GIGI HAN

GIGI HAN CUA DAY SO

I - GIOI HAN HUU HAN CUA DAY SO

1. Pinh nghia

Pinh nghia 1
Ta néi day s6 u, c6 giéi han1a 0 khi n dan t6i duong vé cuc, néu |u,| c6 thé
nhd hon mot s& duong bé tuy ¥, ké tit mot s6 hang nao dé trd di.
Ki hiéu: lim u, =0 hay u, —0 khi h—+oca

N—+o00
Pinh nghia 2
Ta néi diy s6 Vv, c6 gi6i han 1a a (hay v, dan t6i a) khi n— +4og néu

lim v,—a =0.

N—+00

Ki hiéu: lim v, =a hay v, —a khi n -+

N—-+o00
2. Mot vai gi6éi han dac biét
.1 .1 » R
a) lim ==0; lim — =0 v6i k nguyén duong;
n—-+oo N n—+oo N
b) lim q" =0 néu /<1
nN—-+o00
¢) Néu u, =c (c la hang s6) thi lim u, = lim c=c.
N—+400 nN—-+4o00

Chu y: Tt nay vé sau thay cho lim u, =a ta viét tat1a limu, =a.

N—-+400

II - PINH LY VE GIGI HAN HUU HAN
Pinh i 1
a) Néu limu, =a va limv, =b thi
e lim u, +v, =a+b e limu, —v, =a—b
olimuy, =—ab . |im[“—“]9 (néu b=0).
v.,] b
limu, = i _
O L LN
u, >0,vn a>0

111 - TONG CUA CAP SO NHAN LUI VO HAN

Cép s6 nhan vo han U, c6 cong boi g, véi |q] <1 dugc goi 1a c4p s6 nhan lui vo

han.
2 A ~ A N A
Toéng cua cdp s6 nhan lui vo han:

u
S=u +U,+U;+...+U, =7 1q laj<1.




IV - GIGI HAN VO CUC
1. Pinh nghia

e Ta néi diy s6 u, c6 giéi han la +oo khin— 400, néu u, cé thé 16n hon mot
s6 duong b4t ki, ké tit mét s6 hang nao d6 trd di.
Ki hiéu: limu, =+oc hay u, — +oco khi n—+oa
e Daysd u, c6giéihanla —oo khi n—-+4o0, néu lim —u, =+o0o
Ki hiéu: limu, =—oc0 hay u, — —oc khi n—+4oa
Nhan xét: u, =+oo < lim —u, =—oc
2. Mot vai giéi han dac biét
Ta thita nhan cac két qua sau

a) limn* =400 véi k nguyén duong;
b) limg" = +oco néu q>1.

3.Dinh 1i 2

P < Lo U
a) Néu limu, = a va limv, =4oco thilim—=0 .
v,

n

. . . u
b) Néu limu, =a>0, limv, =0 va v, >0,¥n>0 thi lim— =+oc.
v,

n

¢) Néu limu, =+o0 va limyv, =a>0 thi limu,.v, = +oc.

CAU HOI TRAC NGHIEM
S
Van dé 1. DAY SO DANG PHAN THUC

& >

Cau 1. Két qua cua gidi han lim [Sm il —2] bing:
5
A, -2 B. 3. C.0. D. —.
3
n— 2\/n_kcosE 1
Cau 2. C6 bao nhiéu s8 tu nhién chdn k @& lim T“ =
A. 0. B. 1. C. 4. D. Vo6 s6
Céu 3. Két qua clia gigi han lim SomN 4008 4y .
n+1
A. 1. B. 0. C. 2. D.3
Cau 4. Két qua cta giéi han |im[5— nCZOS2n] béng:
n°+1
A. 4. B. % C.5. D. 4



Cau 5. Két qua cua giéi han lim [n2 sin n?7(—2n3] la:

A, —. B. -2 C.o. D. +oa
CAu 6. Gia tri cta giéi han lim |4 +— ] bing:
n+1
A. 1. B. 3. C. 4. D. 2.
) = . .
Cau 7. Cho hai ddy s6 U, vi V, c6 U, =——— vi v, =+ Khidé lim u, v,
n°-+1 n°+2
c6 gia tri bang:
A. 3. B. 0. C. 2. D. 1.
CAu 8. Gia tri cua giéi han lim 2_—3 la:
4n° —-2n+1
. —%. B. —. C.0. D. —1.
2
Cau 9. Gid trj cha gidi han lim 12" ping:
n°+3n-1
A. 2. B. 1. C. % D.0
3
Cau 10. Gié trj cda gi6i han lim o 2" t1 3.
an® +2n+1
2 3
A. 4o B. 0. C. = D. —
7 4
Cau 11. Gia tri ctia gi¢i han lim ”‘{Tl bing:
n
3
A, —. B. 2. C.1. D. 0.
2
" Coge N , 1 N 2 A
Cau 12. Cho haiday sé6 u, va v, cé6 u,=—— va v, =——. Khidé lim—= c6 gia
n+1 n+2 u,
tri bang:
A. 1. B. 2. C.0. D. 3.

A ~ ~ 4t n+4 . N ~ R 1 ~
Cau 13. Cho day s6 u, véi u, = g +3 trong d6 a la tham so6 thuc. Dé day s6 u,
n

c6 gi6i han bang 2, gia tri ciia a la:
A. a=10. B. a=8. C. a=6. D. a=4.

Cau 14. Cho day s6 u, véi u, = 2n +: trong @6 b 1a tham sd thuc. Pé day s6 u,

¢6 giéi han hitu han, gia tri cta b 1a:

A. b 12 mot s6 thuc tuy y. B. b=2.
C. khong ton tai b. D. b=5.
2
Cau 15. Tinh gi6i han L — lim 2"
2n° +1
3 1



4n® +n+42

Cau 16. Cho day s6 u, véi u, = . D& day s6 da cho c6 giéi han bang 2,

an® +5
gia tri cia a la:
A a=-4. B. a=4. C.a=3. D. a=2.
n o . on*=3n’
Cau 17. Tinh giéi han L =lim —4/——8——.
2n® +5n-2
A. L:—i B.L:l. C.L:l. D. L=0.
2 5 2

5n? —3an*
Z >
l-an"+2n+1

Cau 18. Tim tAt ca cac gia tri ctia tham s6 a dé L = lim

A. a<0;a>1. B. 0<a<l C.a<0;a>1. D. 0<a<l.
o ~2n—-n® 3n*+1
Cau 19. Tinh gi6i han L =lim
2n—1 n*-7
A L:—g. B. L1 C.L=3 D. L= +4oc

n“+2n 2n*+1 4n+5
n*-3n—-1 3n*-7

Cau 20. Tinh giéi han L =Ilim

A. L=o. B.L=1 C. L:%. D. L=t
3
Céu 21. Tinh gi6i han L — lim L0+
¥n+8
1 1
A. L==. B. L=1. C.L==. D. L=+
2 8
o o o o . .n®-2n .
Cau 22. Két qua cua giéi han lim 13 la:
1 2
A ——. B. +oa C. —x. D. —.
3 3
3
Cau 23. K&t qua cua gi6i han lim 2;1;%
4n° +2n+1
3 5
A, —. B. 4+ C.0 D. —.
4 7
n o o o . . 3n—n* |
Cau 24. Két qua cua giéi han lim an_© la:
3
A. 0. B. +oa C. —oo. D. 7
Cau 25. Trong cac giéi han sau day, giéi han nao bang 0?
3 2 3 2 4
Alim32 g im 23 o im 23 pgim 23
2n° -1 —2n° -4 —-2n“ -1 —2n" +n
Cau 26. Day sb nao sau day cé giéi han bang —% ?
2 4 3 2 3 2
B.u " —2n —n"4+2n° -1 n°—3n D. —Nn°+2n-5

= — U= L. U =—. Uy =————.
" 3n?+5 " 3n®4+2n® -1 " on®+4+n®-1 " 3n*+4n-2

Cau 27. Day s6 nao sau day c6 giéi han 1a +00?



1+n® B. U n—2 n®—2n 1+2n

A . u = . =—_—— N — *En g2t
5n+5 5n+45n 5n+5n 5n+5n

n

n

Cau 28. Day sb nao sau day c6 giéi han 1a —oc?

3 2 4 2
. 1+2n21 B. un:n +2n—31. C Un:?_rl —3n3. D. un:n —2n.
5n+5n —Nn-+2n n°+2n 5n+1
Cau 29. Tinh giéi han L =lim 3n” +5n—3 .

A. L=3. B. L=—cx C. L=5. D. L=+
Cau 30. C6 bao nhiéu gia tri nguyén cta tham s6 a thudc khoang —10;10 dé
L=Ilim5n-3a—-2n® =—cc.

A. 19. B. 3. C.5. D. 10.

CAu 31. Tinh giéi han lim 3n* +4n> —n+1.

A. L=7. B.L=—0c C.L=3 D. L=+
Cau 32. Cho day s6 u, véi u, =~2+ 2 ’ ror 2" Ménh dé nao sau day dung ?

A. limu, = —cc. B. limu, :i.

1-\2
C. limu, = +oc. D. Khong ton tai limu,.
1 3 n
E+1+§+...+§ R
Cau 33. Gia tri cua giéi han lim o1 béng:
AL B. 1L c.t p. 1.
8 2 4
" c e e . . 1 2 n-1) ..
Cau 34. Gia tri cua giéi han lim| = +— +...+——| bang:
n n n
A.0. B. L. c.t D. 1.
3 2
1+3+5+---+ 2n+1 N
Cau 35. Gia tri ctia giéi han lim ot +2 et bang:
3n° +4
A. 0. B. E C. g D. 1.
3 3
CAau 36. Gia tri ciia giéi han lim i—ﬁ—i-i— + 1 la:
) Heua gIe e 12 23 7 nn+4l )
A. % B. 1. C.o0. D. —c<.
Cau 37. Gi4 tri cua gidi han lim i—f—i—k +; bang:
) Heua gIeL e 1.3 35 7 2n—1 2n+1 &
AL B. L. C. 1. D. 2.
2 4
Cau 38. Gi4 tri cua gidi han lim i—f—i—l- + ! ang:
' et gie e 14 25 nnia| &
A. E B. 2. C.1. D. E
18 2



P42 +...4n%

Céu 39. Gia tri cia gidi han lim=————"—— bang:
nn +1
A4 B. 1. c.t p. L.
2 3
1
u, = E
CAu 40. Cho day s6 c6 gidi han u, xac dinh bdi 1 . Tinh limu,.
Uppp = ,n>1
2—u,
A. limu,=-1. B. limu, =0. C. limu, :%. D. limu, =1.
u =2
CAu 41. Cho day s6 c6 giéi han u, xac dinh bdi u, +1 . Tinh limu,.
un+1 = 2 » N =
A. limu, =1. B. limu, =0. C. limu, =2. D. limu, =+o0.
, 2
Cau 42. Két qua cta giéi han lim % bang:
AL B. 3. C. 0. D.3
3 4
_n? N
Cau 43. K&t qua cta giéi han lim —h +on+l bang
\3nt 42
A -2 B. 1. c. B p. -1
3 2 3 2
Céu 44. Két qua ctia gidi han lim Y2053 15
J2n+5
5 5
A, —. B. —. C. 4o D.1
2 7
Cau 45. Két qua cta giéi han lim yn+l-4 bing:
n+1+n
A. 1. B. 0. C. -1 D. %
2
Cau 46. Biét ring lim "Y1 06in™ b Tinh s —&® 417,
Jn?—n-2 4
A. S=1. B. S =8. C.S=0. D.S=-1
Cau 47. Két qua cua giéi han lim 10 la:
n*+n®+1
A. +oa B. 10. C.0. D. —x
CAau 48. Két qua ctia giéi han lim n+1 /# la:
n"+n° -1
A. +oa B. 1. C.0. D. —x



$lan® +5n% —7
J3n? —n+2

Cau 49. Biét rang lim =byB+cC v6i a b, ¢ 1a cac tham s6. Tinh gia tri

ctia biéu thic P = a;; ¢
1 1
A. P=3. B. P==. C.P=2. D. P==.
3 2
Cau 50. Két qua cta giéi han lim /200 —3n° 4+-2n? la:
A. o0 B. 1. C.O0. D. —o0.

==

P~

Van dé 2. DAY SO CHUA CAN THUC
Q/\@

Cau 51. Gia tri caa giéi han lim n+5—+n+1 bang:
A. 0. B. L C. 3. D. 5.
Cau 52. Gia tri cua giéi han lim yn> —n+1—-n la:

)

A. —l. B. 0. C. 1. D. —.

2
Cau 53. Gia tri clia gidi han lim Yn> —1—+3n° +2 1a:

A. 2. B. 0. C. —o0. D. +oa
Cau 54. Gia tri clia gidi han lim n®> +2n —vn*> —2n la:

A. 1. B. 2. C. 4. D. +oa
Cau 55. C6 bao nhiéu gia tri cia a dé lim n? +a’n —\/nz +a+2n+1 =0.

A. 0. B. 2. C. 1. D. 3.
Cau 56. Gia tri ctia gidi han lim «2n*> —n+1-2n° —3n+2 la:

N

A. 0. B. 7 C. — Q. D. —+o.
Cau 57. Gia tri clia gidi han lim n’> +2n—1—+2n* +n la:

A -1 B. 1-2. C. —. D. 4o
Cau 58. C6 bao nhiéu gia tri nguyén caa a théa lim yn* —8n—n+a®> =0.

A. 0. B. 2. C.1. D. V6 sb.
Cau 59. Gia tri cla giéi han lim n>—2n+3—n la:

A, -1 B. 0. C. 1 D. 4+

Cau 60. Cho diy s6 U, v6i u =+n?+an+5—n’+1, trong d6 a 1a tham s6 thuc.
Tim a dé limu, =—1.

A. 3. B. 2. C. -2 D. -3,
Cau 61. Gia tri cha giéi han lim ¥ +1—Yn° +2 bing:



A. 3

Cau 62. Gia tri cua gidi han

B. 2.

A. E B. +oa
3
Cau 63. Gi4 tri cua gidi han
Al B. 2
3 3

Cau 64. Gia tri cua gidi han

A. 1. B. 4o
Cau 65. Gia tri cua gidi han
A. 0. B. L.
2

CAau 66. Gia tri cua gidi han

A. -1 B. 2.

Cau 67. Gia tri cua gidi han
AT B. 3.

Cau 68. Gia tri cua gidi han
A. 1. B. 0.

