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O Bai 01

1. Dinh nghia

Cho ham s8 f(x) x4c dinh trén khoang K . Ham s6 F(x) dwoc goi la nguyén ham
ciaham s6 f(x) néu F'(x)= f(x) véimoi x €K .

Nhan xét. Néu F(x) la mot nguyén ham cua f(x) thi F(x)+C, (C€R) cing la
nguyén ham cua f(x).

Ky higu: [ f(x)dx = F (x)+C.
2. Tinh chat

([ F)ax) = f(x).

. fa.f(x)dx:a.ff(x)dx (aGR,avtO).

. f[f(x)ig(x)]dx:ff(x)dxifg(x)dx

3. Bang nguyén ham ctia mot s6 ham s6 thuong gap

Bang nguyén ham
[ kdx = kx+C, k lahing s
xn+1 N 1 (ax+b>n+l
“dx = C -1 =7
fx a+1+ (a=-1) f(ax+b) dx—a. p +C
1 1 1
f;dx:1n|x|+c fax+bdx:—1n|ax+b|+C
fe"dx:eerC j’ ar+h gy — ux+b+c
a
ax amx+n
xd —_ C mx+nd — C
fa ¥ hwJr fa ¥ m.lnaJr
fcosxdx:sinx+C fcos(ax+b)dx:lsin(ax+b)+C
a
fsinxdx:—cosx—l—c f n(ax+b)dx :—lcos(ax+b)+C
a
1 1
dx = C == b)+C
fc052x tanx+ fcos ax+b atan(aer )+
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1 1 1
dr = —cotx+C — L dr=——cot(ar+b)+C
fsinzx cotx+ fsin2 (ax+b) aco (ax +)+

CAU HOI TRAC NGHIEM

Ciu 1. Him s6 f(x) cé nguyén ham trén K néu:

A. f(x) x4c dinh trén K . B. f(x) o gia tri 16n nhat trén K .
C. f(x) c6 gid tri nho nhét trén K . D. f(x) lién tuc trén K .
Cau 2. Ménh dé nao sau day sai?
A.Néu F(x) lamotnguyén ham cua f(x) trén (a;b)
va C lahingsdthi [ f(x)dx=F(x)+C.
B. Moi ham s& lién tyc trén (¢;b) déu cé nguyén ham trén (a;b).

C. F(x) lamot nguyén ham cua f(x) trén (a;0) < F' (x)= f(x), Vx €(a;0).

D. ([ f(x)as] = f(x).
Cau 3. Xét hai khang dinh sau:
(I) Moi ham s6 f(x) lién tuc trén doan [a;6] déu c6 dao ham trén doan do.
(I) Moi ham s6 £ (x) lién tuc trén doan [4;6] déu c6 nguyén ham trén doan do.
Trong hai khéng dinh trén:
A. Chi ¢6 (I) dang. B. Chi c¢6 (II) dang.
C. Ca hai déu dung. D. Ca hai déu sai.

Ciu 4. Ham s6 F(x) dugc goi la nguyén ham ctia ham s§ f (x) trén doan [a;6] néu:
A.V6imoi x €(a;b), tacd F' (x)= f(x)
B.Véimoi x €(a;b), tacd f/(x)=F(x)
C. V6imoi x €[a;b], tacé F/ (x)= f(x).
D. V6i moi x € (a;6), tacd F’' (x)= f(x), ngoai ra F/(a+):f(a) va F/(b">:f(b).

Cau 5. Trong cac cau sau day, néi vé nguyén ham ctia mot ham s6 f xdc dinh trén
khoang D, cau nao la sai?
(I) F languyénham cua f trén D néuvachinéu Vxe D: F'(x)= f(x).
(I) Néu f liéntuctrén D thi f c6 nguyén ham trén D.
(Ill) Hai nguyén ham trén D ctia cing mot ham s thi sai khac nhau mot hang s8.
A. Khong c6 cau nao sai. B. Céau (I) sai.
C. Cau (II) sai. D. Céu (III) sai.
Ciu 6. Gia sit F(x) la mot nguyén ham ctia ham s§ f (x) trén khoang (a;6). Gia stt G(x)

cling la mot nguyén ham ctia f(x) trén khoang (;6) . Khi do:
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A. F(x)=G(x) trén khoang (a;b).
B. G(x)=F(x)—C trénkhoang (a;b), v6i C la hing sd.
C. F(x)=G(x)+C véimoi x thudc giao ctia hai mién x4c dinh, C la hang s6.
D. Ca ba cau trén déu sai.
Cau 7. Xét hai cau sau:

M [(/(x)+g(x))dx= [ f(x)dr+ [ g(x)dx = F(x)+G(x)+C,
trong d6 F(x) va G(x) tuong tng la nguyén ham cua f(x), g(x).
(II) M&i nguyén ham caa a.f(x) la tich ctia @ véi mot nguyén ham caa f(x).
Trong hai cau trén:
A. Chi ¢6 (I) dang. B. Chi c¢6 (II) dang.
C. Cad hai cau déu dung. D. C4 hai cau déu sai.
Cau 8. Cac khang dinh nao sau day la sai?
A [flx)dx=F(x)+C= [ f(r)de=F(r)+C.

B. Uf(x)dx]/ = f(x).
C. [ f(x)dx=F(x)+C= [ f(u)dx=F(u)+C.
D. [kf (x)dx =k [ f(x)dx (k la hingsd).
Cau 9. Trong cac khang dinh sau, khang dinh nao sai?
A. F(x)=x" lamot nguyén ham cta f(x)=2x.
B. F(x)=x la mot nguyén ham ctia f(x)=2+x.
C. Néu F(x) va G(x) déu la nguyén ham cta ham s§ f(x) thi F(x)—G(x)=C
(héng sd).
foI x)+ f(x dxfff1 dx+ff2
Cau 10. Trong c4c khang dinh sau, khang dinh nao sai?
A.Néu F(x) la mot nguyén ham ctia ham s6 f(x) thi moi nguyén ham cta f(x)
déu cé dang F(x)+C (C lahang sd).

)dx:10g|u(x)|+C.

C. F(x)=1+tanx la mot nguyén ham ctia ham s§ f(x)=1+tan’x.
D. F(x)=5—cosx lamotnguyén ham cia ham s6 f(x)=sinx.
Cau 11. Trong cac khang dinh sau, khang dinh nao sai?
A. f()dx =C (C lahing s3). B. fldx =1In|x|+C (C lahing s3).
x

C. [xas

D. fdx—x—i—C (C lahangso)
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Cau12. Him s8 f(x)= c6 nguyén ham trén:

cosx
A. (0;7). B. [—1;1]. C. (m27). D. |-, %
22 22
; St mouven him ca ham & G I ;
Cau 13. Mot nguyén ham cia ham s6 y = f(x) = e 1a két qua nao sau day?
x
x> 3x 1 3(x—1)4
A F(x)=———+In|x|+—. B. F(x)=
( ) 4 2 | | 2x (x) 4x3
2
CFlx=X 3 1 1 D. Mot két qua khéc.
4 2 x 2x
Cau 14. Tinh f ¢*.¢*"'dx ta duoc két qua nao sau day?
A e C. B. %ezx“ +C. C. 25" (. D. Mot két qua khac.

Cau 15. Ham s6 ndo sau day khéng phai la nguyén ham cta ham s8 f(x)=(x—3)"?

A. F(x)= +x. B. F(x):ﬂ.

c Frlx)= 53) +2017. D. F(x)= 1.

Cau 16. Ham s§ F(x)=¢* 1a mdt nguyén ham cta ham s3:

X3

4 3

3

A fx)=¢". B. f(x)=3x"¢". C. f(x):3 ~. D. f(x)=x¢"".
x
Cau 17.Cho I = f 2&%dx.l<hi d6 két qua nao sau day la sai?
A1=2%+c. B.I1=2%"1c.  Cr=202%+1)+c. D 1=2(2" ~1)+C.
1
Céau 18. Cho I = f 22, 1nzdx Khi d6 két qua nao sau day la sai?
1 L
A I=212>»42/4+C. B. I=2%* +C.
1 1
C. I=2>*4C. D.I—2[22x2 +C.
x° .
Cau 19. Néu ff(x)dx:?—l—e"—l—c thi f(x) bing:
4 4
A. f(x):x?+e".B. f(x)=3x"+¢". C f(x):%+ex. D. f(x)=x"+e".
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Cau 20.Néu [ f(x)dx =sin2xcosx thi f(x) la:
A. f(x):%(3cos3x+cosx). B. f(x):%(cos?vx—kcosx).
C. f(x):%(3c053x—cosx). D. f(x):%(cos&c—cosx).

Cau 21. Néu ff(x)dx:l+lnx+C thi f(x) la:
x

A. f(x)=Vx+hx+C. B. f(x)= xiLicC.
x
1 x—1
C. f(x)z—;—&—lnx—i—C. D. f(x)= Rt
Cau 22. Cap ham sd nao sau day cé tinh chat: C6 mét ham s6 la nguyén ham cta ham s6

con lai?
A. f(x)=sin2x va g(x)=cos’x. B. f(x)=tan’x va g(x)=—5—.

cos” x
C. f(x)=¢"va g(x)=¢". D. f(x)=sin2x va g(x)=sin’x.

Cau 23. Tim s8 thuc m d& ham s6 F(x)=mx’ +(3m+2)x* —4x + 3 la mdt nguyén ham
ciahams§ f(x)=3x>+10x—4.
A - m=-1. B. m=0. C.m=1. D.m=2.

Ciu 24. Choham s8 f(x)=x".¢*. Tim a, b, ¢ d& F(x)= (ax2 +bx+c).e" 1a mot nguyén

ham cia ham s6 f(x).

A. (a;0;c)=(1;2;0). B. (a;6;¢)=(1;—2;0).
C. (a;b;¢)=(—1,2;0). D. (a;b;c)=(2;1;0).
Cau 25. D& F(x)=(acosx+bsinx)e* la mot nguyén ham cua f(x)=e" cosx thi gid tri
cua q, b la:
A a=1b=0. B.a=0b=1. Ca=b=1. D.a:b:%.

Cau 26. Giad st ham s0 f(x):(ax2 +bx+c>.e"‘ la mot nguyén ham ctia ham so

g(x)=x(1—x)e ™. Tinh tdng A=a+b+c, ta duoc:

A A=-2. B.A=4. C. 4A=1. D. 4=3.
20x” —30x+7 , 3
Cau 27. Cho cAdc ham s8 f(x)=""——c—"; F(x)=(ax* +bx+c)J2x—3 véi x>=.
(x) s (x)=( ) 5
Déham s6 F(x) la mot nguyén ham ctia ham s§ £ (x) thi gid tri cua q, b, ¢ la:
A.a=4b=2c=1. B.a=4b=-2,c=-1.
Ca=4,b=-2, c=1. D.a=4, b=2, c=—-1.
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Cau 28. V6i gid tri ndo cua a, b, ¢, d thi F(x)=(ax+b).cosx+(cx+d).sinx la mot
nguyén ham ctia f(x)=xcosx ?

A.a=b=1c=d=0. B.a=d=0,b=c=1.
Ca=1,b=2c=-1d=-2. D. Két qua khac.
Cau 29. Mot nguyén ham F(x) ctia ham s6 f(x)=sin’ x 1a két qua nao sau day, biét

nguyén ham nay bang % khi x =2

-3
A. F(x):SIII X

. B. F(x)=X S2X
3 2 4
. . 3
C F(x)=i-Sm2x, 1 D. F(x)—SUX V2,
2 4 4 3 12
Caiu 30. Cho ham s§ y = f(x) c6 dao ham la f'(x) o va f(1)=1 thi f(5) co gia
—
trib.%mg:
A. In2. B. In3. C.In2+1. D. In3+1.

Céu 31. Cho ham s8 f(x)=——+sin’x. Tim m d& nguyén ham F(x) cua f(x) thoa
s

man F(O):I va F[E -
4 8
A.m:—é. B.m:i. C m:fi. D.m:é
3 4 4 3

Cau 32. Cho ham s6 y= f(x)=———. Néu F(x) la nguyén ham ctia ham s§ f(x) va
sin® x

do thi y = F(x) di qua diém M[%;O] thi F(x) la:
A. F(x)-?cotx .

B. F(x)—?Jrcotx.
C. F(x)= /3 +cotx.

D. F(x)=+3—cotx.
Cau 33. Gia st F(x) la nguyén ham ctia ham s§ f (x)=4x —1. D0 thi ctia ham s6 F(x)

va f (x) cit nhau tai mot diém trén truc tung. Toa d§ cac diém chung cta hai d6 thi

ham s6 trén la:
D. [2;8] .
2

A (0,-1). B. [5;9]. C. (0:-1) va [%9]
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O Bai 02

MOT SO PHUONG PHAP TIM NGUYEN HAM
1. Phwong phap d6i bién so
Néu [ f(x)dx=F(x)+C thi [ flu(x)u'(x)dx = Flu(x)]+C.
Gia st ta can tim ho nguyén ham I= f f(x)dx, trong d6 ta cé thé phan tich
f(x)=g(u(x))u'(x) thi ta thyc hién phép d6i bién s6 ¢ =u(x), suy ra dt =u'(x)dx .
Khi d6 ta duoc nguyén ham: [ g(r)dt = G(r)+C = Glu(x)]+C.
Chii y: Sau khi tim dugc ho nguyén ham theo ¢ thi ta phai thay = u(x).
2. Phuong phéap 14y nguyén ham tirng phan
Cho hai ham s6 « va v lién tuc trén doan [4;5] va c6 dao ham lién tuc trén doan [4;5].
Khi dé: [udv=uv— [vdu. (*)
D& tinh nguyén ham [ f(x)dx bing timg phan ta lam nhu sau:
Budc 1. Chon u, v sao cho f(x)dx =udv (chty dv=v'(x)dx).
Sau do tinh v= ['dv va du=u'.dx.
Budc 2. Thay vao cong thirc (*) va tinh f vdu .

Chii y. Can phai lya chon u va dv hop li sao cho ta dé dang tim duoc v va tich phan
f vdu dé tinh hon f udv . Ta thueong gdp cac dang sau

e Dang 1. I:fP(x) smx dx, trong d6 P(x) la da thirc.
cosx
uzP(x)
Véoid ay, ta dat i .
6i dang nay, ta da _|sinx |,
cosx

e Dang2. [ = fP(x)e‘”‘”dx , trong d6 P(x) la da thic.

u :P(x)

Véi dang nay, ta dat .
dy =e™"dx

e Dang3. [ = fP(x)ln(mern)dx , trong d6 P(x) la da thiic.

u=In(mx+n)

Véi dang nay, ta dat
B Y. dv:P(x)dx
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sin x

e Dang4. I = f e'dx.

