PE CUONG ON TAP HQC KY 2 TOAN 12
CHUYEN PE : NGUYEN HAM -TiCH PHAN VA UNG DUNG

Céu héi nhan biét :
1. Nguyén ham ctia ham s6 f(x) =1 —x + x> 1a:
2 3 2 3

A x-2+2 4 B.-2+X icC C-142x + C D.x—x*+x +C
2 3 2 3

2. Nguyén ham cta ham sé f(x) = Jx la:
A—+C B.J/x+C C.gx\/;+C D.éx x+C

24/x 3 2
3. Nguyén ham ctia ham s6 f(x) =xcosx 1a :

2 .
A. —X smx +C B.cosx + xsinx +C C. cosx —xsinx +C D.xsinx — cosx +C
4. Ham s6 F(x) = ¢* + tanx + C 1a nguyén ham ctia ham s f(x) nao ?
e—X
Af(x) =" — — 12 B.f(x)=¢"+ — 12 C.f(x)= e{” o5 Xj D. Mot ham s6 khéc
sin” X sin” X

5. M6t nguyén ham cta ham s6 f(x) = sinx.cosx 14 :
A.icos 2X B. —%cos 2X C.-cosx.sinx D. —isin 2X
6. Nguyén ham F(x) cta ham s6 f(x) = 4x> —3x> +2 trén R thoa man diéu kién F(-1)=31a:
A, x*— +2x+3 B. x* 3 +2x Cx*—x*+2x +4 D.x*=x*+2x -3
7. Ham s y = f(x) théa man f(x) =3x*>+2 va f(1) =8 1a:
A.6x B. 3x*+2 Cx*+2x +5 D. x> +5

8. Ham s y = f(x) thoa mén f(x) = 2x — iz+3vé1 f(1)=31a:
X

A2+ L B+ L4l C.2+% DX+ L43x-2
X X X X

9.Himsdy = f(x)thoamanf(x)—ax+ b f-D=2,f(1)=6,f(1)=01a:

A. x2+2+3 B. 2x2—iz+3 C. x2—1+3 D.2x2+l—3
X X X X

IO.Néu F(x) 14 nguyén ham cta ham s f(x) , G(x) 1a nguyén ham ctia ham s6 g(x) . Trong cac khang dinh sau ,
khang dinh néo sai ?

Aj x)+ g(x)]dx = I dx+J'g x)dx = F(x)+G(x)+C
B.Vcnmolk;tOtacojkf Jox = k[ f x)dx=kF(x)+C

C. [[f(x)g()lax = [ f(x)dx.[ g(x)ix = F(x)G(x)+C

D.(.[f(x) dx) = f(x)

3
11. Cho ham sé f(x) = X1 khi do
1 x> 1
A. =___c B.[f(x)dx="—+-+C
J' o+ J.(x)x Tt
1
C.. d_l——C D..| f(x)Jdx=x*>—=+C
I ) + I(x)x Xt
2016

+2017Inx+C thi f(x) bang :

12. Néu [ f(x)x =



2017x+2016 g, 2017x 2016 C2016+/X +2017Inx D,

X X In x X

2017 2016

T2

A

13.Cho F(x) 12 nguyén ham cta ham sé f(x) trén doan [a; b] . Phét biéu nao sau day 1 sai ?

a b a
A. j f (x)dx =0 B. j f (x)dx = —jb f (x)dx

b b b
C. j f (x)dx = F(b)— F(a) D. j f (X)dx = j f (t)dt
14.Cho [ * £ (x)dx = 3. Tinh [ “[4-3f(x)]dx ta dugc
A.9 B. 13 C.-5 D. 12
15. Gia trj nao cua a dé J.a(SX2 + Z)dx =a’+2

0

Al B.2 C.3 D.4

3
16.Tich phan Iudx bang
T X+1
A. 4+3In2 B. 4 —3In2 C.S5 D.2
XX+l
17. Tich phan [=——"—dx bing
T X+3

A4+ 13In2 B. -4 +13In3 CcCH4 +13ln% D.4+ l3ln%

1 x> .
18.Tich phan I3—dx bang

o X7 +1
A.lan B._—1 C.In2 D.i

3 12 12
2
dx .

19.Tich phan bang

!¢2x+1
A 5443 B./5-43 CA3-+5 D5 +43)

73
20.Tich phan [ 3xy/x* +1dx biing

0
A3 . B.7 C.-5 D.-3
Cau héi thong hiéu :
21.Tim j — ox -— taduge

sin” Xcos” X
A.-1+C B. tanx — cotx + C C.—tanx + cotx +C D. - ! —,L +C
cosX sinX
22. Tim j(sin4 X —cos® x)dx ta dugc
. 5 5 _ . .
R L B.4sin’x — 4 cos’x + C C. 51;2x+c p.MM2X ¢
23.Tim I22X—+3dx ta dugc
X" +3X+5
1 X2 43X+5 X2 +3X 1
Aln(x? +3x +5) + C P +C C. +C D.—In2x +3[+C
2 2X+3 2

24.Tim I dx ta duogc

3x+1



A2 _+C B%ln|3x+1| +C Cinp3x+1/+C D.In(3x +1)+C

(3x+1)°
25.Tim I%dx ta duoc
(x*+9)

(x*+9) 5(X"+9) (x*+9) 3(X"+9)
93
26.Tim j de ta duoc
Jx
124/ 1 7 s 12,4/
A.x—?\/x—JrC B.x¢ +C C.x28x° +C D.—?\/x_+c