Cau 69. Gia tri cua gidi han

A. 1 B. 0.

Cau 70. Gia tri cia giéi han

A. 2 B. 0.

C. 0.

lim ¥n?—n®+n 1a:
C. 0.

lim ¥n® —2n% —n bang:
C. 0.

Iim[\/ﬁ M-«/ﬁ] la:
C. 0.

Iim[\/ﬁ «/n+1—\/ﬁ] bang:
c. L.
3
Hm[nxhz+l—dn2—3

C. 4.
Hmbw¢f+n+l—d#+n—6

c.
2
lim 1 la:
Jn? +2 —Jn?* +4
C. —0
2
mndm1—n—4n+21
3n-2
C.3
lim ! 1a
Yn*+1-n
C. —0

==

A »

bang:

} la:

S|

. +o

. +o

. +o

. o

Van dé 3. DAY SO CHUA HAM LUY THUA

Cau 71. Két qua ctia gi6i han lim 2>
342

A. _E_ B.

2

M| on

CAu 72. Két qua cta gidi han lim

A. —15. B. —-10.

=D

n+2

bang:
5 o8
C. L
3I‘| _2l5n+l R
T EE— bén :
2n+1+5n g

C. 10.



n_ n+1 _
Cau 73. Két qua cua giéi han lim 3-42 -3 la:

3.2" +4"
A. 0. B. 1. C. —o0. D. +oa
Cau 74. Két qua cua giéi han lim _ -1 bang:
2" -2.3"+1
A -1 B. L. c.t D. 3.
2 2 2

J5o—2mt4l +2n2+3 a5
52n+ \/§n+1_3 n2—1 b
tri cia biéu thic S =a’ +b? 4-c.

A. S =26. B. S =30. C.S=21. D. S=3L

77” +3n+22n é_

37_(_n _3n +22n+2

Cau 75. Biét rang lim +c véi a b, ceZ Tinh gia

Cau 76. K&t qua cua giéi han lim

A. 1. B. % C. 4o D.

S|

Cau 77. Két qua ctia giéi han lim [3” —\/gnJ la:

A. 3. B. 5. C. —. D. 4o
CAu 78. Két qua cta giéi han lim 32" —-53" la:
A2 B. -1 C. —. p. L
3 3
n_ n+1l o
Cau 79. K&t qua cta giéi han lim 3-4277 -3 la:
3.2n+4"
A. 0. B. 1. C. —x. D. +c
n+1
Cau 80. Két qua cua giéi han lim w la:
3n°—n+2
A. +oa B. g C. E D. —c<.
3 2

L , o o |4TF2M 1
Cau 81. Tim tat ca gia tri nguyén cua a thuoc 0;2018 dé lim ¢/ * — < .
3" 4™ 71024

A. 2007. B. 2008. C. 2017. D. 2016.
e . ([ Jn? 1"
Cau 82. Két qua cua gidi han lim n" +2n + bang:
3n-1 3"
A2 B. 1. c.t. p. -1
3 3 3

J3n + —1"cos3n

Jn -1
A. ﬁ. B. 3. C. 5. D. —1.

2

Cau 83. Két qua cua gi6i han lim bang:




n . . . 5 . 21 1
Cau 84. C6 bao nhiéu gia tri nguyén cua a thudéc 0;20 sao cho lim 34—2“_1_—2—2—n
\/ n

14 mot s6 nguyeén.

A. 1. B. 3. C. 2. D. 4.
Cau 85. Két qua cua giéi han lim+/2.3" —n+2 la:
A. 0. B. 2. C. 3. D. +o

0

=

P SO NHAN LUI VO HAN

S

Van dé 4. TONG CUA C

{2

n A A A ~ A N A > . A~ A A
CAau 86. Tong ctia mot cAp sd nhan lui vé han bang 2, tong cua ba s6 hang dau tién

U R N e 1A a1
cuia c4p s6 nhan biang k S6 hang dau u, cua cdp s6 nhan do6 la:

A.u =3 B. u =4 C. UI:E. D. u, =5.
A , 2 1 1 1
Cau 87. Tinh tong S :9+3+1+§+§+---+3n73 +-
27
A. S :?. B. S =14. C. S=16. D. S=15.
Céu 88. Tinh téng S — V2|14~ + 24l p 1.
2 4 8 2"
A.S=\24+1. B.S=2 C.S=22. D.S:%.
~ , 2 2 4 n
Cau 89. Tinh tong S=1+—+—+--+—+---.
3 9 3"
A. S =3 B. S =4 C.S=5 D.S=6
. VIV 1 11 1" .
Cau 90. Tong cua cap s6 nhan v6 han —,—=,—,..., ——... bang
2 618 2.3"
A3 B. & c.2 D. 3
4 3 3 8
> 1 1 1 1 1 1
Cau9l.Tinh tong S =|=—=|+|=—=|+... +|=—=]|+....
oo T tons [2 3]+[4 9]+ +[2“ 3"]+
Al B. 3 C. E D. l
3 4 2

l+a+a®+..+a"
1+b+b*+...+b"

Cau 92. Gi4 tri cta giéi han lim la] <1|b| <1 bing:

A 0. B. 120 c. 122 D. Khong ton tai.
l-a 1-b
Cau 93. Riit gon S =14c0s” X +¢0s* X 4+-¢08° X +---4c0s*" X +--- v6i COSX = =1.
A. S =sin’x. B. S =cos® x. C.S= L D.S = !

sin?x’ cos? X



Cau 94. Rit gon S =1—sin® x+sin® x —sin® x +---+ —1".sin®" X 4--- véi sinx = +1.

A. S =sin?x. B. S =cos® x. C.S= ;2 D. S =tan®x.
1+sin“ X
Cau 95. Thu gon S =1—tana+tan’a—tan®a+... véi 0 <a<§.
AS——1  Bs—__ % cs__BN ps_fanta
1-tana «/fsin[aJrZ] 1+tan o

Cau 96. Cho m, n 1a céc s6 thuc thuéec —11 va cac biéu thic:
M=14+m+m’4+m’+-..
N=14+n+n?>+n+...
A=1+mn+m’n*+m®n®+.-.
Khéng dinh nao duéi day ding?

A—_MN_ B. A MN
M-+N-1 M+N+1
C. A:i+i_i_ D. A:i+i+i_
M N MN M N MN

Cau 97. S6 thap phan v6 han tuan hoan 0,5111--- dudc biéu dién bdi phan s6 téi gian
%. Tinh téng T —a+b.

A. 17. B. 68. C. 133. D. 137.
Cau 98. S6 thap phan vo han tudn hoan A =0,353535... dudc biéu dién bdi phan sé

t61 gidn % Tinh T = ab.

A. 3456. B. 3465. C. 3645. D. 3546.

Cau 99. S6 thap phan v6 han tuin hoan B =5,231231... dudc biéu dién bdi phan s&
t6i gian % Tinh T —a—b.

A. 1409. B. 1490. C. 1049. D. 1940.
Cau 100. S§ thap phan v6 han tuin hoan 0,17232323... dudc biéu dién bsi phan sd toi

gidn % Khing dinh nao duéi day dang?
A. a—b>2% B. a—b>2" C. a—b>2% D. a—b>2%

O Bai 02

GIGI HAN CUA HAM SO

I - GIGI HAN HU'U HAN CUA HAM SO TAI MOT PIEM

1. Pinh nghia

Pinh nghia 1
Cho khoang K chita diém x, va ham s6 y=f x xé&c dinh trén K hoic trén
K\ X, .



Ta néi ham s6 y=f X c6 giéi han la s6 L khi x dan téi X, néu véi diy s6 X,
bat ki, x, e K\ x, va x, —X,,tacéo f x, —L.

Kihiéu: lim f x =L hay f x — L khi x —X,.

X—Xg

Nhan xét: lim x=X,; limc=c véi ¢ 12 hang s6.
2. Pinh li vé giéi han hitu han
Pinhlil

a)Giast lim f x =L va limg x =M . Khi d6:

o lim[f x +g x |=L+M;

X—Xg

o lim[f x —g x |=L—M;

X—Xg

o lim[f x .gx |=LM;

f x .
o lim :L méu M =0).
xﬂxag X M

b)N&u f x >0 va limf x =L,thi L>0 va lim Jf x =+L.

X—Xg X—Xo
3. Giéi han mot bén
Pinh nghia 2
e Chohamsd y=f x xac dinh trén x,;b .
S6 L dugc goi 1a gi6i han bén phai cia ham s6 y=f X khi x — X, néu véi day
s6 x, batki, x,<x, <bva x, —X,,tacé f x, — L.

Ki hiéu: lim f x =L.

X—Xg
e Chohamsd y=f x xacdinh trén a;x, .
S6 L dudc goi 1a gidi han bén trai cia ham s6 y = f x khi x — X, néu véi day s6
X, batki, a<x, <X, va X, —X,,tacé f x, — L.

Ki hiéu: lim f x =L.

X—Xg

Pinh 1i 2

imf x =Lelimf x =Ilimf x =L.

X—Xg X—Xg X—Xg

II - GIGI HAN HUU HAN CUA HAM SO TAI VO CUC
Pinh nghia 3
a) Choham s6 y=f x xAc dinh trén a;+oo .
Tanéi ham s6 y=f X c6 giéi han 1a s6 L khi X — 400 néu véi diy s6 X, bat
ki, x, >a va X, »+oo,tacéd f x, — L.
Ki hisu: lim f x =L.

X—+00

b) Choham s6 y=f X xac dinh trén —oc;a .



Ta n6i ham s6 y=f x c6 giéi han 1a s6 L khi X — —oo néu véi day s6 X, bat
ki, x, <a va x, - —oo,tacé f x, — L.

Ki hiéu: lim f x =L.

X——00
Cha §:
a) V6i ¢, k 1a hing s6 va k nguyén duong, ta luon cé:
. . . C . C
limc=c;, limc=c Ilim —=0; Ilim —=0.
X—+00 X ——00 X—+o00 ¥ X——00 X

b) Dinh 1i 1 vé giéi han hitu han cta ham s6 khi X — X, vAn con ding khi

X, — +00 hodc X — —oco.

ITI - GIGI HAN VO CUC CUA HAM SO
1. Gi6i han vo cuc
Pinh nghia 4
Chohamsé y=f x xac dinh trén a;+oo .
Ta néi ham s6 y=f X c¢6 gi6i han 1a —oo khi X — 400 néu véi day s6 X, bat

ki, x, >a va x, —» +oo,tacé f x, — —oo.

Ki hiéu: lim f x =—oc
X—400
Nhan xét: lim f X =400 lim —f X =—oc
X—+00 X—+00

2. Mot vai giéi han dac biét
a) lim x* =+0ovéi k nguyén duong.

X—+00
. +o00 néu k chin
b) lim x* = o
X —oo néu k 1¢é

3. Mot vai quy tic vé giéi han vé cuc
a) Quy téc tim giéi han cta tich f x .g x

limf x =L lim g x lim [f x g x |
L>0 +00 +00
— 0 — o0
L<0 +00 —00
—00 +00
. . X
b) Quy tac tim gidi han cua thuong T

. . . fx
limf x =L lim g x D4iucla g X lim
X—Xg X—Xg X—Xg g X
L Tuy y 0
L>0 N o+
— — 00
L<O0 + —00




+o0

CAU HOI TRAC NGHIEM

==

-

(@)

Van dé 1. DAY S

§
@

Cau 1. Gia tri cia giéi han Iirr; X2 +7x+11 1a:
A. 37. B. 38. C. 39.
CAu 2. Gia tri cha gi6i han Iirrj_ x* —4| 1a:
X—+3
A. 0. B. L C.2

A s, . . 1
Cau 3. Gia tri cua gi6i han IIrrg x2sin > la:
X—

A. sin%. B. +x C. —x.
x* —
Cau 4. Gia tri cha giéi han lim — la:
x—=-1x% 42
A. 1. B. -2 C. 2
A e o : x—x° R
Cau 5. Gia tri cua gi6i han lim—-—— la:

x=1 2x 1 x* -3

A. 1. B. -2 C. 0.
. e e . Ix—1 .
Cau 6. Gia tri cua giéi han lim ————— la:
x=-1 X" +x—3
A3 B. 2 c.’
2 3 2
2
Cau 7. Gia tri ctia gi6i han |iml3x;i’x la:
X—— X —
A3 B. L c. 1
2 2 2
9x* —x

CAau 8. Gia tri cua giéi han lim —————
=34 2x -1 x* -3

A.

(SRR

1
B. 5. C. E

2
A e e . . X“—x+1 .
Cau 9. Gia tri cua giéi han I|m32—+ la:
x=2 \ X° +2X

A. B. C.

N -
W~

N

CO GIGI HAN HUU HAN

. 40.

.
N | w

B
(SR



Y3x* —4 —3x—2

Cau 10. Gia tri cua giéi han lim la:
X—2 X +1
A. 3 B. 2 C. 0. D. +oc
2 3

==

V&n dé 2. GIGI HAN MQT BEN

Cau 11. K&t qua cta giéi han

A. —oo. B. 4+
Cau 12. Ké&t qua cua gidi han
A. —oo. B. +x

Cau 13. K&t qua cta gidi han

A. B. 3

— Q.