COoSx

sin x

COoSx|.

dv =¢"dx

CAU HOI TRAC NGHIEM
=

Vin dé 1. PHUONG PHAP POI BIEN SO

& >

Véi dang nay, ta dat

Céu 34. Cau nao sau day sai?
A Néu F'(t)= f(r) thi F/(u(x))= f(u(x)).
B. [f(r)dr=F(e)+C= [ f(u(x))w(x)dx=F(u(x))+C.
C. Néu G(t) la mot nguyén ham ctia ham s8 g(¢) thi G(u(x)) 1a mot nguyén ham
ctia ham s6 g(u(x))u/ (x).
D. [ f(r)de=F(t)+C= [ f(u)du=F(u)+C véi u=u(x).
Cau 35. Trong cac khang dinh sau, khang dinh nao sai?
ANéu [ f(r)de=F(e)+C thi [ f(u(x)a (x)dx = F(u(x))+C.
B.Néu F(x) va G(x) déu la nguyén ham cua ham s§ f(x) thi f [F(x)—G(x)|dx <6
dang %(x)=Cx+ D (C,D lacachangs6va C=0).
C. F(x) =7+ sin’ x 1a mdt nguyén ham cua f(x)=sin2x.

D. f dx = )+C.
Cau 36. (PE MINH HOA QUOC GIA NAM 2017) Tim nguyén ham cta ham sd
fx)= 2x—1.
A [ f(x)d 2x IN2x—1+C.  B. [ f(x)dv 2x71)JT+C
C. ff(x)dxz—EM+c. D. ff(x)M:5m+C.
Cau 37. lxx dx theo phuong phap d6i bién s6, ta dat:
A r=e"", B. t=Inx. C r=x D. t:%.
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2

Cau 38. F(x) la mot nguyén ham ctia ham s§ y = xe”

Ham s6 nao sau day khong phaila F(x):

1, BT
A F(x)=2e" +2. B.F(x)—E(e +5).
e 1y,
C.F(x)=—Je +C. D. F(x)——E(Z—e ).
Ciu 39. F(x) la mot nguyén ham ctia ham sg y:ln—x.
X
Inx s
Néu F(e*)=4 thi [—Zdx bing:
éu (e) 1f p; ang
2 2
AF(x)="% B.F(x)=2% 1)
2 2
2 2
C. F(x)zlnzx—Z. D. F(x)=1

Cau 40. F (x) 1a mot nguyén ham ctia ham 6 y = ¢ cos x .
Néu F(m)=5 thi fe““" cos xdx bang:
A F(x)=¢""+4. B. F(x)=¢""+C.
C. F(x)=¢""+4. D. F(x)=¢""+C.
Cau 41. F(x) la nguyén ham ciia ham s6 y =sin® xcos x .

F(x) la ham s6 nao sau day?

5 4
A.F(x):coz Xic. B. F(x)ZCOZerc
sin® x sin® x
C. F(x)= 1 +C. D. F(x)= s +C.
CAiu 42. Xét cic ménh dé sau, vdi C la hﬁ“mg sO:
@ ftanxdx: —In(cosx)+C.
1
1I Seos¥ sinxdx = —— > +C.
(m [e 3
Cos x +sin x
(1II) dx =2+/sinx—cosx +C.
f\/smx cos x
SO ménh dé dung la:
A. 0. B. 1. C. 2. D. 3.
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S )

Vin dé 2. PHUONG PHAP LAY NGUYEN HAM TUNG PHAN
=0

Cau 43. D€ tinh f xIn(2+x)dx theo phwong phép tinh nguyén ham timng phan, ta dat:

A {u:x B {uzln(Z—f—x).

dv=In(2+4x)dx’ dv = xdx
C u:xln(2+x). D, u:In(2+x).
dv=dx dv =dx

Ciu 44. D€ tinh f x” cosxdx theo phwong phap tinh nguyén ham timg phan, ta dt:
= = x? = cos = x?
A" N I o D, |47 ¥ €O8%,
dv = x cos xdx dv = cos xdx dv=x"dx dv=dx

Céu 45. Két qua ctia [ = [xe*dx la:

2

A T=¢ +x +C. B.I:%e"—i—c.
CI=xe"—-e"+C. D.I:%ze"+e"+C.
Ciu 46. Ham s8 f(x)=(x—1)¢* c6 mdt nguyén ham F(x) la két qua nao sau day, biét
nguyén ham nay bang 1 khi x=07?
A. F(x)=(x—1)¢". B. F(x)=(x—2)¢".
C. F(x)=(x+1)e" +1. D. F(x)=(x—2)e" +3.
Cau 47. Mot nguyén ham ctia f(x)=xInx la két qua nao sau day, biét nguyén ham nay

triét titu khi x =17

A. F(x):%lenx—i(xz—&-l). B. F(x):%lenx—i-%x—&-l.
C. F(x):%xlnx—&-%(xz +1). D. Mot két qua khac.

Céu 48. Tinh nguyén ham 7 = [ @dx duoc két qua nao sau day?
A. I=Inx.In(lnx)+C. B. I=Inx.In(Inx)+Inx+C.
C. I=InxIn(lnx)—Inx+C. D. I=In(Inx)+Inx+C.

Cau 49. Tinh nguyén ham I = f sinx.e*dx , ta duogc:

A. I=%<e" sinx —¢” cosx)—i—C. B. I=%<e" sinx +¢” cosx)—i—C.

C.I=¢sinx+C. D. I=¢"cosx+C.
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Cau 50. D& tim nguyén ham ctia f(x)=sin* xcos® x thi nén:
A. Dung phuong phép déi bién s6, dat r =sinx.
B. Dung phuong phap d6i bién so, ddt ¢ =cosx .

sin’2x  1—cos4x
YR

D. Dung phuong phép 18y nguyén ham tiig phan, dat « = sin* x, dv = cos” xdx .

roi tinh.

C. Bién d6i luong giac sin® x cos’ x =

O Bai 03

TICH PHAN
1. Dinh nghia
Cho f(x) laham s3 lién tuc trén K va a, b 1a hai s0 bat ki thudc K . Gia st F(x) la
mot nguyén ham cua f(x) trén K thi hiéu s§
F(b)=F(a)

duoc goi 1a tich phan ctia f(x) tir ¢ dén b va ki hiéu la
b
[ fx)dx=F(x) = F(b)-F(a).

2. Tinh chat

= Tich phan tai mot gia tri xac dinh ctia bién s& thi bang 0, ttc la f f(x)dx=0.

b a
= DGi can thi d6i ddlu, ticla [ f (x)dx =~ [ f(x)dx.
a b

= Hang sd trong tich phan c6 thé duwa ra ngoai dau tich phan, tic la
b

b

[#f (x)dx = [ f(x)dx (k 1ahing sd).

= Tich phan mot tong bang tong cac tich phan, tic la
b

Lﬂf(x)ig(x)]dx:]‘f(x)wi]g(x)w.

a

b c b
* T4ch ddi tich phan, ttc léff(x)dx:ff(x)dx+ff(x)dx.

b
Chii y: Tich phan f f(x)dx chi phu thudc vao ham f va céc can g, b ma khong phu
b

b
thude vao bién s§ x, tacla [ f(x)dr= [ f()dr.

a a
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CAU HOI TRAC NGHIEM

Cau 51. Cho ham s6 f (x) lién tuc trén doan [4;5]. Hay chon ménh dé sai dudi day:

A. jf f\uff(x)dx. B. jkdx k(b—a), VEER.

cjf dx = ff dx+ff (x)dx voi c€[a;].

D. ff(x)dx:ff(x)dx

Cau 52. Gia st ham s§ f (x) lién tuc trén khoang K va q, b 1a hai diém cua K , ngoai ra

k la mot sO thuc tuy y. Khi do:

b

) jf(x)dx:O. (1) ]f(x)dx:ff(x)dx. (1) Jk.f(x)wzk]f(x)dx

a

Trong ba cong thitc trén:

A. Chi c6 (]) sai. B. Chi ¢6 (II) sai.
C. Chi ¢6 (I) va (II) sai. D. Ca ba déu dung.
Céu 53. Trong cac khing dinh sau, khang dinh nao dang?
1 b b b
A [dr=1. B. [ £ (x)-fy(x)dx = [ £ (x)dv. [ f;(x)dx.
-1 a a a

b
C.Néu f(x) lién tuc va khong am trén doan [g;b] thi ff(x)dx >0.

D.Néu [ f(x)dr=0 thi f(x) laham s3le.
0
Cau 54. Trong cac khang dinh sau, khang dinh nao dtng?

b c b
A. ff(x)dx:ff(x)derff(x)dx voimoi a, b, ¢ thudc tap xac dinh cua f(x).
b
B.Néu [ f(x)dv>0 thi f(x)>0,¥x€[a;p].

dx
C. =2J1+x* +C.
f I1+x2 X

D. Néu F(x) la nguyén ham cia ham s§ f(x)
thi \/F(x) la nguyén ham ctia ham s6 /().

Cau 55. Dat F(x f J1+£dr . Daoham F’(x) la ham s§ nao dudi day?
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A F'(x)= . B. F/(x)=~1+x".

1+x?

NIES'S '

(t2 + t)dt . Gid tri nho nhat caa F(x) trén doan [-1;1] la:

S

D. F/(x)=(x" +1)JI+2°.

C. F/(x)=

Cau 56. Cho F(x)=

-

Al B. 2. c -2 D. 2.
6 6 6
Cau 57. Cho F(x):ftz_\/gdt.Xét cdc ménh dé:
o 1
x—3
I F' =
(*) x* +1

II. Ham s§ F(x) dat cuc tiéu tai x = J3.
II. Ham s8 F(x) dat cuc dai tai x = V3.

Ménh dé nao dung?
A.Chil. B. Chi II. C.Ivall D.Ivalll
Cau 58. Hay chon ménh dé sai dudi day:
1 1
A. | x*dx> | x3dx.
Jra |

T dr 1
B.Daoham cia F(x)= | — 1a F/(x)=
[1+t 1+ x

(x>0).
C.Ham s8 f(x) lién tuc trén [—a;a] thi ]f(x)dx = 2]f(x)dx.
D.Néu f(x) lién tuc trén R thi ff(x)der]f(x)dx :]f(x)dx.

0
Cau 59. Cho f(x) la ham s& chin va f f(x)dx = a . Chon ménh dé dting:
-3

3 3

A [ flx)dr=-a. B. [ f(x)dr=2a.
C. ]f(x)dx:a. D. ]f(x)dxza.

-3 3

4
Cau 60. Néu f(1)=12, f'(x) lién tuc va [ f'(x)dx=17. Gid tri ctia f(4) béng:
1

A.29. B. 5. C. 19. D.o.

167



2

5
Cau61. Cho [ f(x)dr =10.Khido [[2—4f (x)|dx bing:
2

5

A. 32, B. 34. C. 36. D. 40.
Cau 62. Cho jf(x)dx =1va ]f(t)dt =—3.Gid tri cta ]f(u)du la:
A 2. | B. 4. | C. 4. 2 D. 2.
Cau 63. Choham f lién tuctrén R thoa man jf(x)dx =10, Ldff(x)dx =8, jf(x)dx =7.
a b a

Tinh I = jf(x)dx, ta duoc.

A.I:—Slj B. I=7. C.I=5. D.I1=-7.
Céu 64. Cho biét ]’f(x)dxz—z, [ f(x)dx=3, [g(x)dx=7.

Khang dinh néé) sau day la sai?

[f(x)+g(x)]dx =10. B. [ f(x)

]‘ dx=1.
f(x)dx =-5. D. ][4f(x)—2g(x)]dx=—2.

Cau 65. Cho bit 4 = j[3f(x)+2g(x)]dx =1va B= lzf[Zf(x)fg(x)]dx =-3.

2
Gid tri cua ff(x)dx bang;
1

A 1. B. 2. C. —E. D. l
7 2
Cau 66. Gia st 4, B 1a cac hang s8 ctia ham s f (x)= Asin(7mx)+ Bx’.
2
Biét [ f(x)dx =4.Gié tri cua B la:
0
Al B. Mot dap s6 khac. C. 2. D. % .

Cau 67. Tinh cac hing s6 4 va B d&€ ham s§ f(x)= Asin(nx)+ B thoa man dong thoi

2
cic dieukién f'(1)=2 va [ f(x)dr=4.
0

A 4=-2% B2 B. A=2 B2
e i
CA—-2B—_2. D.4=2 B——2
m ™
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b
Cau 68. Gia trindo ctia b dé€ f(Zx —6)dx=07?

1

A. b=0 hodc b=3. B. =0 holic b=1
C.5=5hoac b=0. D. =1 hoac b=5.
Cau 69. Cho [ ¥ 11 4y — e v6i a>1.Khidé, gid tri ctia @ théa man La:
X
1
Al B.c. c <. D. &
e 2
k
Cau70. D¢ [ (k—4x)dr =65k thi gid tri cua & la;
1
A k=1. B. k=2. C k=3. D. k=4.

Cau 71. bé f[sin2 t—%]dt =0,v0l £€Z thi x thoa:

0

A. x=F2T. B. x=Fr. C.x=kF D.x=(2k+1)7r.

T
>

Céu 72.Néu [ (cosx +sinx)dx = 0(0 < a < 2) thi gid tri @ bing:
0

Az B. T c 3T D. .
4 2 2
, 5 dx .
Cau 73. Néu f =Inc véi c € Q thi gid tri cua ¢ bang:
1 2x—1
A 9. B. 6. C. 3. D. 81.
T dx a
Cau 74. Néu két qua cta f n duoc viét 6 dang lnz véi a, b 1a cac s6 tu nhién va
x
1
u6c chung 16n nhat ctia g, b bang 1. Chon khang dinh sai trong cac khang dinh sau:
A. 3a—-b<12. B.a+2b=13. Ca-b>2. D. @’ +b* =41.

1 2 1

T 2

2
Céau 75. Tinh tich phan [ [
x=3 x x

]dx, ta thu dugc két qua ¢ dang a+5bIn2 véi

a, b € Q. Chon khang dinh ding trong cac khang dinh sau?
A @+ >10. B.a>0. C.a-b>1. D. b—2a>0.

0
Cau 76. Két qua cua tich phan f [x—|—1+il]dx duoc viét dudi dang a+5bIn2 voéi
x_
-1

a, b€ Q.Khid6 a+b bang:

A2 B. 2. c2. D. -2,
2 2 2 2
[2x+3
Céu 77. Biétrang [~ dr=aln2+b voi 4, b€ Q.
—X
0
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Chon khéng dinh sai trong cac khang dinh sau:

A. a<5. B. b>4. C.a®+b*>50. D.a+b<1.
2 <x2—2x)(x—1)
Cau 78. Cho tich phan I:dex:a—i—ban—i—clnS véi a, b, c€Q. Chon
X
1
khéng dinh dang trong cac khang dinh sau:
A.b>0. B. ¢<0. C.a<0. D.a+b+4+¢>0.

x—2)<x2—x—|—2)

dx=a+bIn2+cIn3 vdéi a, b, ccQ.
x+2

2
Cau 79. Cho tich phan 7= [ (
1

Chon khéng dinh ding trong cac khang dinh sau:
A b>0. B. c>0. C. a<0. D.a+b+c>0.

2+4

! 3 (m/s). Quang duong vat dé di

t+
duoc trong 4 gidy dau tién bang bao nhiéu ? (Lam tron két qua dén hang phan tram).
A. 18,82 m. B. 11,81m. C. 4,06 m. D. 7,28 m.