27.Tim J-ln_zx dx ta duoc
X

a-mX Lic B-1X.1lic c. 21X

+C D. Mot két qua khac
X X X X 2X

1
28.Cho I =J|3X - 1|dX . Chon ménh dé dung trong cac ménh dé sau ?
0

A.1<0 B.I>1 C.0<I<l D.l<1<1
2 2
29.Tim I* ta duoc
Xsin“ (In X)

A ~tan(Inx) + C - Butan(lnx) + C C. —cot(lnx) + C D. cot(lnx) + C .
30.Dién tich ctia hinh phing giéi han bdi d6 thi ham y = x* , truc hoanh va cac duong thing x = —1, x = 3 bing
A. %( dvdt) B% (dvdt) C.13—1 (dvdt) D.% (dvdt)
31.Dién tich cta hinh phang gidi han béi cac duong y =x>-2x ;x=-1;x=2;y=0 bang
A. % (dvdt) B% ( dvdt) C.% (dvdt) D.% ( dvdt)
32.Dién tich cta hinh phang gidi han boi d6 thi ham y = x* va duong thing y = —x +2 bang
A. 7 (dvdt) B. 11 (dvdt) C.% (dvdt) D. Mot két qua khac
33.Dién tich cua hinh phang gidi han boi cac dudng y = 3* ; y = 4—x va truc tung bang
A. S_2 ( dvdt) B.Z—L (dvdt) C.Z—i (dvdt) D.1- 2 (dvdt)

2 In3 2 In3 2 In3 In3
34.Theé tich khoi tron xoay tao thanh khi quay quanh truc hoanh hinh phang gi6i han boi duong y = 3x — x? va truc
hoanh bang

81x 857 41z 87
A, ——(dvtt B.—— (dvtt C.—(dvtt D.— (dvtt

0 (dvtt) 0 (dvtt) - (dvtt) 7 (dvtt)

3§.Thé tich khi tron xoay tao thanh khi quay quanh truc hoanh hinh phang gi¢i han boi dudng y> = 4x vax =4
bang
197 O

A. 74 (dvtt) B. 64 7 ( dvtt) C. T( dvtt) D. By (dvtt)
Céu héi van dung thép :
1
36. Tich phan [ (3x—1/—2[x|)dx béng
0
A. 1 B.Z C.0 D.—H
6 6 6



37.Tim jsin X.sin2X.cos5xdx ta duoc

A.icos X.cos2X.sin5x+C B'l(sm4x _sin8x _ stx) +C

10 4 4 8 2
C.—10cosx.cos2x.sin5x + C D.Mot két qua khac
38. Tim jsin X.cos2xdx ta duoc
A.—lcos3x+lcosX+C B.—lcos3x+lcosX+C

6 2 2 2

1 . 1 . 1 1
C.—sin3x+—sinx+C D.—cos3x+—cosx+C

6 2 2 2
39.Tim Itan X.cos” xdx ta duoc
A.lcos2X+C B.—lcos2X+C C.lcos2X+C D.—lc0s2X+C

4 4 2 2
40.‘[2 +X3 dx ta duoc

4

B G '

o - + X X X X
A.2—+4—+C . Inz2 I3, ¢ C. (lj +(Ej +C D.2 In2+3 1113+C

1 3 4* 2 4 4% In4
In— In=
In4
o tn A rn s . e A . 2 2XP+5X+3
41.Goi S 1a dién tich cua hinh phang gidi han boi d6 thi ( C) cia ham s0 y = —2; tiém can xién cua ( C)
X+

va cac dudng thang x =—1 ; x =m (m>—1) . Tim gid tri cia m dé S = 6 (dvdt)
A.e® 4 B.e® -3 C.e®-2 D.ef -1
42.Dién tich cta hinh phang gidi han boi db thi cac duongy =x>-2;y = |X| +4 bing
A. 27 (dvdt) B. 17 ( dvdt) C. 37 (dvdt) D. 47 (dvdt)

43.Dién tich ctia hinh phing gii han boi do thi ( P) : y =x* —2x +3 va hai tiép tuyén cta (P) tai A (0; 3) va B (3;6)
bang :
A% (dvdt) B. % (dvdt) C% (dvdt) D. 1?7 (dvdt)

3

44.Thé tich khéi tron xoay tao thanh khi quay quanh truc hoanh hinh phang gi¢i han boi duong y = X? vay =x?

bang
A B qu B. 4087 qvtr) . 307 4oty D. 2% ( dvtt)
35 35 35 2
45. Dién tich cua tam gidc cong gidi han boi cac duongx=1;x=e;y=0vay= 2111—} bang
X
2//e
A.2 - e (dvdt) B..3— e (dvdt) C..2 + /e (dvdt) D.== (dvdy

Cau héi vian dung cao :

Vi

46.Cho |, = |sin" xdx va J, =Ifcos” xdx

S o [N

a Chimgminh | =1=1 .3 M=y 0 inso nen
n n

b. Ap dung tinh I,;J,



—3x-1

47.Cho ham sb y = ( C) . Tim dién tich hinh phang giéi han boi ( C) va hé truc toa do

48.Cho parabol ( P) y = x? va hai diém A ; B thudc ( P) sao cho d6 dai AB =2 . Tim toa d6 hai diém A va B sao

cho dién tich hinh phang gi6i han boi ( P) va dudng thang AB dat gia tri 16n nhat

Cho hinh phéng tao béi hai duong thang y =2x — x> vay =0
49. Tinh thé tich V, khi dem hinh phang trén quay quanh truc Ox
50.Tinh thé tich V, khi dem hinh phang trén quay quanh truc Oy