CAu 14. Két qua cta gi6i han

A. —c. B.

—+o0a

Cau 15. K&t qua cua giéi han

A. -2 B. 2.

CAu16. Chohamsd f x =141—x

A. oo B. 2.
Cau17.Chohamsd f x =
A. +oa B. —-1.
Cau18.Chohamsd f x =
A. 1. B. 0.
Cau19. Chohamsd f x =
A. a=1. B. a=2.

& >

lim 15 la:
x=2" X —2
c. B D. 1.
2
lim YX£2 15,
=2 x—2
15 . L g
C. 5 D. Khéng xac dinh.
3X+6
lim | + |1€1:
X— —2 X+2
C. +oa D. Khong xac dinh.
) [2—x| .
lm e &
x—2 2X° —BX +2
c. L D. L.
3 3
2
lim X 18X +30 4,
el 1f X+3 x*+5
2
C. 0. D. —.
J15
2X ..
voi X <1

. Khidé lim f x la:

x—1

V3x2 41 wvéix>1

C. 4. D. —.
X" +1 vioi X <1
1—x . Khidé Iimf x la:

x—1

«/Zx—z voi X >1

C. 0. D. 1.
2 S x>
XTm3 VOIXZ2 a6 lim fox L
Xx—1 vGix<2 x—2

C. 1 D. Khéng ton tai.
VX=2+43 VOIXZ22 a4 dé tén tai lim f x .
ax —1 voi X <2 x—2

C. a=3. D. a=4.



X2 —2X+3 véix>3

Cau 20. Chohamsd f x =11 v6i X = 3. Khing dinh nao dusi day sai?
3-2x* Vv6i X < 3
A. limf x =6. B. Khong ton tai Iirr31f X .
X—3 X—
C. limf x =6. D. limf x =-15.
x—3 x—3

S

VA&n dé 3. GIGI HAN TAI VO CUC

& >

Cau 21. Gia tri caa giéi han lim x—x®+1 la:

A. 1. B. —. C. 0.
Cau 22. Gi tri chia gidi han lim |x|* +2x* +3[x| la:
A. 0. B. 4+ C. 1.

Cau 23. Gi4 tri cta giéi han lim P14 x 1a
A. 0. B. +x C.\2-1.
Cau 23. Gi4 tri ctia giéi han lim  3/3x® —1++x> +2
X—+00
A. 33 +1. B. 4. C. 331

Cau 25. Gi4 tri ciia gi6i han lim x 4x? +7x +2x la:

X—+00

A. 4 B. —. C. 6.

=

Van dé 4. DANG VO PINH 5

& >

3

Cau 26. Gia tri ctia gidi han lim X — I
X— X R
A. 0. B. +x C. 3.
5
Cau 27. Gid tri ciia gidi han lim "+ 1a:
x=-1 x° 41
A -3 B. 3. c. -2
5 5 3

3
Cau 28. Biét rang |imfm =a\3+b. Tinh a? +b?.

x——&  3—x*

A. 10, B. 25. C.5.
J— 27
Céu 29. Gi4 tri ciia gidi han lim |~ X0 13,
=3 X 43X
Al B. 2. c.2
3 3 3

. o

« —OO.

« —OO.

« —OO.

. +00.

. Khéng xac dinh.

.
w| o

. 13.

.
ol w



" e e . . 3—x N
Cau 30. Gia tri cua gi6i han lim ———— la:

Al B. 0. c.2 p. 2
3 3 5
X% 47 M—Wﬂ
Cau 31. Gi4 tri cha giéi han len?J 2 la:
21 21 21 21
A -Z B. & c. = p. 12T
7
2 J—
Céu 32. Gid tri cita gidi han lim —M la:
x—0' X
A. 0. B. —. C. 1 D. +oa
3 —
Cau 33. Gi4 tri cta giéi han lim 1 la:
1 Yax 14 —2
A. -1 B. 0. C. L D. +oc
— 3 —
Céu 34. Gié tri cita gidi han lim 21X =NB=X 4,
x— X
A2 =3 c. A
6 1 12 12

3
Cau 35. Biét ring b>0,a+b=5 va lim . Khang dinh nao duéi

x—0

3fax +1—\/l—bx _5
X

day sai?
A.l<a<3s. B. b>1. C. a® +b”* >10. D. a—b<0.
==
A A A O
Van dé 5. DANG VO DINH —
o0
&)
2
Cau 36. K&t qua cta giéi han lim w 1a:
x==o X° 46X +3
A. 2. B. 4+ C. 3. D. 2.

. Y . 2x®45x* -3 .
Cau 37. Két qua cua giéi han lim 2+— la:
x==eo X© 46X +3

A. 2. B. C. —o0. D. 2.

3 2
Cau 38. K&t qua cta giéi han lim w 1a:
x—-00 3X° 42X —5

A. 2. B. 4+ C.o0. D. —.
Cau 39. Két qua cua giéi han lim _2x=3 la:
A. -2 B. +oa C. 3. D. 1.
2—a x-3

Cau 40. Biét rang c6 giéi han 12 +oo khi X —+oo (v6i a 1a tham s6).

VX2 H+1-x
Tinh gi4 tri nhé nhat cia P =a® —2a+4.
AP, =1 B.P, —3. C.P, —4 D. P, =5.

min min



Y AP —x 41,
Cau 41. Két qua cua giéi han lim TJF la:
X——00 X

A. 2. B. -1, C. —2. D. +oc
2 —_— J—
Cau 42. Két qué ciia gidi han lim Y2X Z2XH1+2-X .

S o 3x 12

A, —=. B. 4+ C. —o0. D.

2* J—
Cau 43. Bidt ring L — lim YAX —2X+1+2-X

N S

Khéng dinh nao duéi day dung.

gl

>0 12 hiiu han (vé6i a,b 14 tham sb).

A. a>0. B.L:—i C. L= 3 D. b>0.
a+b b—a
3/y3 2
Cau 44. Két qué ciia gidi han lim 22X+ 45,
N Y]
A2 B. 0 c. 2, D. 1
2 2
Cau 45. Tim t4t ca cac gia trj cha a dé lim V2 fltax 14 +oa
A. a>+2. B. a<+2. C.a>2. D. a<2.

==
Van dé 6. DANG VO PINH o —oco

§
@

CAu 46. Gia tri cua gidi han lim 2x®—x* la:

A. 1 B. +oa C. -1 D. —x.
CAau 47. Gia tri ctia giéi han lim [ - 21 ] 1a
=2 {X—2 X" —4
A, —. B. +oa C. 0. D. 1.
Cau 48. Biét ring a+b=4 va Iirq [%—1 b 5| h@tu han. Tinh giéi han
-1 1-x 1—x
L—tim |2 —i].
=1 1—x> 1-—x
A. 1. B. 2. C.1. D. -2

Cau 49. Gia tri clia giéi han lim 1+2x? —x 1a:

X—+00

A. 0. B. +oa C.\2-1 D. —oc.
Cau 50. Gia tri cia giéi han lim x> +1—x la:
X— 400
A. 0. B. +oa C. 1 D. —x.

2
Cau 51. Biét ring  lim J5x? +2x +x+/6 =a\5 +b. Tinh S =5a-+b.
A.S=1. B.S=-1. C. S =5. D. S=-5.



Cau 52. Gia tri clia gidi han  lim X2 +3x —/x* +4x 1a:
X—+00

7 1
A. . B. ——. C.
> > “+oa
Cau 53. Gia tri cha gidi han lim ¥3x° ~1+yx* +2 la:
A. B +1. B. +< C.33-1.
Cau 54. Gia tri ctia gidi han  lim  «/x* +x —Ix® —x? la:
X—+400
5
A. g B- o C. —1
Cau 55. Gia tri cua gidi han Iirp d2x —1-32x +1 la:
A. 0. B. 4o C. —1.

S
Van dé 7. DANG VO PINH 0.c0

& >

Céu 56. Két qua clia gidi han lim x[l%] a:

A. 4o B. -1 C. 0.
Cau 57. Két qua cua giéi han XIanqr X —2 N la:
A. 1. B. +x C. 0.

Cau 58. K&t qua cta gidi han Xllrpx X 3x32—|)f ;1+ 5
A. % B. ? C. +oa
Cau 59. Két qua ctia gi6i han IXILT(} x? [sin X XLZ] la:
A. 0. B. -1. C. 7.
X

Cau 60. Két qua cta giéi han  lim x®4+1

X— —1 X" —

A. 3 B. +x C. 0.

O Bai 03

—00.
. —00.
. —00.
. —00.
. Foo
. —00.
. —00.
+oa
. —00.

HAM SO LIEN TUC

- HAM SO LIEN TUC TAI MOT PIEM
Pinh nghia 1
Choham s6 y=f x x4c dinh trén khoang K va x, € K.



Hamsd y=f x dugc goila lién tuc tai X, néu lim f x =f x, .

X—Xg

II - HAM SO LIEN TUC TREN MOT KHOANG
Pinh nghia 2
Ham s6 y=f x dudc goi la lién tuc trén mot khoang néu né lién tuc tai moi
diém cta khoang doé.
Ham s6 y=f x dugc goi la lién tuc trén doan a;b néu né lién tuc trén khoang
ab va

limf x=fa, limfx=fb.

x—a’ x—b
Nhan xét: Do thi clia ham s6 lién tuc trén mot khoang 1a mot "dudng lién" trén
khoang dé.

y Ay
/\ p X
S M B N
j 0 b -
Ham s6 lién tuc trén khoang a;b Ham s6 khong lién tuc trén khoang a;b

III - MOT SO PINH Li CO BAN
Pinh 1i 1
a) Ham s6 da thtc lién tuc trén toan bd tap s6 thuc R.
b) Ham s6 phan thiic hiiu ti va ham s6 lugng giac lién tuc trén tiing khoang xac
dinh cua chung.
Pinh 1i 2
Giastt y=f x va y=g x lahai ham s6lién tuc tai diém x,. Khi dé:

a)Cachamss y=f x +gx ,y=f x —gx vay=1f x.g x lién tuctai x,;

fx . .
b) Ham so lién tuc tai X, néu g x, =0.
gXx

Pinhli3
Néu ham s6 y=f x lién tuc trén doan a;b va f a.f b <0, thi ton tai it nhat
mot diém ce ab saocho f ¢ =0.

Pinh 1i 3 ¢6 thé phat biéu theo mot dang khéc nhu sau:
Néu ham s6 y=f x lién tuc trén doan a;b va f a.f b <0, thi phuong trinh

f x =0 c6 it nhat mot nghiém nim trong khoang a;b .



CAU HOI TRAC NGHIEM

===
Van dé 1. XET TINH LIEN TUC CUA HAM SO
=0

. 1 .
Caul.Hamsd f x =+3—x+ lién tuc trén:

«/x+4

A. —4;3. B. —4;3. C. —4;3. D. —00;—4 U 3;+c0 .
s .
Cau 2. Ham s6 f x == +X(.:OSX TSINX yien tuc trén:
2sinx+3
A, —-11. B. 1,5. C. [—g;—l—oo]. D. R
2
Céau 3. Cho ham s6 f x xéc dinh va lién tuc trén R véi f x :ijz v6i moi
X R
x#1. Tinh f 1.
A. 2. B. 1. C. 0. D. —-1.

K3 -Bx

CAu 4. Cho ham s6 f x x&c dinh va lién tuc trén —3;3 v6i f x =

X
vl X=0.Tinh f 0 .
A 2B B, V3. C. 1 D. 0.
3 3
X

CAu 5. Cho ham s6 f x xAc dinh va lién tuc trén —4;+0c0 véi f x =

\fx+4—2

v6l X=0.Tinh f 0 .
A. 0. B. 2. C. 4. D. 1.

!

=
Vé&n dé 2. HAM SO LIEN TUC TAI MOT PIEM

& >

=

x?—x—2 :
A N o ) . T - ———— khix=2 .,
Cau 6. Tim gia tri thuc cua tham s6 m dé ham s6 f x = X—2 lién
m khix =2
tuc tai x =2.
A. m=0. B. m=1. C. m=2 D. m=3.
X} —x*42x-2 .
A g , - 21 . » ———— khix=1
Cau 7. Tim gia tri thuc cua tham s6 m d& ham s6 f x = Xx—1
3X+m khix =1

lién tuc tai x =1.
A. m=0. B. m=2. C. m=4. D. m=6.



khix=1

Cau 8. Tim gia tri thuc cta tham s6 k dé ham s6 y=1f x ={ x_1 lién
k+1 khix=1
tuc tai x =1.
1 1
A k==, B. k=2 C. k=—=. D. k=0.
2 2
o ) 32X khix=3 , 3
Cau 9. Biét rang ham s6 f x ={x+1-2 lién tuc tai x=3 (vé1 m la
m khix =3
tham s6). Khéng dinh nao dudi day dung?
A. me —-30. B. m<-3. C. me 0;5. D. me 5+o00 .
.1 .
y 0 . x*sin= khix=0 _.
Cau 10. Tim gia tri thuyc cia tham sd0 m dé ham s6 f x = X . lién
m khix =0
tuc tai x =0.
A.me -2,-1. B. m<-2. C.me —-1,7. D. me 7,40 .
tan x .
SV . Si . —— khix=0 _. ,
Cau 11. Biét rang Ilmw:l. Ham s6 f x =1 x . lién tuc trén khoang
x—=0 X R
0 khix =0
nao sau day?
A. 0;1. B. —oo;z. C. —1;1. D. —oo;+00 .
2 4 4’4
Cau 12. Biét ring Iirrngl. Tim gia tri thuc cta tham s6 m dé ham s&
-0 X
SINTX hix =1 . ,
fx=1{x-1 lién tuc tai x =1.
m khix=1
A. m=-—m. B. m=m. C. m=-1 D. m=1
Cau 13. Biét rang Iingw:l. Tim gia tri thuc ctia tham s6 m dé ham s&
x=0 X
LHCOSX hix =
fx =1 x—m lién tuc tai x = .
m khix =
A m==L. B. m=—_. C.mzl. D.m:—i.
2 2 2 2
3 khi x =-1
X* 4 X
Caul4.Hamso f x = T khi x = —1, x =0 lién tuc tai:
X%+ X
1 khi x=0
A. moi diém trix x=0, x=1. B. moi diém x €R.

C. moi diém trit x =—1. D. moi diém trit x =0.



0,5 khi x =-1

X X+1

Cau 15. S§ diém gian doan cia ham s6 f x = Tl khi x =—1 x =1 la:
X —

1 khi x =1
A. 0. B. 1 C. 2 D. 3.

S
Van dé 3. HAM SO LIEN TUC TREN MOT KHOANG

=D
Cau 16. C6 bao nhiéu gia tri thuc cta tham s§ m & ham s6
m?x? khix<2 .
f x = . lién tuc trén R ?
1-m x khix>2

A. 2. B. 1. C.0. D. 3.
ﬁ khix € 0;4

. tuc trén 0;6 . Khang dinh nao
1+m khixe 4;6

Cau 17. Biét rdng ham s6 f x =

sau day dung?

A. m<2. B.2<m<3. C. 3<m<5. D. m>5.
2 J—
A e, o , XX 2 iy =1
Cau 18. C6 bao nhiéu gia tri cia tham s§ a dé ham s§ f x ={ |[x—]]
a khi x =1
lién tuc trén R.
A. 1. B. 2. C.0. D. 3.
2 J—
) o X hixe1 A o
Cau 19. Biét rang f x =1{.x -1 lién tuc trén doan 0;1 (v6i a la tham
a khix =1
$6). Khéng dinh nao dudi day vé gia tri a 1a dung?
A. a 12 mot s6 nguyén. B. a 1a mot s6 vo ti.
C. a>5. D. a<0.
n . ) . Xt khix <1 ) ]
Cau 20. Xét tinh lién tuc cia ham s6 f x ={2—x -1 . Khang dinh nao
—2X khix>1
duéi day dung?
A. f x khéng lién tyc trén R. B. f x khong lién tuc trén 0;2 .
C. f X gian doan tai x =1. D. f x lién tuc trén R.
x* —5X 46 .
A . s 1o 1 o 21 s - ——— khix>3
Cau 21. Tim gi4 tri nho nhit cia a dé ham s6 f x ={./4x—3—x lién tuc
1—a®x khix <3
tai X =3.

