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e 84 khing dinh rinh FRU S — Hinh Hoc Khong Gian (1ap 1)

Loi gici thiéu

Céc em hoc sinh thin mén! Céc em dang cdm trén tay mot cudn sdch tham khdo dic
biét danh cho hoc sinh THPT — mét cudn sdch vé ciing hiru ich 6 gitp cdc em n thi ky thi
THPT QG.

Trong 10 n&m qua, Moon.vn ludn 14 céng luyén thi truc tuyén tin cdy gitp nhiéu thé hé
hoc sinh 6n tép va dat dgc két qua cao trong cac ki thi tuyén sinh vao dai hoc. Moon.vn ludn
tién phong trong viéc cip nhat cdu tric lai bai giang pha hop véi nhitng dbi. méi cia Bé Gido
duc & Pdo tao. D3t vao tim thé clia ngudi hoe, Moon.vn hiéu ré nhitng khé khin va trd neai
ma hoc sinh dang gdp phéi trong viéc on thi, dic biét 1a vé tai lidu 6n tap. Nhung file bai
giang va d& luyén dinh kém dang PDF rét kho cho viéc theo ddi, sit dung (phdi in 4n, dong
tap) va khong théng nhit dé tra ctu, 6n Juyén.

Véi mong mubn gifip cAc hoc sinh tiép can nhitng cubn sich tham khao: Chét. hrong i
Khoa hoc — Chuin hoa — M6 pham, dbng thoi tiép can voi phuong phép gidng day trwc tuyén
tién tién cia cac tmo*ng dai hoc hang -ddu trén thé gidi nhw Harvard, MIT, Cambnge
Moon.vn cho ra mit dg an sich Moonbooks song song vdi cac khéa hoc truc tuyén cua
Moon. Mét su két hgp hoan hao giita séch tham khao truyén thong va giai phap cong nghe
gitp cac em chu ddng hoc tip & moi lic, moi noi. o

Céc video bai giang, bai tép luyén tap s& duge ma hod va gin mot ma sb 2oila ID, m3
s& nay dugc in vao céc d2 muc trong cudn sich cic em chi cin nhap mé ID ciia bai tip 1én
App hodc website 13 s& c6 ngay Ioi gidi chi tiét caa bai tap d6. Déi véi cic em dang s& him
cdc khda hoc tuong tmg, thi ¢4 thé theo tra ciru dwgc video bai gidng & cic muc 1y thuyét
dugc mi héa theo sach. _ - _

Céc bai gidng theo chii d¢ trong sach s& tuong tng véi chi dé trong khéa hoc trre tuyén
trén website Moon.vn, duge bién soan mdt cach chi tiét, khoa hgc, bam sat theo khung chuin
chuong trinh thi cia Bd Gido duc va Pao tao do céc chuyén gia giau kinh nghiém bién soan.

Day 14 du 4n méi, lan ddu tién tich hop ngudn tur Jiéu hoc tap khdng 16 duge luu trff trén
Internet vao cudn sach ciia cac em. Hi vong ring, cudn sach ndy s& 13 “Tai liéu tham khdo 6n
thi THPT Quéc gia” cia em va dbng hanh cing cac em trong sudt qué trinh 6n luyén.

MOON.VN -HQC PE KHANG PINH MINH
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HUONG DAN TRA MA ID

MBoi bai tip trong sich d2u dwge gin 1 ma XD a8 cb thé tra 1oi giai/video twong vmg trén
website Moon.vn va App trén dién thoai thong minh.

Pé tra citu dwge md ID trweée hét cin cé tai khoin ding nhip trén moon.vn, sau &6 sit
dung mi ¢io & bia sau cudn sach (cao vao phin tring bac dé ¢c6 mi kich hoat)

Sau d6 truy cip vao link http://www.meon.vn/tracuuid vi Bim theo hwing din dé kich
hoat tai khodn

" Sau diy 1a cich xem ID don gidn va nhanh chéng:

CACH 1: TRA MA TRUC TIEP TREN MOON.VN

‘Bu'(’rc 1:

k§ ti khodn Ghi chit: An vao phin ding ky,

dién diy da thong tin d& tao tai khoan

Bb qua buée 1 néu d3 c6 tai khoin;

b

. r

e Bwrdc2: Buwée 3: Bl.ro' 4:
| Ding nbip thikhoin — > PilamiD s |  Xem 104 gidi
L : . muc TIM ID chi tié

_ch_i tiet

e s
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PRO S — Hinh Hoc Khing Gian (L'dp 1)

CACH 2: TRA MA TREN APP

Buwdc 1:

Tai Moon.vn tai

Google Play hodic

.. “App Store

Bwée 2:
Ping nhip tdi khoan

K¥ higu viét tit ma ID:

Ghi chi: Tai irng dung va cai dit vio may;
Tién hanh ding ky néu chwa cé tai khoan; -

B6 qua bude 1 néu dé cai;

A Buée 3: 7 ‘ " Buérc 4:
— PibamilDé —>  Xemloigiii |
.. phinNhip mi S chitiée oo

ID video ky hiéu: TV dimg dau
ID bai tap Online: TT ditng diu

ID cau hoi bat ky: chi ¢6 ma sb




Hg< a khing dinh minh - FINU O — X1 IIYC DUy Lian (1 ap L)y

KIEN THUC NEN TANG HINH HOC CAN NHG

L. TAM GIAC VA CAC PUONG COBAN TRONG TAM GIAC

A

1. Pudng cao: La dudng thing nbi mbi dinh va vudng goc
v6i canh déi dién ciia n6. Mot tam gidc ¢6 3 dudmg cao va
chiing déng quy tai 1 dié_“:m, diém 46 duoc goi 1a triee tdm cla
tam giac. T

Vi du: Trong tam gie ABC ¢6 che dubng cao AE, BF vi CK déng
quy tai diém A Khi d6 H duoc goi 12 truc tim tam gide ABC,

2. Pudng trung tuyén: La duong thing ké tir dinh va di
qua trung diém canh dbi dign ctia dinh d6. Mot tam gidc c6 3
dudmg trung tuyén va chiing ddng quy tai 1 didém, diém do
duoc goi 14 trong tdm tam gidc. :

Vi du: Trong tam gidc 4BC cb céc dudng trung tuyén AP;
BN vi CM dbng quy tai trong tim G. '

. . : N 1
Khidétace: 26 _4G _CG _2.GN _GP_GM 1 ., GN _GP_GM _

GB G4 GC 2’

BN AP CM 3 BN AP CM 3
Tir 46 ching ta suy ra: MA =—MB; NA=-NC; AG =2GP;BG =2GN;CG = 2GM
3. Pwong trung trye:
La dudmg thing vudng goe voi mot .
canh tai trung diém cla canh d6. Mot )
tam gidc c6 3 dwong trung trrc ddng
quy tai 1 diém, diém d6 duoc goila tim  ,»——+L]
dudmg tron ngoai tiép tam giac.

Vi du: Diém 714 giao diém clia’3 dudng trung truc tam gide 4BC va didm 1 dugce goi 14 tam
dudng tron ngoai tiép tam gidc ABC tacé: Id=IB=IC=R.

4. Pwing phan gidc : La dudng thing chia mét gbe
trong tam giac thanh 2 géc c6 sb do bing nhau, Mot tam
gidc c6 3 dirdng phan gidc dong quy tai 1 didm va diém
46 dugce goi la tam dudng tron néi tiép tam giic ABC.

Vi dy: Trong tam gidc ABC ¢6 14 giao diém cia 3
dudng phan gidc khi d6 diém I cach déu cac canh AB,
BC va C4 vaTduge goi la tim dudng tron ndi tiép tam
gidc ABC. Taco: IN=IM =P




Hoe 88 Knimg Gioh sminh PRO S — Hinh Hec Khong Gian (13p 1)
5. Purimg trung binh : La dudng thing ndi trung didm A
2 canh cia mdt tam giac.
Hinh bén : MN 13 dudng trung binh cia tam gidc ABC . M X
Khi d6 ta cé : MN || BC va m:%gc. '

* IL HE THUC LUGNG TRONG TAM GIAC.
1. H¢ thirc vé canh va dwong cao trong tam gidc vudng.

Cho tam gidc ABC vudngtai 4 c6 dudmg cao AH . Dit AB=c;AC=5,BC=a; AH =h;
HB =c'va HC=54" nhu hinh 1. Ta ¢ cic cbng thirc sau:

+) Dinh 1y Pytago: 4B+ AC? = BC?
hay &’ =b* +¢* '
+) b* =ab'c* =ac'

+) B =b'c',bc=ah=28 ;.

1 P+ 11 a

e B ¥ &
Chi y: Trong tam giac vudng, dudng trung tuyén tmg voi canh huyén bing nira canh 4y.

+)

2.T§ sb lwong gidc cita géc nhon. &

Trong tam gidc ABC vudng tai A. Ta ¢b:

. AC AB
+) sinB=——:;cos B=——;
BC BC
1) tan]ﬁ?:ig cotB=2 AB
AB AC
+) sinC =£;cos€ =£;tanC =£;cotC AC
BC BC AC _ AB

3. H¢ thirc giira canh va goc trong tam gidc vudng.
Trong mdt tam giac vudng, mdi canh goc vudng bing:
a) Canh huyén nhin sin géc d5i hoic cosin goc ké.

b) Canh géc vudng kia nhin véi tan gdc dbi hodic nhan véi cotan géc ké. Ta cé:

b=asinB=acosC; c=asinC=acosB -

b=ctanB=ccot(; c=btanC=ccotB

L PINH LY TALET.
10



Hee ab kikng djoh einh KU D — FU0A B9C RORE GIan (1ap 1)

1) Cho tam gidc KCD uhu hinh v& didm 4 va B ln- © K
lwot thude cac canh XD va KC saocho 4B| CD

Khi d6 theo dinh 1y Talet ta c6: —o = =0 _ 22
KD

2) Cho hinh thang ABCD <6 AB||CD, goi
I=ACnBD.

