
Cau 17. Cho ham s6 y = f(x) thoa mén/%dx =1va f(1)-2f(0) = 2. Tinh[—/ f(z) dz.
0 0

(A1 =0. B)I=3. ©)1=-1. D)1 =1.

\
A

Nhém: PHAT TRIéN DE MINH HOA

Loi giai.
1
/
Xét tich phan / NGO
. z+1
’ 1
Dat r+1 = (z+1)* " Theo cong thic tich phan ting phan, ta co:

w= o) |v=fla)
Theo cong thic tich phan ting phan, ta c6

1
I:/ﬂﬂmzﬂ@
r+1 z+1
0

Chon phuong an @

1 1

@) g, 1 f@) B

0_/(x+1)2dx_§f(1)_f(0>+/(x+1)2dx_1+I:>I—0-
0 0

1
Cau 18. Goi F(z) 12 mot nguyén ham ctia ham s6 f(x) véi F(1) = 1,/F(:c) dr = —1.
0
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L&i giai.

{u:x {du: dz
Dat —
dv = f(z)dx v=F(x).

Theo cong thic tich phan ting phan, ta c6

1 1 1
1:0/ vf(z)de = (z O/F F(l)—O/F(x)dle—(—l):Z.

Chon phuong an @
Cau 19. Cho ham s6 f(x) c6 dao ham lién tuc trén R théa man f(1)sinl = 10. Tinh I =
/(f(m) cosz + f'(x) sinx) dx.

(A1 =20. B)1=-10. (©)1=-20. D)1 = 10.

Loi giai.

Dt {u:f(m) N {du:f(x)da:

dv =cosz - dz v = sin x.

Theo cong thic tich phan ting phan, ta c6

1

1
—/sinx-f(x)dx.
0

0

1
/f(x) cosxdx = (sinzf(x))
0

v
P

1

Suy ra [ = / (f(x) cosz + f'(x) sinx) dz = f(1)sin1 = 10.
0
Chon phuong an @

Cau 20. Cho ham s6 f(z) c6 dao ham cap hai f/(z) lién tuc trén doan [0; 1] théa man f(1)+£(0) =0
1

v
X

v
X

T NV1VOH HNIN 3@ NJIML 1YHd NYOL 9NVA 08

va / f(z)dz = 2018. Ménh dé nao dué6i day dung?

1 1
@) / (2% — &) f"(x) da = 2018. / (a2 "(x) dx = —4036.
0 0
1
@/ (:1:2 - ZL‘) f"(x) dz = —2018. @/ (:1:2 - :E) f"(x) dz = 4036.
0 0
Loi giai.
1
Xét tich phan / a; - x x)dz.
0
{u-a:Q—m {du—(m—l)dm
Dat —
dv = f"(z)dz v=f'(x).
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Theo cong thic tich phan ting phan, ta c6

1 !
/ (952 - x) () dx = [(xZ - x) f’(x)] - /(21‘ —1)f'(x) da.
0 0 0

1
Xét tich phan /(Qx — 1) f(z) dz.
0

u=2xr—1 du =2dx
Dat — . Ta c6
dv = f'(z)dx )

(20 — 1)f'(2) de = (22 — 1) (x)

) 1
+2/f(x) dz.
0
0

o _

1

Vay / <x2 - :L‘) f"(x)dx = (xQ - :13) f'(z)
0
Chon phuong an @

1

— 2z -1)f(z)

0

1
1
+ Q/f(x) dz = 4036.
0
0

Cau 21. Cho ham s6 f(z) lien tuc tréen R. Biét cosz 13 mot nguyeén ham ctia ham s6 f(x)e”, ho
tat ci cac nguyeén ham ciia ham s6 f/(z)e” 1a

@—sinw+cosx+ C. —sina: —coszx + C. @sinx —coszx + C. @sinx—i—cosaﬂ—C.
Loi giai.
Ta c6 cosz 14 mot nguyeén ham ciia ham sé f(x)e” nén ta c6

(cosz) = f(x)-e" & —sinx = f(x) - e”.