C. ——. D.

2
Nl B. ﬁ 3

w|



i’/Sx +2-2

khix > 2
Cau 22. Tim gié tri 16n nhét cia a dé ham s6 f x = X _1 2 lién tuc
a’x 4= khix <2
4
tai X =2.
A.a, =3 B. a,, =0. C.a, =1 D.a, =2
) s . 1-cosx khix<0 , )
Cau 23. Xét tinh lién tuc cia ham s6 f x = ] . Khang dinh nao sau
JX+1  khix>0
day dung?
A. f x lién tuc tai x =0. B. f x liéntuctrén —oo;l.
C. f x khong lién tuc trén R. D. f x gian doan tai x =1.

cos%x khi [x| <1

Cau 24. Tim céc khoang lién tuc cia ham s6 f x = . Ménh dé nao

x—1  khi|x|>1
sau day la sai?
A. Ham s6 lién tuc tai x =—1.
B. Ham s6 lién tuc trén cac khoang —oo,—1; 1;+co .
C. Ham s6 lién tuc tai x =1.
D. Ham s6 lién tuc trén khoang —1,1 .
Cau 25. Ham s6 f X c¢6 d6 thi nhu hinh bén Y

khong lién tuc tai diém c6 hoanh d6 1a bao nhiéu?

3
A. x=0. /
B. x=1
1 T
C. x=2. o >
D. x=3.
X2
— khix <1, x=0
X
CAu 26. Chohamso f x =10 khix =0 . Ham s6 f x lién tuc tai:
Jx o khix>1
A. moi diém thudc R . B. moi diém trit x =0.
C. moi diém triv x =1. D. moi diém trit x =0 va x=1.
2
1 hix<3 x=1
x—1
Cau27.Chohams6 f x =14 khi x =1 .Ham s6 f x lién tuc tai:
Jx+1 khix>3
A. moi diém thudc R. B. moi diém trit x =1.

C. moi diém trit x =3. D. moi diém trit x =1 va x =3.



2X khi x <0
Cau 28. S§ diém gian doan cia ham s6 h x ={x?+1 khi 0<x<2 la:

3x—1 khi x>2
A. 1. B. 2. C. 3. D. 0.
x> +x khix<1
Cau 29. Tinh téng S gdém t4t ca cac gia tri m dé ham s6 f x ={2 khix=1

m2x +1 khix >1
lién tuc tai x =1.
A. S=-1. B.S=0. C.S=1. D.S=2.

—xcosx khi x <0
2

Céu 30. Cho ham s8 f x — 1X khi 0<x <1 Hams§ f x lién tuc tai:
+X
x3 khi x >1
A. moi diém thudc x e R. B. moi diém trit x =0.
C. moi diém trit x =1. D. moi diém trit x =0; x =1.

S
Van dé 5. SO NGHIEM CUA PHUONG TRINH
TREN MOT KHOANG

& s
Cau 31. Choham s6 f x = —4x® +4x —1. Ménh dé nao sau day la sai?

A. Ham sb da cho lién tuc trén R.
B. Phuong trinh f x =0 khong c6 nghiém trén khoang —oo;l .

C. Phuong trinh f x =0 c6 nghiém trén khoang —2;0 .
D. Phuong trinh f X =0 c6 it nhat hai nghiém trén khoang [3;%).
Cau 32. Cho phuong trinh 2x* —5x* +x +1=0. Ménh dé nao sau day la ding?
A. Phuong trinh khong c6 nghiém trong khoang —1;1.
B. Phuong trinh khéng c6 nghiém trong khoang —2;0 .
C. Phuong trinh chi c6 mot nghiém trong khoang —2;1.
D. Phuong trinh c6 it nhat hai nghiém trong khoang 0;2 .
Cau 33. Cho ham s6 f(x)=x®>—-3x —1. S6 nghiém ctia phuong trinh f x =0 trén
R la:
A. 0. B. 1. C. 2 D. 3.
CAu 34. Cho ham s6 f x lién tuc trén doan —1,4 saocho f -1 =2, f 4 =7.C6

thé noi gi vé s6 nghiém caa phuong trinh f x =5 trén doan [—1;4]:

A. Vo nghiém. B. C6 it nh&t mot nghiém.
C. C6 ddang mét nghiém. D. C6 ding hai nghiém.



Cau 35. C6 tat ca bao nhiéu gia tri nguyén ctia tham s6 m thudc khoang —10;10 dé
phuong trinh x*—-3x’+ 2m—2 x +m—3=0 c6 ba nghiém phan biét x,, x,, X, thoa
man X, <—1<X, <X, ?

A. 19. B. 18. C. 4. D. 3.



G161 HAN
4,
O Bai 01
GIGI HAN CUA DAY SO
Cau 1. Ta e o< s dimi—0 nen im0 do ds
3n n n 3n
lim S'”Snz]—z. Chon A.

Nhan xét : C6 thé dung MTCT dé tinh (c6 thé chinh xac hoidc gan ding) giéi han nhu
sau (cac bai sau c6 thé 1am tuong tu) :
sin 5X
3X

Bam CALC va nhap 9999999999 (mdt s6 dong MTCT khi bAm nhiéu s6 « 9 » thi né

bao 161, khi d6 ta cAn baAm it s6 « 9 » hon.

B&m «=» ta dudc két qua (c6 thé gin dung), sau dé chon dap an cé gia tri gan

ding véi két qué hién trén MTCT.
n—2vnsin2n 1 +nsin2n

2n 2 n

\/hF"cos%

Nhap

Cau 2. Tacéo

Diéu kién bai toan trd thanh lim 0.

. 1 ., o 11N .
Ta c6 limcos==cos0 =1 nén bai toan trd thanh tim k sao cho
n

n* -

lim . =limn? :O©g—1<0©k<2w khong tén tai k (do k nguyén
duong va chén). Chon A.
Cau3.Taco 0S|3smn+4cosn|§ ! SZHO Iim33mn+4cosn:0.ChQnB.
| n+rl  |“ntlon n+1
Cau4d.Taco
S|nczc>32n|S 2n SEHO ”mnCZOSZn:0 lim 57n02052n _5.Chon C.
In+1|"n?+1 " n n’ +1 n’ +1
Cau 5. Ta c¢6 Iim[nzsinn%2n3]_limn3[£.Sln ””2]. Vi
n
limn® =+ limn® = +oc0 i
1 si 1 - 1 sinn —>Iimn3[1 M—2]——00
P L Iim[—. ”2]2<o n’ '
n 5 n
Chon A.
. n 71n 71n
Cau6.Taco 0< gi l—>0 lim =0 lim{4+ =
n+1l| " n+1"n n+1 n+1

Chon C.



1 1

0§|Un|§ 2 13__)
Cau 7. Ta co n 1+ — . limu, =limy, =0——lim u, +v, =0.
O§|Vn|S 2 <——0
n°+2

Chon B.

Chay:Cho P n,Q n lan lugt 1a cac da thtic bac m, k theo bién n:
Px =a,n"+a, ,n"" " +--+an+a, a, #0
Qn =bn“+b_n“"+--+bn+b, b #£0

n" Pn an"

. . Pn . a g . N
Khi d6 lim—— = lim——-, viét tat ~ —"——, ta c6 cac truong hgp sau:
Qn b.n Qn bn

. ) . . Pn
Néu «bac tu» < «bac mau (m<k) thi |ImQ—:0.
n

. ) < . Pn a
Néu «bac tu» = «bac mau (m=k) thi lim—— =-".
Qn b

) _ P khi >0
Néu « bac tii» > «bac mau (m>k) thi |im—n: oo ] % )
Qn —oo khia b, <0

R

yrangnéu P n,Q n cob chita « cn » thi ta vAn tinh dude bac cta né. Cu thé Yn

k
-

(28

b

ticobacla = Vidu n c6 bacla %i/n_“ c6 bac 1a g

Trong céc bai sau ta c6 thé dung ddu hiéu trén dé chi ra két qua mét cach nhanh
chéng !
-3
A - - n? 0
Cau8.Taco lim—; =lim =—=0. Chon C.
4n® —2n+1 2 1 4
4_ﬁ+?

Giai nhanh : Dang « bac tii » < «bac mau » nén két qua bang 0.
1 2

n+2n?

Cau 9. Taco lim—; —lim—""_1__%_0 ChonD.
n°+3n-1 3 1 1
-
n n
Giai nhanh : Dang « bac tit » < « bac mau » nén két qua bang 0.
3 2 n 1
3_ ot
Cau 10. Ta 6 limn 2" _jpn 0 n* _O0_4 cponm.
4n* +2n+1 4 2 1 4 :
+t
Giai nhanh : Dang « bac ti» < «bac miu » nén két qua bang 0.
11
2
Cau 11. Ta c6 Iimn\{ﬁJrl:Iim\/F " _%_0. ChonD.
n°+2 2 1 :
142
n
Gidinhanh: W01 01,

n+2 n  Un




Cau 12. Ta c6 lim22 = lim

n

Giai nhanh: n+l n
n+2 n

A T . al
Cau 13. Ta c6 limu, =lim

1

14—
2 im0 =
14—
n
1.
art
n+4 . +n
5n+3 5+ﬁ

=1. Chon A.

2 Khidé
5

limu, :2@%:2@a:10—> Chon A.

an+4

an a

Giai nhanh: 2~ ~—=—xa=10.
5n+3 5n 5
b
24>
Cau 14. Ta c6 limy, = lim2" 2 —jim— N -2 yhcR — Chon A.
5n+3 5+§ 5
n
Giai nhanh: 212 202 (4 oi beR
5n13 51 5
14l 3
2 2
Cau15. Taco L=lim? T2 _jjm—n n* 1 cponp,
2 11 R :
n’
2 2
Giai nhanh; =102 0 1
2n° +1 2n 2
4yl ?
2 ot
Cau16. 2=limy, =lim* T2 _jim 0 0" _% 5.0 L a=2 ChonD.
an’+5 a+£ a
n2

4n*+n+2 4n* 4

Giai nhanh: 2~ > ~—=—sa=2
an® +5 an a
1
.3
2_ 3 _
Caul7. L=lim—2 " _jim—N "3 ChonA.
2n° +5n-2 2 5 2 2
T3
n n
2 3 3
Giai nhanh: 273n N,3r; :—§.
2n° +5n—-2 2n 2
5 3a
2 4 — = . <0
Cau18. L=lim—2" 3 n ~ =% 05" Chenc.
l—an*+2n+1 1 2 1 1-a >1 :
—a +n73+74

Cau19.Tacod



L=Iim 7 =lim 1 7 =lim 1 7 = 51 :_E
e I o o
n n n
Chon A.
Giai nhanh: 2n—n" 3" +1 n3_3n2_ 3
" 2n-1 n*—7 2n.n* 2
2 1 5
14202+ 5 |[4+
n+2n 2n*+1 4n+5 [ ][ 3 [ ]
Cau 20. L= lim — lim—" n n)_124_8
n*—-3n-1 3n>-7 3 1 3 7 1.3 3
e P e
Chon C.
n“+2n 2n°+1 4n+5 p220%4n 8
Giai nhanh: " 5 ~—— =
n*—-3n-1 3n° -7 n*.3n 3
1+ B
3 3
Céu21.L:Iim;ﬁ+1:Iim ﬁ:%:1—>ChQnB.
n+8 R
n
3 3
Giai nhanh: \/ﬁ+1~£:1.
3n+s8 in
n®—2n na[lnzz] 1_%
Cau 22. lim = lim =limn.—"—. Tac6
1-3n° (1 1
n’| -3 -3
limn=
+o00 2
2 3 1-—
1-—= oM —an n
. n2 1 _——im > =limn. =—00 Chon C.
lim =—=-<0 1— 1
1 7_3
F—3 n
3 3
Giai nhanh: n 72?~n—2:—1n—>—oo
1-3n -3n 3
2 2
n3[+3] = 4+3
3 2 2
Cau 23. |im422”+23” .= 5~ limn.—"— Tacs
nreans n2[4++2] 4+t
n n n
limn=+oo
2 3 3-|-3
2
RN 422”23” ;= limn. 5= foc. ChonB.
2 1 a4~ Wt 4424
4+*+7Z n n
n n
3 3
Gidi nhanh: —20 23" 30 3. .

an’+on+l  4n? 4



3
Cau24. lim" =" _jim—\"J_jimnp* D Tacs
5 5 5
nja—> 4-2
n n
limn® —
|mn3 400 3 .
4 73_
Pt 1 0—>I|m3: T _nlimn* " — . Chen C.
m = n—
4>
4—§ 4 n
n
3n—-n* —n* 1,

Giai nhanh:

-5  4n 4
Cau 25. Theo d4u hiéu 6 da néu & phan Cha ¥ trén thi ta chon gi6i han nao roi vao
truong hop « bac tii» < «bac mau»!

. 2n® ) <

|Im3+2 n =+00 :«bactu» > «bacmau»va ab =22=4>0.
2n° -1

. 2n* -3 L o x

||mm:o s «bac tu» < «bac mau». Chon B.
2n—3n° o . .

Ilm—2n2 1:+oo :«bactu» > «bacmau»va ab, = -3.-2 >0.
2n°-3n* -3 3 o, L a, -3 3

lIm————=-—=—:«bacti» = «bacmaur»va -+ =—=—_.
-2t 4nt -2 2 b, -2 2

Cau 26. Ta chon dap 4n dang « bac tli» = «bac mau» va a b >0. Chon C.
. _n*=3n® -3 1
limu, =lim————=—=—>.
N’ +n°-1 9 3

Cau 27. Ta chon dap an dang «bac ti» > «bac mau» véi a b >0. Chon A.

limn=+co
' 1
2 —
Ilmun_llm1+n = limn. D — 400 Vi 7 +1 a, _
5n+ 5+§ I 5=y >0
n 5+H k

Cac dap an con lai déu roi vao trudng hop «bac tii» < «bac mau » nén cho két qua
hita han.
Cau 28. Ta chon dap an dang «bac tli» = «bac mau» va a b, <0. Chon C.