Cau 81. Ban Nam ngoi trén may bay di du lich thé gidi va van t6c chuyén dong cua may bay
la v(r)=3¢* +5(m/s) . Quang dudng mdy bay di duoc tir gidy thir 4 dén gidy thi 10 1a:
A. 36m. B. 252m. C. 1134m. D. 966m.

Cau 82. (DE MINH HQA QUOC GIA NAM 2017) Mot 6 t6 dang chay vé6i van t8c 10m/s
thi ngwoi lai dap phanh; tir thoi diém do6, 6 t6 chuyén dong cham dan déu véi van toc
v(¢)=—5t +10 (m/s), trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir lic bat dau dap
phanh. Hoi tir ltic dap phanh dén khi ditng hén, 6 t6 con di chuyén bao nhiéu mét ?
A.02m. B.2m. C.10 m. D. 20 m.

Cau 83. Mot vat dang chuyén dong voi van tdc 10m/s thi ting t6c vdi gia toc a(r) = 3t +* (m/s).

Cau 80. Mot vat chuyén dong voi van toc v(r)=1,2+

Quang duong vat di duoc trong khoang thoi gian 10 gidy ké tir ltc bat dau tang toc
bang bao nhiéu ?
4000 4300 1900 2200

A —m. B. —m. C.—m. D.—m.
3 3 3 3

Cau 84. Mot vat chuyén dong véi van toe v(z)(m/s), cb gia tde v'(r)= %(m/sﬂ. Van

toc ban dau cta vat la 6m/s. Van tdc cta vat sau 10 gidy la (lam tron két qua dén

hang don vi):
A. 14m/s. B. 13m/s. C. 11m/s. D. 12m/s.
A A Ah e . . o \ NV 4000 |
Cau 85. MOt dam vi tring ngay tht ¢ ¢6 s6 luong la N(z). Biét rang N'(r) = o5
lic dau dam vi trung c6 250.000 con. Sau 10 ngay s6 luong vi trung la (18y xap xi hang
don vi):
A.264.334 con. B. 257.167 con. C. 258.959 con. D. 253.584 con.
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Cau 86. Goi /(¢)(cm) 1a muc nude 6 bon chira sau khi bom nuée duoc ¢ gidy. Biét rang
h'(f)= %%Ts va ldc dau bon khong c6 nude. Tim mic nude ¢ bon sau khi bom
nudc duoc 6 gidy (lam tron két qua dén hang phéan tram):

A. 2,33 cm. B. 5,06 cm. C. 2,66 cm. D. 3,33 cm.

Cau 87. Khang dinh nao sau day dung ?

10
A.Né&u w'(¢) 1a tdc do tdng truong can nang/nam cua mot dira tré, thi f w'(¢)dr la sy
5

can ndng cua dua tré gitta 5 va 10 tudi.
B. Néu dau ro ri tir mét cai thung véi t6c do #(¢) tinh bang galdng/phut tai thoi gian
120
t, thi f r(#)dr biéu thi lugng galéng dau ro ri trong 2 gid dau tién.
0
C. Néu r(r) la t6c do tiéu thu dau cta thé gidi, trong d6 ¢ dugc bang nam, bat dau tai
17
t=0 vaongay 1 thdng 1 ndm 2000 va r(¢) duwoc tinh bang thiing/nim, fr(r)dt
0
biéu thi s6 luong thung dau tiéu thu tir ngay 1 thang 1 ndm 2000 dén ngay 1
thang 1 ndm 2017.
D. Ca A, B, C déu dung.

O Bai 04
MOT SO PHUONG PHAP TiNH TiCH PHAN

1. Phwong phap d6i bién sd
a) Phuong phap déi bién s6 loai 1

b
Gia st can tinh I = f f(x)dx ta thuc hién cac bude sau

Budc 1. Dit x =u(t) (v6i u(r) 1a ham c6 dao ham lién tuc trén [o;8], f[u(t)] xac

dinh trén [o;3] va u(a)=a, u(8)=">) vaxacdinh a, 3.

Budc 2. Thay vao, ta co: I:]f[u(t)].u'(t)dt:jg(t)dt:G(t) 7=G(B)-G(a).

Mot sd dang thuong dung phwong phap ddi bién s6 loai 1

DA&u hiéu Céch chon

x=la|sint t€ [1;2
22

x =|a|cost t€[0;m]

a —Xx
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_ld T
— x_sint ‘e 2’2 \{0}
X —a |a| {ﬂ_}
x = t€[0,m]\{—
cost 2
x2 4+ a? x:|a|tant te[—%;g]

b) Phwong phap doi bién s loai 2
Tuong tw nhw nguyén ham, ta c6 thé tinh tich phan bang phuong phép ddi bién s8 (ta
goi la loai 2) nhu sau:

b
D€ tinh tich phan I = ff(x)dx néu f(x)=glu(x)|u'(x), ta c6 thé thyc hién phép

d6i bién nhu sau
. x=a=t=u(a)
Budc 1. Dat r =u(x)= dr =u'(x)dx . D&i can )
x=b=rt=u(b)
u(b)
[ s(e)ar=c()
u(a)

Budc 2. Thay vaotacd I =

2. Phwong phép tich phéan tirng phan

Cho hai ham s6 u va v lién tyuc trén [a;b] va c6 dao ham lién tuc trén [a;5).

Khi dé: ]‘udv =uv b —]‘vdu.

Mbt s6 tich phan cdc ham s& dé phét hién u va dv

0 u=In[g(x)|
Dang 1 | bat
I I e e
u=f(x)
3 SirlCLx o Sirlélx
| bat
Pang 2 ff(x) cosax dx *dv =|cosax|dx
@ e™ e~
_|sinax
Dang 3 je‘”‘ sin ax ) bat cos ax
u cosax dv=e“dx

Uu tién dit u theo quy tac "nhdt log, nhi da, tam lugng, tit mii" .

Ttc la trong ham s6 dudi dau tich phan hop boi 2 trong 4 ham s6 trén thi ta dat «

theo thi* tw wu tién nhw trén, con lai thi datla dv.
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CAU HOI TRAC NGHIEM
=

Van dé 1.1. PHUONG PHAP POI BIEN SO LOAI 1

& >

N
Ciu 88. Doi bién s6 x =4sins cta tich phan 7 = f\/16 —x"dx , ta duoc:
0

4
A. I:—16fcos2 tdt .
0

=

~

|

oo
%»M

(1+cos2¢)dr .

™

4
C. 1=16 [ 'sin’ rds D. 7=38 [ (1—cos2¢)t.
0

o%»\: <

1
Cau 89. Cho tich phan I = . Néu ddi bién s6 x =2sin¢ thi:
[ Va—x

A =

OSO\\:!

o a 3
dr. B.I:ftdt. C.J:f—. D.I:fdr.
0 0

3
Cau 90. D6i bién s6 x =+/3tant cua tich phén I = f z;dx, ta dwoc:
ks
3 B b Ve 3 33
A.I:\/E[dt. B.I:T[T. C.I:T[tdt. D.I:TIdt.
4 4 4 4
N
Céau 91. Cho tich phan 7 = f x—31dx.Né'u doi bién sd x :,L thi:
X sin ¢t
- - - i
A. I:[cos tdr. B. ]:[sm tdt. C.I:[cos tde. D. IZEI(I—COSZt)dI.
2 n 4 4

4
S
Van dé 1.2. PHUONG PHAP POI BIEN SO LOAI 2
&)

Cau 92. Choham s6 f(x) c6 nguyén ham trén R . Ménh dé nao dudi day la ding?

1 1

A [ Fx)ar= [ F(1-x)dx. B. [ £(x)dx =2 f(x)dx.
C. ]‘f(sinx)dx:ﬂ]f(sinx)dx. D. ]f(x)dx:%jf(x)dx

0 0
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4 2
Cau 93. Néu f(x) liéntucva [ f(x)dx=10, thi [ f(2x)dx bing:
0 0

A.5. B. 29. C. 19. D.o.
Cau 94. Ham s§ y = f(x) c6 nguyén ham trén (a;6) dong thoi thoa man f(a)= f(b).

Lwa chon phirong an dang:

A. ff'(x)ef(x)dx:O. B. ff‘(x)em)dx:l.

b b
C. [ f(x)edx = 1. D. [ f(x)e’dx=2.
Cau 95. Cho ham s6 f(x) cé nguyén ham trén R . Xét cic ménh dé:
1

sin2x.f(sinx)dx:ff(x)dx. II. Jf£€x>dx—]fjff>dx.

x
0

L.

ok.w\:l

aZ

¥ 1
II1. 3 Hdx == dx .
[xf(x) z{xf(x)
Céc ménh dé dang la:
A.Chil. B. Chi II. C. Chi III. D.Cal IIvalll
Cau 96. Cho f(x) la ham s§1é va lién tuc trén [—a;a|. Ménh dé nao dudi day la ding?

A [ flx)ar=2] f(x)dr. B. [ £(x)dx—0.
C [f(e)ar=2f(x)dr. D. [ £(x)dv =2 f(x)dr.

Ciu 97. Cho f(x) laham s§1é va ]f(x)dx =2.Gi4 tri ctia jf(x)dx la:
A 2. B. -2. ; C. 1. 0 D. —-1.
Ciu 98. Cho f(x) l1a ham s& chdn va ]f(x)dx =3.Gid trj cta jf(x)dx la:
A3. B. 2. h C.6. h D. -3.

2

Céau 99. Tinh tich phan 7= [ x*y/x* +1dx .

Ao B. 10 c 2. p. -2,

0
9 9 9 9
2
Cau 100. Cho = f2x\/x2 —1dx va u=x"—1. Chon khing dinh sai trong cac khang
1
dinh sau:
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3

3 2 3
A . I=[Judu. B.I= \/;du. cr=2, D. I=23.
3
0

0

3
Céu 101. Bién d6i f dx thanh f f(£)de, v6i t=+1+x . Khi d6 f(r) 1a ham

1+x/1+x

nao trong cac ham s0 sau?

A. f(t)=2¢"-2t.B. f(t)= C. f(t)=¢-t. D. f(t)=2¢"+2t.
~/— 2
Cau 102. Cho tich phan  — f 1” dx . Néu d6i bien s6 ¢ = Y1 .
X
1
2 2
N 3 2 N 3
Ar=—[E9 g [£O cr-[L4 D. 1= [
-1 ) £ 41 Gt —1 ) £ +1
T odx
Céu 103. Két qua ctia tich phan = [—=— c6 dang I =amn2+bIn(v2~1)+c voi
L a1+ «°
a, b, ccQ.Khiddgidtricua a béng:
A.a:l. B.a:—l. C.a:—g. D.a:g.
3 3 3 3

Cau 104. Biét rang I = =1Ina véi a € Q.Khidé gia tri cia a bang:

A a=2 B.a:%. C.a=+2. D.a=4.
Cau 105. Cho 2+/3.m 7‘1[4—3632@ =0.Khi d6 144m* —1 bang:
0 (x4 +2)
A —é. B. 43 1. C. # D. Két qué khac.
Céu 106. Tinh tich phan I = f lnx
A T=2. B 7 C. I=In2. C.I:—ln;2

Cau 107. Ddi bién u =Inx thi tich phan I = f ﬂdx thanh:

0 1
A = (1 u)du LI =
j =
0 0
C.I= ( —u)e”du. D. I= 2”du
/ Ju-
Cu 108. Cho 1:]“”31“ —1+3nx.
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Chon khéng dinh sai trong cac khang dinh sau:

27 27
A. T==| s B. == [ Adr.

2
C.I:gt3 . D.I:E.
9 | 9

e

3
Cau 109. Bién ddi [ ~ 0% 4y thanh [ £(e)de, véi t=Inx+2.Khido f(¢) 1aham
' x(Inx+2) )
nao trong cac ham sd sau?

A ri)=2-1 B fr)=—142 %

= —-. C. t
£t t2+t f(5)

2ot
. N e A r Inx , y
Cau 110. Két qua cta tich phan I:fz—dx cddang [ =aln2+b voi a, beQ.
4 x(ln x—i—l)
Khéang dinh nao sau day la dting?
A. 2a+b=1.

B. o+’ =4. C.a—b=1. D. ab=2.
1
Céu 111. Tinh tich phéan 7= [ xe” dx.
0
AT=% B 7=¢1 c =1 D.I=e
2 2 2
In

2
Cau 112. Cho I:fe"\/ex —1dx va t=+e"—1.

0

Chon khéng dinh sai trong cac khang dinh sau:

1 1 3|1
A.I:2ft2dt. B.I:ftzdt. cr=2 D.I—
0 0

2
3 (o 3
In3 3

Cau 113. Bién d6i f% thanh ff(t)dr ,v6i r=e*.Khidd f(r) la ham nao trong cac
0 e 1
ham sd sau?

1 1 1 1 1 1
A f(t)= . B. f(t)=—+——. C. f(t)=———=. D. f(t)= .
o Pt o t t+1 1) t+1 ¢ 1) £+t
T oedx ae + ¢
Cau 114. Tim a biét I = f —=1In vOi a, b la cac s6 nguyén duong.
J 2+e ae+b
A.a:l. B.a:—l. C.a=2.
3 3

D.a=-2.

Cau 115. D€ tinh tich phan I =

sinx
e

o\w\:}

cosxdx ta chon cach ddt nao sau day cho phut hgp?
A.Dit r=¢""". B.Ditr=sinx. C.Dbat r=cosx. D.Dbat r=e".

sin? x

Cau 116. Cho tich phan 7 = [ ¢™ * sin x cos® xdx .

o%w\a
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Neéu d6i bién s ¢ =sin® x thi:
11 1

A. I==|¢(1—t¢)dr. B.I1=2
<00

1
fe dt+[tedt.
1 1 1
Cr=2f¢(1-r)dr. D.I=
0

0
2 fe’dt+j:tefdt .

0

> |
Cau 117. Bién d6i [ ¢ *sin2xdx thanh [ f(¢)de, vi ¢ =sin’ x. Khi d6 f(r) 1a ham
™ 1
4 2
nao trong cac ham sd sau?

A. f(r)=¢é'sin2t. B. f(t)= C. f(t)=¢sinr. D. f(t)==

Cau 118. (DE MINH HQA QUOC GIA NAM 2017) Tinh tich phan I = f cos® x sin xdx

0
1 4 4 1
A [=——7" B.I=—-7". C. I=0. D I=—.
4 4
A o A . .5 3
Cau 119. Tinh tich phan szSanx(l—i—sm x) dx.
0
4
AT="" B r=2. c =31 D.1=".
64 4 4 4

2
6tan x
Cau 120. Cho tich phan I = dx . Gia str dat u = +/3tanx +1 thita duoc:
P [cos2 x+/3tanx+1

4] 4
3[2u+1 3!u+1
jj\ul ;L:IZul

Cau 121. Tinh tich phan I =

ok_’m\:

(1-cosx)"sinxdx bang:

A I= ! . B. I= 1. C.IZL. D.Izl.
n+1 n—1 2n n
c : ‘
Cau 122. Néu I:fsin” xcosxdx =— thi n bang:
) 64
A.n=3. B.n=4. C.n=6. D.n=>5.
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S )

Vin dé 2. PHUONG PHAP TiCH PHAN TUNG PHAN
=0
2
Cau 123. Tinh tich phan I = f Intd¢. Chon khang dinh sai?
1

A I=2In2-1. B. lné. C. In4—1ogl0. D. In4e.
e

Inx

dx = %—%1112 . Gié tri cia a bang:

Cau 124. Biét 1 = [ =
X
1

A 2. B. In2. C. 4. D. 8.
3
Cau 125. Két qua cua tich phan I = fln(xz —x)dx duoc viét ¢ dang I =aln3—b véi
2

a, b la cac sd nguyén. Khi d6 a—b nhan gia tri nao sau day?
A 1. B. 0. C. 1. D. 2.

e

Cau 126. (DE MINH HQA QUOC GIA NAM 2017) Tinh tich phan I = f xIn xdx.