Tinh I = /f’(x) -e” dx.

{u:ex {du:emdx
Dat =
dv = f'(z)dz v=f(x).

SuyraI:/f/(x)-exdx:f(a:)-e“’—/f(x)-exdx:—sinx—cosx—l—C.
Chon phuong an

Cau 22. Cho ham s6 f(z) lién tuc trén R. Biét sinz 1a mot nguyén ham ctia ham s6 f(z)e”, ho
tat ca cdc nguyeén ham ctia ham s6 f/(x)e” 1a

@cosx—sinx—i—C’. —sinx—cosx—i—C’. @sinx—cosx+0. @sinx+cosx+0.
Loi giai.
Ta c6 sinz 14 mot nguyén ham ctia ham sé f(z)e” nén ta c6

(sinz) = f(z) e & cosx = f(x) - €.
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Tinh I = /f/(x) e’ dz.

_ {u—ex {du—emdx
Dat =
dv = f'(z)dx v = f(z).

Suy raI—/f’(x)~exdx—f(x)~ex—/f(x)-exdx—cosx—sinx—l—C.
Chon phuong an @

Cau 23. Cho ham s6 f(x) lién tuc trén R. Biét sin 3z 14 mot nguyén ham ctia ham s6 f(z)e”, ho
tat ci cac nguyeén ham ciia ham s6 f/(z)e” 1a

@30083x—sin3x+0. —3c083x—sin3x+0.
@—3cos3x+sin3x+0. @30083x+sin3x+0.
Loi giai.

Ta c6 sin 3z 14 mot nguyén ham ctia ham s6 f(z)e® nén ta c6

(sin3z) = f(z)-e" < 3cos 3z = f(z) - e”.
Tinh I = /f’(:v) -e”dr.

_ {u:ex {du:exdx
Dat =
dv = f'(z)dx v = f(z).

Suy raI:/f'(x)-emda::f(a:)~ex—/f(x)-ewdx:3cos3x—sin3$+0.
Chon phuong an @

Cau 24. Cho ham s6 f(z) lien tuc trén R. Biét Inz 1a mot nguyén ham ctia ham s6 L?, ho tat
r
ci cac nguyén ham ctia ham s6 f/(z)Inz 1a
2 2 2
@x%nx—%%—a x21n33+%+0. ©x2lnx—x+0. @—xhnx—%—i—C’.
Li giai.
Ta c¢6 Inz 13 mot nguyén ham ctia ham so Lg) nén ta co
T
y_f@) 1 f=) 2
Tinh I = /f’(:c) Inz dz.
1
u=Inz du = —dx
Dat ) = x
dv = f'(z)dx v = f(x).
/ f(z) 2 2 a?
Suyral= [ f'(z) - Inzde = f(z) Inz — de:xlnx— xda::xlnx—?—i-C.
Chon phuong an @
Cau 25. Cho ham s6 f() lien tuc tréen R. Biét Inz 14 mot nguyén ham ctia ham s6 %, ho tat

ci cac nguyén ham ctia ham s6 f/(z)Inz 1a
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@xlnx—x—l—(}'. —xlnx—l—x—i—C’. @xlnx—i—x—l—(}'. @—xlnx—x—l—C’.
Laoi giai.
Ta c6 Inz 13 mot nguyén ham ctia ham s6 Lf) nén ta co
z

f(z)

() 1
Tinh ]:/f/(m) Inxdx.
u=1Inz du = l dz
Dat = x
dv = f'(z)dx v —

f(z).
SuyraI:/f’(x)-lnxdx:f(x)-lnx—/@dx:xlnx—/da:::vlnzc—x+0.
Chon phuong an @

Cau 26. Cho ham s6 f(x) lién tuc tréen R. Biét Inz 14 mot nguyén ham ctia ham s6 zf(x), ho tat
cé cac nguyén ham ctia ham s6 f/(x )lnx 1a