2n?> —3n* o s . .
n :m K bac tu» > « bac mau » va ambk :—3.2:—6<0—>|lmun = —0Q.
. +oo khia, >0
Chay: (@) liman™ Nt 4+..-+an = )
(i) Gia stt |g|>max |q|:i=L2..;m thi
a, khilg<1

lim aq"+a,q) +---+a0 +a, =i+oco khi a>0,q>1.
—oo khia<0,g>1

Ta diing « d&u hiéu nhanh » nay dé dua ra két qua nhanh chéng cho céc bai sau.




limn? = +o00

Cau 29. L=Iim 3n2+5n3—limn2[2+§%]—+oo vi 5 3 .
n n I|m[2+——] 2>0
n

Chon D.
Giai nhanh :3n? +5n—3 ~ 3n> —— 4.

Cau 30. Tac6 lim 5n—3 a> —2 n® =lim n3[%3 a?-2 ]—oo
n

a=-1,0;1. Chon B.

acZ,ac —10;10

@Iim[n%—aaz—Z]_a2—2<0<:>—«/§<a<x/§
Cau 31.Taco
limn* =400
) A , - 4 1 1 .
lim 3n" +4n° —n+1 =limn*|3+— —— +—|=+oo Vi { 4 1 1 .
n~ n° n lim3+——-=+—|=3>0
N n° n

Chon D.
Giai nhanh: 3n* +4n’ —n+1~3n* —— +oc.

2 n ”
Cau32.Vi 2, V2 ,..., V2 1ap thanh c&p s6 nhan cé u, =<2 =q nén

1- 2" a=2-+2>0

un—\/_ = 2— \/_[\/_ }—>I|mu =400 vi \l_ . Chon C.

12 qg=+2>1

nn+l
Cau 33. Ta c6 1+1+3+ +—:11+2+ -+n 1 + . Do @6

2 2 2 2

i3 40

—_ - s - 2

lim 2 22 2 _ |im 2+n _1 (“bac ti” = “bac mau”). Chon D.

n“+1 4n“4+4 4 )

R i 2 n-1 1 1 n-11+n-1 n®-n
Cau 34. Ta c6 —+— == 1+2+--+n-1 =z 5 =
Do d6

1 2 n-1) ,. n—n 1
Ilm[ + >+t " ]:Ilm o zz.Chgn C.
nl+2n-1
Cau35.Tacé 1+3+5+--- 2n—1 :#:n2 nén
1+3+5+---+ 2n+1 2
lim|— > AL i ™ 1 ChenB.
3n°+4 3n“+4 3
Cau 36. Ta co
lim i+i+ =lim 1—1+£—1+ Jrl—L =lim L =1
1.2 23 7 nn+1 | 2 2 3 n n+1) n+1)
Chon B.

Cau 37. Véi moi ke N* thi ! _ 1[ . 1

— ],dodé
2k—-1 2k+1 2{2k-1 2k+1



1 1

:Iim—ll——+———+—

lim i%—i
1.3

- 1 1 1 1 1
35 7 2n—-1 2n+1

20 33 5 2n-1 2n+1
:Iimll— ! :l.
2 2n+1] 2
Chon A.
Cau 38. Ta co
1 1 1 1 1 1 1 1 1 1 1]
Sl e =Z1-Z4+Z -4 4 -
1 2.5 nn+3 3 4 2 5 3 6 n n+3
—£[1+1+1+ .+1]_[l+l+1+ _Ar_i]
3 2 3 n 4 5 6 n+3
TP O S S S 1]
3" 2 3 n+l n+2 n+3
11 1 ]
316 n+1 n+2 n+3
Do d6 lim i—i—i—i— ...... + ! :Iim1 1—1— 1 — ! — ! :E.ChonA.
14 25 nn+3 316 n+l n+2 n+3 8 :
3 _3n? nn-1 2n+1
Cau39.Dat P n — 2" 2” tn_ - 2 thitacé
P+224F44nP=P2-P1 +P3-P2 ++Pn+l—Pn
nn+l 2n+3
=P n+1—P1:%
2 2 2 nn+l 2n+3
Do @6 limt 2 oty M0H2 A0S 2 1 ponD.
nn®+1 6n n®+1 6 3

Cau 40. Gia su limu, =a thitacé

1 1 a+2 a+2
=& &

2—u. 2-a a2-a=1 |a®-2a+1=0

n

a=limu,, =lim < a=1 ChonD.

Cau41. Gia su limu, =a thitaco

U +1:a—+1<:>a:l—> Chon A.

a=Ilimu,, =Ilim

2 2
1 1
e —] ,/9—+2
Caudz, im0 =N+ ;X n 0 3 ChonB.
an—2 4

4.2
n
Giai nhanh: /9n® —n+1 ~ /on* _3
T 4n-2 4n 4
g2, 1
—n2+2n+1_ +n+nz 1

Cau 43. lim lim =————Chon C.

Jnt12 2 3
3+2



Giai nhanh: .l +2n+1~ i :—i
3n* +2 3n* NG
243
Cau 44. lim ;“Z:nm n —J—z—l Chon D
n+ N2+
Jn
Giai nhanh: ‘2n+3~@:1.
J2n+5  2n
1 1 4
14 . AnThTn o
Cauds. im¥=—2_jjipXn_ " _1_2_ 45 ChonB.
Jn+l+n 1
RS
Gidi nhanh: Y114 Yn_ 1
Jnti+n n n
1
. 1+ 1+
Cau 46. Ta c6 lim "V +L iy " 1+, penT
Jn?Z—n-—2 \/1_1_2 1 4
n n
, 225‘/5 —_.5—8— Chon B.
10
2
Cau 47, lim—2>— —lim T ]-0.ChenC.
Jn*4+n? 41 \/Hn”Ln“
Giai nhanh: 10 ~ = E 0.

10
N“4+n?+1 +n* n

: { _[2n41? , .
Cau48. lim n+1 # =lim,|——— =0 (“bac tu” < “bac mau”). Chon C.
n*+n’ -1 n*+n*-1
n p—
L=

Giai nhanh: n+1 /# n /2_4 NE
n*+n*— n*  Jn
.5 7
Yo Tt 7 A
Cau 9. Taco lim V5" 7 V"n n° b _da g
J3nt —n+2 s 1,2 N
n n
Ya_D
—b3+c={"" 3=P==.ChonB
c=0

Cau 50. Ta co

lim%/200 —3n° +-2n? =limn

200 2 N
5 F*3+F = —x V1

Chon D.



Giai nhanh: {200—3n° +2n° ~3—3n° = —3Bn———occ.

Cau 51. Jn+5—Jn+1~+/n—n=0——nhan lugng lién hop :
lim Jn 5Tl —lim 4 —0— Chon A.

Jn+54+4n+1
Cau 52. Jn’ —n+1—n~+/n* —n=0——nhan lugng lién hop :
1
. . —n+1 : _1+ﬁ 1
lim ¥n?—n+1—n =lim =lim =3 Chon A.

Jn?—n+1+n 1_}+%+1
n n

Giai nhanh: \Jn’ —n4+1—-n= N+t - _ 1
Jn2ntien JnPan 2

Cau 53. lim Yn* —1—/3n*+2 =limn fl—n—lzf'/3+n—22
f 1 ’ 2
1—F— 3+F

Giainhanh: Vn* —1-\3n2 12 ~Jn* B’ = 1-Bn——

Cau 54. n’ +2n —n° —2n N\lin_z—\/n_zzo—>nhén lugng lién hop :

lim ¥n?+2n —+n*>—2n =lim 4n _2. Chon B.

vt \/1+ +\/ 2

Gidi nhanh: Jn> +2n—n’> —2n = =2.

\/n2+2n+\/n —2n \F+ﬁ

Cau 55. \n® +a’n —\/n2 + at2nt+l~n? —Jn? =0— nhan lugng lién hop:

=—o00 Vi

limn = o0, lim —1-+/3<0. Chon C.

a®—a-2n-1

Tacé lim yn® +a’n —\n’ + a+2 n+1 =lim
n’4+n—++n*+1

2 —a—2-1 a2 a—_1
n__ 0= . Chon B.

\/1+r11+\/1+nlz 2 h=2

Cau 56. \2n> —n+1—+/2n° —3n+2 ~\2n? —\2n* =0—— nhan lugng lién hop :
2n—1

J2n? —n+1++/2n? —3n 42
51

=lim

lim 2n? —n+1—+2n>—3n+2 = lim

Chon B.
Giai nhanh:

J2n* —n+1—+2n°> —3n+2 =

2n—1 2n

1
J2n2 —n+1++42n7=3n+2  +2n% +42n° 2




Cau 57. Gidinhanh:\n? +2n—1—\2n2 tn~¥n? -2’ = 1-2 n— .

\/1+Ei2 \/2+1J=oo vi
n n n
it ok
n

Cau 58. N&éu yn> —8n —n+a? ~/n? —n = 0—— nhan lugng lién hop :

2a>—8n 2 _
Ta c6 lim vn> —8n —n+a’> =lim =lim 2a” 8

2
VRN /1+%+1

=a’—-4=0<a=42. ChonB.
Cau 59. yn*—2n+3—n~ Jn? —n=0—— nhan lugng lién hgp :

Cuthé: lim Jn> +2n—1—+2n2 +n =limn

limn = +oo, lim =1-4J2<0—— Chon C.

lim Yn?—2n+3—n =lim 2043 jim n___ Chon A.

fn?z — 2 3
n“—2n+3+n 142 41
n n

Giai nhanh: \Jn> -2n+3-n= —an+3 e —=_1.
Jn2—on+3+4n  Jn?in

Cau 60. \n? +an+5—Jn* +1~n? —n? =0—— nhan lugng lién hop :
an+4
Jn? +an+5++n’ +1

—1=Ilimu, =lim yn*+an+5—+n*+1 = lim

wt
=Ilim =—&a=-2
\/1+ +2 +\/1+nl
Chon C.
Giai nhanh:
—1~yn?+an+5—n?+1= an+4 SO L

JnPran+5+n? 41 JnZ+n? 2
Cau 61. Iyn* +1—3n*42 ~3n* —3n* =0—— nhan lugng lién hgp :

lim 3n®+1-3n*+2 =lim — =0. Chon C.
,3f n®+1 Jriln3 +1.3/n3 +2 +§/ n’+2

Cau 62. In* —n®* +n~<3J—n® +n=0——nhan lugng lién hop :

lim Yn? —n®+n =lim

n2

. 1 1

=lim ==

ﬁ n2—n*’ —nin? —n® +n? 3[1_1]2 _3,1_1+1 3
\/ n n

n’ n’ 1
3, on —n¥ni_n 4 n? %’]5 —n—n®*+n®> 3

Cau 63. In* —2n* —n~n°* —n=0—— nhan lugng lién hop :

Chon A.

Giai nhanh: ¥n*—n®4+n=




lim Yn®—2n> —n =lim =lim 2 :—%.

3 nd— —|—n n® —2n? +n 3[1_2]2+31_2+1
n u n
Chon B.

—2n? o2
Giai nhanh: ¥n°—2n? —n— 2n - 2n __2

i/n"—an2+n.3n3—2n2+n2 Inf 4 nh? n? 3
Cau 64. \/ﬁ Jn+1—+n—-1 N\/ﬁ \/ﬁ—\/ﬁ =0——nhén lugng lién hgp :

. . 2Jn . 2
Ilmﬁ \/n+1—\/n—1 =lim =lim =1 Chon D.
Yn+1+n-1 1ot '
n n

2Jn 2Jn
Giai nhanh: Jn Jn+1—+n-1 = ~ =1.
dnritvn—1 Jn+n

Cau65. Jn ynr1—vn ~n Jn—Jn =0— nhan lugng lién hop :
limyn Jn+1—vn =lim i —lim——t :% Chon B.

Jn+ri++n 1+%+1
Jn n 1
Giai nhanh: \/_\/n+ —Jn =
NCES TN NN
Cau66. n Jn* +1-Vn?—3 ~n ¥n? —Jn* =0 nhan lugng lién hgp :
limn Jn? 11— -3 —lim 4n — lim 4 —2— . ChonB.
Jn?+14++/n* -3 1L 3
R
Giai nhanh: n yn? +1—+/n? = 4n =2.

n++«/nf NN

Cau 67. n \/n2+n+l—\/n2+n—6 ~n \F—F =0——nhén lugng lién hgp :

limn ¥n> +n+1—yn2+n—6 =lim AL
P +n+1++n2+n—6
. 7 7
=M= 1 6 2
\/l++2+\/1+—2
n n non
Chon C.
m m 7

Gidinhanh: n Jyn>+n+1—+n*+n—6 =

JPintladiiin——6 iy 2
Cau 68. Jn* +2 —Jn? +4 ~Jn?* —Jn* =0—— nhan lugng lién hop :
}:_oo

1 2 4
f1+—+‘fl+—
2 n? n?

mmimzlim—% Jn2+2+4n?+4 =limn.

1 2 4
f1+—+4/1+—
2 n’ n?

vi limn=+oo, lim

‘_ ~1<0—— Chon C.



Giai nhanh:
mlm_% NN* 42440’ +4 ~f% n? 2 = n——

Cau 69. V9’ —n —n+2 ~/9n° =3n+#0—— gidi nhanh:
\on? —n—n+2 N \9n? _1

Chon A.