1

2 2 2
1 B.r=%"2 cr=4*1 D.r=%"1
2 2 4 4
A 2 . \ A ’ W 1A 2 r 3 3¢’ +1
Cau 127. Khang dinh nao sau day dung vé két qua f x” Inxdx =
1
A ab=064. B. ab=46. C. a-b=12. D.a-b=4.
1
Cau 128. Két qua cua tich phan szxln(Z—i—xz)dx dugc viét 0 dang I =aln3+bIn2+c¢
0
voi a, b, ¢ 1a cac s8 hitu . Hoi tdng a + b+ ¢ bang bao nhiéu?

A I=

?

A. 0. B. 1. C. % D. 2.
R ok . s "
Cau 129. Cho I:fln—dx.Xac dinh £ dé I <e—2.
x
1
A k<e+2. B. k<e. C k>e+l. D. k<e—1.
1
Céau 130. Tinh tich phan 7 = [x2*dx.
0
A IZZIHf—I. B. 1221n2—1. C. ]:21n§+1. D. 1221n2+1'
In”2 In2 In“ 2 In2

1
Céu 131. Két qua tich phan I = f(2x +3)e*dx dugc viét dudi dang I =ae+b véi g, beQ.
0

Khang dinh nao sau day la ding?
Aa—-b=2. B. a’ +b° =28. C. ab=3. D.a+2b=1.
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Va 2
Cau 132. Tich phan f(x —1)e**dx = 37 Gis tri ciia @ >0 bang:
0
A 1. B. 2. C.3. D. 4.
§
Cau 133. Tinh tich phan I = fxsiandx.
0
A I=1. B.I=2—. cr=1. D.1=3
2 4 4

Cau 134. Cho tich phan I = [ x(sinx +2m)dx =1+ 7" . Gié tri ctia tham s§ m la:

o%w\:}

A5, B. 3. C. 4. D. 6.

2

Cau 135. Cho i—fxcos xdx =1.Khi d6 9m’ —6 bang:

m
0

A. 3. B. 30. C. -3. D. -30.

ol

Céu 136. Két qua cua tich phan f(Zx —1-sinx)dx dwoc viét & dang W[E_%] —1.Khang
a
0

dinh nao sau day la sai?

A a+2b=8. B.a+b=5. C. 2a-3b=2. D.a-b=2.
A o c[odx 1 ol i
Cau 137. Véi t € (—1;1) ta cd fz—:——1n3 . Khi d6 gia tri ¢ 1a:
oy X -1 2
A.l. B. —l. D.0. D.l.
3 3 2

Cau 138. Cho tich phan I = [ sin2x.e"*dx . Mot hoc sinh giai nhw sau:

OHN‘:I

x=0=r=0

1
Buwdc 1: Dat ¢ = sinx = dt = cosxdx . D6i can T :>I:2fre’dt.
ngile 0

1 1

—fe‘dt:e—et

0 0

1
=1.

0

u=t du=dt
Budc 2: Chon

t : t
dv =¢'dt

1
. Suy ra ftetdt =te'
v=e 0

1
Buéc3: 1 =2 [re'dr=2.
0
Hoi bai giai trén dung hay sai? Néu sai thi sai 6 dau?
A. Bai giai trén sai ttt Budc 1. B. Bai giai trén sai ttr Budc 2.

C. Bai giai trén hoan toan dung. D. Bai giai trén sai ttr Budc 3.
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Cau 139. Cho I = fe" cos” xdx, J = fe” sin’ xdx va K = fe" cos2xdx . Khang dinh nao
0 0 0
dang trong cc khang dinh sau?

M. I+J=¢". . 71-J=K. (111).K:€'_1.
A. Chi (D). B. Chi (II). C. Chi (ID). D. Ca (II) va (II0).
1 nx
Cau 140. Cho 7, = [—*—dx véi n€N. Gid tri cta I, +1, L
’ 14+¢€*
A.0. B. 1. C.2. D. 3.
O Bai 05

UNG DUNG TICH PHAN

1. Tinh dién tich hinh phing

Pinh Ii.

Cho ham s y = f(x) lién tuc, khong m trén doan [a;5]. Khi d6 dién tich S cua hinh
thang cong gi6i han béi do thi ham s§ y= f(x), truc hoanh va hai duong thing

x=a,x=>bla N

Bai toan 1. Cho ham s§ y = f(x) lién tuc trén doan [4;5]. Khi d6 dién tich S cua
hinh phéng (D) gidi han béi d6 thi ham s§ y = f(x); truc hoanh Ox (y=0) va hai

b
duong thing x—a; x = b 14 S:f|f(x)|dx.

Bai toan 2. Dién tich hinh phang giéi han

boi hai do thi y=f(x); y=g(x) va hai R4 y—f(x)
duong duong thang x =a; x =5 la
b
S= [1f(x)—g(x)dx.
X
o) >
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Ch y:
1) D€ pha bo dau gia tri tuyét ddi ta thwong lam nhw sau:
- Giai phuong trinh f(x)= g(x) im nghiém x,,x,,...,x, € (;6) (¥, <x, <..<x,).

F)-gldr+ [ (x)-gledx+ ot []F(x)-glwfar
:U (F(x)— g(x))dx +...+‘f:<f(x)—g(x)>dx _

Ngoai cach trén, ta c6 thé dua vao d6 thi dé bo dau gia tri tuyét doi.
2) Trong nhiéu treong hop, bai toan yéu cau tinh dién tich hinh phang giéi han boi
hai d6 thi y = f(x); y = g(x).

_ Tinh S:fa’“

Khi d6, ta c6 cong thic tinh nhw sau S = f | (x)— g ()| dx .

Trong d6 x, va x, tuwong tng la nghiém nho nhét, 16n nhat ctia phuong trinh f(x) = g(x).

2. Tinh thé tich khai tron xoay
a) Tinh thé tich cta vat thé

Pinh li.

Cat mot vat thé C béi hai mit phang (P) va (Q)vudng goc véi truc Ox Ian luot tai
x=a, x=b (a<b). Mot mit phang bat ki vudng goéc véi Ox tai di€ém x (a<x <b) cat
C theo mot thiét dién c6 dién tich S(x). Gia st S(x) 1a ham lién tuc trén doan [g;5]. Khi

d6 thé tich ctia vat thé C gidi han boi hai mat phing (P) va (Q) dugc tinh theo cong
b
thire V:fS(x)dx.

b) Tinh thé tich vay tron xoay

Bai toan 1. Tinh thé tich vat thé tron xoay Ay
khi quay mién D duoc gidi han boi cac
duong y= f(x); y=0; x=g; x=> quanh

truc Ox dwoc tinh theo cong thikc

V:Jﬁ(x)dx.

Chii y: Néu hinh phang D duoc giéi han boi cac duong y= f(x); y=g(x) va hai
duong x=a; x=b (v6i f(x).g(x)>0, Vx €|a;b]) thi thé tich khéi tron xoay sinh boi khi
quay D quanh truc Ox dugc tinh bdi cong thitc

v [ (5] ().
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Bai toan 2. Tinh thé tich khdi tron xoay sinh ra khi quay hinh phang D giéi han boi
cac duong x = g(y), truc tung va hai dudng y=a, y=>4 quanh truc Oy duoc tinh
theo cong thirc

b
V:ngz(y>dy

CAU HOI TRAC NGHIEM
x>

Van dé 1. TINH DIEN TiCH HINH PHANG

& >
Cau 141. Viét cdng thic tinh dién tich hinh thang cong giéi han boi d6 thi ham s6
y= f(x), truc hoanh va hai dudng thang x =a, x =56 (a<b) la:

A S:]f(x)dx. B. S:]|f(x)|dx. C. S:]fz(x)dx. D. Szﬂ]|f(:¢)|d3¢.

Cau 142. Cho db thi ham s§ y = f(x). Dién tich § cua hinh phang (phan t6 dam trong
hinh dwéi) la:

N i

B. S:zf<x>dx+z’f(x)dx. o
C. Sff(x)dx+jf(x)dx N 3

D. SIf(x)dx+?f(x)dx

Cau 143. Dién tich ctia hinh phéng giéi han boi d6 thi hai ham s6 y = x* 4+ 2x va y = 3%’
duoc tinh theo cong thirc:

A. S:](x3—3x2+2x)dx. B. S:j(x3—3x2+2x dx — j (" —3x7 +2x) dx .
0 0 1
C. ](—x3+3x2—2x)dx. D.S= ](x —32% +2x) dx+f % —3x" + 2x)dx .
0 0

Cau 144. Dién tich ctia hinh phang giéi han bdi d6 thi hai ham s6 y = x> +2 va y=3x
la:

A §=2. B.§=3. C §= D.S:l.

1
2 6

182




Cau 145. (DE MINH HOA QUéC GIA NAM 2017) Tinh dién tich hinh phéng gidi han
boi d6 thi ham s6 y = x* —x va d6 thi ham s6 y = x — 7.
A.Szﬂ. B.S:2. C.SZE. D. §=13.
12 4 12

Cau 146. Két qua ctia dién tich hinh phing giéi han boi d6 thi ham s6 y = —x° +3x* -2,
truc hoanh, truc tung va duong thing x =2 c6 dang % (voi % la phan so toi gian).
Khi d6 mdi lién hé gitta a va b la:

A a-b=2. B.a-b=3. C.a-b=-2. D.a-b=-3.

Cau 147. Két qua ctia viéc tinh dién tich hinh phéng giéi han boi d thi (C): y = x* —2x” +1

va truc Ox gan nhat vdi gia tri nao sau day?

A.S:l. B. S=1. C.S:i D. §=2.
2 2

Cau 148. Dién tich hinh phéng giéi han boi cac duong y = x/1+x? , truc hoanh va
duong thang x =1 la:

A S=1. B s_22-1 c g2+l D. s=2(v2-1).

3 3 3
Céu 149. Dién tich hinh phéng giéi han boi cac dwong y =+/x va x—2y=0 bing vdi

dién tich hinh nao sau day:

A. Dién tich hinh vuéng c6 canh bang 2.

B. Dién tich hinh chit nhat c6 chiéu dai, chiéu rong lan lwot 5 va 3.
C. Dién tich hinh tron c6 ban kinh béng 3.

D. Dién tich toan phan khéi t& dién déu c6 canh béng

243
o

Cau 150. Dién tich hinh phéng gioi han boi d6 thi ham sd y :( 1)2 , truc hoanh,
X+
duong thang x =0 va duong thang x =4 la:
A.S:—§. B.S=§. C.Szi. D.S:i.
5 5 25 25

Cau 151. Tinh dién tich hinh phang giéi han bdi cac dwong y = xInx, truc hoanh va
duong thang x =e.
2 2 2 2
As=2tl g tl cs=2*1 D 5=t
4 6 8 2

Cau 152. Dién tich hinh phéng gi6i han boi d6 thi ham s6 y =e* +x, truc hoanh, truc

tung va duong thang x =1 la:

A. S:6’+%. B. S:ef%. C. S=e+1. D. S=e¢-1.
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Cau 153. Dién tich hinh phang giéi han boi cac duong y =e* +x, x—y+1=0 va x =In5 la:
A §S=5+In4. B. S=5-In4. C. S=4+In5. D. S=4—-In5.

Cu 154. Goi § la dién tich hinh phing gi6i han boi céc duong y=(e+1)x va y=(I+¢")x.
Gid tri S can tim la:

As=tt2 B.s—%. cs=¢"2% D.s=¢"2%
2 2 2

Cau 155. Dién tich hinh phéng gi6i han boi cic duong y =+/e* +1, truc hoanh va hai
duong thang x =In3, x = In8 nhan gid tri nao sau day:

A.S:2+lng. B.S:2+ln§. C.S:3+ln§. D.SzZ—InE.
3 2 2 2

Cau 156. Dién tich hinh phéng gi6i han boi parabol (P): y =x* —2x +2, tiép tuyén voi
no tai diém M (3;5) va truc Oy 1a gié tri ndo sau day?
A . S=4. B. §=27. C.§5=9. D.§=12.

Ciu 157. Cho ham s6 y =x* —2x+2 c6 d6 thi (C). Phuong trinh tiép tuyén cta (C) tai
diém c6 hoanh d¢ bang 3 ¢6 d6 thi A.Goi S la dién tich hinh phing gi6i han boi d6
thi (C), duong thang A va truc tung. Gia tri ctia S 1a:

A.§S=9. B.S:g. C.S:g. D.S:i.
2 4 10

Cau 158. Dién tich hinh phang giéi han boéi d6 thi ham s§ y = 4—% duong thang
x

y =—1, duong thing y =1 va truc tung duwoc tinh nhu sau:
1 1 rl, 1

A S=[|4——|dx. B. §= [|4——dx.
i JJes
ro1 r -1

C. S:f . D. S:f dy.

\/4_y ~1 \14_37
Cau 159. Dién tich ctia hinh phang gi¢i han boi hai dwong cong c6 phuong trinh x — y* = 0
va x +2y* —12 =0 bang:
A. §=15. B. §=32. C. §=25. D. §=30.
2 —
Cau 160. Vi gid tri ndo ctia @ d€ dién tich § ctia hinh phéng gidi han béi (C): y == 21" )
x—
duong tiém can xién ctia (C) va hai dudng thing x =a, x=2a (a>1) bang In3?

A a=1. B.a=2. C.a=3. D.a=4.
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===
Vin dé 2. TINH THE TICH KHOI TRON XOAY

& >

Cau 161. (PE MINH HOA QUOC GIA NAM 2017) Viét cong thic tinh thé tich ¥ cua
khoi tron xoay dugc tao ra khi quay hinh thang cong, gidi han boi d6 thi ham s&
y= f(x), truc Ox va hai duong thing x =a, x =5 (a <b), xung quanh truc Ox.

A. V:W‘bffz(x)dx. B. V:]fz(x)dx.
C. V:w]f(x)dx. D. V:]|f(x)|dx.

Cau 162. Cho hinh phang trong hinh (phan t&6 dam) quay quanh truc hoanh. Thé tich khdi
tron xoay tao thanh dwoc tinh theo c6ng thitc nao?