Inx Inx Inx 1 Inx 1
B)— - 55+ 7+ﬁ+(} —totC D—+55+C.
Loi giai.
Ta c6 Inx 1a mot nguyén ham ctia ham s6 zf(z) nén ta c6
1 1
(nz) = 2f(@) & = = af(r) & flz) = .
Tinh ]:/f/(x) Inxdx.
1
u=Inzx du=—dx
Dat = T
dv = f'(z)dx v —
1 1 1 1
Suyral= [ f(z) - Inxdr = f(z) - Inx — f H— =2t
x3 22 222

Chon phuong an @

Cau 27. Cho ham sb f(z) lién tuc trén R. Biét F(z) = 2% 4 22 + 3 14 mot nguyén ham ciia ham s6
f(z)e®, ho tat cd cac nguyén ham ciia ham s6 f/(z)e” 1a

@2:1:—352+C’. :)32~|—C’. @—x2+0. @2$+2+x2+0.
Loi giai.
Ta c6 F(x) = 2% + 22 + 3 13 mot nguyén ham clia ham s6 f(x)e® nén ta c6

(x2 + 2z + 3)/ =xf(z) & 2r+2=¢e"f(x).
Tinh ]:/f'(x)ex dz.
_ {u:em {du:exdx
Dat =
dv = f'(z)dx v = f(x).

Suy raI:/f'(x)exdx:f(:c)ex—/f(a:)exd:c:2x+2—/(2x+2)dx:—:c2—i-C’.
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Chon phuong an @

) ~ . 1
Cau 28. Cho ham s0 f(x) lién tuc trén moi khoang cua R\ {0}. Biet F(x) = " la mot nguyén

ham ctia ham s6 f(z)e”, ho tat ca cdc nguyén ham clia ham s6 f/(z)e” 13

2 1 2 1 2 1 2 1
A)-5+5+C. B-5-5+C ©5-5+C. D)=+ —+C.
Li giai.

]- 2 N £ ~ z
Ta ¢6 F(r) = — la mot nguyén ham ctia ham s0 f(z)e” nén ta co
x

( ! )/ = f(z)e* & 2 e’ f(x).

22 3
Tinh I = /f’(x)ex dz.

{u:ex {du:exdx
Dat =
dv = f'(z)dx v = f(z)

Suy a1 = [ et do = floe - [werar— -2+ [ Fa--Z-Lec
Chon phuong an

Cau 29. Cho ham s6 f(z) lien tuc trenmdi khodng ctia tap hop R\ {0}. Biét F(x) = NN mot
Xz

nguyén ham ciia ham s6 22 f(z), ho tat cd cdc nguyén ham ctia ham s6 f/(z)2%Inz 13

2 1 2 1 2 1 2 1
@—F—FP—FC. —3——2—|—C. @F—FF—FC. @————+C.

x x x3 a2

Loi giai.

1 )
Ta c¢6 F(z) = — 1a mot nguyeén ham ctia ham sé 22 f(z) nén ta c6
x

(2) = a2f(@) &~ = 21(w) = fla) =~

x x x
1
Tinh]:/f/(x)lenxdx:—/%dx.
u=lInz du:%
Dit 1 = v
dv=—2dx V= —=
x 1:'

Suyra 1= [ foear = e - [foeaw--5+ [La--5-Sec

CL’?’ T
Chon phuong an
4
Cau 30. Cho ham s6 f(x) lién tuc trén R. Biét F(z) = % 12 mot nguyén ham ctia ham s6

ho tat ci cdc nguyén ham ctia ham s6 f/(z) Inz 1a
4 4 4 1 4 4 4 4

f(z)

T

x x x x x x x x
@Zlnx—ﬁ%—a Zlnm+E+C’. @Zlnx—I—Z—I—C’. @—Zlna:—l—6+0.

Li gii.