3n—-2 3n :
[ 1 (1+ 2
2 N Y LY

Cuthd: lim¥2 —N—vn+2 ;v n Nn n By
3n-2 5 2 3
n
Cau70. n* +1-n~3n* —n=0— nhan lugng lién hop :
lim 3fr® +1—n —lim ! —0— - ChonB.

g/n‘°’+12 +n3n®+1+n?
2_5n+2 _5n+2 25

CAu 71. Giai nhanh : ~ =——— 5 ChonA.
3" 4+25" 2.5 2 :
1 n
2[] —-25
_ g2
Cuthé: im2—> _fim—> %
3"+25 [3] o
5
n__ n+1 _ n+1
CAu 72. Giai nhanh : 3 12'5 =25 =-10 Chon B.
2n+ +5n 5n .
3]”
—| =10
n_ n+1 [
Cu thé ; Iim%:limS—n:—m.
2_[2] +1
n__ n+1 n n
Cau 73. Giai nhanh : wws——[é] ——0. Chon A.
3214 4 (4 '
)l =l
S gl —3)*
n n+17 [
Cu thé: limS—22" =3 _jipl4 2 4) 0y,
3.2" +4" 1) 1
3= +1
2
CAu 74. Giai nhanh : §-1 ~ 3 :—1 Chon B.
2" —23"4+1 23" 2 :
L3
Cuthé: lim—> * _jjm— 3 _ 1
2" —-23"+1 g o ; 2
3 3
Cau 75. Giai nhanh:
Jg _2n+1_|_1 2n2+3 \/5 212 1 «E Z:].
s B 3+ T \/§n+l+n_2:ﬁ+2:?+2—> =5.
L+ - c=2

Vay S =1* +5° +2* =30. Chon B.



|

) 2) (1Y 3
R A L R 1_2'[5 +[5] 2+
Cu thé: lim — + Tl =lim - —+ 1
52"+ V5 -3 5| 2|+ 5| L] -3
5 5 n
:i+2:ﬁ+2.
5 5
n n 2n n n n n
CAu76. Gidinhanh: —~ 15> *2 " 4344 4 1 cponp
37" -3 1272 3" 3 144" 44" 4 :
7\ 3)"
. P L T 4] +[4] oy
Cuthé: lim —————— - - ==
3" —3" 42 - 3 4
3|5 =32 +4
4 4
CAu 77. Gidi nhanh: Vi 3>+5 nén 3" —5' ~3'— 40 Chon D.
E . lim3" = 4+00
2 - n - 5
Cu thé: nm[suxﬁ }:nm3“ 1| ] =400 vi " .
‘ 3 lim1— ?] =1>0

CAu 78. Giai nhanh : 3*2"" -53"~ 53" =—0c0 -5<0.—— Chon C.
lim3" = 400

162.E —5|=—0c0 vi . 2\" .
3 lim 162.[5] —-5|=-5<0

Cu thé: lim 3*.2"*—-5.3" =[im3"

3

n_ n+1 n n
342 3.3 _ —] ——0. Chon A.

|

Cau 79. Giai nhanh : ~—
3.2n+44" 4" 4
n_ n+1 n-+1 n n_ n+l
Cuthé: 0§3 4.2 3|§8'3 :24.[§] —0 Iim3 4.2 3:0.
| 32n+4" |7 & 4 32n+4"
n
0
n nn-1 n-2 3 n
Cau 80.Tacs 2" =3 C =2 >Cl =t t— o~ & 2 . Khi dé:
k=0 2 oo
n
n lim— =+o00
n 1 n?
2+3.—+10.| =
fimZ t3n+10 .2 Tt [2] = oo Vi n 1)
n nz Im 1 5 - >
3-"+ 5
| n n
Chon A.
n n+1 n
CAau 81. Giai nhanh: ‘\‘/4 +2 > N‘{/ 4 ZASL@ZE‘ZIOM:ZIO@&IZN.
3" 4" 4" 2271024

Ma ae 0;2018 va a€Z nén ac 10;2017 —— c6 2008 gia tri a. Chon B.



—

n n+1
Cu thé: Iim4f4n+—2n+a:|im n—zz — = ==
3"+4 [3] |40 4 2 2
-1

> _1n 2 n
Cau 82. Ta c6 lim| Y121 4 Cim¥ 2 i T Ta e
3n—-1 3" 3n—-1
2
lim n’+2n lim 1+H 1
3n—-1 1 3 e +ton -1
3—— = fim| Y220 ~1 Chenc.
3n—-1 3"
_1n n - _qn
0< 3—n <[—] —>0:>I|m—n:0
3n+ —1"cos3n —1"cos3n
Cau 83, lim| Y31F _jim| 0 Taco:
Jn-1 Jn-1 Jn
imB_ B8 _ 5 )
n-1 1 _[\Bn+ —1"cos3n
. = lim :\/5-
—1cos3n Jn-1

| —1”0053n|< Lo pim L cos3n _
Jn-1

B IR RO

Chon B.

Cau 84. Ta c6

n

=0

.1 . (1
lim—=Ilim|=
" 2

ac 0,20 ,acZ
——ae 1,6;13 . Chon B.

Ta cé
\/a+3€Z
Cau 85. Ta ¢6 limy2.3" —n+2 =lim+/3". 2—31n+2.[%] Vi

lim+/3" = +00

lim+/3" = +o00
o<hel o0 __ 2 osimlool—| o7 .
3 ¢, nn-1 n-1 3 lim 2_3_”+2'[§] =2>0

2

Iim[l] =0
3
do dé Iim\/2.3” —Nn+2 =+oc. Chon D.

CAu 86. Goi g 1a cong bdi ciia cAp s6 nhan, ta ¢ :



1_
d g 9T g 9& 1 . Chon A.
_ . 1-g —q° == _[ _]_
S.—=u — u=2|1+=|=3
T 4 L 2
Cau 87. Ta c6
1 1 1 1 1 1 1 1 27
S=94+3+14+="4+=+---4 4+ =914+ =+ =+—+---+ 4o =9 ——|=—.
3 9 33 3 3 3 3t 1 2
CSN Ivh: ulzl,qzé
Chon A.
Cau 88. Ta co
s—alirip iyt - Bl |= 242 Chenc.
2 4 8, 2" 1_;
CSN Ivh: u; =1, q:%
Cau 89. Ta c6
2 4 2" 2 (2 2)" 1
S=14+"4—4b—F.=14+=—+|=| +---+|=] +---=——=3. Chon A.
3 9 3" 3 [3] 3] 1_2 :
CSN Ivh: ;1:1, q:% 3
Cau 90. Taco:
11 1 —1" 1, 1 1 —1"™ 1] 1
S==-Z4+—+4t—-t-=—|l-Z4 = +4-b——|==[—=|==. Chon D
2 6 18 2.3 2 3 3 3t 2 1 1
_'_7
CSN Ivhiuy =1, q=—= 3
3
Cau 91. Ta c6
S = 1£]+ ll]+ [ii +
12 3) {4 9 2" 3
1 1
I ESE S S N S S S K SN HOPHE SO
|2 4 2" 3.9 3 11 2
CSN Ivh: ulzq:% CSN Ivh:ulzq:% 2 3
Chon D.

Cau 92. Ta c6 1+a+a’ +...+a" 1a téng n+1 s6 hang d4u tién ctia cip s6 nhan véi s6
1.1—a"* 1_a™t

hang ddula 1 vacongbdila a,nén 1+a+a’ +..+a" =

1-a  1-a
Tuong tu: 1+b+ b’ R R Sl
uc u: 140+ ..+Db = = .
ne + 1-b 1-b
1_an+1
2 n _ _ n+1 _
Do d6 lim 21818 Tot@  ypy d-a _yplzblza 170 gy g
14+b+b*+...+Db" 1—p"t l-a l-b"" 1-a
1-b

Chon B.



Cau 93. Ta c6

S =14 cos” X+ €0s* X 4 €0S° X +--- 4 €08™" X 4 -+ = ! — = _12 . Chon C.
CSN Ivh: u; =1, q=cos? x 1—cos”x sin” X
Cau 94. Ta c6
S =1-sin’ x+sin’ x—sin® x+---+ —1".sin* x+---=————. Chon C.
1+sin“ x
CSN Ivh: y; =1, g=—sin® x
Cau 95. Tacoé tana e 0;1 v6imoi o€ 0;%], do d6
S=1-tana+tan’a—tan*a+...= ! . S _ coSa .Chon B.
CSN Ivh: u,=1,g=—tan l+ tanc SIna +CoS v ﬁsin [a + 7T]
M :i mzl—i
Cau 96. Ta c6 -m_ M khi d6
1 1
N=— |n=1-=
1-n N
A:1 1 _ 11 Y ME T Chon A.
e
M N

Cau 97. Ta c6 0,5111---=0,5+10"% 410" ++--+10" +---

Day s6 1072;10°%...;10™";...124 mot cadp s6 nhan lui vé han c6 s6 hang dau bing

u 10?2 1

1-q 1-10° 90

46 23 18.—23
SN

u, =10, céng boi bing q=10" nén S =

Vay 0,5111...=0,5+S = — = — T =a+b=68. ChonB.

90 45 b=45
Cau 98. Ta co
35
35 35 10% 35 a=235
A=0,353535...=0,3540,00354...= —+—+...= =— =T =3465..
* * 10? +104 * 1_i 99 {b: 99
102
Chon B.
Cau 99. Ta c6
B =5,231231...=5+0,231+0,000231+...
231
231 231 10° 231 1742 a=1742
=54+ —4+—+..=5+ =54+ —=——"- =T =1409
10°  10° 1_i 999 333 {b =333
10°
Chon A.

Cau 100. Ta c6



1 1

0,17232323...= 0,17+ 23 L + +

10° ' 10°  10°
1
_ 17 5510000 17 23 1706 _ 853
100, 1 100 10099 9900 4950
100
a—=_853
— =2 < T =4097 < 2%,
b = 4950
Chon D.
O Bai 02

GIGI HAN CUA HAM SO
Caul. IXILT; 3X° +7x4+11 =322 +72411=37—— Chon A.

Cau 2. Iir%|x2 —4 :‘ B’ —4‘ =1—Chon B.

Cau 3. Tac6 limx’ sin% — O.Sin% —0— ChonD.

2 3 _1°_3
Caud. lim*=23_ " ">_ 5 ChenB.
X +2 1742 )
3 3
Caus. lim— X=X 11 4 Chenc.

-1 2x -1 x*—-3 21-1 1" -3

_ 1
Cau6.Tacs lim —*—1 12 qonp.
=-1x"4+x-3 1-1-3 3

2 J—
J3x +i Xx_\B+i+1_ 3 Chon A.
Xf

Cau7.Taco lim

- 11 2
2_ 2_
Caus. lim | ¥-x _ [ 98-3 1 Chon C.
3y 2x—1 x*—3 \j2.3—1 33 5
2 2
Cauo. lim X Xt _ 2241 1 opons.
x=2\[ X 42X 2°4-2.2 2 *
3 27 _ _ 3 _ _ _
Cau 10.Ta c6: 33X —4-V3x—2 2-4-V6-2_0_, .0 .
k2 x+1 3 3 :
lim x—15 =-13<0 x—15
Cau 11.Vi {*? —— lim = —oc0. Chon A
lim x—2 =0 & x—2>0,Vx>2 x=2" X—2
x—2"
limJx+2=2>0 2
Caul2. {** ——lim = +00. Chon B

limJx—2=0 & x—2>0,¥x>2 =2 X—2

x—2"

Cau 138. Ta ¢6 |x+2|=x+2 v6imoi x>—2, do dé:

3X+6 3Ix+2 3 x+2
im PO 32 3XHE2 e o Chon B
x— 2" X+2 x— 2" X+2 X— —2 X+2 X— —2 :




Cauld.Taco lim—2X _jim_—— 2% i 1 1 cponc.

x—2 2X2 —BX +2 x—2 2-X 1-2X »x-21-2X 3
Cau 15. Tac6 x+3>0 v6i moi x>—3, nén:
. x? +13x+30 . X+3 x+10 o Jx+3.x+10  J-3+3 —3+7
lim ———e= liMm ——nx==lim = =0.
x—-3 ,f X+3 x2+5 *3 / Xx+3 X245 % Yx*+5 qf_32+5
Chon C.
Caul6. limf x =Ilimy/3x° +1=43.12+1=2— Chon B.
X—1 X—1"
W 41 lim x*+1 =2
Caul7. limf x =Ilim =400 Vi fl . Chon A.
x—1 -1 1—X liml-x =0&1—-x>0 Wx<1
x—1
limf x =lim x*-3 =1
Cau 18. Tac6 {** X2 =Ilimf x =limf x =1=Ilimf x =1.
limf x =lim x-1 =1 x=2' x—2 X—2
X—2 X—2
Chon C.
limf x =Ilim ax—1 =2a—-1
Caul19.Taco {7 -2 )
limf x =lim x—2+3 =3
X—2" X—2"
Khi d6 lim f x tontai < limf x =limf x & 2a-1=3<a=2 ChonB.
X— X—2 X—2
lim f x =lim x*-2x+3 =6
Cau 20. Taco {*° 3 ——1limf x =limf x
limf x =lim 3—2x> =-15 X3 x—3
X—3 X—3
—— khéng ton tai giéi han khi x — 3.
Vay chi c6 khéng dinh C sai. Chon C.
lim X} =—00
Cau 21. lim x—x*+1 = lim x3[i2—1+i3]:+oo vi 1 1 )
x——00 oo (X X lim [—2—1+—3]_—1<0
x——oc| X X
Chon D.
Giai nhanh: x—xX*+1~ —1 x¥*——+00 khi x — —o0.
Cau 22. Ta cb

X——00 2

lim |x[ +2x?+3[x| = lim —x®+2x*-3x = lim X3[—1+g—i]:+oo. Chon B.
X——00 X——00 X X

Gidi nhanh: |x’ +2x* +3[x| ~|x’ — +o0 khi x — —cc.

Cau 23. Giai nhanh: X — 400 X +1+x~*2 4+ X =2X — +o0. Chon B.

Dit x lam nhan ti chung:

lim X =400
. . 1 Xt
lim \x*+14x = lim x|,[1+= +1{=+o0c Vi 1 )
Xrheo Xoreo X lim f1+—2+1:2>0
x—2" X

Cau 23. Giii nhanh: x— 4oo: B3 -1+ +2~¥3x¢ +I¢ = PB+1 x— +o0.

Chon B.
Dit x lam nhan td chung:



lim 3¢ -1+ +2 = lim x
X—400

X—00

=400 Vi

f 1 ; 2
3 3—? + l-ﬁ-;

lim x=+4+oc0

X——400

. 1 ) :
lim 33*—3+ l+—2 =x/3+1>0
X—+00 X X

CAu 25. Gidi nhanh: X — 400X J4X2 +7X +2X ~ X J4x* +2x = 4x2 — +oc.

Chon D.
Dat x* lam nhan ti chung:

lim x> = +c0
X—+00
lim x /4x* +7x+2x = lim x? ’4+Z+2 =400 vi 7 .
X—+00 X400 X lim 44+—4+2|=4>0
X—+00 X
3 B 2 2
Cau 26. Ta c lim X 8 —fj KD T2X14) X7 #2x 44 124
x=2xX°—4  x=2 (X=2)(x+2) x=2  X+42 4
Chon C.
5 Xx+1 x*—=x®+x2—x+1 443 y2
Ccau 27. lim X1 _ jim — fim X X X x5
x—-1 x° 41  x—-1 X +1 XZ—X—I—]. X—-1 X°—x-+1 3
Chon D.
3 2 x++3 x2-3x+3 2 x2-\3x+3
Céu 28.Ta c6 tim 25438 _ iy — im "

, -
x——8  3—x2 x——B Y3—x B+x =B NERS!

