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DANG 29. U'NG DUNG TICH PHAN

€) KIEN THUC CAN NHG
@ TOM TAT Li THUYET

4)  HINH PHANG GIOI HAN BOI BUONG CONG v — (X) VA TRUC HOANH

Dinh 1i 1.
Cho (H) la hinh phang gidi han bdi do thi ham so6 y = f(x) lién tuc trén y
doan [a,b], truc hoanh va hai duong thang x = a,z = b.
Dién tich hinh phang (1) dugc tinh theo cong thitc

b

5= [Irtar

a

\
A

Nhém: PHAT TRIEA7N DE MINH HOA

€>  HINH PHANG GIGI HAN BOI HAI BUONG CONG

Dinh 1i 2.
Cho (H) la hanh phang gidi han bdi do thi hai ham so y = f(z),y = y
g(x) lien tuc trén doan |a, b va hai dwong thang © = a,x = b.

Ve

Dién tich cia (H) bang S = /|f x)|dz.

€)  THE TICH VAT THE

Dinh 1i 3. Cat vat thé V bdi hai mit phagng (P) va (Q) wuong géc vdi truc Oz lan liot tai
= a,x = bla < b). Mot mat phing tuy i vuong goc vdi Ox tai diém x,(a < x < b) cit V theo
thiét dién cé dién tich S(z). Vi S(x) lien tuc trén doan [a;b].
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Thé tich ciia vat thé V gidi han bdi hai mdt phang (P) va (Q) tinh bdi cong thitc

V= /b S(z) da.

€)  THE TiCH KHOI TRON XOAY

Dinh 1i 4.
Hinh thang cong gidi han bdi do thi ham s6 y = f(x), truc (1
Oz va hai duong thang x = a va x = b (a < b) quay quanh
truc Oz tao thanh khoi tron xoay.

Thé tich cia khoi tron zoay dé dugc tinh bdi cong thic:

[Tl S ENNNANNNNN

7N

T NV1VOH HNIN 3@ NJIML 1YHd NYOL 9NVA 08

v
P

v
X

v
X


https://www.facebook.com/groups/GeoGebraPro

A

Ve

Nhém: PHAT TRIEN DE MINH HOA

29. UNG DUNG TICH PHAN PHAT TRIEN DE MINH HOA LAN 1

€ BAITAP MAU

Vi du 1.
Dién tich hinh phang dudc gach chéo trong hinh bén
bang

2

@/ (—22% + 2z + 4) da. /2(2x2—2x—4) dz.

2

@/(—2x2—2x+4) dz. @/2(2x2+2x—4) dz.

Loi giai.

Phan tich huéng dan giai.

1. DANG TOAN: Viét cong thic tinh dién tich hinh phing giéi han béi hai dudng cong.
2. HUONG GIAI: Viét cong thic tinh dién tich hinh phing gi6i han bdi 2 ham s6.

T d6, ta c6 thé giai bai toan cu thé nhu sau:

Dya vao hinh vé ta c6 dién tich hinh phang dude gach chéo trong hinh bén la

2 2
/ ((—x2 + 2) — (a:Z — 2 — 2)) dz = / (—2:52 + 2z —1—4) dz.
—1 —1
Chon phuong an @

¢) BAITAP TUONG Ty VA PHAT TRIEN

Cau 1.
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Dién tich phan hinh phang gach chéo trong hinh vé bén dugc yx

tinh theo cong thiic nao?
3

/ (22 - 32) da

/3 (—a? + 32) da.

® &

o
w

@/(x2—4$+2

o

3
/ :1:+2
0
3

@/ —z + 2) dx+/ :1: —4x+2 dz.
0

0

w

Loi giai.
3

3
Tacé/[(—x+2)—(q:2—4x+2 / —x? +3:c
0 0
Chon phuong an
Cau 2.

Dién tich phan hinh phing gach chéo trong
hinh vé bén dugc tinh theo cong thic

nao?
1

@/(x3—3x2—x+3) dz.

3

y =2 —4x +2

(C):y =2 —dz+2

/(:c3—3a;2—x+3) da.
@/1(953—33:2+$+1) dz.