Y
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4
Ta c6 F(x) = T—G 14 mot nguyén ham ciia ham s6 % neén ta co6
334), () a3 (7) x4
<E - T /W=7
Tinh I:/f/(x) Inxdx.
u=Inxz du = de
bat ) = x
dv = f'(z)dx v = f(x).
_ / 2 _ f(z) xt
Suyra [ = [ fl(x)z*lnzde = f(z)Inz — [ —=dz = —d:z: 1n:1:‘—1—6+C’
T
Chon phuong an
Cau 31. Cho ham s6 f(z) lién tuc trén R. Biét F( ) = —xe® 14 mot nguyén ham clia ham s6

f(z)e?*, ho tat ci cac nguyén ham ctia ham s6 f/(z)e?® 1a

@(—2a:+ 1)e® + C. —@Br+DeZ+C. (O-@r+De"+C. (D)—(Bz—1)e” +C.
Loi giai.
Ta c6 F(z) = —re® 14 mot nguyén ham clia ham s6 f(x)e?” neén ta co

(—we”) = f(z)e* & —(x +1)e” = f(zx)e®.

Tinh I = /f’(x)e% dz.
u= e du = 2¢** dx
Dat =
dv = f'(z)dz v=f(x).
Suy ra I = /f/(x)e% de = f(z)e** — Q/f(x)e% dz = —(z+1)e® —22e" +C = —(3x + 1)e* + C.
Chon phuong an @

Cau 32. Cho ham s6 f(z) lién tuc trén R. Biét F(z) = 2(z — 1)em 1a mot nguyén ham ctia ham s6
f(z)e® théa man f(0) = 0,ho tat ca cdc nguyén ham ctia ham s6 f/(x)e® 1a

@(m2+2m+2)e + C. ( T —2x+2) e 4 C.
@(m2—2x+2)e“’+0. @(:U —|—2:1:+2)e +C.

Loi giai.

Ta c6 F(z) = 2(x — 1)e” 13 mot nguyén ham ctia ham s6 f(z)e” neén ta co6

(2(z — 1)e%) = f(x)e® o 2ze” = f'(z)e” = f'(z) = 2.
Co f(x) = /f’(x)dx = /Z:Ud:v =2+ C.

Va f(0)=0=C=0= f(x) =22
Tinhl—/f(x)exdx.
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dv = e’ dx v =e".

Dt {u:f(a:) N {du: f'(z) dx

Suy ra [ = /f(x)ex dr = f(x)e" — /f’(a:)eglj dz = 2%e® — 2(z — 1)e” + C = (x2 — 2z + 2) e’ +C.

Chon phuong an @

2
Cau 33. Cho ham s6 f(z) lién tuc tren R. Biét F(z) = (1 - %) cosz + z sinz 14 mot nguyen ham

clia ham s6 f(x)sinz, ho tat ca cdc nguyén ham ctia ham s6 f/(z) cosz 1
@xsinx—l—cosx—i— C. sinx —zcosx + C. @xsinaz+xcosx+0. @sinx+xcosx+6’.
Loi giai.
2
Ta c6 F(z) = (1 - %) cosz + rsinz 1a mot nguyen ham ctia ham s6 f(r)sinx nén ta co

((1 — %2) cosa:+xsinx>/:f(x)sin:c<:> %Zsinx:f(x)sinxé f(z) = %2

Tinh I = /f'(x) cosx dx.

U = Cosx du = —sinzdx
Dat =

dv = f'(z)dz v= f(x).

2 2
Suy ra I = /f'(a:) coszdr = f(z)cosz + [ f(z)sinxdr = %cosx + (1 — %) cosx + xsinx + C =
cosx +xsinx + C.
Chon phuong an @
2

Cau 34. Cho ham s6 f(z) lién tuc trén R. Biét F(x) = <% - 1> sinz + z cosz 1a mot nguyén ham

clia ham s6 f(x)cosz, ho tat ca cdc nguyén ham ctia ham s6 f/(z)sinz 1
@xsinx+cosx+0. sinx—xcos:r—i—C. @xsinx—l—xcosx—i—C’. @sinx+xcosx+0.
Loi giai.