. Khi @6 theo dinh 1y Talet ta cé : fé _1B_A4B

ID DCc

1V. CAC CONG THU'C CAN NHG.
1. Mot sb hé thite cin nhé trong tam giac.
Cho tam gidc 4BC c6 AB =c; BC=a;CA=b; h;h,;h, 1in lwot 1a @5 dai dudng cao ha tir

A,B,C xudng cac canh dbi dién, p= atb+e

13 ntra chu vi vi R,» 1in lugt 14 ban kinh
dudng tron ngoai tiép va ndi tiép tam gise ABC khi d6 ta ¢d céc cng thirc sau:

+) Dién tich: § ;. = %ah = %b.kb = %c.hc =pr= ‘;—l; =%ab sinC = %bcsin A= %acsinﬁ

+) B¢ thic Herong: S,,. =\/p(p-a)(p-8)(p—c).

. . ~ bZ +Vc2 _a2 ~ ~
+) Binh Iy hdm cos: cos A= BTV tirong tu cho cos B;cosC.
o _

P+ a

+) Cong thirc duémg trung tuyén ha tir dinh 4 : m = T

+) Bén kinh dudmg tron ngoai tiép —'— = —2— =< _2R.
sind sinB sinC

2. Di¢n tich tir gisc.

a) Dién tich hinh thang ¢6 4B ||CD va chidu cao A B
AH 18 S 5oy = ﬁ;ﬂ AH

11
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Hec && khidng dinh minh

b) Hinh binh hanh ABCD (hinh bén) c6 i b
Dién tich 1&: § ., = AH.BC i s
/‘/ : - d
¢) Dién tich hinh thoi ABCD la: § ~L4cap e /
2 B/___;MC!_./
{cong thirc nay d0ng cho moi tlr gide ABCD co H C

2 duong chéo vudng goc vdi nhau)

d) Dién tich hinh vuéng canh a: S =a’

¢) Dién tich hinh chir nhét ¢ d6 ddi2 canh 1a a va b la: S=ab

f) Dién tich hinh trdn ban kinh R : § = nR*, chu vi dudng tron C =2=R

12
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Chua dé 1:
[TV6000] QUAN HE SONG SONG TRONG KHONG GIAN
I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI

1.Hai dudng thing song song

Pinh nghia: Hai dudng thing dirgc goi 14 song

. £ . X A oAl a’
song v&i nhau néu ching cung thudc mot mit / /

phing va khéng c6 diém chung. l

4 _———
[}

Khi d6 hai duong thing a va b xéc dinh mot

miit phing ky hiéu 1a mp(a;b) _
allb -

Trong khong gian qua mot diém nim ngoai mot : :
dudng thing cho trude, co mot va chi mot dudng Moa _
thang song song véi duéng thang da cho. I///'://;I

/o

Néu 3 mat ph?mg d6i mét cét nhau theo ba giao tuyén thi ba giao tuyén d6 hogc ddng quy
hodc d6i mdt song song v&i nhau.

Hai mit phﬁngr phén biét lan luot chita hai dudmg thing song song thi giao tuyén (néu c6) cia
hai mit phéng noi trén s& song song véi hai dwdng thing d6 hodc tring véi mét trong hai
dudmg thing d6.

13
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Hoc 44 khiing djnh minh

d \@ ) . ., 3
o o o
d d; d d, 4 |
dlld |4, dEd] d=d,

Hai dudmg thing phan biét cling song song v&i mét dudng thing thi song song v&i nhau.
2. Pudmng thing song song véi mit phing _

Pinh nghia: Mot dudng thing duoc goi 1a song song
v6i mot mit phing, néu ching khéng c6 diém chung. y

Hinh bén ta cé: a|| (o) /
. oL

Néu mét duomg thing @ khéng ndm trong mit phing
(o) va song song véi mot dudng thing b nim trén

(o) thi a song song véi (o)

Cho dudmg thing @ song song voi mit phing (o).
Khi d6 néu mét mat phing (B} chita a vacét (a)

theo giao tuyén b thi @ song song voi b .

Néu hai mét phing () va (B) clng song song véi
mét dudmg thing & thi giao tuyén (ndu c6) cia chiing
ciing song song voi b .

14
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Véi 2 dudmg thing a va b chéo nhau cho trude, ¢b b

duy nhét mdt mit phing () chira ava song song véi

bb' - T b’
: M\
o a

Véi 2 duomg thing phin biét a va b khong song song véi nhau, va mot diém O cho trude,

cb duy nhét mdt mat phing (o) qua O va song song vdi (hodc chita) a vi b .

3. Hai miit phing song song,

Pinh nghia: Hai mit phing duge 2oi 1a song song

. néu chiing khong cé didm chung. /
()
/ﬁ\/ /

Néu miit phéng (o) chira hai dudng thing a va b cht

nhau va cling song song véi (B) thi (o) song song 4 X

o )
' BY /

Qua mdt diém 4 nim ngoai mit phing () cho truéc,

c6 duy nhét mot mit phing (B) song song véi (). 1 o4

e

Cho diém 4 khong nim trén mit phing (o). Khi d6

¢dc dudmg thing di qua 4 va song song véi (o) cing

nm trén mit phing (B) di qua 4 va song song véi
4 B\ -

15
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Cho hai mit phing (o) va (B) song song véi nhau. (/ \\

Khi d6 mét mat phing néu cit (o) va (B) lin luot AV
C £ \ o P / v s

theo céc giao tuyén a,b thi o song song voi b. e S

4; Phwong phap giai: _

a) Pé chiimg minh dudng thing d song song v&i mit phing (P) ta s& chimg minh dudng
thing d song song véi mot dudmg thang nim trong mit phang { P).

b) Pé chimg minh hai mit phing ( P_) va (Q) song song voi nhau ta ching minh hai dudnyg
thing a va b cit nhau nim trong mit phﬁng (P) song song véi 1an huot hai dudng thing
va b' ct nhau ndm trong mit phing (Q)

Ngodi ra chiing ta cin vin dung linh hoat céc dinh 1y va hé qué trong phén Iy thuyét vé qua1
hé song song dé giai toan.

II. ViDU MINH HOA

Vidu 1: Cho trdién ABCD co I, 14n lwot 12 trong tam tam gidc ABC va ACD. K.hang
dinh nao sau diy 13 dung

A. IJ BC B. 17 || BD - C.uU|cp D. I/ ]| 5C

Loi giai:
Goi M, N lan luot 1a trung diém coa BC va CD.

Do 1,J I4n luot 13 trong tAm tam gidc ABC va

ACD néntacod izﬂ 2 = IJ||MN

AM AN3

Mait khac MN 14 dudng trung binh trong tam gidc
BCDsuyra MN || BC

Do d6 1.7 || MN || BD . Chon B.

16



Hoc &k khing dinh mink . EANNS b ALAARAR RAYN ARARUARG \Evern & 4eps =y

Vidu 2: Cho hinh chop §.4BCD c6 d4y 12 hinh binh hanh. Goi M, N, P 14n luct 13 trung
diém cia AB,CD va SA.Khing dinh ndo sau déy 13 sai:

A.SC||(MNPYy  B.BC|(MNP) = C.DP||(SBC) D. PN||(SBC)

Lo gidi:

Goi Q 14 giao diém cia mit phing (MNP) véi SD
khidd PO = (MNP)'(‘\(SAD)

Mit khic MN || AD nén PQ|| AD || MN

" Lai 6 MP)|SB (dudng trung binh)

MNAMP=M

Mit khac MN || BC va
. BCNSB=3B

Do d6 (MNPQ)||(SBC)

Véy dap an C Ja dap én sai. Chon C.

Vi dy 3: Cho hinh chép S.4BCD cb day 13 hinh chit nhat ABCD tim O. Goi M va N Hn
Iugt 13 trang diém ctia S4 va SD. Khéng dinh néo sau day 14 sai:

A. (OMN)||(SBC) B. (OMN)|| AB_ C. (OMN)|| BC D. (OMN)|| SC

L gidi:

Xét tam gide SAC tacé: OM || SC (tinh chit dudng trung
binh trong tam gidc) o :

Tuong ty ta cd ON || SB

Khi d6 ta c6: (OMN){{{SBC)

Suy ra cac dap an A, C,D déu dung, B sai. Chon B.

Vidu 4: Cho hinh chép S.4BCD ¢6 d4y 13 hinh chit nhit 4ABCD . Goi M, P,( 1dn lugt I
trung diém ciia BC,$B va 4D . Khing dinh ndo sau ddy 1a ding.

A. (MPQ)||I(S4C)  B.(MPQ)||(SCD) C.(MPQ)(|S4  D.(MPQ)|/(SBD)

17



Hgpe 84 khing djnh minh Lower o UL AYC DUy wlald (139 E)

Lo gidi:
Xét tam gidc SBC ta cb: MP//SC (tinh chét
dudng trung binh frong tam giic)

Laicod: MQ| AB||CD

Do d6 (MPQ)||(SCD). Chon B. .

Vidu 5: Cho hinh chép S.ABCD c6 day 13 hinh chit nhit 4BCD- Goi M v N l3n Iug: 13
trung diém ciia SB va CD va P,Q lin lugt 13 trung diém ciia MB va NB. Khing dinh ndo
sau day la dang, ‘

A. PQ||(S4D) B. PQ{|BC C. PQ||SD D. Tét ca déu sai -

Loi gidi:
Goi E 12 trung diém caa SC khi dé:

ME {/BC//AD (tinh chit dudng trung binh)
Lai c6: NE//SD-do viytacd (MEN)//(SAD).

Mit khac PQ | MN (dudng trung binh trong tam gidc
BMN)

Suyra PQ//(MEN)//{SAD). Chen A.

Vidu 6: Cho hinh ling tru 4BC.A'B'C". Goi G la trong tdm tam gidc 4'AC va M 13
diém thudc canh 4B sao cho AB =2MB. thmg dinh ndo sau ¢y 14 ding.