A. V:Lbﬂf(x)—g(x)]zdx. y

B. V:w][fz (x)—g° (x)]dx.

C.V:w[[f(x)fg(x)]dx. 5
D. V:wf[f(x)—g(x)]dx.

a

Cau 163. Viét cong thiic tinh thé tich 7 cua phan vat thé gidi han boi hai mat phéng
vudng goc véi truc Ox tai cdc di€ém x=a, x =5 (a <b), c6 thiét dién bj cit boi mit
phang vuong géc véi truc Ox tai diém cé hoanh d6 x (a<x<b)la S(x).

b b
AV = [8(x)dx. B.V = []s(x)dx

C. V:]‘S(x)dx. D. Vzwz‘be(x)dx.

Cau 164. (PE MINH HOA QU6C GIA NAM 2017) Viét Ki hiéu (H) la hinh phéng gioi
han boi d6 thi ham s6 y =2(x—1)e*, truc tung va truc hoanh. Tinh thé tich ¥ cua
Kkhéi tron xoay thu dugc khi quay hinh (H) xung quanh truc Ox.

A V=4-2.  B.V=(4-2¢)m C.V=¢-5. D.V=(¢—5)m.

Cau 165. Thé tich ctia phan vat thé giéi han boi hai mat phang x =0 va x =3, c6 thiét
dién bi cit boi mit phfmg vudng goc voi truc Ox tai diém c6 hoanh d§ x (O <x< 3)
la mot hinh chit nhat c6 hai kich thudc béng x va 249 —x%, bﬁ“mg:

A V=3. B. V' =18. C. 7V =20. D. V =22.
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Cau 166. Tinh thé tich vat thé ndm giita hai mt phang c6 phuong trinh x =0 va x =2, biét
rang thiét dién ctia vat thé bi cat béi mat phang vudng goc véi truc Ox tai diém cd hoanh
dd x €[0;2] 1a mot phan tw dudng tron ban kinh V247, ta duoc két qua nao sau day?
16
= —T.
5
Cau 167. Hinh phing C gi6i han boi cac duong y = x* +1, truc tung va tiép tuyén cta
d6 thi ham s6 y = x* +1 tai diém (1;2) , khi quay quanh truc Ox tao thanh khéi tron

A. V=232 B. V =64r. CVv D. V =8m.

xoay c6 thé tich bang:
4 28 8

AV ==m B.V=—"—m C.V=—m D.V=m.
5 15 15

Cau 168. Khdi tron xoay tao nén khi ta quay quanh truc Ox hinh phing D giéi han boi
do thi (P): y=2x—x" vatruc Ox sé co thé tich la:
Ay =17 S ey D.v-2T
15 15 15 15
Cau 169. Hinh phéang giéi han boi d6 thi hai ham s§ y =2x—x” va y=x khi quay

B.V

quanh truc Ox tao thanh khdi tron xoay c6 thé tich bang:
Av=" B.v=" cv==l. D.V=m
3 4 5

Cau 170. Thé tich vat thé tron xoay sinh ra khi hinh phang giéi han bdi cac parabol
y=4—x" va y=2+x" quay quanh truc Ox 1a két qua nao sau day?
A. V=107 B. V' =12m. C. V=14nr. D. V =16nr.

Cau 171. Thé tich vat thé tron xoay sinh ra khi hinh phang giéi han boi cac duong
4y =x*, y=x qua quanh truc hoanh bang bao nhiéu?

1247r‘ B. V:1267T. C. V:1287T. D. V:1317T.

15 15 15 15

Cau 172. Cho hinh phéng (H) giéi han béi cac duong y=+/x, y=—x va x=4. Tinh
thé tich cta khoi tron xoay tao thanh khi quay hinh (H ) quanh truc hoanh nhén gia

A V=

tri nao sau day:

av=2r o oy AT cy=21 .y =21

3 3 3 2

Cau 173. Thé tich cua khoi tron xoay tao nén khi quay quanh truc Ox hinh phéng gidi
han boi (C): y=Inx, truc Ox va dudng thang x = e la:
A . V=m(e=2). B.V=n(e—1). C. V =me. D. V =m(e+]1).

Cau 174. Thé tich vat thé tron xoay sinh ra khi hinh phang giéi han boi cac duong
y=~x, y=—x+2, y=0 quay quanh truc Oy, co gia tri la két qua nao sau day?

A. V:lw. B. Vzéﬂ'. C. VZQW. D. VZEW.
3 2 15 6
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Cau 175. Cho hinh phang (H) gi6i han boi cac duong y = —x’ +2x va y=0. Tinh thé
tich ctia khéi tron xoay tao thanh khi quay hinh (H) quanh truc Oy la:

Av="" B.v=3". c. y=10m D=1
3 3 3 3

PAP AN CAU HOI TRAC NGHIEM

Cau 1. D€ ham s6 f(x) c6 nguyén ham trén K khi va chi khi f(x) lién tuc trén X .
Chon D.

Cau 2. Sura lai cho dung la " T4t ca cac nguyén ham caa f(x) trén (a;6) déu cé dao ham
béng f(x)".Chon C.

Ciu 3. Vi ham s6 c6 dao ham tai x, thi lién tuc tai x,, nhung néu hém s0 lién tuc tai x,
thi chua chic da cé dao ham tai x,. Chang han xét ham s§ f (x )=|x| tai diém x=0.
Chon B.

Ciu 4. Véi moi x € (a;0), tacd F/ (x)= f(x), ngoaira

F'(a*)=f(a) va F'(b")= f(b) .ChonD.

Cau 5. Chon A.

Cau 6. Vi hai nguyén ham trén D ctia cing mot ham s8 thi sai khac nhau moét hang sd.
Chon B.

Cau 7. Chon C.

Cau8.Vi [ f(x)dx=F(x)+C= [ f(u)du=F(u)+C.ChonC.
Cau 9. Vi (x) =1=2Jx = F/(x)= f(x)= F(x)=x khong phai la nguyén ham cua
ham s f(x)=2+x . Chon B.

Cau 10. Vlf /( )d IMI | |+C Chon B.

u(x) u(x)

Cau 11. Vi két qua nay khong ding véi truong hop a =—1. Chon C.

Cau 12. Ta thdy ham s6 f(x)=

xac dinh va lién tuc trén [—g,g] nén cé nguyén
ham trén khoang nay. Chon B.

_13 3 _n.2 _
Cau 13. Ta ¢ f(xz 2) dx:fx 3352 42-3x ldx
x x

1 ¥’ 3x 3 1

= [|£-2 dr =222 Zn|x|+—+C.
f[z 2 2x 2x2]x 7 2 taklrg

Vay mot nguyén ham cia ham sd

3

(x—1) x* 3x
Ry W=7+

3 1
Eln|x| +Z . Chon D.
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Cau 14. Ta ¢ fe".e"“dx = fez"“dx = %fe““d@x +1)= %ez”l +C .ChonB.

Cau15. Vi F'(x)=(x—3)' +1= f(x). Chon A.
Cau 16. Ham s§ F(x)=e¢* la nguyén ham cta ham s§

flx)=F'(x)= (e"3 )/ = (x3)/ e =3x>¢" .ChonB.

/ In In2
Caul17.Taco (27 +C) =2 = =2 22 Suy ra dap 4n A sai. Chon A.
(pE+e) =27 =2 T Suyradip
R R
Ciu 18. Ta thay [22* +C| = 7¥22" .
2x
2 NI A o i [2e 102
Suy ra 22 4-C khong phai la nguyén ham cua f22".—2dx . Chon C.
x

3 3 /
Cau19.Tacod ff(x)dx—%qLe"+Céf(x)—{%+e"+C] = x> +¢*. Chon D.

—

Cau 20. Ta c6 ff x)dx = sin2x cos x = %(sin 3x +sinx)

Suyra f(x) :%(sin 3x+sinx) = %(3 cos3x + cosx). Chon A.
/
Cau 21. Ta cd f(x):[l—klnx—kC] =—i2+l=x_21.ChQnD.
x  x  x

Cau 22. Vi (sin2 x)/ =2sinxcosx =sin2x. Chon D.
Céu23. Cdch 1. Tacd [ f(x)dr= [ (3" +10x —4)dx = x* +5x* —4x+C.

m=1

~1
Yeéu cau bai todn < 3m+2:5(:><[?_3.
3=C a

Vay m =1 la gia tri can tim thoa yéu cau bai toan.

Cich 2. Ta 6 F'(x) = (mx® +(Gm+2)x* —4x +3) =3mx® +2(3m+2)x 4.
Vi F(x) lamotnguyénham ctia f(x) néntacd F'(x)= f(x), Vx.

Do d6 3mx” +2(3m+2)x —4=3x" +10x—4.

m=1

< m=1.Chon C.
2(3m+2)=10

Dbbng nhat hé s6 hai vé ta cd

Cau 24. Ta c6 F'(x) = (czx2 —l—bx—i—c)/ e —|—<ax2 +bx+c).(e" )/ = [ax2 +(2a+b)x+c].e".
Vi F(x) la mdt nguyén ham ctia f(x) néntacod F'(x)= f(x),Vx.
Do d6 [ax2 +(2a+b)x+c].e" =x'e" Sax’ +(2a+b)x+c=x".
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=1 =1
Dbbng nhat hé s6 hai vé ta cd ;a +v=0< Z: —2.Chon B.
c=0 c=0
Cau 25. Ta c6 ff(x)dx:F(x)éF/(x):f(x).
Laicd F’(x)=(bcosx —asinx)e* +(acosx +bsinx)e* :[(b+a)cosx+(b—a)sinx]e”
bé F/(x):f(x)@[(b+a)cosx+(b—a)sinx}e":e"cosx@{z—i_zz(l)@a:b:%.
Chon D.
Cau26.Taco [ g(x)dx=f(x)= f(x)=g(x).
Laico f/(x)=(2ax+b)e ™ —(ax2 +bx+c>e’x = [—ax2 +(2a—b)x +(b—c)] e
bé f/ (x)zg(x)@[—axz+(2a—b)x+(b—c)]e”‘ =x(1-x)e™ :<—x2 +x>e”‘
—a=-1
Si2a—-b=1a=b=c=1=A=a+b+c=3.ChonD.
b—c=0

Cau 27. Theo bairatacd F'(x)= f(x).

3 (axz +bx+c> _ Sax’ +(3b—6a)x —3b+c

Co F'(x)=(2ax+b) 3+ s s
5a =20 a=4

Suyra {3b—6a=—-30 {b=—-2.Chon C.
c=3b=7 c=1

Cau 28. Ta cb ff(x)dx:F(x)éF/(x):f(x),VxER.
Laicd F’/(x)=(a+d)cosx +cxcosx +(c—b)sinx —axsinx

D& F/(x)= f(x),Vx R < (a+d)cosx +cxcosx +(c—b)sinx —axsinx = xcosx,Vx € R

a+d=0
= ‘ Ang ¢ . Chon B.
C_b:O b:C:
a=0
Cau 29. Ta co ff(x)dx:fsinzxdx:fl—C;)SZxdx

1 1 1 1 .
:Efdx—EICOSZxdxzixfzsterC

Theo bai ra, ta co l.z—lsinz—&-C:z@C:l.
4 2 8 4

A _x sin2x 1

Vay ff(x)dx—g— 4ty ChonC.
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1
Cau 30. Ta c6 f ff dx—fm——f —Eln|2x—1|+C
Theo bai ra ta c6 f(l):1<:>%1n|2.171|+C:1<:>C:1éf(x):%1n|2x—l|+l.

Vay f(S):lln|2.571|+1:%In9+1:1n3+1.Ch(_)nD.

Cau31.Tacb F(x ff dx —f[4—+sm x]dx—f—dx+f51n xdx

:f4 dx +f (1—cos2x)d: —x+1[x—s1n2x]
2
F(0)=1 c=1 =
Theo gia thiét: é & Chon C
eo gia thié Fzzznen m+l[£_l]+czz m:—é on
4) 8 2{4 2 8 4

dx =—cotx+C.

Cau 32. Ta ¢ F(x):f _1
sin® x

Theo bai ra ta c6 F[%]zO@—cot%—l—C:O(:}C:\/g.

Vay F(x)=—cotx++/3.ChonD.
Cau33.Tacd F(x)= [(4x—1)dr=2+" —x+C.

Gia st M (0;m) € Oy la giao di€ém ctia d6 thi hai ham s§ F(x) va f(x).
40-1=m {ml

207 —04C & c 1:>F(x):2x2—x—1.
0" — =m =—

Ta c6 hé phirong trinh sau {

Hoanh d giao diém ctia d6 thi haiham s6 F (x) va f(x) la nghiém ctia phuong trinh:

x=0=>y=-1
2x2—x—1:4x—1<:>x(2x—5)=0<:> 5
x==—=y=9
2
Vay toa do cac diém can tim 1a (0;—1) va %;9]. Chon C.

Cau 34. Chon A. Vinéu F'(t):f(t)éF(t):ff(t)dt.Dét t=u(x)=>dr=u'(x)dx.
Suy ra F(u ff x))u' (x)dx hay F'(u(x))= f(u(x))u’ (x).

Céu 35. Chon D. Vi f d —I%:Iﬂu(xﬂ—kc.

Cau 36. Ta c6 I:ff x dx:f\/2x—1dx.

2
Dt \2x—1=t=x=" ;’1
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2 3
é[ftd[t ;_1]ftzdt%+C%(2xl)\/2xl+C. Chon B.

Inx

e

Céu37.Déttzlnx;»dt:ldx.Khidéf dxzfefdr.ChonB.
X

x
Cau 38. Dt t = x> = dr = 2xdx .

Suy ra I:%fe’dt:%fd(e‘):%e’+C:%e"z +C.Chon C.

In® x

+C.
2

2
Cau 39. bit Inx:tidt:d—x.Suyra F(x):ftdt:%—&-C:
x

2 2
Vi F(ez):4<:>lnT(€)+C:4<:)C:2.ChonB.

Cau 40. DBat ¢ = sinx = df = cos xdx . Suy ra I:fe’dt:e'JrC:esm" +C.
Vi F(r)=5&e""+C=51+C=5<C=4.Suyra F(x)=¢"" +4.Chon A.

Cau 41. Dat ¢ =sinx, suy ra dr = cosxdx .

sin’ x

5
Khi d6 I:ft4dt:%+C: +C.ChonD.

sin x . .
dx . Pat t =cosx = dt = —sinxdx .

Cau 42. Xét (I): Ta 6 f tan x dx = f
COSx

Khi d6 f:)r;z dx = _f%: ~In|f|+C = —Incos x|+ C . Do d6 (I) diing.

Xét (II): bat ¢t =3cosx = dt = —3sinxdx = sin xdx = —%dt .

Khi d6 fe3°°” sin x dx = —%fe’dt - —éef 1C= —%e“o“ +C. Do d6 (II) dung.

Xét (II1): Dat r =+/sinx —cosx = 1> =sinx —cosx = 2dt = (cos x +sinx)dx .

2tdt

Khidc’)f ;

:2fdt:2t—|—C = 2/sinx —cosx +C . Do d6 (III) dting.