Pap an :
C1 C2 3 4 5 6 7 8 9 10
A C B C B A C D A C
C.11 12 13 14 15 16 17 18 19 20
A D A B
C.21 22 23 24 25 26 27 28 29 30
B C A B D A A D C A
C 31 32 33 34 35 36 37 38 39 40
B D C A B A D A B A
C.41 42 43 44 45
C A B C A

C.46 o

1/ Dung phuong phap tich phan ting phan dé dang chiing minh duoc

3z 8
2/, =—=—; ). =—
Y1’ 15
C.47

0

Goi S 14 dién tich hinh phang , thi S = I —3X Il
X —

1

3

C48. Toa d6 hai diém A (—-1; 1); B (1; 1)
C49V, = %7[ (dvtt)

dx=-1+ 411% ( dvdt)

87
C.50.V, =? (dvtt)

CHUYEN DPE : SO PHU'C
Caul: Cho s6 phirc z=(5a+2)—(3b—1)i,véia,b € R.Tim céc s6 a,b dé z 1a s6 thyc.

A.aeR;bzl B.az—g;beR C.az—g;bzl D.a=0;b=0
3 5 5 3

Cau 2 Tim ménh dé sai trong cac ~mén‘h dé sau: i

A. SO phtic z = a + bi dugc bicu dién bang diem M(a; b) trong mat phang phuc Oxy
B. S6 phirc z =a + bi ¢6 modun 1a va® +b?
a=0

b=0

Ciau 3: Cho sb phiic z=a + bi. Tim ménh d& ding trong cic ménh dé sau:

C. Séphfrcz=a+bi=0<:>{ D. S6 phitc z=a + bi ¢6 s6 phirc d6i z” = a — bi




A.z+ z =2bi B.z-7 =2a C.z.7 =a%-b? D. |22 =]z

Cau 4: Cho sb phirc z=a + bi. S6 phirc z? ¢6 phan thyc la:

A.a?+b? B.a’ - b’ C.a+b D.a-b

Ciu 5: Cho s6 phitc z=a + bi. S6 phitcz+z luédn la: A. S6 thuc B. S 40 C.0 D.2
Cau 6: ( dé Thir Nghiém Bf) ) Cho‘ s6 phitc z=3-2i. Tim phﬁp thuc va phﬁn ao cﬁa‘sé phl’IgE

A. Phan thuc bang —3 va phan do bang —2i. B. Phan thuc bang —3va phan do bang —2.

C. Phén thyc bang 3 va Phan o bang 2i. C. Phan thyc bang 3 va phan 4o bang 2.

Cau 7. ( @& Thir Nghiém B ) Tim s6 phuc lién hop cta sd phic z =i(3i+1)
A, z=3-i B. z=-3-i C. z=3+i D. z=-3+i

Ciu 8: Cho s6 phitc z=a+bi. Khi dé sb %(z +E) la: A.Motsdthue B. 2 C. Mot sé thudn a0 D. i

Cau 9: Timséphfrcz,biétfz 3+2_|+ l_l_
I-1 3+2I
=15 55, B.z= 2,83 C.z= 13,33 D.z=24+9;
26 26 26 26 26 26 13 13
Cau 10: Cho s6 phirc z thoa man: (2—i)z —(5+3i)z =17 +16i . Tim s6 phic lién hop ctia s6 phic z?
A z=-3-4i B. z=-3+4i C.z=3-4i D. z=3+4i

Céau 11: ( dé Thir Nghiém B¢ ) Cho 2 s6 phirc z, =1+iva z, =2-3i. Tinh mddun ciia s phirc z, + 2, ?
A lz+2,|=V13  B.|z+z3|=v5 C.|z+2|=1 D.A |z +12,]=5
Céu 12: Cho hai s phtre: 2, =6+8i, z, =4+3i Khi d6 gié tri |z, — z,| la:

A5 B. V29 ‘ C. 10 D.2
Cau 13: S6 phirc z =3 +4i . Khi d6 mddun cua sé phirc z7' 1a:
1 1 1 1
A |z|== B. |z7j=— C.lz|== D. z|=—4
-1 - -1 o=
CAu 14: ( d& Thir Nghi¢m B9 )Tinh md dun ctia s phitc Zthoa man z(2—i)+13i=1
A. [7|=34 B.|7=34  C |z|:@ D. |z|:@
Ciu 15: Cho s6 phirc z théa man: z(1+2i)=7+4i . Tim modun cia sb phirc w = z + 2i
A. |w|=4 B. |W|=\/ﬁ C. |W|=2\/g D. |W|:5
Cau 16: Cho s6 phuc: z =/2+i~/3 . Khi d6 gia tri ‘ZE‘ la:
Al B.2 ) C.3 D.5
Céu 17: Cho hai s6 phtre: 2, =1+2i, z, =-2—i Khi d6 gié tri |z,.2,| la:
A5 B. 245 ‘ C.25 D. 0
Cau 18: Cho s6 phirc: z =1+ Xi+ y+2i .Tim céc sd thuc x,y sao cho z = 0.
A . x=2,y=1 B. x=-2,y=-1 C. x=0,y=0 D. x=-1,y=-2
Ciu 19: Tim cip s6 x, y d€ hai s phtic 2, =3+i vaz, =(x+2y)-yi bang nhau.
A x=5y=-1 B. x=1Ly=1 C.x=3,y=0D. x=2,y=-1
Cau 20: Cho (x+2i)° =3x+vyi (X, yeR).Gidtricia X va y la:
A. X=1vay=2 hodc Xx=-1vay=-2 B. Xx=-1va y=—4 hodc Xx=4 va y=16
C.X=2va y=5hodac x=3vay=-4 D. Xx=6 va y=1 hoac x=0va y=4

Ciu 21: Cho 2 s6 phitc z=(a—2b)—(a—b)ivaw=1-2i.Biét z=wi. Tinh S=a+b
A.S=-7 B.S=—4 C.S=-3 D.S=7



Ciu 22: ( dé Thir Nghiém B9 ) Cho s6 phitc z=a+bi (a,beR)théa man(1+i)z+2z=3+2i. TinhP=a+b

A.P:% B.P=1 C.P=-1 D.P:%

Cau 23: Cho sb phirc z thoa man diéu kién 2z —iz =2+5i. S8 phirc z can tim la:

A z=3+4i B.z=3-4i C.z=4-3i D. z=4+3i.