A. MG|B'C B. MG{(A'BC)  C. MG|{(BCC'B') D. MG|| A'B

Loi gidi:

Goi E 1a trung diém cta A'C khi 46 ta cé:
‘é—i =2= % (tinh chit trong tAm tam gidc) suy ra
MG//BE . Do d MG|(A4'BC) .Chon B,

18




Hoc ab kning dinh minh U D — il Q¢ DHUIE ORAl | LAp 1)

Vidu 7: Cho hinh ling try ABC.A'B'C", goi H la trung diém clia 4'B’. Khing dinh nao
sau day 1a ding.

A. CB'||(4HC") B.EC”(AHC') C. BB'||(4HC") D. Tt c4 déu sai.

Loi gidgi:

Goi 14 giao diém ctia 4'C va AC'

Khi @6 713 trung diém cta 4'C

Mit khéc ta cé6 H 14 trung diém ciia A'B"
Suyra IH//CB'

Khi d6 CB'/(AHC"). Chon A.

Vi du 8: Cho hinh chép S.ABCD c¢6 dédy 14 hinh binh hanh tdm O. Goi M, N, P ln lugt 14
trung diém cta BC,CD va SC. Khéng dinh nio sau day 13 sai:

A. (MNP)||(SBD). B. SOJ|(MNP). C. OM [|(SCD). D. S4||(MPD)
Lei giii:
DE thiy theo tinh chét dwdng trung binh ta cé:
MP//SB
{ _ . = MN ||(SBD)
MN//BD ~ " '

Dudng thing SO thude miit phing (SBD) nén ta
ciing c6: SO||(MNP)

Mit khac OM || CD = OM |{(SCD). Chen D.

o ¢

Vidu 9: Cho hinh chép S.ABCD c6 déy 1a hinh binh haak. Goi G 1a trong tim tam gidc
ABC va N 1a diém thoa man SN = 2NA. Khing dinh no sau diy I3 dng

A. GN||(SBC).  B. GN| SD. C. SN|| CD. D. GN||(SCD).

Loi gidi: |

Goi M 1 diém thudc SB sao cho SM = 2MB khi

d6 MN || AB||CD

Lai o6 B8 BM _1
BD SB 3

Do viy (MNG)||(SCD)
Do vily GN [|(SCD). Chen D.

= GM || 8D

1%
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Hoc 84 khdng dink minh

Chii dé 2:
[TV6001] VECTO TRONG KHONG GIAN
I. LY THUYET TRONG TAM VA PHUONG PHAP GIAL
1. Pinh nghia:

Vécto trong khong gian 13 mdt doan thing ¢6 huéng. Ki hiu 4B chi vécto ¢6 diém diu 4,

diém cubi B . Vecto condc kihidu la a;b;¢c.........

2. Céc quy tic vé vecto.

+) Quy tic 3 diém: AC = AB+BC hodc: AC =BC—BA "___A_V_ s B
+} Quy thc hinh binh hanh: cho hinh binh hinh ABCDta JAN £
c0: AC = AB+ AD - - e _.,-/

!)'f l:f'
+) Quy tac trung diém: Néu M la tmhg diém cia 4B thi a4 M | B
") uy tacin TR, CHRTI
MA+MB=0

+) Quy tic trung tuyén: Néu AP 13 trung tuyén ciia tam
gific ABC thi: 4P =%(E+R’) -

+) Quy téc trong tim: NduG 14 trong tam tam gidc 4BC
thi: GA+GB+GC =0

Khi d6 v6i moi diém M ta c6: MA + MB + MC = 3MG
+) Quy tic hinh hdp: cho hinh hop ABCD.A'B'C'D'thi: 4B+ 74"5 +A44'= AC'

+)Néu G 14 trong tam tir dign ABCD ta c6; GA+GB+GC+GD =0

3. Sy dong phing ciia cic vécto, didu kién dé ba vécto ddng phing.

Pinh nghia: Ba vecto goi 14 ddng phéng néu céc gi4 cha ching ciing song song véi mdt mét phing.
Piéu kién dé ba vecto dong phing:

Pinh 1i 1: Bidu kién cin va di d8 ba vécto a;5;¢ ddng phing 13 hodc a va b cing phvong
hodc tn tai cac s& m;n duy nhét sao cho c=ma+nb.

Pinh li 2: Néu a;b;¢ 1a ba vecto khéng ddng phing thi véi mdi vécto d ti‘ong khéng gian, ta
tim dwoc céc s m,n, p duy nhét sao cho d = m.a+nb+ p.E.
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o 08 khing e mih FKU D — HINN HOC KNONE Gian (1ap 1)

4. Tich vb hudng cia 2 vecte. .

Géc gifta 2 vecto @ va b khac 0 dugc dinh nghia N,
bing goc A0B v&i Od=a; OB =5 LN

Néu a hoiic b béng 0 ta quy udce goc giita chung ¢6 - Y
thé nhan mdt gia tri tuy ¥. T ~ee A

Tich v6 hudng gifra 2 vecto a va b 13 rncf)t 56, duoc ky hiéu ab ‘va dugc xac dinh bdi.

i llbl

—I | lblcos (a b) tr d6 suy ra cosin goc giita 2 vecto .a va b Ia cos a; b

EILB@COS(&;E):O@ ab=0.

Cho 3 vecto a; b; ¢ va sb thue k. Khi d6 ta c6:
i) ab=ba; i) E(B+E)=EB+E.E

iti) (k)b = k(aB) = a.(kB) iv) |Zz|2 -2

II. ViDU MINH HOA

Vidu 1: Cho tir dién 4BCD, goi I;J lin luot 14 trung diém cia 4D va BC va & la trong
tam tam gidc BCD . Khing dinh ndo sau diy 1a sai.

A. 4C+BD=AD+BC B. 4B+CD =21
C. 4B+ AC+ 4D =34G . D.IC+IB+JA+JD=0
Lei gidgi: |

Tacod: IJ=IA+AB+BJ ; IJ=ID+DC+CJ

Suyra 27J =IA+ AB+BJ + ID+DC+CJ =AB+DC do .
do dap 4n B sai. '
A dingvi AC+BD = AD+BC < AC~AD=BC—BD

= DC=DC
(B =21
D dtng vi: do dé IC+IB+JA+JD=0
JA+JD =271 .

C dang (tinh chét trong tAm). Chon B
21




mRwwsse v " PRO S — Hinh Hoc Khéong Gian (Tap 1)

Hoc aé khdng djnh minh

Vi dy 2: Cho hinh chép S.4BC. Trén céc canh S4 vi BC lan luot 14y cac diém M va N
sao cho MB =-2MA; NB = %-CTV . Khéng dinh ndo sau day 14 dang.

A. Ba vecto 4B; MN; SC dbng phing. B. Ba vecto AB; MN; SC khong dbng phing,

C. H—N=—1—§E‘+~§~E | D. Ci A va C déu ding

U

Loi gidi:

Ta cé: W:ﬂ+ﬁ+ﬁ=%ﬂ+ﬁ+é§5

Lai ¢é: SA+AB+BC=3SC nén SA+BC =SC - AB

Khi dé: ]\—JI—V:S——TB+E=%§+2AB dodd bavecto 4

AB;MN;SC ddng phing suy ra ca A va C déu ding.
Chon D.

Vi du 3: Cho tir dién 4BCD. Ly cic didm M va N lan lugt thude 4D va BC sao cho
AM =3MD; NB=-3NC.Biét AB=a va CD=b. Hay biéu dién vecto MN theo a va b

A.ATN=%a——b B. MN=a-3b C.W:%&-&%E " D. MN =a+3h

Lai gidi:

Ta c6: MN =MD +DC+CN (1)

Lai c6: M—N=AZ4°+E+ﬁF(2)

Mat khac : m+3M—D=5;ﬁ+3ﬁ=6

Léy (2)+3.(1) ta duge 4MN = 4B+3.DC

Do @6 W:%E—%E . Chon A,

Vi du 4: Cho hinh hép 4BCD.A'B'C'D'. Goi O 14 giao diém ctia AC va BD. Khing dmh
ndo sau diy la sai.

A. AB+AD+ AAd'= AC" _ B. AB'+B'C'+D'D=AC

C. A4+ A'B+A'C+A'D=44'0 D, A'A4+A'B=A'C+A'D
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Tacé: 4B+ AD+ A4 = AC+A4'=AC+CC = AC" B c
Do vay A ding.

=AC'+C'C=4C suyra B ding.

Mitkhéc: 4'A4+A'C=24'0 va A'B+ A D=24'0
Do d6 C ding, D 1a dap an sai. Chon D.

Vi dy 5: Cho hinh ling try ABC.4'B'C". Goi I va J 1in luot 13 trung diém cia BB va
A'C', diém K thudc B'C' sao cho KC'=~2KB'. Khi 46 tacé AK =mAl +n4J, gié tri ciia
m+n la.

A.m+n=§ B. m+n=1 C.m+n=2 D.m+ﬁ=§

Loi gidi:

Taco: AK = AI+IB'+B'K (1); 4K =47 +JC'+C'K (2)

Liy 2.(1)+(2) ﬁduqc:
34K =241+ AT+ 2IB'+ JC'+2B' K+ C'K
\---wn.-ﬂ—/

0

=2AI+ AT+ BB+ A'J =241 + AJ + 4

Do dé AK = 3(,41Jusu):>m+n:i Chon A.

Vidy 6: Cho hinh hip ABCD.4'B'C'D'. Dt BA=a; BB'=b; BC=c.Goi M vi N lin

| krgt 12 hai diém ndm trén AC va DC' sao cho MC = ndAC;C'N =mC'D. Tim m vi n biét
ring MN || BD'.