Chon D.
Cau 43. Chon B.
Cau 44. Chon B.
u=x [du =dx

=

Cau 45. bat
dv=c¢e"dx

v=e
Theo cong thitc tinh nguyén ham tiing phan, ta cd
I:fxe"dx:xe" ffe"dx = xe* ffd(e"):xe" —e*+C.Chon C.

x

=x—1 du=d
Cau 46. Gia str F(x):ff(x)dx:f(xfl)e"dx.Dét {u o ;s[ e
v=e

e“dx =dv
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Theo cong thikc tinh nguyén ham tiing phan ta co:
F(x)=(x—1)¢ —fe"dx:(x—l)e" —e"+C=(x-2)e" +C.
Theo baira, c6 F(0)=1&(0-2)e’ +C=1<C=3.
Vay F(x)=(x—2)e* +3.ChonD.
u=Inx X
47.T = ba
Cau acoF ff dx fxlnxdx at {dv—xdx:> s
Theo cong thirc tinh nguyén ham tiing phan, ta co:
1, 1 1, 1,
F(x)fgx lnx—EfxdxfEx lnxfzx +C.

Theo bai ra, c6: F(1):0@%.1.1n1fi.12 +czo@czi

Vay F(x):%x2 lnx—%xz-i- .Chon D.

In(1
Ciu48.bat nx=r=dt = ax .Suyra I = f n(ln) flntdt
x

dt

=Int |du=— .

Dat {Z I;t =177 Theo cong thirc tinh nguyén ham titng phan, ta co:
V=

v=t

I=rtint— [df =tnt—r+C=Inx.In(Inx)~Inx+C.Chon C.

.Khidé I =¢" sinx—fcosxexdx:e" sinx—J .

R u=sinx du = cos xdx
Cau 49. bat =

dv=e"dx y=r¢"

, . |u=cosx du = —sin xdx
Tinh J:fcos xe*dx . Dat
vy =¢e"dx v=e
Suy ra J:e"cosx—i—fsinxe"dx:e" cosx + 1.
Dodbé I =¢"sinx—J =¢" sinx—(ex cosx+[)<:>2[:e" sinx —e* cosx .
Vay I:%(e" sinx —e* cosx)—i—C . Chon A.

. 2 _
Cau 50. Bién doi lugng gidc sin® x cos” x = s1n42x _1 c;)s X i tinh. Chon C.

Cau 51. Stra lai cho dung la: f fx)dx=— f f(x)dx . Chon D.

b
Cau 52. Cong thttc (2) sai, stra lai cho ding la ff(x)dx = fff(x)dx .
b a

Hai cong thuc (1) va (3) déu dung. Chon B.
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1

1
Cau 53. Ta co fdx =x| =2.Dodé6 A sai.
~1

-1
Theo tinh chat tich phan thi B sai (vi khong c6 tinh chat nay).
Xét cau C. Gia sit F(x) la mot nguyén ham ctia ham s& f(x) trén doan [a;5].

Suyra F'(x)= f(x)>0, Vx €[a;8].

" 0.

a

b
o F/(x)=0,Vx €[a;b], suy ra F(x) la ham hing nén ff(x)dx =F(x)

e F'(x)>0,Vx €[a;b], suy ra F(x) dongbién trén doan [a;6] nén F(b)> F(a).

b

=F(b)—F(a)>0.Do d6 C dung.

a

Do dé jf(x)dx = F(x)

=0 nhung f(x)=0 khong phai la ham s& 1é.

0

Chon f(x)=0 thi dex —C
0

Do @6 D sai. Chon C.
Cau 54. Theo tinh chat tich phan, suy ra A ding. Chon f(x)=x va [a;0]=[-1;2].

:%(4*1)> 0 nhung ham f(x)=x khong thoa

-1

b 2 2
Khi dé ff(x)dx:fxdx:%xz

-1

man khong am trén [— 1;2] . Do @6 B sai.

1
Vi(Z\/lererC): T
Vi+x2 1447
2

X iy A A s ;
Ta cé > la mot nguyén ham ctia x nhung

nén C sai.

X

khong 1a nguyén ham cta vx .
NG g languy

Do d@6 D sai. Chon A.

Cau 55. Ap dung tinh chat F'(x)= ff(t)dr la mot nguyén ham ctia f(x). Chon B.

A . T £ ¥ x5
Cau 56. Ta co F(x):[(tz—i-t)dt:[?—&-?]l =3t %
Xét ham so F(x):x—erx—zfi trén doan [—1;1]
3 2 6 '
Daoham F’ (x)=x’+x; F’(x):()@\x:()_
X =

Suy ra F(fl):%; F(O):f%; F(1)=0.

Do ham s6 lién tuc trén [—1;1] nén 1[1_111¥]1F(x) =F(0)= —%. Chon C.
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Cau 57. Ap dung tinh chat F'( f f(£)dt 1amot nguyén ham cta f(x).

xz_\/g.DodéIdﬁng.Laicé F/(x):0<ﬁ>x2_\/_
x°+1 x"+1

Qua diém x = /3 ta thdy F’/(x) d6i d4u tir am sang duong.

Suyra F/(x)= —0ex=13.

Suy ra ham s6 dat cuec tiéu tai x = 3 . Khi d6, ménh dé Il dang, ménh dé Il sai. Chon C.

1 1
Ciu58.Do x €[0;1]= »* > x° = fxzdx > fx3dx .Do d6 A dung.

Ap dung tinh chat F'( f f(¢)dr 1a mot nguyén ham cua f(x).
1
Suyra F/(x)= . Do d6 B dung.
yra F'(x)=1—— 8

Ménh dé C sai vi tinh chat nay chi ding néu f(x) 1a ham chdn hodc ta c6 thé 14y vi
du cu th& choham f(x)=x va a=2 chang han.

2

1,7 1 i 2
Khi do dx =—x*| ==(4—4)=0 nhung 2 [ xdx = x*| =4.
fzxx i 2( ) g [xx A
Ménh dé D dung theo tinh chét tich phan. Chon C.
Cau 59. Ap dung tinh chat
"Néu f(x) la ham s6 chdn thi ff dx*2ff dx*2ff . Chon B.

Chu 60. Ta c6 ff'(x)dx:f(x)

Theo bai ra ta co
ff dxf17<f>f( ) f(l):l7<i>f(4):17+f(1):17+12:29.Ch(_)nA.
Cau 61. Ta co

jZ 4f(x a’x:2]7519674j‘f(x)dx:Zx5
5 5 5 2

5

+4 [ f(x)dr =2.(2-5)+4.10=34.
2

Chon B.

Cau 62. Ta c6 ff(u)dusz(x)dle va ff(u)du:ff(t)dt:—

1 2

Suy ra ff ff du+ff ff(u)du+jf(u)du:7173:f4.

2

Chon B.
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Cau 63. Ta co ff ]f dx+ff dx+ff
]f dx — ff dx+ff )dx =8-10+7=5. Chen C.

Cau 64. Ta co

HH,.;

[f(x )Jrg(x)]dx:jf(x)derfg(x)dx:3+7:10.Dodc')Adl'mg.

Ta c6 ]f(x)dx:Jf(x)dx+]f(x)dx:fff(x)der]f(x)dx:7(72)+3:5.

1
Do d6 B sai, C dung.
4 4 4
Tacd [|4f(x)—2g(x)|dx=4] f(x)dx—2| g(x)dx=43-2.7=-2.
fois-sc-+f i

Do dé D dang. Chon B.

Cau 65.Tacd 4= 3ff dx+2fg Jdx=1va B= 2ff fg(x)dx:—B.
1
Yy 5
2 2 o —_
Dat ff(x)dx:u va [g(x)dx:v,ta c6 hé phurong trinh {;Zti”:—_ls@ 1/_H7
7
r 5
Vay ff(x)dx:u:—7.ChQnC.
1
Cau 66. Ta co
2 2 2 3
. . A Bx 8B
Asin(nx)+ Bx’ |dx = A | sin(nx)dx + B | x°dx = —=cos(nx) +— =—
Jlasin ()4 2= 4 i)+ e =~ Lo 425 =

2
Theo bai ra ta co ff(x)dx:4<:>8TB:4<:>B:%.ChQnD.
0

Cau 67.Ta cd f'(x)= Ancos(mx). Do f'(1)=2« Arcost =2 < 4 __2

™
Lai co

ff ]Asm 7rx +B =
0

2

g g

™

fécos(wx)Jer
Vi

Theo bai ra ta c6 ff )dx =44 2B=4< B=2.Chon A.

b
Céu 68. Ta c6 [ (2x—6)dv = (x> 6z = (5"~ 6)—(1-6) ="~ 65 +5.
1

b=1
Theo bai ra, c6 b2—6b+5=0<:>[ . Chon D.
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Cau 69. Ta c6 fx+1dx = ]’[Hl]dx = (¥ +1nx|)
X
1 1

=ag+lna—-1=e.
x

1
Véi a=¢ thoaman e+Ine—1=¢. Chon B.

k
Céu 70.Ta c6 [ (k—4x)dy = (kx —22° )| = (K> ~2#°)~ (k—2) = &’ —k+2

1
Theo bai ra, ta c6 —/ez—k+2:6—5k<:>(/e—2)2 =0« k=2.ChonB.
Cau 71. Ta ¢6

x X

f[sinztl]dt—f[ﬂl]dt—lfcos%dt—[lsinm]
0 2 | 2 2 24 4

x

Suy ra f[sinzt%]dtO«bsianO@Zxkﬂ@xk (k€Z).Chon C.

K
0 2

:—lsian
4

0

Cau 72. Ta ¢ f(cosx + sin x ) dx = (sin x — cos x)|g —sina—cosa-+1=+/2sin

0

™
—=|+1
‘ 4]

- . - \/E a:k27r
a——|+1=0<sinja——|=———< 3r
4 4 a=—

Theo bai ra, c6 /2 sin
2 3 + k27

(keZ).

Mat khac, do 0 <a <27 nén a:%r. Chon C.

5
Cau 73.Ta cd fs dx :lln|2x—1| :lln9—lln1:lln9zln3.ChQnC.
12x—1 2 1 2 2 2

2

Ciu 74. Ta c6 fi=1n|x+3| —In5-ln4=In".
L x+3 4

2
1
Suyra a=5b=4 nén a—b=1<2.ChonC.

2
1 2 1
Cau 75. Ta ¢6 —

1

]dx = [In|x3|21n|x|+l]‘2 — L 3ma.
x (1 2

x=3 x
Suy ra a:—%, b=-3 nén a—b>1.ChonC.

Cau 76. Ta co

0 0

2
fp+1+ ZJw=P%+x+2mp—ﬂ

-1 x_

1
:%—21n2:a+bln2:> =5

-1 b:—z

Vay a+b=%—2:—%.ChQnB.

=—-2+4+7In2.

5 C[2x43, 7
Cau 77. Ta co [ﬁdx:[[—2—}—Z_x]dx:(—2x—7ln|2—x|)

1
0
Suyra a=-2,b=7 nén a+b=>5. ChonD.
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2

Cau 78. Ta co I:f

[l

Suy ra a:%, b=-6,c=6 nén a+b+c:§>O.ChQnD.

2 —3x% +2x

dx
x+1

X+

2
dxf[x24x+6
1

wl*w

2
—2x? +6x61n|x+1|] :%—6ln3+61n2.
1

2

2.3 a2 B
Cau79.Taco I= [* 3% +4x 4dx:f[x2—5x+14— 32 |
1 x+2 x+2

1

3 2
[%—%+14x—321n|x+2|]‘

2
1

:56—3—321n4+321n3:%—641112—1-321113-

Suy ra a:%, b=—64, c=32.Chon B.

Cau 80. Goi s(t) la quang dwong di duogc ciia may bay
Ta da biét: v(t) = s'(t). Do d6 s(t) la nguyén ham cua o(t)
Quang duong di duoc tir gidy tht 4 dén giay thi 10 la:

4

2 4
f1,2+t +4 drzf[1,2+r—3+i]d:
J r+3 ) (43

: 4
= [I,Zt +%3t+131n|t+3|”0 =0,8+13In4—-3In3~11,81m. Chon B.
Cau 81. Goi s(t) la quang duong di dwoc ciia may bay
Ta da biét: v(t)=s'(t). Do d6 s(t) la nguyén ham cua v(t).
Quang duong di duoc tir gidy thit 4 dén giay thi 10 la:

I 10
s(t) = [ (3¢ +5)dt =" +5t)| ” =966 m. Chon D.
4

Cau 82. Lucdung thi v(£)=0= -5 +10=0=r=2.
Goi s(t) 1a quang dudng 6td di dugc trong khoang thoi gian + =2.
Ta co v(t) = s'(t), suy ra s(t) la nguyén ham cta v(t).
Vay trong 2s 6 t6 di dwoc quang duwong la:

2
=10m. Chon C.

0

2
sf(5t+10)dt[%t2 +10¢
0

Cau 83. Ldy mdc thoi gian tai thoi diém t =0 (Van t8c bang 10m/s tang toc)
Goi s(t) la quang duong 6t di dugc trong khoang thoi gian 10s va goi v(t) la van toc

cta Otd
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Ta cd: a(t)=v'(t)= v(t) la nguyén ham cta a(t)
3t

ty= [a(t)dt= | Bt+t*)dt =—+—+C

ot) = [aydt = [ G+t ==+ +

2 t3

Tai thoi diém ban dau: v(0)=10 < C =10 = o(t) = 3%+3+1o

Ta co: v(t) = s'(t) = s(t) la nguyén ham cua U(t)

Vay trong 10(5) 0 to di dugc quang duong la:
T
o(t =
Jooa=J[2

Cau 84. Ta c6 v(t):fv'(t)dt:fﬂ_ildt:3ln|t+1|+C.

2 3

ST
3

3 4 10
T L
2 12

dt = Chon B.
0 ——(m).

Tai thoi diém ban dau (t =0) thi v(0)=3In1+C=6<C=6.
Suy ra v(t) = 31n|t+1|+6 .
Tai thoi diém t =105 = v(10)=3In11+6 ~13(m/s). Chon B.

Céu 85. Ta ¢ N(t)= [N'(t) dt—fﬂdt_sooo In(1+0,5t)+C

Tai thoi diém ban dau (¢ =0) thi N(0)=8000.In1+ C = 250000 < C = 250000 .
Suy ra N (t)=8000.In(1+0,5¢)+ 250000 .
Sau 10 gidy (¢ =10) thita cé N(10)==8000.In(1+0,5.10)+ 250000 = 264.334 (con).

Chon A.
3
(

Céu 86. Ta c6 h(t)= [h'(t) :%f(t+8)%dt:2—0t+8)%+c.

Tai thoi diém ban dau (¢t =0) thi /(0) :% 8 4C=0eC= f%

Suy ra h(t) 230(t+8>§ 71?2

3 %2 12

Tai thoi diém t =6(s) thi k(6) =g14° —— ~2,66 cm . Chon C.