Céau 24: Tim s6 phuc z biét |Z|:5Vé phan thyc 16n hon phan a0 mot don vi.

A z,=4+3i, 2, =3+4i B.z,=-4-3i, z, =-3-4i

C.z,=4+3i, z,=-3-4i D. z;=-4-3i, 2, =3+4i

Céu 25: Tim s6 phirc z biét|z|=2+/5 va phan thuc gép doi phan do.

A z,=2+i,2,=-2-1 B.z,=2-1,2,=-2+1 C.z,=-2+1,2,=-2-1 D. z,=4+2i, 2, =—4-2i

Céu 26: Cho s phuc z = 6 + 7i. S6 phuc lién hop cua z c6 diém biéu dién la:
A. (6;7) B. (6; -7) C.(-6;7) D. (-6; -7)

Cau 27: ( dé TN B) Diém M trong hinh v& bén 1a diém biéu dién cia s6 y[

phtrc z. 3
Tim phan thyc va phan 4o cta sd phic z. O Pox
A. Phan thuc 1a —4 va phan a0 14 3. B. Phén thuc 1 3 va phan 4o 1a —4i. :

C. Phan thyc 1 3 va phan a0 1d —4. D. Phan thuc 1a —4 va phan 4o 1a 3i. ) R im

Ciu 28: ( dé Thir Nghiém B9 ) Cho s6 phirc z théa(1+i)z=3—i. Hoi diém biéu dién cua z1a diém nao trong céc
diém M, N, P, Q & hinh bén ?
A.Diém P. B. Piém Q. C. biém M. D. bBiém N. " 2 -

A A I 1 , R « R X A \ 4 N
Cau 29: Cho s6 phirc z = ;= ¢6 di€ém bi€u dién trén mp Oxy la diém nao?
i

A.A(0;1)  B.B(0;-1) C. A(L0) D. A(-10)
Cau 30: Trong mat phang phirc. Goi A, B, C lan luot 14 cac diém biéu dién cua cac sb phic
zi=(1-1)2+);2z2=1+3i,2z3=-1-3i. Tam giac ABCla:
A. Mot tam giac can B. M{t tam giac déu
C. Mot tam giac vudng D. Mot tam giac vudng can
Cau 31: Trong mp Oxy, goi A, B, C lan lugt 14 diém biéu dién cac sb phic z, =—1+3i;z, =1+5i;2, =4+i. S6
phirc biéu dién boi diém D sao cho tir giac ABCD la mot hinh binh hanh la:
A.2+31 B.2-1 C.2+3i D.3+51
Céu 32: ( dé Thir Nghiém B§) Cho cac sb phitc z thoa min|z|=4. Biét ring tap hop cac diém biéu dién cac s6
phtrc w = (3 +4i)z +ila mot duong tron. Tinh ban kinh r duong tron do.
A . r=4 B.r=5 C.r=20 D.r=22
[a+(b-1)i](3+4i) 3a+4b-4 3a-4b-3.
25 25 25

HD: Goi w=a+bi=(3+4i)z+i<z=

J(3a+4b—4)' +(3a—4b-3)
25 '
=|z|=4 > (3a+4b—4)" +(3a—4b-3)" =100* < a> +b> ~2b =399 < a’ +(b 1)’ =400. Vay r =20.

Céau 33: Trén mp Oxy, Tap hop diém biéu dién sé phirc z=x+ yi;x,y e R thoa min diéu kién: Phan thuc cta z bang

=|7|=



2A.1%u(‘)’ng thang y =0 B. duong thang y = 2 C.duong thaingx =2  D. duong thang y = - 2

Cau 35: Gia su M(z) la diém trén mat phang phuc bicu dién so phuic z. Tap hop cac diém M(z) thoa man dicu ki¢n
sau day: |2 + Z| = |1 - i| 1a mot duong thang c6 phwong trinh la:

A. —4x+2y+3=0 B. 4x+2y+3=0 C. 4x-2y-3=0 D. 2x+Yy+2=0

Cau 36: Trong mp Oxy, T4p hop diém biéu dién sé phirc z=x+yi;x,y e R thod man diéu kién: |z—i[=2

A. Puong tron (C):x? +(y-1)" =4 B. duong thing x -y =0

C. duong thaing x +y =0 D.Pudng tron (C): x? +(y—1)2 =2

Cau 37: ( dé Thir Nghiém B9 ) Cho sb phtrc z =2 +5i . Tim s phitcw =iz + z

A w=T7-3i B.w=-3-3i C.w=-3+71 A.w=-7-7i

Cau 38: Cho sé phic z= F+F . Trong céc két luan sau két luan nao dung?
=i 1+i

A. zeR. ‘ B. Zléséthuﬁnéo. . o

C. M6 dun cua z bang 1 D. z c¢6 phan thyc va phan a0 déu bang 0.

Céu 39: Cho sé phuc: 2= V2 -3i. Hay tim nghich dao cta s6 phiic z

Ciau 40: S6 phirc nio sau day 1a s thuc:

1-2i 1+2i 1+2i 1-2i 1-2i 1+2i 1+2i 1-2i
A z= -+ - B. z= -+ - C.z= -— - D.z= - ——

3—-4i 3-4i 3—-4i 3+4i 3—4i 3+4i 3+41 3-4i
Ciau 41: Gia tri cia: i'® +i% +i2°— 3 1a: A. 2 B. -2 C.2i D. -2i

.\16 . \8
Céu 42: Tim sb phitc w, biét w:ULfJ +GL'] A w=2i B.w=2 C. z=- D. w=-2i
—i +i
22008 | :2009 | :2010 | ;2011 , :2012
\ X T T 1T+
Cau 43: Phan thuc va phan docia z= la:
‘ - ‘ p ‘ i2013+i20‘14+i2015+izo16+izo1‘7 ‘ ‘ ‘

A. Phan thyc 0 ; phan 40 -1  B. Phan thyc 1; phan a0 0 C. Phan thyc -1; phan 40 0 D. Phan thuc 0; phan
aol

CAu 44: Nghiém cua phuong trinh 22> +3z+4 =0 trén tap sb phuc
g p g psop

A Zl:—3+\/§|;22:—3—\/2—3| B'21:3+\/2_3|;22:—3—\/2—3|
4 4 4 4
C. 21=_3+;/EI;2223_FI D. Zl:3+;/§|;22:3—;/§|

Cau 45: Goi z, va z, lan luot 1a nghiém ctia phuongtrinh: z> —=2z+5=0. Tinh F = ‘Zl‘+ ‘Zz‘

A. 2\5 B. 10 C.3 D. 6

Ciu 46 : Goi z,,7, 1a 2 nghiém phuong trinh z° —4z+5=0. Tinh A = (Z1 - 1)2013 + (22 — 1)2013

A A=-2 B.A=(-2)" C. A= D. A=-2""

Cau 47: Tim hai s6 phirc c6 tong va tich 1an Iugt 13 -6 va 10.

A.-3-iva-3+i B. -3+ 2iva -3+ 8i C.-5+2iva-1-5i D.4+4i va4d-4i

Ciu 48: ( dé Thir Nghiém B ) Ki hiéu Z,1a nghiém phirc c6 phan 4o duong cta phuong trinh 42 —162+17=0. Trén
mit phang toa do, diém nao dudi day 13 diém biéu dién sb phirc w =iz,?

A. Ml(l;zj. B. Mz(—l;z) C. M{—i;l]. D. M{i;lj.
2 2 4 4



Cau 49: Goi z; va z, 1a cac nghiém cua phuong trinh 22 —42+9=0.Goi M, N la cac diém biéu dién cua Z, va
z, trén mit phing phirc. Khi d6 do dai cia MN 1a:  A. MN =4 B. MN=5 C. MN=-2J/5 D.

MN =2+/5

tongT =|z,| +|z, ] +|z; |+,

A.T=4 B.T=2/3 C.T=4+2/3 D.T=2+23

Ciu 50: ( d& Thir Nghi¢m B¢ ) Xét s phirc Z thoa man (1+2i)|| =@—2 +i.Ménh dé nao sau day dung ?
zZ
A 2ci<n B. |7|>2. C. \z\<l D.l<\z\<é.
2 2 2 2
10 (a—bi
HD: Bt z=a+bi va [z|=c>0 thi (1+2i)c= ‘/f_ —2+i <:>(1+2i)c=M -2+
a-+ 0l C
a\/_ av10
cC— C+2=
_a 0 b\/— ) * c?
2c+ —1[1=0 suyra \/_ = \/_
2C+ b -2c+1= byl
10(a*+b*) 1
(c+2)"+(2c-1)’ =¥=—?:> c=1=|7=1
C C
DAP AN
1A 2D 3D 4B 5A 6C 7B 8A 9A 1C0
11A 12B 13C 14A 15D 16D 17A 18B 19A 20B
21A 22C 23A 24C 25A 26B 27C 28B 29B 30D
31B 32C 33C 34 35B 36A 37C 38D 39A 40B
41A 42A 43A 44A 45A 46D 47A 48B 49C 50D
CHUYEN PE : PHUONG PHAP TQA PQ TRONG KHONG GIAN
I/ PHAN NHAN BIET :
Céu 1:Cho 3 diém A(2;1;4),B(-2;2:6),C(6;0;-1).Tich AB.AC bang :
A.-67 B.65 C.67 D.33

Céu 2: Trong khong gian Oxyz ,cho mp(P): 2x -3y+4z =2016.Vecto nao sau day la vecto phap tuyén ctia mat
phang (P):
A.n=(-2;-3;4) B. n=(-2;3;4) C. n=(-2;3;-4) D. n=(2;3;-4)
Cau 3: Trong khong gian Oxyz ,cho mit cau (S): x> +y* +z° —8Xx+10y — 62 + 49 = 0.Tim toa d¢ tdm I va ban
kinh R ctia mit cau (S).
A.I(-4;5;-3) va R=7 B. 1(4;-5;3) vaR=7 C.1(-4;5;-3) va R=1 D. I(4-53) vaR=1 7
Cau 4: Trong khong gian Oxyz ,cho mp(P): x -3y+z-1 =0.Tinh khoang cach d tir diém M(1;2;1) d€n mat phang (P).