Am=tin=?2 B'.m:n:l_ C.men=2 . D.m
3 . 3 3 :

W] =

1.
3}

I
IR RS
|1 =
j

Loi gidi:

Tacé: BD'=BD+DD'=BA+BC+DD'=a+b+e
Lai c6: MN =MC+CC'+C'N =nAC+b+mC'D
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Hoe 42 khing dinh minh

lytrobviyipiniiein ' PRO'S - Hinh Hoc Khéng Gian (Tép 1)

- (BC~Fi)+5+m(CC+TD)

=n.(2‘—a)+5+m(—5+a) :(m—n)a+(1—m)5+n5

Khi 46 MN || BD'= MN =k.BD'

mon _1tm 7 _tel 3 ChenD.
T 1 1 1

Vidu 7: Trong khong gian, cho 2 tia Ax vad By chéo nhau sao cho 4B vudng goc vGica2
tia d6. Cdc diém M va N ln hrot thay ddi trén Ax vA By sao cho d6 dai doan thing M
khéng d6i va luén bang a (a> AB). Goi ¢ 14 goc gitra 2 tia Ax va By. Gi4 tri 16n nhit cla
bidu thite T = 24M BN 1a: '
a’ — AR a’ - AB? a’ - AB?
- ' ma"=2-1-cos<p C: T = 1-cosq

_ a’*—AB*
2—cos@

* < max

" 1+cos @

Loi gidi:.

L2 By N vy TYA
Taco: a* = MN? = MN :(MA+AB+BN)

=[ (- NB)+ ZET = (bA-NB) +4B°.

[( ddy taco MA L AB;NA L AR nén
(MA-NB).4B=0]

= a’ = MA® + NB" + AB" —~2MANB

Suyra a* = MA* + NN* —2MANBcoso+ AB*

> 2.MANB+ AB* —2MANBcos¢
Do d6 a® — AB* 2 2MANB(1-cos¢)

2 2
Suyra T =2.MANB < E—w—-ﬁ—. Chon C.
I-cos¢
Nhén xét: Py 12 ciu hoi kha hay va khé, ¢6 thé ding dé phan loai hoc sinh khé gidi. Tuy -
nhién bang cach sir dung khéo 1éo cong cu vecto trong khong gian ta c6 thé giai quyét bai -oén
mot cach dé dang.
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Hoc 8 khing gjnh mink

PKU > — Himh Hoc Khong Glan (13p 1)

ML[TT6002) BAI TAP TU LUYEN
Céu 1: [302218] Cho ba vecto a,b,¢ khong ddng phing

Xét cac vecto x=2a—b; y=—4a+2b; 2=

3b—2¢ . Chon khiing dinh dimg?
A, Hai vecto ;z ciing phucng. B. Hai vecto x;» cing phuong,
C. Hai vecto x;z cing phuong,. D. Ba vecto x;y;z ddng phéng.

Céu 2: [302223] Trong mit phing cho tir gidc ABCD c6 hai dudng chéo cht nhau tai O.
Trong cic khang dinh sau, khing dinh ndo sai?

- — JR— —_—

C. Néu Od+0F +0C+0D =0 thi ABCD 14 hinh binh hanh,
D. Néu O4+0B+20C+20D =0 thi ABCD 14 hinh thang
Cau 3: [302225] Cho hinh hop ABCD.4,B,C,D,. Chon khing dinh dling?

B. CD,, 4D, 4,

C @;, E,ATC‘ ddng phing, AB, 4D ﬂ ddng phing.

A. BD, m, B—q ddng phing. déng phing.

Céu 4: [302227] Cho ba vecto a,5,¢ khéng ddng phéng

Xét cac vecto x =2q + b;y=a-b-c;z=-3b~2ec. Chon khéng dinh dang?

A. Ba vecto x;y;z dong phing. ‘B. Hai vecto ' x;a cing phuong.
C. Hai vecto x;5 cung phuong. D. Ba vecto x;y;z dﬁi mét cing pmrong.
“Chus: [302231] Cho hinh hép ABCD.AB,C, D,. Tim gid tri clia k thich hop dién vio ding

thitc vecto: AB+BC +DD kAC

A k=4 B.k=1 C.k=0 D.k=2

Cau 6: [302233] Cho hinh hGpABCDA’B’C’D’cétﬁmO. Goi 7 13 tAm hinh binh hanh
=x, DB'=y . ding?

A. 251'=—Z(£+§+}+}) B. 26?=-—%(£+§+§+})

S — 1 - -~ - =

C. 2OI=5(u+v+x+y) D. 201=Z(u+v+x+y)
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Ciu 7: [302236] Cho hinh ling tru tam gidc ABC.4,B.C,. Pit

H =a, AB=b, AC=¢,BC = E,trong cac déng thirc sau, ding thirc ndo ding?
A.a+b+e+d=0 B. a+b+c=d C.b-c+d=0 D.a=h+c

Ciu 8: {302239] Cho hinh hép ABCD.EFGH. Goi [ & tim hinh binh hanh 4BEF va K 14 tar

hinh binh hinh BCGF. Trong céc khing dinh sau, khing dinh nio déng? '

A. BD, 4K, GF df)né phéng. 'B. BD, IK, GF dbng phing.
C. BD, EK, GF dbng phing. D. Cac khing dinh trén déu sai.

C#u 9: [302370] Cho ti dién ABCD. Goi M va N 13n lwot 13 trung didm ctia 4B va CD. Tim
gid trj cta k thich hop dién vao diing thitc vecto: MN = k(% + B—D)

A.k=l B k=

1 C. k=3 D.k=2
2 3

Ciu 10: [302245] Cho hinh hép ABCD.4 B,C,D,. Trong cac khing dinh sau, khéng din»
nao sai? '
A. AC +4C=24C B. AC,+C4, +2CC=0
C. AC, + AC = A4, D. C4 +AC=CC,
Céu 11: [302250] Hiy chon ménh d& ding trong céc ménh dé sau déy:
A. Tt gidc ABCD 14 hinh binh hanh néu 4B+BC+CD+DA=0
B. Tt gidc ABCD 14 hinh bink hanh néu AB =CD
C. Cho hinh chép S.4BCD. Néu ¢6 SB+8D = SA+SC thi tir gitc ABCD 14 hinh binh harh
D. Tt gide ABCD 12 hinh binh hanh néu 4B+ AC = AD

Céu 12: [302252] Cho hinh 1:3.;5 phuong ABCD.A'B'C' D' . Trén cic dwdng chéo BD va AD
clia céc mit bén I4n Iugt 1y hai didm M, N sao cho DM = AN. MN song song v6i mit phing
nao sau day? :

A. (4DB') | B. (A'b'Bc) C. (4'4B) D. (BB'C)

Céu 13: [302260] Trong khong gian cho diém O vabén diém 4, B, C, D khéng thing hang.
Didu kién can va dit ¢ 4, B, C, D to tharh hinh binh hanh la:

A. OA+%OB OC’+ OD B. OA+20C 0B+2OD

C. 52+5€‘=§?+ED D. O4+0OB+0C+0D =0
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Ciu 14: [302264] Cho hinh hop ABCD.A’B’C’D". Goi I vi K 13n ot 14 tAm ciia hinh binh
hanh ABB’A’ va BCC'B’. Khing dinh nio sau déy sai ?

A

A.Bon diém I, K, C, A ddng phing B. IK = A

B[ —
B [ =

C.Bavecto BD;IK;B'C" khong dong phing. D. BD+2IK =2BC

Cau 15: [302268] Cho tir dién 4BCD. Trén c4c canh 4D va BC 1an lwot ly M, N sao cho
AM =3MD; BN =3NC . Goi P, Q lan luot 13 trung diém ctia AD va BC. Trong cac khang
~ dinh sau, khang dinh nio sai?

A. Cic vects BD,AC,MN khong ddng phing. B. Chc vecto MN,DC, PQ ddng phing.
C. Céc vecto 4B, FC",P—Q déng phing, D. Céac vecto AB,DC, MN déng phéng.

Céu 16: [302271] Cho t&t dién ABCD cb céc canh déu bing a. Hay chi ra ménh & sai trong _
c4c ménh dé sau day:

2
A. AD+CD+BC+D4=0 B. AB.AC:%»
C. AC.AD= ACCD D. AB 1 CD < ABCD=0

Céu 17: [302274] Cho tit dién ABCD. Dt 4B =a, AC =b, AD =¢, goi G 1 trong tAm cia
tam gidc BCD. Trong céc ding thirc sau, ding thirc ndo ding?

A. AG=b+c+d B. A—=—(b+c+d)
C Z@:-(b+c+d) D A_"=—(b+c+3)

ding

—_ — —— — =

trong tam cua tir dién). Goi Go 12 giao diém ciia G4 va mit phing (BCD). Trong cac khéng
dinh sau, khing dinh nao dang?

A. GA=-2GG B. GA=4G,G C. GA=3G,G D. GA=2G,G
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Cau 20: [302278) Cho tit dién ABCD. Goi M, N l4n lugt 14 trung diém cia AD, BC. Trong
céc khing dinh sau, khing dinh nao sai?

A. Cic vecto AB, DC, MN dbng phing.

B Céc vecto AB, AC, MN khong ddng phing.
C. Cac vecto AN, CM, MN dbng phéng.

D. Cic vecto BD, ZE’, MN ddng phing.

Can 21: [302369] Cho ling tru tam gidc ABC.A'B’C’¢d AA' =a, AB= z? AC =c . Hay phin

tich (biéu thj) vecto BC' qua céc vecto a,b, c.

A. BC'=a+b-c ' B. BC'=~a-+b—c

C.BC'=—a-b+c D. BC'=a—b+c¢
Céu 22: [302296] Cho hinh lap phuong ABCD.4,B,C\D,. Goi O ]a tim ctia hinh l4p phuong.
Chon déng thite ding? *

— 1y —— — —

A. Ao=§(AB+AD+AAt) O=%(E'+E+A—A,)

=
i

C. A0=1(E+E+E) . _ D. AO:E(AB+AD+AA,)--
4 3
C#u 23: [302299] Trong céc ménh & sau day, ménh d& nao ding?
A.Th AB=34C ta suy ra BA=-3C4

B.Néu 4B = —%Eé thi B 14 trung diém doan AC.

C.Vi AB=-24C+5A4D nén bén diém'4, B, C, D ddng phing
D. Tit 4B =-34C tasuyraCB=24C

Ciu 24: [302300] Cho tir dién ABCD. Goi M, N 1an luot 14 trung diém clia AB, CD va G 13
trung didm ctia MN. Trong cc khing dinh sau, khing dinh nao sai?