2
Ta c6 F(x) = (% — 1) sinz + z cosz 14 mot nguyén ham ctia ham s6 f(z)cosz nén ta co

2 / 9 ,
((% — 1) sinx+:vcosx) = f(x)cosz & %cosx: f(x)cosx = f(x) = %

Tinh ]:/f/(x) sin x dzx.

U =sine du = cosx dx
Dat =
{dv = f(z)dx {v = f(z).

2 2
Suy ra I = /f’(a:)sirmda: = f(x)sinz — [ f(z)cosxdxr = ng7sinx— <% - 1) sinx + zcosz + C =

sinz +xcosz + C.

Chon phuong an @
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Cau 35. Cho ham s6 f(x) lién tuc tréen R. Biét F(x) = 2%sinx + 2z cosz 14 mot nguyén ham cla
ham s6 f(x)cosx, ho tat ci cac nguyén ham ctia ham s6 f/(z)sinz 13

@ZSinx—2xcosx+C. QSin:L‘—l—xcosw+C.
@281nx—:ccosx+0. @—231nx—2:ccosx+0.
Loi giai.

Ta c6 F(x) = 2%sinz + 2 cosx 1a mot nguyén ham ctia ham s6 f(r)sinz nén ta c6

(xzsinx+2xcosa:)l:f(w)cosx@ (:1:2+2) cosz = f(x)cosx = f(z) = 2%+ 2.

Tinh I = /f’(x) sinx dz.
u=sinz du = cosx dx
Dat =
dv = f'(z)dz v=f(x).
Suy ra I = /f’(:v) sinzdr = f(z)sinx — /f(:B) cosxdr = (:L’2 +2) sinx — (ZISQSiHZE—i—QZBCOSl‘) +C =

2sinx — 2z cosxz + C.

Chon phuong an @

Cau 36. Cho ham s6 f(z) lien tuc trén R. Biét F(z) = (22 — 4) cosz — 2z sinz 1a mot nguyén ham
clia ham s6 f(x)sinz, ho tat ca cdc nguyén ham ctia ham s6 f(z) cosz 1

@stinx—Qcosx—i-C'. —2008x—2xsinx+0.
@2008x+2xsinx+0. @QCosx—stinm—i—C’.
Loi giai.

Ta c6 F(x) = (22 + 1) cosx + 2sinz 13 mot nguyén ham ciia ham s6 f(z)sinz nén ta co
guy

((x2 —4) cosx—stinx)/:f(x)sinx<:> (2—:1;2) sing = f(z)sine = f(z) =2 — 2%

Tinh ]:/f'(x) cos x dx.

U = COST du = —sinx dz
Dat =
{dv = f'(z)dx {v = f(z).
Suy ra

I = /f cosxdx—f(x)cosx—l—/f(a:)sinxdx

= )cosa:—i—(x —4)cosx—2xsmx+0

= —QCosx— 2zsinx + C.

Chon phuong an
Cau 37. Cho ham s6 f(z) lien tuc trén R. Biét 2 + 22 14 mot nguyén ham ctia ham s6 f(z)Inz,
ho tat ca céc nguyen ham ciia ham s6 [f(z) + 2 f/(z)] In® z 1a
@x(2x+2)lnx+2 (:c2 + 23(;) +C. a: (2x4+2)Inx —2 (x2 + 235) +C.
@(2x+2)lnx—2(x2+2x)+0. @(2x+2 1nx+2(m +2x)+C’.
Laoi giai.



https://www.facebook.com/groups/GeoGebraPro

44. NGUYEN HAM TUNG PHAN PHAT TRIEN DE MINH HOA LAN 1

Ta c6 22 + 2r 13 mot nguyén ham ctia ham s6 f(z)Inz nén ta c6
(wz + 295)/ =f(r)lnzr <22 +2= f(z)lnx.
Tinh I = / [f(x) + :rf’(a:)} In? z dz.