@/ (—2® + 32 + 2 — 3) da.

Lai giai.
1

-1
Chon phuong an @

Cau 3.

1
Tacé/[(x3—3x2+2)—(x—1)] dx:/(x3—3x2—m+3) dz.
-1
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Dién tich hinh phing dugc gach chéo trong hinh bén bing
1 1

@/ (—20% + 20 + 4) d. / (20% = 20 — 4) da.

@/ (—24% - 20 +4) da. @/1 (222 + 20 — 4) du.

y=—2%—2r+3

Loi giai.
Dya vao hinh vé ta c6 dien tich hinh phang dude gach chéo trong hinh bén la

/1[(—332—2x+3) — (xz— 1)} daz::/l(—QgU2 —2x+4) dx.

Chon phuong an @

Cau 4.
Dién tich hinh phang giéi han bdi do thi ham s6 y = f(z) va truc y
hoanh (phan t6 dam trong hinh vé&) la

- ] o |
@S—/Qf(x)dac—o/f(x)dx. S—/f(x)derO/f(:c)da:.

—2

1 o

@S—/f(x)dx—/f(x)dx. D) /1f(x)dx.
9 %o

0

Loi giai.

Dién tich hinh phang giéi han bdi do thi ham s6 y = f(x) va truc hoanh (phan t6 dam trong hinh

vé) la

o

|
S:/f(a:)dx—o/f(x)dx.

-2
Chon phuong an @
Cau 5.
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Dién tich phan hinh phang gach chéo trong hinh vé bén duge
tinh theo cong thiic nao?
1

@/(m3+x2—2x) da.

(m + 22 Zx) dx.

/o(x3+x2—2x) da

O\H

(@/1 (—a® — 2% 4 2¢) du.

(x?’ + 2% — 2:13‘) dzx.

@/(Q;3+x2—2x) dr +
-2

o —

Lai giai.

Dya vao hinh vé ta c6 dien tich hinh phang dugde gach chéo trong hinh bén la

1 1 o

[167 =)= () aa [0t 2] o= [ (@0t -2

) -2 -2
Chon phuong an
Cau 6.
Dién tich phan hinh phang gach chéo trong hinh
vé bén dugce tinh theo cong thic nao? Y
@ (\/5 —r+ 2) dz.
@)
(\/E —x+ 2) dz.

@

@
Mo\wo\%o\w

Vrdr + (\/5—:)34—2) dz.

(17—2—\/5) dz.

4

2/

4

@/ﬁM3/
2

Loi giai.

Ta chia hinh phang gach chéo lam 2 phan. Neén ta c6

2

2 4 4
O/\/EderQ/(\/E—(x—Q)) dx:/ﬁdx+2/

0

(\/E—x+2) dzx.
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Chon phuong an @

Cau 7.
Dién tich phan hinh phéng gach chéo trong hinh
vé bén dugce tinh theo cong thiic nao?

1

@/(x+5)dx—/mclm.
-5 -3

-3 1
/1(x+5)dx+[mdx.

@/ (x+5) - VI—z] dx.

1 x
@/ [\/1—x— ($—|—5)} dz.
Loi giai.
Ta chia hinh phang gach cheo lam 2 phan.
Nén ta co /(m—|—5 dx+/\/1—xdx
-5
Chon phuong an
Cau 8.
Dién tich phan hinh phéng gach chéo trong hinh vé bén duge tinh 4
theo cong thiic nao?
1 4 4 (P): y = 22
1 1 4 ~J
o [ oe ® (@3-
@/x Al vty >~ ():y=a+5
0 1 0 TN
xZ
@/(xQ—%x—i-%)dx. @/x2dx / a:—— 0 L 4
0 1

Loi giai.
Ta chia hinh phang gach chéo lam 2 phan. Neén ta c6

1 4 1 4
/xzdx—i—/ ——33+ /x2da: / :v——
0 1 0 1

Chon phuong an @
Cau 9.
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Dién tich phan hinh phang gach chéo trong hinh vé bén duge  y

tinh theo cong thiic nao?