2{7\/527\/5 7\/§ +3} 18 J_ a=3 ) 5
= = =3y3—— a°+b°=10. Chon A.
NN 2 {b—ﬁ "
x2—x+6|: Iim| X+3 x—2 |: Iim|x—2|
x24+3x | o3 x x+3 | 3 x|

Cau 29. Iim3|_
Cau 30. Tacé 3—x >0 v6imoi x <3, do dé:

. 3—X . 3—X
lim ———=lim

3 o7 %3 M’\/’s—x 9+3x + x?
—im—3=X N33 _{ ChenB.
=3 J94+3x+x> 9+3.3+3
Cau 31.Tacod
X2 4t Y1-2x — x4+t Y1-2x -1 22t

. . . T
lim =Ilim +limx =—
x—0 X x—0 X Xx—0

I x — x> 4+X —X
Céu 32. Ta c6 lim M:Iim

. 1
=lim =
x=0' X X=0" 2 sz X 4+x 0 X2 x 4+4Ix

vi1>0; lim Jx* +x +3x =0 va X2 £x 44X >0 véi moi x >0. Chon D.

. Chon A.

=400



PR -1 (x—1) 3 ax+4°% +23ax +4 +4
Cau 33. Ta cé lim =lim

1 Yax+4-2 0 4xya-8 Yk 1Yxr1
3} Ax+4° 423ax 14 +4 12

=lim =—=1. Chon C.

A O | 12

_3 _ _ 3 —
Cau 34. Ta c6 lim DAFXV8=X _ g, |21+ x =2 2748 X]
x—0 X X—0 X X
=lim 2 + L - :1+i:E. Chon B.
AL 428 x 38— x 12 12
3 N 3 _ N =
Cau 35. Ta c6 lim Y2 1=V bX—Iim[‘/a)H‘l 1,1\ bx]
x—0 X x—0 X X
= lim & 4 X
TUx Y x4t ke X IVlex
—lim a L b j_a,b_,
e 3}x+12+\3/x+1+1 1+1-x | 3 2

at+b=5 {a+b5
o

Vay ta duge: 1a Db <a=3b=2—— Chon A.
242 3
2 By Yy ?
Cau 36.Taco lim M: m_—X X _2 ChonD.
x—-00 X2 L BX +3  x—too 6 3 *
1424
X X
2 2
Giai nhanh: khi x — oo thi: 2+ X =3 2X°_
X°+6x+3 X
05 3
3 2_ T3
Cau 37.Taco: lim XX =3 jim x X X'~ Chen C.
xo-o X2 46X 43 x—-x 6, 3 )
4o+
X
3 2 3
Giai nhanh: khi x - oo thi: 2 72X =3 X',
X°4+6X+3 X
2 7 1
3_7x2 NERREW I NS
Céu 38. Ta co: lim %: lim X~ X°_ X~ 2 _0. Chen C
T T e

2x® —7x* +11  2x°
3x°+2x° -5  3x°
Cau 39. Khi x — —oco thi \/x_zz—x—> x2 +1—x~\/x_2—x:—x—x:—2x £0
3

Giai nhanh : khi x — —oco thi:

. 2 , 9 < X - 2X _3 H
——chia ca tu va mau cho X, ta duge lim ————= lim

N T

— 1.

:‘X



Chon D.
Cau 40. Khi X — 400 thi VX2 =xXx— X2 +1—x ~ X2 —x =X —x =0
—— Nhén lugng lién hgp:

. o 2—ax-=3 . > o, 3 1
Taco liM —————=1lim 2-a x-3 X" +1+x = lim x*|2—a——|[,[14+— +1|.
X—400 ’XZ +1—X X——+00 X ——400 X X

lim x* = +o00
X—400 . _3

Vi
lim

X—+00

. X
= liMm —— =+

=4>0 TYx*H1-x

f 1
l%——;-%l
X

& lim [Za—é]_Z—a>Oéa<2.
X

X—00

2x —3
X2 +1—x

— 2-ax-3 yxX2414x ~2—ax X’ 4+Xx =22—-ax——tocosa<2.

Giai nhanh:tacé x — 400

Khid6 P=a’—2a+4=a—1°+3>3 P=3<a=1<2=P, =3 ChonB.
2 2
Cau 41. Giai nhanh: khi x — —co VAX_=x 41 NAXT_Z2X_ 5 Chon C.

X+1 X X
4 1+ 1
2_ . - o _
Cu thé lim V¥ =X+1_ x X _ A,
X——00 X+l X——00 1+1 1
X

CAu 42. Giai nhanh : khi
2 o o 2 o o
\Mx 2X+1+2 xN 4x X _ 2X —X :l_ Chon D.
X% —3x +2x Jox2 +2x  3X+2x 5

/4 2, 1.2,
\/% _ -ttt
Cuthé: lim Y Z2XH1+2=X ;o N x x® x =1

X — 400

X—400 \/m+2x X—+00 \/973+2 5
X
CAau 43. Ta phai cé ax’ —3x >0 trén —ooja < a>0.
Ta c6 X — —co——y4X2 —2X +142—X ~/4x? —x = —3x £0.

2 —_— J—
Nhu vay xem nhu “t&” 12 mot da thie bac 1. Khi d6 lim Y25 Z2XF1H2-X 5 1pi
x=m0 Jax? —3x 4bx

va chi khi v/ax® —3x +bx 1a da thtc bac 1.

Ta c6 Jax? —3X +bx ~ax? +bx = —Ja+b x———Ja+b+£0.

2— — J—
Khi d6 \/4x 2X+142—X N 3x _ 3
Jax? —3x +bx —Ja+bx b—+a

Chon B.

:L>O<:>b—\5>0:>b>\ﬁ

I +2x2 +1 I _ox 1
V2x2 +1 Bxz —J2x NP3

Cau 44. Giai nhanh: x — —oco

. Chon C.



3/1+2+ 1

s S+
Cuth&: lim X2+ & x x 1
X——00 ’ZX + X——00 _ 2+i \E

\/ XZ

CAau 45. Giai nhanh: X — —oco——/2X% +1+ax ~2X% +X

——2x+ax= a—2 x > +oo<a—+2 <0< a<+2. Chon B.

, 1
— 2+—2+a
X
f 1
— 2+ > Ta

Cau 46. Giai nhanh: x — —co——2x® —x* ~ 2x® — —co. Chon D.

Cu thé: vi I|m X = —00 nén I|m V2x2+1+ax = lim x =400
X——00

—a-V2<0sa<\2.

& lim

X‘»x

lim x® =—cc
Cu thé: lim 2x°—x* = lim x3[23]oo vi 1 .
X——o X X lim [2——]:2>0
X——00 X
Cau47. Taco lim | — 1| gim X272 i [ 2L
-2 \Xx—2 X°—4) x-2| x°—4 x—2 | X° —4
Vi lim x4+1 =3>0; lim x*—4 =0 va x> -4 <0 v6imoi x € —2;2 . Chon A.
X—2 X—2
2 2
Céu 48. Ta c6 lim [i_ b J:Iimw"?b:lim ataxtac b
=1 {1—-x 1-—X x—1 1-x x=1 1—x 1+4+X-+x?
Khi @6 Iirq [— ] hiiu han < 1+al+al>*~b=0<2a—b=-1.
X X
. . la+b=4 =1 a b
Vavtaco {2 b { et [
. X+2
=—Ilim X' +x -2 = |Im—2:l.Ch(_)n C.
11X 14x+X° 114X +X

Cau49.Tacé lim 1+2x? —x = lim x

X—+00 X—+00

v

X
/iz+21]—ﬁ1>o. Chon B.
X

Giai nhanh: X — +00——1+2X2 —X ~y2X2 =X =2X =X = 2 -1 X — +oc.

Cau 50. X — +oo—sx2 +1—x ~ /X% —x = x —x = 0— Nhan lugng lién hap.

Giai nhanh: x — +oo——x* +1—x = 1 O :LHO. Chon A.

U r1ex fxEex o 2

Vi lim X =+4o00; lim

X—+00 X—+00

Cuthé: lim x*+1—x = lim ;:Iim ;:9:0.

X——400 X—+400 2 X —400
X2 4+1+x ’l+)(12+1
Cau 51, X — —co—+5X2 42X 4+ X~/5 ~V5x? +x+/5 = —/Bx +x/6 =0

—— Nhén lugng lién hgp:



Giai nhanh: X — —so——/5x? +-2x + x5
2X 2X 2X 1

VX2 +2x +x4/6  5x2 —xB - —2Bx _%'

Cuthé: Taco lim +/5x%+2x +x5 = lim 2x
Jim_ 4 M B x o

1
— lim 2 2 ! 1B T 5_.s-_1 ChonA.

Xﬁ_x—\/5+i+£ 2B S b=0

Cau 52. Khi X — 4oo——x? +3x —/x2 +4x ~x? —x? =0
—— Nhén lugng lién hgp:

Giai nhanh: x — +oo——X2 +3x —+/x* +4x

—X ;Xzfg. Chon B.

—X
B3 A X 2x
Cu thé: lim x?+3x —x* +4x =
X—=+00
i e e = i e =
X2 43X 4 X% 4 4x \/1+X+\/1+X

Cau 53. Giai nhanh:
X — —00——Y3x3 —1 4+ x> +2 ~Y3x° 2= PBo1x - Chon D.

’ 1 f 2
337;* 1+7

—33-1>0.

=—00

Cuthé: lim ¥3x° —1+yx*+2 = lim x

1 2
3J3—F—\/1+F
Cau 54. Khi X — foo— x> +x —Ix* —x% ~x? ——3x* =x —x =0

—— Nhén lugng lién hgp:
Gidi nhanh: VX2 +x —3Ix® —x? = Y +x —x + x—Yx® —x?

Vi lim x=—00, lim

X——00 X——00

X XZ 2

X X
= + ~ +
AX* +14x x2+x3lx3—1+§/x3—12 B x x4l + 8¢

:1+1:§ X — 400 . Chon A.
2 3 6 )

Cuthé: lim X2 +x - —x? = lim X +x —x+x—Yx®—x2
X—+400 X—400

. X x?
= lim + =

B RS S S SRR —1+$’ x*-1°
Cau 55. x — +oo——32x —1—32x +1 ~ Y2x —¥2x =0——nhan lugng lién hgp:
Giai nhanh: ¥2x -1-32x +1=

+

oo

N[+
Wl



-2 -2 -2
3@ 2x—12 +3fax? —1— 3} ox+12  Yax? +Yax® +3ax?  3Rlax?
Cu thé: lim ¥2x—1-32x+1 = lim = 2 = =0.
Ko glax—1? pgfax—1 2x41 4 2x 41
x[ll]} =lim x—1 =0—-1=—-1. Chon B.
X

x—0
X lim \IX—Z.\/;_O.\E
xX2—4 x-2 Jxy2 = 2

— 0. Chon A.

Cau 56. Ta c6 Iing

=0. Chon C.

Cau 57.Tacod Iir’g X—2

Cau 58. Giai nhanh:

2x +1 2x 6 1

X — 400 X ~ Xy | = X =
\/3x3 +x? 42 3x* 3 X2

o 2x +1 . x? 2x+1 .
Cl.l thé: lim x %: lim 3 7 A= lim |——2— =
X—+00 3% +X +2 x—+o0 \| 3X + X +2 X—+00
X

Cau 59. Ta c6 lim x* [sin X —iz] =lim x*sin7x —1 =—1. Chon B.
X— X X—

Cau 60.V61l xe —1;0 thi x+1>0 va >0.

Dods lim x°+1 |——— = lim x+1 x*—x+1 |— 2%
X —1 X°—1 x--1° Xx—1 x+1

= lim JX+1 x> —x+1 /ﬁ—O.Chqn C.

Xx— —1"

O Bai 03

HAM SO LIEN TUC

2EN D= —4;3 —— ham s6 lién tuc trén
X+4>0 Xx<-3 ’

—4;3 . Xét tai x=23, taco

N 3—x>0 X>—4
Cau 1. Diéu kién: { - { L

limf x =lim [\/3X +;]:i: f 3 —— Ham s6 lién tuc trai tai x=3.
x—3 x—3

NE=
Vay ham s6 lién tuc trén —4;3. Chon C.
Cau 2. Vi 2sinx+3+#0 véi moi x€ R—"—~D=R—— Ham s6 lién tuc trén R.
Chon D.
Cau 3.Vi f x lién tuc trén R nén suy ra

2
f1—timf x —lim*=>*%*2_jim x—2 — 1. ChonD.

x—1 x—1 X—1 x—1

Cau4.Vi f x lién tuctrén —3;3 nén suy ra



N e

. . . 2 1
f 0O=Ilimf x =Ilim =lim =—. Chon B.
x—0 x—0 X x—0 \/m_‘_m ,\/§ *
Caub.Vi f x liéntuctrén —4;4+cc nén suyra
f0=limf x =lim—=— —1lim Jx+4+2 =4 Chon C.

x—0 x—0 ’X 4 _ 2 x—0
CAu 6. Tap xac dinh: D=R, chiia x =2. Theo gia thiét thi ta phai c6
X2 —x—2

m=f 2 =limf x =lim————=Iim x+1 =3. Chon D.
X—2 X—2 X—2 X—2 *
CAau 7. Ham s6 xac dinh v6i moi x € R. Theo gia thiét ta phai c6
. XX gx—2 . ox=1x*+2
34m=1f 1 =limf x =lim> X F2X72 im =lim x¥*+2 =3<m=0.
Xx—1 x—1 X—1 x—1 X—1 X—1

Chon A.
Cau8.Hamso f x ¢6 TXD: D= 0;4+0cc . Diéu kién bai toan tuong duong véi
Taco kiloy1 —limy—im¥* L jim-2 _2oy_ 1 chonc.
x—1 -1 x—1 x—1 \/;_HL 2 2 :
Cau9. Ham s6 f x c6tap xac dinh1da —1,+oco . Theo gia thiét ta phai c6
3_ 3—X \/x+1+2

. . X . .
m=f 3 =limf x =lim =lim =—lim \/x+l+2 =4,
x—3 x—3 \/X—|—1—2 x—3 X—3 x—3

Chon B.
Cau 10. V6i moi Xx+#0 tacod

o<|f x|= <x* -0 khi x—»0—— limf x =0.

x—0

.1
x?sin=
X

Theo giai thiét ta phaicé: m=f 0 =limf x =0. Chon C.

x—0

Cau 11. Tap xac dinh:
s s 3 T T T 3
D=R\{—+kr|lkeZ}= —+km,— 4k |=---U|——; = |U|=+—|U---
\{2 ! }U[z "2 ”] [22][2 2]
Ta c6 limf x —lim2"X _jipSnX 1 4 1
x—0 x=0 X x=0 X COSX cos0
tuc tai x=0. Chon A.