ad-Ys B.d-Y12 c.a->3 b.d=H3
3 ‘ 3 3 3
Cau 5: Phuong trinh mat cau di qua diém A(5;-2;1) va c6 tam C(3;-3;1) 1a :
A(X=3)+(y=-3)+(z-1)* =5 B. (x=3)>+(y+3)°+(z-1)*=5
C. (X=3)+(y+3)° +(z+1)?* =5 D. (x+3) +(y+3)°+(z-1)* =5

Ciu 6: Viét phuong trinh mit phing di qua diém M(1;-2;4) va nhan n= (2;3;5) 1am vecto phép tuyén
A.2X+3y+52+16=0 B. 2x+3y+5z-16=0 C. 2x+3y-52-16=0 D. 2x-3y+5z2-16=0
Cau 7: Phuong trinh mit phang (Oxy) la :
A X+y=0 B.z=0 C. x=0 D.y=0



Céu 8: Viét phuong trinh mit phing (P) di qua M(2:-1;2) va song song v&i mit phiang (Q): 2Xx—y+3z+4=0.

A.2X-y+3z-11=0 B.2x-y+3z-4=0 C. 2x-y+2z-11=0 D. 2x-y+3z+11=0
Cau 9: Xac dinh m va n dé mdi cip mat phang sau song song v6i nhau: 2X+my +3z2-5=0va
nNX—8y—-6z+2=0

m=4 m=—4 m=4 m=-4
A. B. C. D.
n=4 n=-4 n=-4 n=4

Céu 10:Viét phuong trinh tham s ciia dudng thang d,biét d di qua diém A(5;4;1) va c6 vecto chi phuong
a=(2;-31)

X=-5-2t X=5+2t X=5-2t X==-5+2t
A.qy=—-4+3t Biy=4-3t C.qy=4+3t D.<y=—-4-3t
z=-1-t zZ=1+t z=1-t Z=—-1+t

Cau 11: Viét phuong trinh tham s6 cua duong thang d,biét d di qua diém A(2;-1;3) va vudng goc véi mat phang
(P): x+y—-z+5=0.

X=5+2t X=1+2t X=5+2t X=2+t
A qy=4-3t B.Jy=4-3t C.qy=4+3t Diy=-1+t
z=1+t z=1+t z=1+t z2=3-t

Céul2 : Viét phuong trinh tham s6 cta dudng thang d,biét d di qua diém A(2;0:-3) va song song voi dudng thing
x-=1 y+3 z

ANime—="—r—=—.
2 3 4
X=5+2t X=5+2t X=2+2t X=2+2t
A . Jy=4-3t Biy=4+3t C. y =3t D. y=3
z=1+t z=1+t Z=-3+4t z=4-3t
Cau 13: Viét phuong trinh tham s6 cta duong thang d,biét d di qua diém A(1;2;3) va B(5;4:4)
X=5+2t X=1+2t X=2+2t X=1+4t
A qy=4-3t B.{jy=4-3t C. y =3t D.qy=2+2t
z=1+t z=1+t Z=-3+4t zZ=3+t
Cau 14: Trong khong gian Oxyz, cho A(3;2;-4),B(5;-4;4).Toa d6 trung di€m I ciia AB la
A.1(4;2;0) B.1(4;-2;0) C.1(-4;2;0) D.I(-4;-2;0)
Céu 15: Cho M(0;0;-2) va duong thang d: XT_I = yTH = % .Viét phuong trinh mit phang (P) chtta M va vudng

goc voi duong thing d.
A.4x-3y+z+2=0 B.4x+3y-z+2=0 C. 4X+3y+z+2=0 D. 4x-3y-z+2=0
Cau 16: Trong khong gian Oxyz, cho A(1;-1;1),B(0;1;2),C(1;0;1).Toa d¢ trong tam G cua tam giac ABC la:

1 2 2 4 2 4
A.G(2;0;4) B.G(g;O;E) C.G,( 5;0;5) P'G(_E;O;_E)
Cau 17: Lap phuong trinh mdt cau c6 tam 1(2;4;-3) va tiép xuc voi mat phang (P): 2x-y+2z2-9=0
A (X=2)2+(y—4)*+(z+3)* =25 B. (x=2)"+(y—-4)’+(z+3)’ =5
C. (x=2)+(y—4) +(z-3)* =25 D. (X=2)"+(y+4)* +(z+3)* =5
Ciu 18: Cho ba vecto a = (2;-5:3),b = (0;2;-1), ¢ = (;7;2) .Tinh toa d6 diém e = a — 4b — 2¢
A. e = (0;27;-3) B. e = (0;-27:3) C.e=(2273)  D.e=(0;-27;:-3)
Ciu 19: Cho duong thang d: XT+8 = S_Ty = _—i khi d6 vecto chi phuong ctia dudng thang d co toa do

A.(4;2;-1) B. .(4;2;1) C(4;-2;1) D.(4;-2;-1)



Ciau 20: Viét phuong trinh mat phang trung tryc ciia doan thang AB ,A(1;1;1) va B(1;3;-5).
A.y-32+4=0 B.y-3z-8=0 C.y-z2-6=0 D.y-2z+2=0

I/THONG HIEU v
Cau 21:Trong khong gian Oxyz, cho A(1;0;1) ,B(5;2;3)va mat phang (P) : X—2y—-272-9 =0 .Phwong trinh mit
phing (Q) chira AB va vudng goc v6i mat phing (P) 1a :