@/ (sinx — cosz) dz. O
0

®

(cosz —sinx) de 4+ [ (sinz —cosx) dx.

(cosz —sinz) do — [ (sinz — cosz) dx.

SR AR

©

@
D\ﬁ O\Nﬂ O\Mﬂ

(cosx —sinz) dz.

Lai giai.

1=

T 4 e
Ta Cé/|cos:1:—sin$| d$:/|cosx—sinx| d:v+/|cosa:—sinx| dz.
0 0 s

4

s

(cosx —sinx) dx + / (sinz — cosx) dx.

O\Nﬂ

INE

Chon phuong an

Cau 10.

Dién tich phan hinh phing gach chéo trong hinh vé

bén dugc tinh theo cong thiic nao? @)y =

1 2
@/xdx+/\/2—xdx.
0 1
2

mdx—/\/Z—xdx.

1

®

(I — \/2—x) dz.

©

@
S LT Y— O —

(\/Q—x—x) dzx.

Lai giai.

PR (@):y=uq
i
A -
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1 2
Ta chia hinh phang gach chéo lam 2 phan. Nén ta c6: /a:dx + / V2 —xdx.
0 1

Chon phuong an @

Cau 11.

Dién tich phan hinh phang gach chéo trong hinh vé bén dugc y

tinh theo cong thic nao? 3
1 /

(:vQ —3x + 6) dx + (—33‘2 + 595) dzx.

@/(—x2+5x) dz +

/(—x2+53:) dz

3

(93 —3$~|—6) dx +

H\w“\w
w\mm\cﬂ

(57 50) .

0 z +i
1 3 5 O = N |
@/(xQ—Sx / (2* =3z +6 dx+/(m2—5x> dz. / / i
0 1 3 TN SRR i
1 3 5 SRR RE R :
@/(—xQ—i—Sx) dx+/<x2—3x—|—6) dx—/(—x2+5x) dzx. \ E
/ 4 O ~ 5@
Loi giai.
Ta c6 dién tich hinh phang
5
S:/[(x+3)—|x2—4x+3u dz
0
1 3 5
:/[(:c+3)—(:c2—4x+3 dx+/ (+3) — (—2° + 4z — 3)] dx+/[(:c+3)—(:c2—4x+3)} dx
0 1 3
1 3 5
:/(—x2+5x dx—l—/ :v —3z+6 d:z:+/(—x2+5x) dx
0 1 3

Chon phuong an @
Cau 12.
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Dién tich phan hinh phang gach chéo trong hinh vé bén dugc tinh
theo cong thitc nao?
1

@/(1+1n$)d$+/e(1—lnx)dx.
1

(&)

(1 —1na:)d.il:~|—/(1 +Inz)daz.
1

®

e

(I+Inz)der— [ (1 —Inzx)de.
/

e

(I —Inx)dx — /(1 +1Inz)daz.

1

©

@
QI’_‘\}—\WIH\)—AQIH\P—‘QIH

L&i giai.
1

Ta ¢6: /e|1—\lnx||dx—/(l—(—lnx)) dx+/e(1—1na:)dx—

1 1

(1+Inx) dx+/ (1-Inz)d
1

=
—

e
Chon phuong an @
Cau 13.
Dién tich phan hinh phéing gach chéo
trong hinh vé bén dugc tinh theo cong
thitc nao?

2v2
/ 16—x2dx+—/x dx.
0

2v/2

/ 16—x2da:——/x dx.

0 ©
2V/2 2v/2

1

ﬁ/:ﬁdl‘—/ 16 — 22 dz.
. D

2V/2 2v/2
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Loi giai.
Do tinh déi xting ctia hinh phang can tinh (nhu hinh Vé) nén
2v2

5:2/<\/:——) dx—/ 16—x2dx——/9§ dz.

0

Chon phuong an

Cau 14.

Dién tich phan hinh phang gach chéo trong hinh vé duge
gi6i han bdi 2 dudng tron c6 phuong trinh 22 + ¢ = 4 va
(x+ 1) + y? = 1 dugc tinh theo cong thitc nao’?

@/(\/? VI-(@+12) dx+/mdx.