A. MA+MB+MC+MD=4MG B. GA+GB+GC=GD
C. GA+GB+GC+GD=0 " - D GM +GN =0
Cau 25: [302374] Cho ling try tam gidc ABC.A'B’C’ ¢ Ad'=a, AB=b,AC =¢. H yph‘

tich (bidu thi) vecto B'C qua cac vecto a, b, c.

A. =a+b-

‘ ®
L]
"E’\ °'E.|
0l 0O
il
|
2
+
o
+
o)

Ol
[»- 30

+b+

Q|

C.

by

C=
28
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. Cau 26: [302376] Cho hinh chép S.ABCD. Goi O 1a giao dlem cua AC va BD. Trong cac
khing dinh sau, khiing dinh néo sai?

A.Néu SA+ 5B +25C+25D =650 thi ABCD 14 hinh thang.
B. Néu ABCD 14 hinh binh banh thi SA+ 5B+ SC+ 5D =450 .
€. Néu ABCD 14 hih thang thi 54+ 58 +25C + 25D = 650.

D. Néu 54+ 55 +5C+ SD =480 thi ABCD 13 hinh binh hanh.
Céu 27: [302377] Cho hinh hop ABCD.A’B’'C’D’ cb tAm O. Dit AB=a:BC =b. M1 didm
xéc dinh boi OM = %(5 —F). Khing dinh ndo sau diy diing?

A. M 14 trung diém BB’ " B. M1 tam hinh bink hinh BCC'B’

C. M 14 tam hinh binh hinh 4BB’4’ D. M4 trung diém CC”

Céu 28: [302382] Cho ttr dién 4BCD. Goi P, ( 13 trung diém cia 4B va CD. Chon khéng
dinh ding?

A P -L(50. D) B. FQ:%(BT:#E)
C.E;%(E—E) D. PQ=BC+AD

Céu 29: [302383] Cho tir dién ABCD. Goi M va P lan lugt 1a trung diém cia 4B va CD
D3t AB =5, AC = ¢, AD=4d. Khiing dinh nao sau day dnng? '

A. Hﬁ:%@mz‘,) | B. MP-

C. w:%(zurz._a) | D. WP -
Cau 30: [302389] Trong cic ménh dé sau ddy, ménh d2 nio sai?

A. Vi 12 trung didm doan 4B nén tir O bét ki ta cb: OF %("02+@).

B.Vi 4B+BC+CD+DA=0 nénbén didm 4, B, C, D ddng phing,

- C.Vi NM +NP=0 nén N 1 trw 7 diém doan MP.

D. Tirhé thitc AB=24C—84D ta suy raba vecto 4B, AC, AD ddng phing.

29




bl PRO S ~ Hinh Hoc Khéng Gian (Fiap 1)

Ciu 31: [302400] Cho hinh tir dién ABCD c6 trong tim G. Ménh d& ndo sau déy sai?

A. AG=E(A—B+R‘+E) B. AG=1(E+A_C'+E)
3 4

C. 0G=

%(@+@+&5+@) D. GA+GB+GC+GD =0
Céu 32 [302301]: Cho hinh chop S.ABCD c6 day 1a hinh binh hinh tim O. Goi G 14 didm

A. G, S, O khong théng hang. B. G§ =40G
C. G5 =506 - - D. GS =30G
PAP AN TRAC NGHIEM

0(.B |02.B |03.C |04.A |05.B |06.A (07.C |08.B [09.A |10.C |

li. C |12.B [13.C |14.C |[15.C |16.C |17.B |18.B |[19.C |20.C

21.D |22.B {23.C (24 A |[25.D |26.C 27.A |28.B (29D 30.B

31.A |32.B
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Hoc ab khing Ginh minh LA O~ OLIN LY DUUIE Gadl (LEp 1)

Chii dé 3
[TV6003] QUAN HE VUONG GOC TRONG KHONG GIAN

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI .
1. Hai dwimng thing vudng géc.

Goc gitta hai duomg thing a va b trong khong gian 13 géc gifra hai dudng thing o' va b'
cing di qua diém O va l4n luot song song véi a va b

Hai dudng thing a va b dwoc goi 12 vudng gbc v6i nhau néu gbe gitta chiing bing 90°
Néualbvab||b' thialbd'
2. Dwong thing vudng goc véi -mi:lt phing. d

Djinh nghia: Pudng thing d dwoc goi 1a vudng gbe _
v6i mit phing (o) néu d vuéng goc véi moi dudmg ‘j

2 3 a : '
thang nam trong (a). : &\ \ :

Pinh Iy: Néu dudng thing A vuéng gdc véi hai dudmg thang khéng cing phuong @ v b ma mdi

dudng thing nay nim trong (o) hodc song song véi (o) thi A vubng géc véimit phing (o)

- Cho 2 m3t phing song song. Pudng thing nio vudng ‘

goc v6i mit phang nay thi cfing vudng goc v&i mit /

phéng kia.

Hai miit phing phin biét cang vudng goc vm mét

& : /
dwomg thing thi song song véi nhau. Lﬁ/ ' ! /
\
Hai dudmg théng phan biét clung vubng goc véi mdt
K L / .

miit phing thi song song véi nhau.
Qua diém O cho truée ¢6 duy nhit mot mit phing (o) vudng goc voi dudng thing A cho

true. Tét ca cde dudmg thing di qua O va vudng gbc véi dudng thing A nim trong mit
phéng (o) néi trén.
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Qua diém O cho trudc ¢b duy nhit mot dudmg thing A vudng goc véi mot mit phang (o)

cho trude.
Phép chiéu song song 1én mit phang () theo
phuong A vudng goc voi mit phing () goi 12 phép

chiéu vudng géc lén mit phing (o)

Cho duong thing b khéng vudng goc v6i mit phing
() va dudng thing @ ndm trong (). Khi do diéu
kién cin va dii dé a vubng goc voi b 13 a vudng goc
v6i hinh chiéu &' ciia b trén (o).

3. Hai miit phing vudng goc véi nhau.

Gée giita hai mit phang 13 gée gifra hai dudmg thing
14n lwot vudng goc véi hai mit phing do.

Hai mit phing dugc goi 4 vudng goc v6i nhau néu
gbe gitra chiing bang 90°,

Néu mét mit phing chira mot dudmg thing vudng goc
v6i mdt mit phing khéc thi 2 mit phing d6 vudng
g6¢ vai nhau. '

AN A
I
A
= oo 551'\
N R I .
/ - _H Ko ' //
. a
Py ' :
B~

Néu 2 mit phing (a) va (B) vudng gbc vol phau thi bAL cit dirémg thing @ ndo nim trong

(), vudng goc voi giao tuyén cia (o) va (B) déu vudng goc véi mét phang (B)

Néu 2 mit phing () va (B) vudng goc v6i nhau va 4 1a mdt diém nim trong () thi dudng

thing a di qua diém 4 va vuéng goc véi (B) s& ndm trong (at).

Néu 2 mit phing cit nhau va vudng gbc voi mat phéng thir 3 thi giao tuyén cia chiing vudng

goc voi mit phing thi 3.
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Qua dudmg thing o khdng vudng gée voi
miit phing () c6 duy nhit mat phing

(B) vudng goc véi mit phing (ot).

4. Phwong phap giai.

dla

a) Pé ching minh dwong thing 4 vudng géc v6i mit phing (P) ta s& chimg minh {d s

trong d6 @ va b 1a 2 dudng thing cit nhau nim trong mt phing (P).

b) Dé chitng minh 2 m3t phing (P) va (Q) vudng géc véi nhau ta s& chimg minh mot dudmg
thing d ndm trong miit phing (P) vuéng géc véi mit phing (Q) hodic nguge lai, mét dirdng
thing ndo d6 nim trong mit phing (Q) va vudng goc v6i mit phing (P).

Ngoai ra chiing ta nén van dyng linh hoat kién thirc vé quan hé song song, quan hé vudng goc
trong khong gian dé gisi toan.

. Vi DU MINH HOA

Vi dy 1: Cho hinh chép S.ABC c6 day 14 tam gidc vudng tai B va S4 .| (ABC) .Goi Hvak
14n Tugt 12 hinh chiéu vudng géc clia 4 trén SB va SC. Khing dinh ndo sau day 12 sai.

A.BCL(S4B)  B. AH L(SBC)  C.AK1(SBC)  D.HK L AH

Léi gidi:

BC 1 4B
Ta co: {BC s BC 1(S4B) nén A dling
Suyra BC L AH [laic6 AH | SB=> AH 1(SBC) nén
B dtng]. Khi 6 4H 1| HK nénD dtng.
Khing dinh sai 13 C. Chon C.
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Vidu 2 : Cho hinh chép S.ABCD c6 day ABCD 14 hinh thoi tAm O. Biét ting S4 = SC vi
SB = SD . Khang dinh nao sau déy 1 sai.

A. SOL(4BCD)  B. ACLSD C. (SBD) L (84C) D. (84B) L(SCD)

Léi gidi: |
Do tam gidc SAC va SBD cin tai S, do d6 ta c6:
SOLAC;S0 L BD= SO L (ABCD)

., [4CLBD
Lai co => AC 1 SD va AC 1 (SBD)
AC 1 50

Do do (SBD) L (SAC) do d6 céc khing dinh A, B va
C 1a cic khing dinh dang. Chon D.

Vi du 3: Cho hinh chép S.4BCD c6 ddy ABCD 1 hinh vuéng vi S4 L (4BCD). Goi H va
K 13 hinh chidu vuéng gc cia 4 lin luot 1én SB va SD. Mt phing (4HK) cht SC tai 1.
Khing dinh nao sau day 1a sai.

A. SCL({4HK)  B. AH L(SBC) C. HK 1(84C) D. BC L(SCD)

Lai gidi:

- ) {BCJ_AB
Tacé:

= BC L(SA4B).
BC 154
Do d6 BC L AH ,lai c6 AH 1 SB= AH 1(SBC)

Tuong ty AK L (SCD)

1
Suy ra {AH ¢, sc 1(4HK).

AK 1 8C

Do tinh chét déi xtrng nén d& rang suy ra HK || BD

BD 1 AC

Mait khac
{BD 154

= BD 1 (SAC) = HK 1 (SAC) nén C dimg.