Cau 87. Ijng dung thuec t€ tich phan : Biéu thi su thay doi cia mot su vat tit can a dén can b.
Chon D.
Cau 88. Dat x =4sint, suy ra:

dx = 4 cos tdt x=0=r=0

. béi can:
J16 —x2 :\/16716sin2t:\/lécoszt:4|cost| ’ x:x/gét:%
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ks ™ ™

4 4 4
Khi @6 I:fl6|<:osz‘|costc17t:flécos2 tdt:8f(1+c052t)dt. Chon B.
0 0 0

dx = 2 costdt

Cau 89. Dat x = 2sin¢, suy ra .
" y 1\/4—352:\/4—4sin2t:2\/coszt:2|cost|

x=0=t=0 5 5 5
D6i can: - Vay I = f 2cos tdt f 2 cos tdt = f dt. Chon A.
x=1=t= b 2cost 0 2|cost| b

Cau 90. bat x:x/gtant, suy ra dx :\/§(I+tan2 t)dt.

x:\/g:”:4 1+tan t %
Déi can: .Khidé I = f— f t. Chon D.
T 3tan’t 43
x=3=t=— il s
3 4 4

R o 1
Cau 91. Dat x =——, suy ra
sin¢

cost
dx =

dt _ _r
Sint x—1:>t—

T feost| . D6 can: 2 Knido:
/— /cos T
x° = X = \/E = =—
sin® t sin’ ¢ |smt| 4
i cost| |cost| B i
4 |sint t z
]:_f |51n | cos? dr= f |sm | COSt fcos tdt = lf 1+c052t dt. Chon C.
a “sin’ ¢ “sin’ t 2
2 sin’t i sin® ¢

C4u92. Chon A. Diat t =1—x = dt = —dx . Dbi can {

0

Suy ra Jf(x)dx:—Loff(l—t)dt:—ff(l—x)dx:Jf(l—x)dx.

Vay ménh dé A dung.

N o o o |x=0=1r=0
Cau 93. bat x = 2¢ = dx = 2dr . DB6i can .
x=4=t=2

4 2 2
Khido [ f(x)dx =10 tré thanh 2 [ f(2t)dr =10« [ f(2r)dr=5. Chon A.
0 0 0

—a=t=
Cﬁu 94. Dét l’:f(x)jdt:f‘l(x)dx{)gl Cén [x a f(a)

x=b=t=f(b)
5)
Khido [ f'(x)e’dx= [e'dr=e'" —¢') =0 (do f(a)= f(b)). Chon A.
a f(a)
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ks

2
Cau 95. XétI. Tacd | sin2x. f (sinx)dx = 2f sinx. f (sinx).cos xdx .
0

o%mb\

x=0=r=0
Dét ¢t =sinx = dt = cosxdx . D6i cdn T .
x:E:H‘:l

T

2 1 1

Khi d6 2 ['sinx.f (sinx).cos xdx =2 [1.f (¢)dr =2 [ x.f (x)dx. Do do1diing,
0 0 0

XétII. Dat r = ¢* va két luan II dung.

XétITL Dt £ = x* va két luan TIT dting. Chon D.

Chu 96. Ta c6 ]f(x)dxsz(x)dx—i—]f(x)dx.

X=—a=t=a

0
Xét tich pha dx.Dét r=—x = dx=—dt . Dbi ca
ét tich phan ff(x) x. D3 x = dx di can {x—0:>t—0

Do f(x) laham s&1é valién tuc trén [—a;a] nén f(—x)=—f(x)= f(—t)=—f(¢).
Khi d6

0 0 a a

jf(x)dx]f(r)dtf[f(r)]dtff(t)dtff(r)dtff(x)dx.

a

Vay jf(x)dx:]f(x)dx+jf(x)dx:fff(x)dx+jf(x)dx:0 . Chon B.

0

Cau 97. Ap dung dép an cau 7 ta cé:
Néu f(x) lé valién tyc trén [—g;a] thi ff(x)a’x =0.Thay a=2 ta dugc

2

ff(x)dx = O:jf(x)dx+]f(x)dx é]\f(x)dx = ioff(x)dx =—2.Chon B.

Cau 98. Ta co ff(x)dx:ff(x)derff(x)dx

x=0=r=0

Dét t = —x = dx = —dr . D6i can
{x:1:>t:—l
Do f(x) laham sd chdnnén f(—x)= f(x)= f(—t)= f(¢).

0

Suy ra ]f(x)dxz—]lf(—r)dr:—jf(r)dr:]‘f(r)dr:ff(x)dx

Vay ff(x)dx:ff(x)dx+ff(x)dx:2ff(x)dx:2.3:6.ChQnC.
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Cau99. Dt r =x’ +1 =" =x>+1, suy ra 2tdt = 3x’dx =>§tdt = x2dx .

_0:>t_1
Péi can: {x :—ftdt 2t —2 Chon C.
x=2=1r=3 9
x:1:>u:0

Cau 100. Pat u = x> —1= du = 2xdx . Ddi can: )
x=2=u=3

2 3
Suyra [ = f2x\/x2 —1dx = f\/;du . Do d6 B sai. Chon B.
1 0

x=0=r=1

Cau101. Pat r =1+ x = =14 x = 2tdr = dx . D6i can
x=3=t=2

2
(1 1) :fzf —2t)dt. Vay f(t)=2¢ —2¢.Chon A.
1

3 2
X
Suyra {mdx:2[ p
Tacd I = f 1+x jx +1
1

Cau 102.
2\/l—i—x
Détt— x 1 2
1 1
= +—2:>x2:2—:>x2+1: zt
X t°—1 " —1
x:1:>t=\/5 %
t2
D6i can: 2 .Suyra l=— | ——dr.Chon A.
x:«/§:>t=T y “\//;tz—l
2 2
x“dx
Cau103.Tacod I = .
1+x ‘[x3\/1+x3
3 2
t2:1 3 X :t _1 = e
Dit r=+1+%* = T =1, 2 . Dadican: ¥=l=1 \/E
2tdt = 3x°dx xdeEtdt x=2=>t=3
3 3
Suyra[-zf i :—f[———] PALEN LT R SRR PR
39 (1) t+1 3 e+, 3l 2 24

- —gan—%In(3—2\/§) = —Ean—EIn(ﬁ—l)z = —%mz—%ln(ﬁ—l)

Vay a:—%;b:—g;c:O.Ch(_)nB.

Cau 104. Bat r=x* +1, suy ra dt = 2xdx = xdx :%

=0=r=1 g
Péi can: * Khi dé I_l £:lln|t|
2 2

:%InZ = In+/2. Chon C.

x=1=r=2 4
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, =0=r=0
Cau 105. Dt x* = ¢ = 4x’dx = dr . D&i can |~
x=1=¢t=1
1

ro4x’ rodr 1
Suyra | ———dx= — [_ ]
[(x4+22 ‘[(f+2)2 t+2)

1
23.m— f 4x° dx—O@me—g:0<:>m:\3/2:>144m2—1:—§.Ch(_)nA.
0

. . dx .. x=1=t=0
Cau 106. Dat t =Inx, suy ra dfr =—. Ddi can: .
X x=2=t=1In2

In2 2 n2 2
Khi d6 B = ftdt = In 2.Ch()n B.
0
1
R . du=—dx _ . . |x=1=u=0
Cau 107.bat u=Inx = x . DOi can: .
— x=e=>u=1

lnx rl—u 1
S —du= | (1—u)e “du.Chon B.
uyraf L[ i f( u)e “du.Chon

0

Cau 108. Dat r =+1+3Inx = > =1+3Inx, suy ra 2tdt:édx.
x
=1=r=1 : 2
¥ . Suy ra I:gftzcit:%t3 _14 Chon A.
x=e=>t=2 34 9 9
dx

di
Cau 109. bat t =Inx+2, suy ra x
Inx=¢tr-2

Inx ) ] [1 2]
Khidé | ——— dx = dt = [ |-—=|dr. ChonD.
‘[x(lnx—i—Z) ‘[tz L[t £

D6icén:{
1
x=1=t=2

. Dai can: .
x=e=>1t=3

Cau 110. Dat t =In*x +1, suy ra dt:mﬂdxﬁm—xdx:%.})é’i can:
x x
b=0.Chon A.

=l=t= 2
i Khi d6 I—— ﬂzl1n|t| :lInZ . Suy ra a:l,
29t 2 12 2

x=e=>t=2 1

Cau 111. Dat + = x°, suy ra dt = 2xdx = xdx = %df.

! 1

0

PSican: x=0=7r=0; x=1=¢=1.Khidé I:lfedr Lo
2 2

0

Cau112.Dat t=+e* —1=1> =¢* —1, suy ra 2tdt = e*dx .

=0=r=0 s
* Khi dé I = thdt 2
x=In2=r=1

= % Chon B.
3

0

D6i can: {
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o . oA x=0=r=1
Cau 113. Dat ¢t = ¢, suy ra dt = e*dx . DOi can: .
x=In3=¢r=3
In3 n3 3
e“dx dt 1 1
Suy ra ~———|dr. Chon D.
Y f ‘[ e+1 fW*U [L1+J i
1
R . o A |x=—1l=t=—
Cau 114. Dat ¢t = ¢ = dr = ¢"dx . D01 can: e.
x=2=t=¢
& & 2 3
Suy ra I:fi:1n|2+t| . zln(2+ez)—ln[2+1]zln2+e :ln2€+e .
2+t ; e 2+1 2e+1
e e

Vay a=2;b=1.Chon C.
Cau 115. Dat ¢ =sinx, suy ra dt = cos xdx .

x=0=r=0 1 .
Déi can: x Khidé I= f ¢'dt=¢'| =e—1. ChonB.
x=—=t=1 0 0
2
Cau 116. Dat ¢ = sin® x = dr = 2sin x cos xdx .
x=0=r=0 1 1
Dai can P .Suy ra I:—fe (1—¢)dr . Chon A.
x:5:>t:1 2 0
Cau 117. Dat ¢ =sin’ x, suy ra df = 2sin x cos xdx = sin 2xdx .
T 1
X=—=t=— .
DGi can: 4 % Khi d6 I= [¢‘dr. Chon B.
x="or=1 1
2 2
Cau 118. Dit t = cosx = dr = —sinxdx .
. =0=t=1 - 1 41
DGi can: | . Khi d6 I:fffdt:fﬁdt:t— —0.Chon C.
x=m=t=-—1 1 J -1
Cau119.Dat r=1+sin’ x, suy ra dt = 2sin x cos xdx = sin 2xdx .
x=0=r=1 2 [‘4 2 15
Déi can: . . Khi d6 szﬁdrz— — -2, ChonB.
x:E:>t:2 1 1 4

Cau 120. Pat u =+/3tanx+1 = u*> =3tanx +1= 2udu = dx . D6i cin

COS X
2 (2 2_2 2
. Vay I—%fydu—éf(uzl)du.ChonC.

1 1

x=0=u=1
x:£:>u:2
4
x=0=r=1

Ciu 121. Dat ¢t = cosx = dt = —sin xdx . Doi can: T .
X :5:> r=0
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0 0 (1_t)n+l 0

1

S I=—|(1-t)dt= | (1-t)d(1—-¢t)= = . Chon A.
ayra 1= [0 dr= f1-of 1= =0 = chn
x=0=r=0
CAu 122. Dat ¢ = sinx = dt = cos xdx . D61 can T 1.

X=—=t=—
6 2

n+l
1 1 [1]
2 n+l |3
Suy ra I:ft”dr: ! | 2 __ ! +1:i@n:&ChonA.
) n+l,  n+l  (n+1)2"" 64

dt

=Int duy = — 2 2 2 2
Cau123.Pat |“ " YT Knido I=rine| ~ [dr=rine| ~o| =2n2-1.
dv=dt — 1 1 1 1
Chon D.
u=Inx du:d—x
Cau 124. bat dx =
V—7 p—_ =
Khi d6 I[In_x + d_a;iiln_ail :fln—aflJrl.Suyra a=2.Chon A.
x ), dox a x| a a
. . u:ln(xz—x) duzzf_ldx: 2x—1 dx
Cau 125. bat = X’ —x x(x—=1) .
dv=dx
v=2x
Khi d6 7 = xIn(x* - )\3—]2"*%{ = xIn(x* - )3—]’ RN
idé I=xIn(x x22x— x=xIn(x x22 Ex
3 3
:xln<x2—x) —<2x+ln|x—l|) =3In3-2. Suyra a=3, b=2.Chon C.
2 2
dx
u=Inx du:7 Plnx|® 1 & x| et +1
Cau 126. Dit .Khidé I = f—fx:—f— = .
dv = xdx V_xz . 21 2 4\ 4
2
Chon C.
du:ldx
R _ |lu=Inx X
Cau 127. Dat{ ., = .
y = x dx x
P =—
4
e 4 ¢ e 4 4 ¢ 4 4 4
Khi &6 I:fx31nxdx:x Inx —lfx3dx—e——x— :e__[e__iJZSe +1
/ . ad 4 16, 4 (16 16) 16

Suyra a=4, b=16.Chon A.
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2x

du=—"—dx
u=In(2+x* 2
Cau 128. Dit ( ):» 2t .
dv:xdx X 2—|—x
y=—"o+41=
2 2
2 1 1 201
Khi do I:2+x In<2+x2) ffxdx:iln3—ln2—x— :Eln3—ln2—l.
o 2 2 o 2

Suy ra azé, b=-1, c:—l. Chon A.
2 2
e k e e e
Cau129.Tacd I = [In—dx= | (Ink—Inx)dx =Ink | dx— | Inxdx.
Juie=] o]

"= (e—1)Ink.

1

OAzlnkfdx:Ink.x
1

y u=Inx du—d—x
oB_flnxdx.Dét{d iy =17 x.
4 v =dx v x

e
—X
1

' —1.Dod6 I=A—B=(e—1)lnk—1.

1

Suyra B=xInx

: de =xlnx

Theo gia thiét, taco [ <e—2
& (e—1)lnk—-1<e-2&(e—1)lnk<e—1<Ink<l< k<e.ChonB.

du=dx
u=x
Cau 130. Dt =1 o
dv=2"dx v=
In2
x |1 1 x |1 x 1 _
Knido 1=22| ~ 1 (g2 2 |' 2271 o,
In2}o In24 In2|o0 In“2}o In* 2
. u=2x+3 |du=2dx L
Cau 131. bit = . Khi do
dv=¢e"dx v=e"
1
I:(2x+3)e";—fZe"dxz(Zx—I—E})e";—Ze";:3e—1. Suyra a=3, b=—1.ChonD.
0

du=dx

u=x-1 .
1 ,, - Ap dung cong thtic tinh tich phéan ting phan, ta cé
—e

2

Cau 132. Dat =
erdx =dv Y=

a a Va
l_ ezxdxzhezﬁ _A'_l_[lezx
2 2 2 12

0 0

Ja 1
x—1)e¥dx = |22 ¢

[(x-1)

0 2

_[%ezﬁ _%] :be2\/; _lezﬁ _l_é

2 4 4

0

\/;_162«/2+l
2 2
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Theo bai ra, ta co

J— 72 J—
ﬁez‘g—lejﬁ 223 ¢ ©£€zﬁ 12[ 4—0<:>a—1 Chon A.

+
2 4 4 4 2 4
. du=dx
Cau133.bat | = .
? {dvstxdx vZ_cost
2
s i s ™
Khi d6 J:J‘COSZ’“ Z+lfcos2xa'x:J‘C‘)SZ" e sn2vie 1 cponc
o 24 2 0 4 |0 4
p = du=d
Cau134. Tinh 4= f x sin xdx . Dat “ x. He .
b dv = sin xdx Y= —CoSX

.
™ ry K

? +fcosxdx*smx =1.