—2

2 /( 4— 22+ 1—(:E+1)2>dx—/\/4—a:2dx

|2 0 .

o

©) /(m_m)m/ 1],

|2 A

@/( 124 1= (@1 dx_/mdx.

—2
Loi giai.

Ta chia hinh phang gach chéo lam 4 phan theo hé truc toa do:

Do tinh déi xting ctia hinh phang can tinh (nhu hinh vé) nén S = 2 / (\/ 4—22—\/1—(x+ 1)2) dx + /
—2 0

Chon phuong an @

Cau 15.

Cong thiic thé tich vat thé tron xoay thu dugc khi quay y

hinh phing (phan gach soc clia hinh vé) xung quanh truc Oz

la

@lenx- dz. ijdx. -
@w/( Vinz —1) da. @ﬂ/lnx—l dz.

Loi g1a1.

4
Ap dung cong thiic thé tich vat thé tron xoay quanh truc Oz: V == / Inz - dx.
1
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Chon phuong an (A)

Cau 16.
Cong thiic thé tich vat thé tron xoay thu dugc khi quay hinh phing
(phan gach soc ciia hinh vé) xung quanh truc Oz 1a

@ﬂ'/ 2:U—x dzx. 7r/ J; —2x dz.
@W/(4CC2—4$3+$4) dzx. @W/(4x2+4x3—x4) dzx.
0

Loi giai.
Ap dung cong thitc thé tich vat thé tron xoay quanh truc Ou:

2
VZ?T/(QJZ—ZE d:v—w/ 4x3—|—x4>dx.
0

Chon phufong an @

Cau 17.
Cong thitc thé tich vat thé tron xoay thu dugc khi quay hinh phang (phan
gach soc cﬁa, hinh vé) xung quanh truc Oz la

@7?/ [(z-Inz)? - e?] da. W/e(x~lnx)dx
@W/(x~lnx—e)dx. @n/:u Inz)?

Loi giai.
Ap dung cong thitc thé tich vat thé tron xoay quanh truc Oz

e

V = W/(:E-IHI)QdZL‘.

1

Chon phuong an @
Cau 18.
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Cong thiic thé tich vat thé tron xoay thu dude khi quay hinh phang

(phan gach soc ctia hinh vé) xung quanh truc Ox 1a
2

@w/ [* + 42® + 8% + 162 + 16] da.
2
7T/ (4—x2) dz.
-2
2
©7r/ [~at — 42® + 162 + 16] da.
2

2

@ﬂ/(x2+4a:+4) dz.

Lai giai.

Ap dung cong thite thé tich vat thé tron xoay quanh truc Oz

2
V:w_/2 (20 +4)? -

Chon phuong an @
Cau 19.

Cong thiic thé tich vat thé tron xoay thu dudc khi
quay hinh phang (phan gach soc clia hinh vé) xung

quanh truc Oz la

@Tf

2
(2—x)d:z;—i—7r/x2d:1:.
1

22dr+ 7 (2—x)d

®

S O — O — O~

™

H\M

©

(2 —x+x2) dzx.

22dr + 7 (2—x)d

©

™

w\%

Loi giai.
Ta chia hinh phang gach chéo lam 2 phan.

(Qx + xz)z} der=m

2
/ [—x4 — 423 + 162 + 16] dz.
!

Y
(C):y=+2—2

2
Ap dung cong thiic thé tich vat thé tron xoay quanh truc Oz: V =7 / réde+7 / (2 —2)
1

Chon phuong an
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Cau 20.
Mién phang trong hinh vé gidi han béi ham s6 y = f(z) va parbol y

1
y = 2% — 2z. Biét /f(x) de = g Khi d6 dién tich hinh phang
1

2
duge gach chéo trong hinh vé bang

(A)s =1. S:Z—(l]. @S:i—é. D)s =2. 2

Loi giai.
Dién tich hinh phing dudc gach chéo trong hinh vé bang

1 1 1
S:/[f(x)—(:pQ—Zx)] dx:/f(x)dx—/(xQ—Z:v) dx:g+§:4—0.

1 1 1

2 T2 T2

Chon phuong an
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