CAu 12. T4ap xac dinh D=IR. Diéu kién bai toan tuong duong véi

—140=f 0 —— f x khong lién

m=f1—limf x —lim>"X
x—1 x—1 X—l
. Sin IX—m+7 . —sinmt x—1 . sint x—1
=lim =lim =lim| —x .
x—1 x—1 x—1 x—1 =1 T X—1
Dat t=m x—1 thi t—0 khi x—1. Do d6 (*) tré thanh:
m=lim .%”t:_w. Chon A.

CAu 13. Ham s6 x4c dinh vé6i moi x € R. Diéu kién ctiz bai toan tré thanh:



2
X .o X T X
2c0s2 2 2sin [] sm[]
m=f x =limf x =lim=S* _jim— 2 2 2) Ly 2 2)F
X—7 X—7 X —7r X—7 X —7r X—7 X —7r 2Xﬁ7 [X_T(]
272
. 2

Pat t=X—" 0 khi x—1. Khi d6 (*) trd thanh: m_llim[ﬂ] Llp 1
2 2 210| ¢ 2

Chon C.
Caul4.Hams6 y=f x c6 TXD: D=R.

Dé thay ham s6 y = f x lién tuc trén mdi khodng —oo;—1, —1,0 va 0;+occ .

(i) Xét tai x =—1, ta c6

4 X X+1 x> —x+1
. XX .
limf x = lim 2+ = lim =lim x*—x+1 =3=f —1.
Xx——1 x—=1¥ +X Xx——1 X X+1 Xx——1
—— hams6 y=f x liéntuctai x=-1.

(1) Xét tai x =0, ta ¢

) Coxdax . X X41 xP—x+1
imf x —lim>"% _lim =lim x*-x+1=1=f 0.
Xx—0 x—0 X +X Xx—0 X X +l x—0

— s hams6 y=f x liéntuctai x=0.

Chon B.
Cauls.Hamso y=f x c6TXD D=R.
. X X . x. ” N
Hamso f x = 5 lién tuc trén moi khoang —oo;—1 , —L1 va 1,400 .
X —
N rss s Lo X X+41 X 1 . »
(1) Xét tai x=—1,taco limf x = Ilim— =lim—===f -1 —— Ham s6
N x——1 x—-1 X% -1 x—-1¥x -1 2
lién tuc tai x =—1.
. X X+1 . X
limf x = lim—; = lim =400
R . , ’ x—1" X©—1 x—1r X —1 N ~
(1) Xét tai x =1, ta cod ——Hamso y="f x
. . X x+1 . X
limf x =lim—; = lim =—00
x—1 =1 X° —1 x—1 X —1

gian doan tai x=1. Chon B.
Cau 16. TXD: D =R. Ham s6 lién tuc trén mdi khodng —o00;2 ; 2;+c0 .

Khidé f x liéntuctrén R< f X liéntuctai x =2

<:>Iir’r;fx:f2<:>|imfx=|imfx:f2. *
X—. X—2 X—2
_ 2
f 2 =4m m—_1
Tacé {lim f x =lim[1-m x|=21-m — * ©4m*=21-m & 1
x—2" x—2" m=—
lim f x = lim m*x?=4m? 2
X—2" X—2"
Chon A.

CAu 17. Dé thay f x lién tuc trén mdi khoang 0;4 va 4;6 . Khi d6 ham s6 lién

tuc trén doan 0;6 khi va chi khi ham s6lién tuc tai X =4, x =0, X =6.



Iimf x=f0

x—0"
TéclatacAnco {limf x =f 6 *
X—6
limf x =Ilimf x=°f 4
X—4 X—4"
limf x = I|m Ix = 0o

° x—0" :

fozfzo

limf x =Ilim 14+m —1+m

o x—6 x—6 ’
f 6 =1+m
lim f x :Iim:/_‘r:Z

. XILTf X :JLT 1+m =1+m;
f4=1+m

Khid6 * tréthanh 1+m=2<m=1<2. Chon A.
Caul18. Hams6 f x liéntuctrén —oo;l va 1,4+oco . Khi dé ham s6 da cho lién tuc

trén R khi va chi khi né lié tuc tai x =1, tiic 1a ta can c6
imf x =fl<&<limf x=Ilimfx=f1. *

x—1 x—1" Xx—1
Xx—2 khix>1 lim f x =lim 2—x =1
Taco f x =1a khix =1——{*" -t —— * khong téa méan
. Iimf x =lim x-2 =-1
2—x khix<1 x—1 X1

v6i moi a€ R. Vay khong ton tai gia tri a thoéa yéu cadu. Chon C.
Cau 19. Ham s6 x4c dinh va lién tuc trén 0;1 . Khidé f x lién tuc trén 0;1 khiva

chikhi limf x =f 1. =

x—1

fl1=a

Ta c6 —— * & a=4. Chon A.

lim f x = lim > _Ilm[x+1 \/_+1]:4

x—1 x—1 .’ -1 x—1

Cau 20. Dé thay ham sb lién tuc trén —oo0;1 va 1,400 .

fl1=-2
Tacé {limf x =Ilim -2x =-2 —— f x lén tuc tai x =1.
x—1' x—1"

limf x = lim ——= _|im[_ «/2—x+l]:—2
x—1 X—1 "2 X 1 Xx—1

Vay ham s6 f x lién tuc trén R. Chon D.

CAu 21. Diéu kién bai toan trd thanh: lim f x =limf x =f 3. *

x—3" x—3



f 3=1-3a°

Tacé {lim f x = lim ——————= lim =-3
x—3" x—3" ﬂf4x —-3-x x—3" 1—X
limf x =lim 1—-a’x =1-3a°
X—3 X—3
—_— * @a:ii%amn :—i. Chon A.
NE) NE)
Cau22.Tacancod limf x =limf x =f 2. *
X—2" X—2
f2 221
4
3f _
Tacé | lim f x = lim 3”—222:% . *eoa—4l1——a_ —1 ChonUC.
X—2 X—2" X —
lim f x = lim [:’;\2x+£]:2a2—Z
X—2 X—2 4 4

Cau 23. Ham sb xac dinh véi moi x €R.
Tacé f x liéntuctrén —oo;0 va 0;4co .

fo=1
Miét khac {lim f x =1lim 1—-cosx =1-cos0=0——f x gian doan tai x =0.
x—0" x—0"

limf x = Iirgl‘ \/X—l—].:«/O-i-l:l

x—0"

Chon C.
Cau24.Taco f x liéntuctrén —oo;—1, —1;1, 1,400 .

s
f -1 :cos[—]:o
e Taco 2 ——f X gian doan tai x =—1. Chon A.
lim f x = lim x-1=-2
X— —1 X— —1
f1=cos—=0
2
e Taco jlimf x =lim x—1 =0 ——1f x liéntuctai x=1.
x—1' x—1"
lim f x = limcos’X =0
Xx—1 x—1 2

Cau 25. Dé thdy tai diém c6 hoanh d6 x =1 d6 thi ctia ham s6 bi " dat" nén ham s
khong lién tuc tai do.
Cuthé: limf x =0#3=Ilimf x nén f x gian doantai x=1. Chon B.

x—1 X—1

Cau26.Ham s y=f x ¢6 TXD: D=R.

Dé thay ham s6 y = f x lién tuc trén mdi khodng —o0;0, 0;1 va 1,+oco .



f0=0
X2
Tacé {limf x =lim—=Ilimx=0——1f x lién tuctai x=0.
x—0" x—0" X x—0"
X2
limf x =lim—=1limx=0
x—0" x—0" X x—0"
fl1=1
XZ
Tacé {limf x =lim—=Ilimx=1——f x liéntuctai x=1.
x—1" x—=1 X x—1"
lim f x =limJx =1
X—1 x—1

Vayhams6 y=f x lién tuc trén R. Chon A.
Cau27.Hamso y=f x c6 TXD: D=R.

Dé thay ham s6 y = f x lién tuc trén mdi khodng —oo;1, 1,3 va 3;+oco .

fl=4

Ta cé x2_1 ——f x gian doan tai x =1.
limf x =lim =lim x+1 =2
| x—1 x-=1 x —1 x—1
f3=2

Ta cé x2 1 ——f X gian doan tai x =3.
lim f x =lim =lim x+1 =4
[ x—3 x—3 X — x—3

Chon D.

Cau28.Hams6 y=h x c6 TXD: D=R.

Dé& thay ham s6 y =h x lién tuc trén méi khodng —o0;0, 0;2 va 2;4+co .

ho=1
. f 0 ié i x=0.
Ta cé imh x — lim2x —0 X khoéng lién tuc tai x =0
x—0" x—0"
h2 =5
Taco {limh x =lim x*4+1 =5——1f x liéntuctai x=2.
X—2 X—2
limh x =Ilim 3x-1 =5
Xx—2" Xx—2"
Chon A.

Cau 29. Ham s6 xac dinh v6i moi x €R.
Diéu kién bai toan tré thanh lim f x =limf x =f 1. *
x—1 x—1

fl1=2

Taco {limf x =lim m*x+1 =m?*+1—— * &m?+1=2
x—1 !

x—1

limf x =lim x>+x =2

x—1 x—1

< m=+1——S =0. Chon B.
Cau30.Hamsd y=1f x c6 TXD: D=R.

Dé thay f x lién tuc trén méi khodng —o00;0, 0;1 va 1,400 .



f0=0

Taco jlimf x =lim —xcosx =0——f x liéntuctai x=0.
x—0 x—0
2
lim f x = lim =0
x—0" x—0" 14X
fl1=1
2 1
Tacé {lim f x =Ilim ==-——1f x Kkhoénglién tuctai x=1.
x—1 x—1 14X 2

limf x =limx®=1

x—1

x—1

Chon C.
Cau 31. (i) Ham f x 1a ham da thiic nén lién tuc trén R—— A dung.
. f -1=-1<0 )
(i1) Ta cb ——f X =0 c6 nghiém x, trén —2;1 , ma
f -2 =23>0
—2;—1 C —2;0 C —o0;1 —— Bsaiva C daing —— Chon B.
f0=-1<0 L

(111) Ta c6 f[l] 1 0 ——f x =0 c6 nghiém x, thudc [O;E]. Két hop véi (1) suy

J— :_>

2) 2

ra f x =0 c¢6cacnghiém X, X, thoa: —3<x <—-1<0<X, <%—> D dung.

Cau 32. Ham s6 f x =2x* —5x*+x+1 la ham da thiic c¢6 tap xac dinh 14 R nén
lién tuc trén R.

Ta c6

fo=1
@) {f L gl <0—1fx=0 c6 it nhat mot nghiém x thude —10 .

f0=1
(i1) {f 1 l:>f 0.f 1 <0——f x =0 c6it nhdt mot nghiém x, thuge 0;1.

fl1=-1
(iii) {f ) 15:>f 1.f 2 <0——f x =0 c6it nhdt mdt nghiém x, thujc 1;2 .

Vay phuong trinh f x =0 da cho ¢6 cac nghiém X, X,, X, thoa
—1<x <0<x, <1<X <2—— Chon D.
Cau 33. Ham s6 f x =x®—3x—1 14 ham da thiic c6 tap xac dinh 14 R nén lién tuc

trén R. Do d6 ham sb lién tuc trén méi khoang —2;—1, —1L0, 0;2.

f_2—_3
o [ L =f -2 f -1 <0—— 1 c6itnhat mdét nghiém thudéc —2;-1.

f -1=1
o [ =f -1f 0 <0——1 c6itnhdtmdtnghiém thuoc —1;0 .



f2=1
o ‘0 1:>f 2 f 0 <0——1 cb6itnhat mot nghiém thuoc 0;2 .
Nhu vay phuong trinh 1 ¢6 it nhat ba thudc khodng —2;2 . Tuy nhién phuong
trinh f x =0 1i phuong trinh bac ba c6 nhiéu nhat ba nghiém. Vay phuong trinh
f x =0 c6 ding nghiém trén R. Chon D.
Cach CASIO. (i) Chon MODE 7 (chtic ning TABLE) va nhap: F(X)= X®—-3X —1.
(i1) An “=" va ti€p tuc nhap: Start < —5(c6 thé chon s§ nho hon).
End <5 (c6 thé chon s616n hon).
Step <1 (c6 thé nhd hon, vi du %).
(iii) An “= ta dugce bang sau:

Math

n Fihl
4 - -3

| -
o

Bén cot X ta cAn chon hai gia tri a vA b a<b sao cho tuong ting bén cot F(X)
nhan cac gia tri trai dau, khi d6 phuong trinh c6 nghiém a;b . Cé bao nhiéu céip s6
a, b nhu thé sao cho khac khoang a;b rdi nhau thi phuong trinh f x =0 c6 bay
nhiéu nghiém.
Caud4.Taco f x =5« f x =5=0.Dat gx =f x —5. Khidé

g-1—=f -1-5-=2-5-_3

g4 —ft4-5-7-5-2 9 ~lg4 <0
Vay phuong trinh g X =0 c¢6 it nhat mot nghiém thudc khoang 1;4 hay phuong
trinh f X =5 c6 it nhat mot nghiém thudc khoang 1;4 . Chon B.
Cau35.Xéthamsé f x =x*>—3x*+ 2m—2 x +m—3 lién tuc trén R .
e Gia st phuong trinh c¢6 ba nghiém phan biét X,, X,, X, sao cho X, <—1<X, <X,.
Khido f x = x—X, X=X, X—X, .
Taco f -1 = —1-x;, —1-x, —1—-X%X; >0 (do X, <—1<X, <Xjp).
Ma f -1 =—-m-5 nénsuyra -m—-5>0<m<-5.
e Thu lai: V6i m <—5, ta c¢6

. XIlrfn%f X =—oc0 nén téntai a<—1 saocho f a <0. 1
*Dom<-5nén f -1 =—m-5>0. 2
= f 0=m-3<0. 3
* lim f X =400 nénténtai b>0 saocho f b >0. 4

X—+00
Tua 1 va 2 ,suyra phuong trinh c6 nghiém thudc khoang —oo;—1 ;Tu 2 va 3,
suy ra phuong trinh c6 nghiém thudc khoang —1,0 ; Té¢ 3 va 4 , suy ra phuong

trinh c6 nghiém thuoc khoang 0;+cc .



Vay khi m < -5 thoa man %m € —9;—8;,—7;—6 . Chon C.
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