Pap 4n sai 1a D. Chen D.
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Vi du 4: Cho hinh chdp ABCD c6 day 14 hinh thang vudng tai 4 va B, SA L (ABCD). Dyng
AM 1 SB, mit phing (AMD) cit hinh chop theo mét thiét dién 13 hinh gi.

A. Hinh thang vuéng B. Hinh thang cin
C. Hinh thoi D. Hinh binh hanh
Léi gidi: '

Goi N 14 giao diém ciia mit phing (AMDY} va
dudng thing SC. Do BC|| AD, mit khic MN Ia
giao tuyén ctia mit phgng (AMD) va (SBC) nén
MN||BC|| AD

. [AD 184 R
Mit khac = AD 1 AM do viy AMND

AD 1 AB
la hinh thang vudng tai 4 va M. Chon A."

Vidy 5: Cho hinh chép S.4BCD ¢6.ddy 14 hinh vudng va $4.L(ABCD). Goi BE va DF 14
dudng cao trong tam gide SBD . Khing dinh nao sau dayla dﬁng;

A, (84C) L(sBD) - B. AF 1(SBC)
C. (4EF) 1(S54C) ~ D. Ca 3 khing dinh tréu déu dang.
Loi gicii: _

[AC LBD
Ta co: = BD L(SAC) do d6
- |BDLs4

(S4C) 1 (SBD) nhu viy A ding.

Do tinh chét dbi xtmg d& thiy EF //BD .
Suyra EF L (SAC)=>(AEF)}L(SAC) do d6 C ding.

AD 1 AB
Ta co: = AD 1 SB.
: AD 1 84

Laicé DF L SB=>SB 1 (AFD)= SB L AF

BC1 54
M3t khac { = BC LAF . Dodbé AF L (SBC). Chon D

BC 1 4B
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Vi du 6: Cho hinh chép S.4BCD cé dy I hinh vudng tam O, SO L(ABCD). Biét rang i
14 trung diém ctia 4B . Kbéng dinh ndo dudi day 14 sai.

A, (SAC)L(SBD) B. (SOI) L{4BCD)

C. (S10) L(SCD) : D.(S4B) L(SCD)
Loi gidgi: | R
Ta c6: {;g i gj = BD 1 (SAC) do d6

(SAC) L (SBD) nhw vy A déng.

Do OF 1a dudng trung binh trong tam giac ABC
néntacd O BC| AD khido Of L CD

Lai ¢6 CD LSO = CD L(SOI)=(S0I) L(SCD)
do d6 C ding. Chon D.

Vi dy 7: Cho tir dién ABCD cb AD 1 (ABC), DE 14 dudng cao clia tam gidc BCD, BF 74
BK 1An lugt 13 dudng cao trong cc tam gidc ABC va BCD. Khing dinh ndo sau ddy 14 sai.

A. (ADE) L(A4BC) ' B.(BFK)L1(BCD)
C. BF 1{4DC) D. BC 1 AE
Loigidi:
BCLDE . , y
Ta co { => BC L(ADE) do d6 A va D ding ,
BC L AD N
Lai co {BK +CD => BK 1.(ACD)
BK | AD
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M. BAITAP TU LUYEN

PHAN 1:[TT6004] Bai tip dwdmg thing vudng géc v6i mit phing
Ciu 1: [304190] Trong khéng gian cho dudmg thang A va diém O. Qua O c6 may ducmg
thang vudng goc véi A cho trude?

A.Vash B.2 " C.3 D. 1
Ciiu 2: [304260] Trong céc ménh dé sau day, ménh d& ndo 13 ding?

A. Hai m#t phfmg phén bigt cing vu dng gbc voi mdt mit phing thi song song véi nhau.

B. Hai dudmng thing phéan biét cing vudng goc v6i mot mit phing thi song song v&i nhau.

C. M@t mit phing (o) va mét dudng thing a khong thudc (o) cling vudny goc véi dudng

thing b thi (o) song song véi a. .

D. Hai dudng thing phan biét cling vudng goc v6i mot dudmg thing thi vuéng géc véi nhau
Céu 3: [304192] Cho hinh chép S.ABCD c6 day ABCD A hinh vudng va SA.. (ABCD). Goi [,
J, K'1an Jugt 13 trung diém cta 4B, BC va SB. Khing dinh nao sau déy sai ?

A. (LK) // (SAC) _ B. Géc gifta SC va BD c6 s6 do 60°

C.BD 1 (IUK) D. BD 1 (SAC)

Céu 4: [304193] Cho hinh chép S.4BC théa min S4 =SB =SC. Tam giac ABC vudng tai 4.
Goi H 12 hinh chidu vudng goc cia S 1én mit phing (4BC). Chon khing dinh sai trong cac
khing dinh sau?

A. (SBH)N (SCH) = SH B. (SAH) N (SBH) =SH
C.4B1 SH D. (SAF)y N (SCH)=SH
Cau 5: [304195] Cho hinh chép S.ABC c6 SA=SB =S8C va tam gidc ABC vuéng tai B. V&
SH 1 (4BC), He(4BC). Khing dinh nao sau ddy ding?
A. H tring v6i trung diém clia AC. B. H tring v6i truc tim tam gidc 4BC.
C. H tring véi trong tam tam gidc ABC. D. H tring v6i trung diém cia BC
Ciu 6: [304196] Cho hinh chop S.ABC c6 S4 L (4BC) va tam gidc ABC khong vudng, goi H,
K 14n hrot 14 tryc thm céc AABC va ASBC. Céc dudng thing AH, SK, BC théa min:
A. Pdng quy. B. B6i mdt song song.
C. P6i mt chéo nhau. D. Dép 4n khéc.
Céu 7: [304197] Ménh dé nao sau day sai ?
A. Hai mit phing phén bigt ciing vudng goéc véi mot dudng thing thi SOng song.

- B. Hai dudmg thing phan biét cing vuéng g6c voi mét dudng thing thir ba thi song song.
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C. Mot dudng thing va mot mit phang (khoéng chita dudng thing di cho) ciing vudng géc

vé&i mot dudng thiang thi song song vai nhau.

D. Hai drong thing phﬁn biét cling vudng goc voi mot mit phing thi song song véi nhar.
Céu 8: [304198] Cho hinh chop S.ABCD ¢6 day ABCD la hinh thoi tdm O. S4 L (ABC)D).
Céc khing dinh sau, khing dinh nao sai? |

A.54 1L BD B.SC 1 BD " C.SO L BD D.4D 4 SC
Ciu 9: [304199] Qua diém O cho trude, cb .bao nhidu mit phing vudng géé'vc’ri dudng thing
A cho trade? I _

A1 B.Voss  C.3 D2
Ciu 10: [304201] Cho hinh chép S.ABCD, ddy ABCD la hinh vudng cé tam C, SAL (ABC).
Goi 713 trung diém cua SC. Khing dinh ndo sau day sai 7

A.BDI1 SC B. I0) (ABCD).

C. (SAC) I3 mit phing trung tryc ciadoan BD  D.SA=SB=5C.

Cau 11: [304204] Cho hinh chop SABC c6 cic mit bén nghiéng déu trén day. Hinh chibu &
cta S trén (4BO) 1&:

A. TAm dudng tron néi tidp tam gidc ABC.

B. Tam dudng tron ngoai tiép tam giac ABC

C. Trong tdm tam giac ABC. '

D. Giao diém hai dudng thang AC vi BD.

Céu 12: [304206] Khing dinh n&o sau diy sai ?
A. Néu duong thing d vudng goc véi hai duc‘nig théng cit nhau nim trong (a) thi 4 vuéng
206c voi bit ki dudng thang nao nim trong (o).

B. Néu dudng thing d J(or) thi d vudng gdc v6i hai dusng thing trong (o)

C. Néu dwong thing  vuéng goc voi hai dudng thing nim trong (o) thi d 1(e)

D. Néu d L(c) va dudng thing a / («) thid 1 a
C#u 13: [304219] Trong cic ménh dé sau, ménh dé nio sai?

A. Hai duong thing phan biét cing vubng géc voi mot dudng thing thi ba thi song scng

v6i nhaw. :

B. Miit phing (P) va dudng thing  khdng thude (P) ciing vudng goc vai dudng thing b hi

song song voi nhau. _
‘C. Hai mat phéng phén biét cing vudng gbc véi mét dudmg thing thi song song v&i nhat..

D. Hai dudng thing phin biét cing vudng géc véi mot mit phing thi song song voi nhat..
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Cau 14: [304221] Cho hinh chép S ABCD c6 déy ABCD 14 hinh chit nhét, S4 | (4BCD). AE

va AF la cic dudng cao ciia tam gidc SAB va SAD, Chon khing dinh ding trong cac khéng
dink sau?

A.SC L (AFB) B.SC L (4EC) C. SC L (4ED) D. SC | (4EF)

Céu 175:A'[304226] Cho hai dudng thing phan biét a, b va mit phing (P), trong d6 a L (P).

Chon ménh & sai trong cic ménh & sau?

A.Néub L(P)thiallb. B.Néub//(P)thib L a.
C.Néub//athib L (P) D.Néua L bthib/ (P).

Ciu 16: [304229] Trong cic ménh d& sau, ménh dé nao sai?

A. Néu dudng thing a song song véi miit phing (P) va dudng thing b vudng géc véi a thi
b vudng géc véi mit phing (P).

B. Néu dudng thing a song song véi dudng thing bva b song song véi mit phing (P) thi a
song song hodc thudc mit phing (P).