2Inx

Dat , = ’
dv = [f(z) + zf ()] d= v=uxzf(x).
Suy ra

I = /[f(x)—kxf’(x)} ln2mdx:xf(x)ln2x—2/f(m)lnxda:
= a:(2ac—|—2)lnx—2(x2+2x)+0.
Chon phuong an

Cau 38. Cho ham s6 f(z) lién tuc trén R. Biét sinz 14 mot nguyén ham ctia ham s6 f(x)Inz, ho
tat ca cac nguyen ham ciia ham s6 [f(x) + zf'(x)] In® z 1A

@xsinxlnx—?sinx—i—C. :ccos:clnx+2sinx+0.
@wcosxlnx—Zsinx+C. @xsinxlnx—2cosx+0.
Loi giai.

Ta c6 sinz 14 mot nguyén ham ctia ham s6 f(z)Inx nén ta co

(sinx) = f(z)Inz & cosz = f(z)Inwz.

Tinh I = / [f(x) + a:f’(x)} In? z d.

V {u:1n2x du:2lnxdx
Dat , = ’
dv = [f(z) + zf'(z)] d= v=uzxf(x).

Suy ra

I = /[f(x)—ka:f’(x)} 1n2:10d:10:xf(x)lnzx—Q/f(x)lnxdx

= gcoszlnx —2sinx + C.

Chon phuong an @

Cau 39. Cho ham sb f(z) lien tuc tren R. Biét “o

12 mot nguyén ham ctia ham s6 f(x)Inz, ho

tat ca cac nguyen ham ciia ham s6 [f(x) + zf'(x)] In® z 1A

1 1
@—ixsinxlnx—l—cosx—ir(?. §xsinxlnx—cosx—|—0.
1 1
©§xsinxlnx+cosx+0. @—§xsinxlnx—c0sx—|—0.
Loi giai.

. CoST L. SN s 1 4 R .
Ta ¢6 5 la mot nguyén ham ctua ham so f(x)Inz nén ta co

(“}“”) = fe) e & 2L = f(@) .
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Tinh I = / [f(a:) + xf’(x)} In? z d.

{u:hﬂx du:2lnxdx
Dt , = ‘
dv = [f(z) + zf'(z)] dz v=uaf(x).

I = /[f(m)—kxf’(x)} 1n2:10d:L‘:xf(x)lnzx—Q/f(m)lnxdx
= —ycsinxlnx—cosx—f—C.

Chon phuong an @

Cau 40. Cho ham s6 f(z) lien tuc tréen R. Biét 22 — 22 1a mot nguyén ham ctia ham s6 f(x)sin x,
ho tat ci cac nguyén ham clia ham s6 f/(z)sin z 13

@(2—2x)sinx—4cosx+0. (2—2x)sinx+4cosx+C’.
@(2x—2)sinx—4cos:v+0. @(Q—Q:U)Sinx—Qcosx—i-C.
Loi giai.

Ta c6 22 — 22 1a mot nguyén ham clia ham s6 f(z)sinz nén ta co

(x2 - Zx)l = f(z)sinz & 22 — 2 = f(z)sinzx.

Tinh ]:/f'(a:) sin? z d.

u=sin?z du = 2sinz cosz dx
Dat =
v=f(x).

I = /f sin? xdz = f(x )sian—Q/f(:c)sinxcosxd:U

= x—2)smx—2/(2x—2)cosxdx

Tinh I} = /(Zx —2)coszdz.

u=2x—2 du =2dz
Dat =
dv = cosz dx v =sinz.

Suy ra [} = (2x—2)sinx—2/sinxdx: (2x — 2)sinz 4 2cosx + C.

Vay I = (2 —2x)sinx —4cosz + C.
Chon phuong an @
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