Suyra A= [ xsinxdx =(—xcosx)

0

OHNH

0

™ E 2
2 mm
=1+
4
0
2 2

=147’ < mr

2
Do d6 I:A+2mfxdx=1+mx2
0

=7> < m=4.ChonC.

Theobairatacod 1+ mr

2 u=x du=dx
Cau 135. Tinh I:fxcosxdx .Dat = .
b dv = cos xdx y=sinx
Ll 2 i T oo
Khi d6 I = xsinx|? fsmxdx—xsmx 2 ycosx|? ==—1.
0 0 0 0 2

Theo gia thiét, ta cd 1—[%—1] =1 m=2.Suyra 9m* —6=30. Chon B.

m

z 2

Cau 136. Ta ¢6 (fol—sinx)dx:(xz—x+cosx) S SN I T 1 —1.
. 4 2 4 2

o\iw\:l

=4
Suy ra {a . Chon B.

t—1

r+1|

x—1|'

1] 1
n =—
x—i—l” 2

t
Cau137.Tacof =7 [
PEa
0

1
2

x—i—l]

i—1|

1
2. Chon D.
t+1 _5

Theo bai ra ta co: Eln

Cau 138. Chon C.
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™

Céu 139. Xét (I). Ta c6 [ +J = [ " cos” xdx + [ ¢*sin’ xdx .
0 0

™ ™
= fe" (sin2 x + cos? x)dx = fe"dx =¢"
0

0

=¢" —1.Vay (I) sai.

0

Xét (I). Tacé I —J = f " cos’ xdx — [ ¢ sin’ xdx

0

*f "(cos x —sin x)dxffe cos2xdx = K . Vay (II) dung.

0

{u =cos2x {du = —2sin2xdx

dv = y=¢"

Xét (IIT). D

+2fe"sin2xdx:e”—1+2M.

0

Suyra K = (e" cos 2x>

, o . |w,=sin2x |du, =2cos2x
Tinh M = fe" sin2xdx . Ta dat =
0

dv, =e"dx v =e

Suyra M = (e" sin Zx)

72fe" cos2x =—-2K.
0

0

1

Khi d6 K:e”—1+2(—2K)<:>5K:e”—l<:>KzeT_.Véy (Ill) dng. Chon D.

1

1 roe 1+e”
Cau140.Tacod [, +1, = | ——dx+ —dx = dx= | de=1.Chon B.
[1+e flJre «[lJr f

Cau 141. Chon B.
Cau 142. Theo hinh v§, ta cé

-2

S]|f(x)|dx = jf(x)dx+]f(x)dx = ff(x)der]f(x)dx. Chon C.

0

Cau 143. Xét phuwong trinh hoanh d6 giao diém

x=0
x3+2x:3x2(:)x(x2—3x+2)=0<:> x=1.
x=2

Dién tich hinh phang can tinh la
S= f|x +2x —3x? |dx —f(x —-3x° —|—2x dx+f —x’ —2x+3x° )d
2

(x3 —3x° —|—2x dx — f x° —3x° +2x)dx. Chon B.

1

I
o

Ciu 144. Xét phuong trinh x* +2=3x < (x —1)(x —2)=0 & {x B
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2
Dién tich hinh phang can tinh 1a S = f|x2 +2- 3x|dx
1

2 3 2
X 3x2 2 5 1
= +3 2d = —-2x|| =—=—|—— =—,
[ —x*4+3x—2)dx = [ 3 5 1 3 [ ]

Ciau 145. Phuong trinh hoanh d6 giao diém:

P¥Pox=x—xteoxrX+x -2x=0&|x=1

Dién tich hinh phang can tinh 1a

S= f|x +x? 2x|dx—f|x +x? 2x|dx+f|x +x% —2x\dx

0 1
24 x - dx x° +x dx

e

4 3 0 4 3 1

T A I A —§+i:£ Chon A.
4 3 , 4 3 o 3 12 12

Cau 146. Xét phuong trinh —x* +3x* —2=0 & x:ii\/g
X =

Dién tich hinh phang can tinh 1a

S :]|—Jc3 + 3x2 —2|dx :]‘<x3 — 347 +2)dx—|—j(—x3 + 342 —Z)dx =—+4
0 1

0

N | D

NN
NS

Chon B.
Cau 147. Xét phuong trinh x* —2x> +1=0 < (xz —1)2 =0 x==1.
Dién tich hinh phang can tinh la
1 1 5 3 1
[t — 247 =[xt —2x? S ES _8 816
S—£|x —2x —|—1|dx—fl<x —2x —|—1)dx—[ - +x]‘_1—15— s =15 (v,
Chon B.

x=0
Cau 148. Phuong trinh hoanh d6 giao diém: xy1+x” =0 <

<~
I+x* =0

1 1
= [|x1+ x? dx:fx 1+ x%dx.
0 0

242 -1
3

Bang cach ddi bién ¢ =+/1+x”, ta tinh dugc S = (dvdt). Chon B.

x=0

X {.X'ZO
=4 .
x=4

Céu 149. Phuong trinh hoanh d6 giao diém la Jx = ) &

4x = x*
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Dién tich hinh phang can tinh 1a

s= [V= x—— j x——]dx—

0
Cau 150. Dién tich hinh phang can tinh la

4
2\/7 x*

= 4 Chon D.
3 4
0

3

‘ 2 )
S:f 2f [ ] =—-=—(-2)=—.ChonB
0( x+l x+1 0 5
x>0
Cau 151. Xét phuong trinh xlInx=0<{jx =0 x=1.
x=1

Dién tich hinh phang can tinh 1a § = f |x In x| dx = f xIn xdx .
1

1

dx
du=—
., |u=Inx x A T A s . .
Dat = . Ap dung cong thttc tinh tich phan titng phan, ta co
dv = xdx i
2
2 ¢ e 2 e 2 2 2
S=|ZInx —lfxdx:e——lx2 S LS Y P (dvdt). Chon A.
2 . 24 2 4 | 2 (4 4
Cau 152.

Tathdy voi x>0=¢"+x>e"+0=1.
1

Suyra § :](ex —|—x>dx =
0

e”+x—2
2

1 1
=¢+——1=¢——=.ChonB.
2 2 )

Cau 153. Phuong trinh hoanh d¢ giao diémla e* +x=x+1<¢"* =1 x=0.

e* 71|dx

5 In5
= (ex+x>f(x+1)‘dx:
0

In5

:f e —1 e —x)rn =4—1In5 (dvdt). Chon D.
0

Cau 154. Xét phuwong trinh (l +e* )x =(e+l)x & x(e" - e) =0 {x -

Dién tich hinh phéng can tinh 1a § = f‘x (e" — e)‘ dx = Jx(e —e )dx
0

0

u=x {dudx
=

v=ex—e"
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Suy ra sz[x(ex_ex)];_](ex_ex)dx:[_ﬁw]

e e—2
=——+4e—1=—— (dvdt).
2—|—e 3 (dvdt)

Chon C.
In8 In8
Cau 155. Dién tich hinh phang can tim la S = f Ve~ Jrl‘dx = f e’ +1dx .
In3 In3

Dit r=+e*+1=1¢ =¢" +1,suyra 2tdt =e'dx & dx = 22t

dt .
1

x=In3=¢r=2
x=In8=r=3"

Khido § — le f[

2

Péi can: {

2 l]dr:[Zt—i-ln

—1|\3
2P — 24103 (@vdt). Chon B.
t+1)))12 2

Cau156. Tacd y'=2x—2.
Tiép tuyén A cta (P) tai di€ém M (3;5) c6 hé s6 goc k= y'(3)=4.
Suy ra phuong trinh tiép tuyén A 1a y=4(x—3)+5< y=4x—7.
Xét phuong trinh x* —2x +2=4x—7 & (x—3) =0& x=3.

3

, T ~3)
Vay dién tich hinh phang can tinh 1a S = f (x—3) dx = G 3 ) =9 (dvdt). Chon C.
0

0

Cau 157. V6i x = 3, thay vao ham s6 ta duwgc y =5.
Tacd y'=2x—2, suy ra hé s6 goc cta ti€p tuyén k= y'(3)=4.
Phuong trinh tiép tuyén y =4(x—3)+5 hay y =4x—7.
Phuong trinh hoanh d6 giao diém cta d6 thi va tiép tuyén
¥’ —2x+2=4x-T e x*—6x+9=0s x=3.

3
Dién tich hinh phang can tim 1a § = f‘(xz —2x+ 2) —(4x— 7)‘ dx
0

3 3 3 3
= [|x*—6x+9|dx= | (x* —6x+9)dx = x—73x2+9x =9. Chon A.

n = [ )

5 3

0 0

1
4—y

Cau 158. Tk y = 4— L éx—g(y)::t

Dién tich hinh phang can tinh 1a § = f f T dy . Chon C.
-y

y|
Cau 159. Xét phuwong trinh y* =12-2y* &y’ =4 & y=42.

2
Dién tich hinh phang can tinh 1a § = f |3 y - 12| dy
%2

206



_ j(fg,yz +12)dy =(—»° +12y)‘: —16—(—16) =32 (dvdt). Chon B.

i)

x*—2x

Cau 160. Ta c6 do thi (C): y = : =x—1— c6 duong tiém can xiénla y =x —1
x— x—
2x? —2x 2 -1
Dién tich cta hinh phang can tinh1a S = | |=—==—(x —1)|dx = [ |——|d
ién tich ctia hinh phang can tinh la [‘ o (x—1)dx «[x—l x
2a
:f 1 dx:‘(ln|x 2a):1n2a—1 doa>1
) x—1 @ -1
Theo bai ra ta ¢ 1n2a711:1n3@2a71:3@a:2.ChQnB.
a— a-—
Cau 161. Chon A. Cau 162. Chon B. Cau 163. Chon C.
1
Cau 164. Ta co V:wf dx—47rf X 72x+1) e**dx = 4l
0
L |lu=x"—2x+1 du=2x-2 2 r o2
bat = P =1= (x —2x—|—1 f dx =———1
dv=e"dv V= 0
2
du, = dx
u =x—1 1 2x |1 1 2x |1 2
Y R [ PSR St L B
dvy=e"dx |y, = 2|, 2+ 2 4|, 4 4

2

2
Do vay I, :% suyra V = (ez —5)7r. Chon D.
Cau 165. Dién tich ctia hinh chi nhat ¢é hai kich thwdc x va 249 — x? bz\?mg: 2x+/9 — x?
3
Do vay thé tich cud vat thé da cho bang ¥ = fo\/9 —x"dx
0

x=0=1r=3

3t VI —x? =tr=x2=9—+¢* = xdx = —tdt . D&i can
x=3=1t=0

0

0
Suyra V =—2 f Pdt = [—%f] —18 (dvtt). Chon B.
3

3

Cau 166. Ta c6 dién tich thiét dién 1a S (x)= (I x ) zzwx :

167

2
5
g =" (dvtt). Chon C.

2
Thé tich can tim 1a szlwx“dx:[—ﬂ'.—
» 275,

Cau 167. Ti€p tuyén v6i do thi y = x* +1 tai diém (1;2) ¢6 phuong trinhla y =2x .
Thé tich cua khoi tron xoay tao thanh khi quay hinh phzfmg C quanh truc Ox béng:

1 1
VOx:TFf( 8w
0

5 3
[x__ZiH] _ 8T ute),
5
0
Chon C.

T ]‘(x4 —2x* +1>dx

0

x° —|—1)2 —4x*dx =

=T

3
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=0
Cau 168. Xét phuong trinh 2x — x> =0 < ¥
x

Hinh phing D giéi han boi (P) va truc Ox quay quanh Ox tao nén khéi tron xoay c6
thé tich la:

2 2

2 5
2 4 x 16m
vV, = 2x —x") dx = Ay’ —4x’ + x*)dx = 7| = x° —x* + || =—— (dvtt).
Ox ﬂ—‘[( ) W[( ) T 3 5 . 15 ( )
Chon A.
Cau 169. Xét phuong trinh 2x —x’ =x < x(x —1)=0 < \x B
X =
1
Thé tich khdi tron xoay can tim 1a V,, =7 f (Zx —x° )2 —x*|dx
0
| S| @
=7 f<3x2 —4x° +x4)dx =7|x* —x* +=| |== (dvtt). Chon C.
) 5),| 5
Cau 170. Xét phwong trinh 4 —x* =2+ x> & x = +1.
1
Thé tich can tim la V,, = 7rf (4 —x )2 7(2 +x° )2 dx
-1
! 1
— 1252 ) dx| = _a3)\ |=
—x fl<12 122 )dx| = |m (122 — 4 M =167 (dvtt). Chon D.
A . Lox x=0
Céu 171. Xét phuong trinh ToEE x(x—4)=0%& 4
X =
4 2 2
Thé tich khoi tron xoay can timla 7, =« f | —x*|dx
0
]« || 128«
:ﬂf——xz dx=r|——"=—| |= (dvtt). Chon C.
|16 80 3 15
A \ A e —x20
Cau 172. Phuong trinh hoanh do giao diém la Vi=—xo , ©x=0.
x=x

4
Thé tich khdi tron xoay can timla V,, == f |x2 — x| dx .
0

Xét phuong trinh x* —x =0 < \i :

Dodo V,, = 7rjﬂx2 —x|dx+7r]|x2 —x|dx = WJ(—)CZ +x)dx+w](x2 —x)dx
0 1 0 1

1 x3 xz 4

0”[?7

= % (dvtt). Chon A.

=T

X
__+_
-+

1
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Cau 173. Xét phwong trinh Inx =0 x=1.

_ 2Inx

g M s \ 1 :1 2 d d
Theé tich can tinh la VOx:ﬁfInzxdx.Dét pmmx s
f dv=dx o
v=x
Khi d6 V,,, =7 |xIn’ x| —2 [ Inxdy | = (e—21)
1

a=Inx da:ldx

=
db = dx *

Tinh I_flnxdx.Dét{
1 b=x

Suy ra I:(xlnx)E —fdx:e—(e—l)zl.Véy V, =m(e—2) (dvtt). Chon A.
1

y>0
2

xX=y

Céu174.Tacéy\/;<i>{ vay=—x+2x=2—-y.

y=-

Xét phuwong trinh y2:2—y<:)y2+y—2=0<:>{
y:

Thé tich khéi tron xoay can tinh khi quay quanh truc Oy la:

Vo = f|[57) ~(2-)

1
f(y“ —y’ +4y—4)dy
0

dy

y' 5y ) I
RANEN AR, SV
s T y]

0

327

=T =T

, x=1+41-
Cau 175. Ttr ham sd y:—x2+2x®1—y:(x—1)2<:> 7
x=1—\1-y

Xét phwong trinh 1+,1-y=1—1-y & y=1.

Thé tich khdi tron xoay can tim la

Vo = [T (1T b

0

3

3

1 1
- Wf‘4a/lfy‘dy - 47rf1/lfydy - M‘; :8?” (dvtt). Chon B.
0 0

2
.Do y>0 nén y=1.

=—— (dvtt). Chon C.
15
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