C. Néu dudmg thing a song song v&i mit phing (P) va dudmg thing b wéﬁg gbc voi mit
phéng (P) thi a vudng goc voi b

D. Mot dudng thing vudng goc véi hai dudng thing cit nhau thudc mét mit phing thi né
vudng géc véi mit phing do.

Céu 17: [304232] Cho tir dién ABCD 6 AB = AC v DB = DC. Khing dinhi nao sau day
ding?
A.4B1(4BC) B.BC1 AD C.CD L (4BD) D.AC L BD

C#hu 18: [304235] Cho tir dién SABC thod man SA4 =SB = SC. Goi H 12 hinh chiéu cta S 1én
mp(ABC). Dbi véi AABCtacé dim H1a:

A. Truc thm B. Tam dudng tron ndi tiép
C. Trong tAm | D. Tam dudng tron ngoai tiép
Céu 19: [304237] Cho t¥ dién OABC c¢6 ba canh OA, OB, OC d6i mdt vudng goc. Goi H 1a
hinh chigu cia O 1én (4BC). Khing dinh ndo sau day sai?
A. H'1a trye tdm tam gidc ABC. B. 04 1 BC.
1 1 1 1
D or = o T or T oc

C.30H? = AR + AC* + BC?
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Ciu 20: [304209] Trong khéng gian cho dudng thing A khong nim trong mit phing 'P).
dudng thing A duge goi 14 vudng goc véi mp(P) néu:

A. Vudng goc véi hai dudng thing phén bi¢t nim trong mit phing (P).
B. Vudng goc véi dudng thing @ md a song song véi mit phing (P).
C. Vubng gbc véi dudmg thing a nim trong mit phing (P).

D. Vudng goc v6i moi dudmg thing nim trong miit phing (P).

Cau 21: [304211] Cho g, b, ¢ 14 cac dudng thing trong khdng gian. Tim ménh dé sai trong
cac ménh dé sau.

A.Néua lbvablcthial e

B. Néu a vudng goc véi mit phing (o) va b // (o) thi ¢ L b.
C.Néua//bvabLlcthicla

D.Néua lb, cibvaacatcthlbvuong g6c véi mit-phing (a, c).

Céu 22: [304213] Cho 1z didn SABC c6 SA L{ARC) v& AB L BC. Sb cic mit cha th cién
SABC la tam giac vudng la:

Al B.3 C.2 . D.4

Céau 23: [304247] Cho hai dudng thang a, b vi mit phing (P). Chi ra ménh d& diing trong cac
ménh dé sau:

A. Néu a song song v&i mit phing (P)- va b L a thi b song song v6i mit phing (P).
B. Néu a song song véi mit phing (P) va b L mit phing (P) thia L &.

C. Néu a song song v6i mit phing (P) va b L a thi b L mit phing (P).

D. Néu g song song v6i mit phing (P) va b // a thi b // mit phing (P).

Ciu 24: [304249] Cho hinh chdp S.ABCD ¢6 SA 1 (ABC) va AABC vubng & B. AH 14 duong
cao cla ASAB. Khang d;nh nao sau day sai ?

A.S54 1L BC B. AH L BC C.AH 1 AC D.4AH 1 SC

Cau 25: [304251] Cho hinh chép S.ABCD ¢6 SAL (ABC) va déy ABCD 14 hinh chit nhat. Joi
O 1a tim ciia ABC va I 1a trung diém cta SC. Khing dinh nao sau déy sai ?

A. IO 1 (ABCD) B.BC L SB

C. (SAC) 13 mit phing trung tryc cla doan BD D. Tam gisc SCD vudng & D.
Ciu 26: [304253} Trong cac ménh dé sau ddy, ménh dé nao 12 dang?

A. Hai mit phing (c) va (B) vudng gbc v6i nhau va cit nhau theo mot giao tuyén thi giao

tuyén ay vudng gbc voi ca (o) va ()
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B. Néu hai mit phéng vudng goc véi nhau thi moi dudmg thing thudc mit phing nay s&
vubng goc voi mit phing kia
C. Hai miit phing phéan biét cimg vudag géc véi mot mit phing thir ba thi song song v6i nhau
D. Véi mdi diém 4 € (o) va mdi diém B € (B) thi ta c6 duong thing 4B vubng géc véid
Céu 27: [304257] Chi ra ménh d2 sai trong cac ménh dé sau:

A. Cho hai dudmg thing vudng gbc véi nbau, mit phing nio vuong goc vai duo'ng thang
nay thi cfing vudng goc v&i dudmg thing kJa

B. Hai duorng thang phén biét cing vudng goe véi mét mp thi song song véi nhau,

C. Cho hai mit phing song song, duong thing nao vubng goc véi mit mit phing nay thi
cling vudng goc vdi mét phing kia.

D. Cho hai dudng thing song song, mit phing nao vuong g6c voi dudng thing nay thi

cling vudng goc véi dudng thing kia.

Ciu 28: [304258] Cho tit dién ABCD ¢6 4B, BC, CD d6i mét vubng ghe. Piém cich _déu A,
B, C.Dla

A. Trung diém BC, B. Trung diém AD.
C. Trung diém AC, D. Trung diém 4B.

Ciau 29: [304191] Cho hinh chép S 4BCD cb cac canh bén bing nhau. Goi-H 1 hinh chiéu
_ cia S 1én (ABCD). Khing dinh nao sau day sai?

 A.HA=HB=HC=HD
B. Tt gidc ABCD ndi tiép duge trong dudng tron.
C. Céc canh S4, SB, -SC, SD hop véi ¢4y ABCD nhitng goc bing nhau.
D, Tir giac ABCD 14 hinh binh hanh-

Cau 30: {304244] Cho hinh chép S.4BC théa man S4 = SB = SC. Goi H 13 hinh chleu vudng
goc ctia S 1én mit phing ABC. Chon khing dinh ding trong céc khing dinh sau?

A. H 14 tryc tAm tam gidc ABC.

B. H 14 trong tAm tam gidc 4BC.

C. H 13 tim duong trdn ngoai tiép tam gisc 4BC..

D. H 1a tim dudng tron ndi tiép tam gide 4BC.
Céu 31: [304189] Cho tir dién déu ABCD canh a = 12, g0i (P) 12 miit phing qua B va vudng
g6c véi AD. Thiét dién chia (P) va hinh chép cé dién tich bing?

A. 362 : B. 40 " C.36\3 D. 36
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Ciu 32: [304194] Cho hinh chép S.ABC c¢6 ddy ABC i tam giac déu, S4 L (4BC). Goi (P) 1a
mit phiing qua B va vudng goc v6i SC. Thiét dién cia (P) va hinh chop S.ABC la:

A. Hinh thang vudéng o B. Tam gibc déu

C. Tam gi4c cin D. Tam gidc vudng

C#u 33: {304200] Cho hinh chép S.ABC c6 didy 4BC 1 tam gjic déu, O 14 trung diém cia
duong cao AH cua tam gidc ABC, SO vubng gbe véi day. Goi I ta diém tiy ¥ trén OH (khéng
triing véi O va H). Mat phing (P) qua I va vudng goc vai OH. Thibt dién ciia (P) va hinh
chop §.4BC 1a hinh gi?

A. Hinh thang ¢én B. Hinh thang vudng
C. Hinh binh hanh D. Tam gi4c vudng

Cau 34: [304216] Cho hinh chop S.4BC ¢6 day 4BC 14 tam giac vudng tai B, canh bén S4
vubng goc véi day. Mt phing (P) di qua trung diém M cia AB va vudng goc voi SB, cht AC,
SC, SB 1an hrot tai N, P, Q. Tir gidc MNPQ 14 hinh gi?

A. Hinh thang vudng B. Hinh thang cin
C. Hinh binh hanh ' D. Hinh chit nhat
Ciu 35: [304240] Cho tir dién SABC cd ha1 mit (ABC) va (SBC) 1a ha1 tam gidc déu canh g,

f

SA=-—""" M1 diém trén 4B sa0 cho AM=b (0 < b < a). (P)la mat phing qua M va vudng,

gbc voi BC. Thiét dién ctia (P) va tir dién S4BC c6 dién tich bang?

NEME RO . Y3(a-by c 3B(a-b) p, 3(a-by
4 4 16 : 8
PAP AN TRAC NGHIEM

01.A |02.B |03.B [04.A |05.A l06.A [07.B [08.D |09.A |10.D

11.A [12.C [13.A (14D |15.D |[16.A |17.B |18.D |(19.C {20.D

21.A |22.D |23.B |24.C [25.C [26.C [27.A [28.B [29D [30.C

31.D | 32.D |33.A |34.A |35.C
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PHAN 2:[TT60¢5] Hai mit phing vudang géc.
Céu 1: {3[!4741] Cho hinh chép S.ABC c6 hai mat bén (S'BC’) va (SAC) vudng goc vaéi day
(4BC). Khang dinh ndo sau day sai ?

A.SCL@BC).

B. (SAC) L (4BC). |

C. Néu A’ 13 hinth chiéu vudng goc cta 4 1én (SBC) thi 4° € SB.

D. BK la dudng cao ctia tam gidc ABC thi BK 1 (SAC).
Cﬁﬁ 2: [306045] Cho hinh ling try dimg ABCA'B'C’ ¢6 AB = A4’ = a, BC = 2a,
AC=av5 Khing dinh nao sau day sai?

A. AC'=2awf§, 7 |

B. Goc gifra hai mit phing (4BC) va (4 'BC) c6 sb do bing 45°.

C. Hai mt phiing A4’B’B v BB'C’ vudng gbc nhau,

D. Déy ABC la tam gidc vudng. |
Ciu 3: [304743] Trong cac ménh de sau, ménh dé ndo ding?

A. Géc gifta mit phing (P) va mat phing (Q) bang géc nhon gilta mit phang (P) va mit

phing (R) khi va chi khi mit phing () song song véi mit phang (R).

B. Goc giira nit phang (P) va mit phang (Q) bang géc nhon gifta mit phing (P) v4 mit
phéng (R) khi va chi khi miit phing (Q) song song v&i mat phing (R) (hoic (Q) = (R)).