A x-2z2-1=0 B. x+2z-3=0 C.—-x-2z-3=0 D. x-2z+1=0
Céu 22: Lap phuong trinh mit cau c6 duong kinh AB vé&i A(4;-3;7),B(2:1;3)
A (X=3)  +(y+1D)*+(z-57=9 B. (X+3)>+(y=-1)’+(z+5)° =3
C.(X=3)+(y-1)>+(z+5*=9 D. (x=3)> +(y+1)*+(z-5)°=3
Céu 23: Lap phuong trinh chtra truc ox va diém P(4;-1;2).
A. X-2z=0 B.2y+z=0 C.y+z=0 D. x+4y=0

Ciu 24: Trong khong gian Oxyz cho 3 diém A(5;1:3),B(5;0;4),C(4:0;6).Viét phuong trinh mit phang (ABC).
A. X+2y+22-14=0 B.2x+y+z+14=0 C.2x4+y+z-14=0 D.2x+y+z=0
Ciu 25: Trong khong gian Oxyz ,cho A(5;1;3),B(1:6;2),C(5;0:4),D(4:0;6).Viét phuong trinh mit phang (Q) chira

AB va song song vadi CD.
A. 5x+9y—-102-74=0 B. 10x+9y—-52-74=0
C.10x+9y+52-74=0 D. 9x+10y—-52+74=0
Ciu 26:Cho A(1;0;0) va dudng thing A : XT_Z - yT_l - %.Tim foa do A’ dbi xtmg v6i A qua duong thing A :
AA(2;05-1) B.A’(2;0;1) C.A’(-1;2;0) D.A’(1;2;0)

Ciu 27: Cho M(1:4;2) va mit phang (P): X+ Y+ z—1=0.Tim toa d6 diém H 13 hinh chiéu ctia M trén mit phang
(P).

A.H(-1;-2;0) B.H(1;-2;0) C.H(1;2;0) - D.H(-1;2;0) v
Cau 28: Cho M(1;4;2) va mat phang (P): x+y+2z—1=0.Tim toa d) M’ dbi xiing v41 M qua mat phang (P).
AM’(3;2;0) B.M’(3;0;2) C.M’(3;-2;0) D.M’(-3;0;-2)

C:flll 29 : Cho meflt‘cﬁu (S) co QUbng kinh AB biét rang A(6;2;-5),B(-4;0;7).Lap phuong trinh ctia mit phing (« )
tiép xuc voi mat cau (S) tai diém A.
A. 5x+y+62-62=0 B. 5Xx+y—-62+62=0
C. 5x-y-6z2-62=0 D.5x-y—-62-62=0
Céu 30: Cho hinh chop A.BCD biét A(-2;6;3),B(1;0:6),C(0;2;-1),D(1;4:0).Tinh chiéu cao ctia hinh chép da cho.

A2 B> c.—— L
V77 V77 V77 V77
X=12+4t
Céu 31: Cho mit phing (& ):3X+5y —z—2 =0 duong thing d: { y =9+ 3t .Tim toa do giao diém M cta dudng
zZ=1+t
thang d va mit phang ().
A.M(0;-2;0) B.M(0;0;-2) C.M(-2;0;0) D.M(-2;-2;-2)

Cau 32:Cho A(-1;2;0),B(-3;0;2),C(1:2;3),D(0:3:-2).Viét phuong trinh mét cau (S) tm A va tiép xiic vi mit
phang (BCD).

A (X+3) 2 +(y+2)° +(z+2)° =14 B. (Xx=3) +(y+2)° +(z+2)°* =14
C. (X+3)’ +(y+2)° +(z-2)°" =14 D. (x=3)>+(y+2)*+(z-2)* =14
Ciu 33: Mit phang (« ) di qua M(0;0;-1) va song song véi gia ctia 2 vecto a= (1,-2;3) ,5 = (3;0;5) .Phuong trinh
mit phang (« ) la:
A. 5x-2y-32-21=0 B. =5x+2y+3z2+3=0
C.10x—-4y-62+21=0 D. 5x-2y-3z2+21=0

Céu 34: Phuong trinh mit phing (P) di qua hai diém A(4;-1;1),B(3;1:-1) va song song véi truc ox la:



A . X+y+z2=0 B. x+y=0 C.y+z=0 D. x+z=0
Cau 35:Trong khong gian Oxyz ,cho cac diém A(3;-4;0),B(0;2;4),C(4;2;1).Toa do diém D trén truc & sao cho
AD=BC la:

A.D(0;0;0) hodac D(6;0;0) B.D(2;0;0) hodc D(8;0;0)
C.D(0;0;-3) hoac D(0;0;3) D.D(0;0;0) hoac D(0;0;-6)
III/VAN DUNG

Ciu 36: Trong khong gian Oxyz,cho mit phang (P): X +2y +z —4 =0 va dudng thang d: XTH = % = 2%2

Phuong trinh dudng thing A : ndm trong mit phang (P),dong thoi ct va vudng goc voi duong thang d 1a :

x+1 y+3 z-1

A‘x—lzy—l_z—l

= B. =
5 -1 3 5 -1 3
C. x—1:y+1:z—1 D. x—lzy—lzz—l
5 -1 2 5 2 3

Cau 37: Cho diém M(2;1;0) va dudong thang A XT_I = yTH = il Puong thang d di qua diém M ,cit va vuong

gbc voi A co vecto chi phuong

A.(2;-1;5-1) B.(2;1;-1) C.(1;-4;2) D.(1;-4;-2)
Xx=1+2t
Céu 38: Cho diém A(0;-1;3) va duong thing d: { y =2 .Khoang cach tir A dén dudng thang d bang :
z=-1
A8 B. 3 C. V14 D. V6

Cau 39:Trong khong gian Oxyz,cho tam giac ABC c6 A(1;0;0),B(0;2;0),C(3;0:4).Toa do diém M trén mat phrfmg
Oyz sao cho MC vudng gbéc véi (ABC) 1a :

311 3 11 3 11 3 11

A (0;=;— B. (0;=;—— C. (0;——=;— D. (0;——=;——

(22) (22) (22 (22)
Ciu 40: Cho duong thang d: XT_:; = yT_?’ = é,mp(P): X+Y—2+3=0 vadiém A(1;2;-1).Duong thing A qua A

cit d va song song v&i mp(P) c6 phuong trinh :

A.x—lzy—2_z+1 x—lzy—2:z+1

= B.
-1 -2 1 1 -2 -1
C.x—lzy—2:z+1 D. x—lzy—2:z+1
1 2 1 1 -2 1

Ciu 41:Cho mit cau (S): X + Y +2° -2x-4y-62-2=0 v3 mijt phang (P): 4x+3y—122+10=0.Mit

phang tiép xuc vai (S) va song song v6i (P) c6 phuong trinh la:
A. 4x+3y—-122+78=0 B. 4x+3y—-12z2+78 =0 hodc 4x+3y—-12z2-26=0
C. 4X+3y—-122-78=0 hoac 4x+3y—-122+26=0 D. 4x+3y—-122-26=0
Ciu 42: Trong khong gian Oxyz,cho hai mit phang (P): 2x+ Y +1=0,(Q): x—y+z—1=0.Viét phuong trinh d
giao tuyén cua hai mit phang trén.

AX_yrl_z g X_y-l_z
1 -2 -3 1 -2 -3
c X_y-l_ z p X _y-1_-2z
-1 2 3 -1 2 3
n . . \ 2 x-1 y+1 z-2 . . iy . C
Cau 43:Trong khong gian Oxyz,cho duong thang A: 5 = " = " .Tim hinh chiéu vuéng goc cua

A trén mt phang (Oxy).



X=0 X=1+2t X=-1+2t X=-1+2t
A . qy=—-1-t B.{y=-1+t C.5 y=1+t D.{y=-1+t
z=0 z=0 z=0 z=0

Ciu 44: Trong khong gian Oxyz,cho mit cau (S): X* + Y’ + 2’ = 2x+ 6y -4z -2 = 0 yv3 mjt phang (P):

X+ 4y + z—11=0.Viét phuong trinh mit phang (Q) song song véi gia ciia vecto V= (1;6;2) ,vudng goc voi (P) va
tiép xtc vai (S).
A.{4x—3y—z+5:0 B[x—2y+z+3:0
4x-3y—-2-27=0 X—2y+z-21=0
c [3x+y+4z+1:0 b, [2x—y+2z+3:0
3IX+y+4z-2=0 2X—-y+2z-21=0
Céu 45:Trong khong gian Oxyz,cho mit cau (S): X* + Y’ + 2 +2x+4y -6z - 11 = 0 yvi mjt phang (P):

2X+6Y —3z+m=0.Tim tat ca cac gia tri m dé mat phang (P) cat mat cau (S) theo giao tuyén 1a dudng tron cd
ban kinh bang 3.
m=>51
A.m=4 B.m=51 C.m=-5 D.
m=-5

IV.VAN DUNG BAC CAO: ] i
Cau 46:Trong khong gian Oxyz,cho 3 diem A(1;1;1),B(1;2;1),C(4;1;-2) va mat phang (P):
X+Y+2=0.Tim trén (P) diém M sao cho MA”> + MB? + MC? dat gia tri nh6 nhat .Khi d6 M c6 toa do

AM(1;1;-1) B.M(1;1;1) C.M(1;2;-1) D.M(1;0;-1)
X=1+t
Ciu 47: Cho diém M(2;1;4) va dudng thang A: { y =2+t .Tim diém H thudc A sao cho MH nho nhét.
zZ=1+2t
A.H(2;3;3) B.H(3:4;5) C.H(1;2;1) D.H(0;1;-1)
Céu 48: Trong khong gian Oxyz,cho mit cau (S): X' + Yy’ +2° +4x -6y +m =0 vj duong thing d:
X y-1 z+1 _, X 7.4 Sy 2 A 1as N
5 = T = - .Tim m dé d cat (S) tai hai diém M,N sao cho d¢ dai MN bang 8.
A.m=-24 B.m=8 C.m=16 D.m=-12
Ciu 49:Trong khong gian Oxyz,cho hai diém A(1:4;2).B(-1;2;4) va duong thang A: X—_ll _Y Y 2 = é

Tim diém M trén A sao cho MA? + MB? =28.

AM(-1;0;4) B.M(1;0;4) C.M(-1;0;-4) D.M(1;0;-4)
Ciu 50: Trong khong gian Oxyz,cho diém A(2;0;-2),B(3;-1;-4),C(-2;2:0).Diém D trong mit phang (Oyz) c6 cao
d6 am sao cho thé tich ctia khéi tir dién ABCD bang 2 va khoang cach tir D dén mit phang (Oxy) bang 1 ¢6 thé 14 :

A.D(0:-3;-1) B.D(0;2;-1) C.D(0:1;-1) D.D(0;3;-1)
DAP AN

1D |2C 3D 4C 5B 6B 7B 8A 9C | 10B

11D [12C |13D | 14B 15C 16C 17A 18B 19C | 20B

21D |[22A |23B [24C |25C |26A 27D 28D | 29D | 30B

31B [32B [33B [34C |35A |36A 37D 38C | 39C | 40B

41A |42A |43B |[44D |45D | 46D 47A 48D | 49A | 50D