C. Goéc giita hai miit phing ludn 14 gbe nhon.
D. Ci ba ménh @2 trén d3u diing.
Ciu 4: [304744] Trong cdc ménh dé sau, ménh d& ndo ding?
A. Hai mit phing cing vubng géc véi mot mit phang thir ba thi vudng gd¢ v&i nhaw,

B. Hai mit phing vudng goc v6i nhau thi moi dudng thing _nﬁm trong mit phing ndy s&
vudng gbc véi mit phing kia.

C. Hai mit phing cing vudng goc v6i mdt mit phing thi song song voi nhau.
D. Ci ba ménh d2 trén déu sai.
- Céu 5 [304745] Trong cic ménh d& sau day, ménh d& nao 1 dung?

A. Mt miit phing (o) va mot dudmg thing a khdng thude (o) cung vudng goc v didmg
thing & thi (a) song song véi g

B. Hai duong thing phan biét cing vudng goc v6i mdt dudng thing thi vudng goc véi nhau
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C. Hai mit phiing ciing vudng goc véi mdt mit phing thi cit nhau
D. Hai dudmg théng phén biét cﬁﬁg song song v&i mot mit phﬁng thi song song v&i nhat.
Ciu 6: [304746] Trong cic ménh dé sau, ménh dé nao ding?
A. Hai mit phing phén biét cling vudng gbc véi mét mit phing thi song song véi nhau.
B. Qua mot dudmg thing co duy nhit mét mit phing vudng goc véi mot dudng thing cho trude.
C. Hai m3t phéng phan hiét cing vudng goc voi mot dudng thing thi song song véi nhau.
D. Qua mét diém c6 duy nhit mét mt phing vudng goc véi mot mit phing cho trude.
Ciau 7: [304747] Trong cac ménh dé sau, ménh d& nao sai?

A. Cho dudng thang « vubng gdc véi dudng thing b va b ndm trong mat phéng (P). Moi
miit phiing (Q) chira @ va vudng goc voi b thi (P) vudng gée véi ().

B. Néu dudmg thing a vudng géc voi duong théng b va mit phing (P) chita a, mit phing
{Q) chira b thi (P) vudng goc voi (0).

C. Cho dudmg thing a vudng géc véi mit phing (P), moi mit phing (Q) chira a thi P)
vudng goc vi (0).

D. Qua mét diém c6 duy nhit mét mit phing vudng goc véi mét duomg thing cho trude.
Cau 8: [304748] Trong c4c ménh d& sau, ménh @& nio dhang?
A. Hai miit phiing ciing song song v6i mot mit phing thi ba thi song song' vGi nhau.

B. Qua mot dudng thing cho trude cé duy nhét mét mit phing vubng gbc v&i mt 1nit
phing cho trrdc.

C. C duy nhét mdt mit phing di qua mdt diém cho trudc va vubng goc véi hai mit phing
cit nhau cho trude.

D. Hai mjt phing cling vudng gbéc v6i mot mit phing thir ba thi vudng géc voi nhau.

Ciu 9: [304749] Cho hinh liing try ABCD.4A’B’C’°D’. Hinh chiéu vudng goc ciia 4’ 1én (48C)
tring véi true tim H ciia tam gidc 4ABC. Khing dinh n4o sau day khéng ding?

A. BB’C’C 4 hinh chit nhat. . B.(A4H) LUBCY
C. (BB'C’C) L (AA’H) D. (44°B’B) L (BB’C’C)

Cau 10: [304750] Cho tir dién ABCD c6 hai mét ABC, ABD cing vubng goc véi day BCD. Vé
céc dudng cao BE, DF cita ABCD, dudmg cao DK ctia AACD: Khing dinh nao sai?

A. AB L (BCD). . B.(DFK) L (ACD).
C. (ABE) L (ACD). D. (ACD) 1 (4BC).
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Ciu 11: [304751] Cho hinh chép tit gisc déu S.ABCD, Q 13 tim hinh vuéng ABCD, 4B = a,
SO = 2a. Goi (P) Ia miit phing qua 4B v4 vudng goc vdi mit phing (SCD). Thiét dién cta P
vé hinh chép S.ABCD 12 hinh gi?

A. Hinh thang vudng 'B. Hinh thang cén

C. Hinh binh hanh : D. Tam giac can
Ciau 12: [304752] Cho céc ménh dé sau véi (o) va (B) 12 hai mit phing vuéng goc voi
nhau vi giap tuyén m = (o) N (B) va a, b, ¢, d 1a cac dudng thang. Cac ménh dé sau,
ménh d€ ndo ding? .

"A.Néub L mthi b < (a) holich = (B) B.Néud L mthid .l (o)

C.Néuac(oyvia Lmthial () D. Néu ¢ // m thi ¢ // (o) hoiic ¢ // (B)
Chu 13: [304753] Ménh dé ndo sau déy 13 ding?

A. Hai mit phing vudng géc véi nhau thi moi dudng thing nim trong mit phing nay s&

vudng gbe v4i mit phang kia.

B. Hai mit phing phan biét cing vudng goc véi mot mit phing thi vubng g voi nhau

C. Hai mit phing phan biét cing vubng gbc v6i mot mit phéng thi song song véi nhau

D. Ba ménh d& trén d3u sai ' |

Céu 14: [304754] Cho hinh chép S.4BCD, d4y ABCD 12 hinh vudng, SA1(4BCD). Goi (a) 12
mjt phing chira 4B va vudng gbc véi (SCD), () cit chép S.ABCD theo thiét dién 1a hinh gi?

A. hinh binh hanh B. hinh thang vung
C. hinh thang khéng vudng D. hinh chir nhit

Ciu 15: [304755] Trong c4c ménh d& sau, ménh d& ndo dbng?
A. Hai dudng thing khong cit nhau, khéng song song thi chéo nhau.
B. Hai dudng thing phén biét cing Vuc“)n?; g6c véi mGt mit phing thi song song,
C. Hai dudng théng phan bié_‘:t cling vudng gdc véi mot duong thing thi song song.
D. Hai mit phiing phan biét cling vudng gbc véi mt mit phéng thi song song.

Ciu 16: [306068] Cho hinh ling tru dimng 4ABC.4’B’C’ c¢b day ABC 14 tam gidc vudng can &
A. H1a trung diém BC. Khing dinh nao sau diy sai ?

A. Hai mit phing (44 'B'B) v (44°C’C) vudng géc nhau.

B. Céc mit bén clia ABC.A’B’C’ 1 céc hinh chit nhat bing nhau.
C. Néu O 14 hirh chiéu vudng géc ciia 4 1én (4°BC) thi O € 4°H.
D. (44 °H) 15 mit phing trung truc ciia BC, -
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Ciu 17: [304757] Cho a, b, ¢ 1a cac duong thing, Ménh dé nio sau diy 1a ding?
A. Cho a L b. Moi mit phiing chita b d&u vudng goc véi a.
B.Néu a 1 b va mjt phing () chira a; mit phing (B) chira b thi (o) L (B)
C. Cho a L b ndm trong mit phing (o). Moi mat phing (B) chira @ va vudng goc voi b thi
(B) L (). '
D. Cho a // b. Moi mit phing (a) chiractrongdée Lavac J_ b thi déu vudng goc voi 11t
phing (a,b)
Ciu 18: [304758] Cho hai dudng thang chéo nhau a va b ddng thdi @ L b. Chi ra ménh dé
dting trong cic ménh dé sau:

A. Miit phing (Q) chira b va duc‘mg vudng gbc chung clia a va b thi mit phing (Q) L a

B. Mt phing (R) chita b va chira duémg thing b’ L a thi mit phing (R) // @

C. M3t phing (o) chita a, mit phing (B) chta b thi (o) L(B)

D. Mit phiing (P) chira b thi mit phing (P) L a

Ciu 19: [304759] Trong cic ménh d& sau, ménh dé nao ding?

A. Hai mit phéng (P) va (Q) vudng gbc v&i nhau va ct nhau theo giao tuyén 4. véi 1adi
diém A thudc (P) va mdi diém B thude () thi ta ¢b A8 vubng goc vai d.

B. Néu hai mit phﬁng_(P) va (Q) cing vudng goc véi miat phing (R) thi giao mj/én clia P)
va (Q) néu ¢6 ciing s& vudng goc vdi (R). _

C. Hai mit phing phén biét ciing vudng goc voi mdt mét phing thir ba thi song song vo1 nhau.

D. Néu hai mit phang vudng goc v&i nhau thi moi dwdng thang thudc mit phang nay s
vudng goc voi mét phing kia.

Ciu 20: [304760] Cho hinh chép S.ABC ¢6 S4 L (ABC) va day ABC vudng & 4. Khing d:nh
nao sau day. sai? :

A. (S4B) L (S4C)
B. Goc gita hai mit phing (SBC) va (SAC) 1a SCB .

C.VEAH1 BC,He BC = ASH 13 gbc gifta hai miit phing (SBC) va (4BC)
D. (S4B) L (4BC)

Ciu 21: [304761] Cho (P) va (0) 14 hai mat phing vubng goc vdi nhau va giab tuyén clia
chiing 13 durdng théng m. Goi a, b, ¢, d 14 cac duong théng. Trong cac ménh d& sau, ménh dé
nao dang?

A NéuaC(P)via Lmthia L (O). B.Néuc L mthid L (Q).
C.Néu b 1 mthi b C (P) hodc b C (O). " D.Néud Lmthid L (P).
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Cau 22: [304742] Cho hinh chép SABCD c6 déy ABCD 13 hinh vudng; S4 1 (A4BCD). Khing
dinh nao sau day sai ?
A. Géc gifta hai mit phing (SBC) va (4BCD) 13 géc 4BS .
B. (54C) L (SBD)
-~ C. Gbc giita hai mit phéng (SBD) va (4BCD) 1 géc SOA (v6i O 12 tam hinh vudng ABCD)
D. Géc giita hai mit phing (SAD) v (4BCD) 1 goc SDA .
Céu 23: [304763] Cho hinh chop S. ABCD c6 44y ABCD la hinh thang vudng tai 4 va D.

AB= 2a,AD = DC = g. Canh bén S4 vudng goc voi day va SA a2 . Chon khang dinh sai -
trong cac khing dinh sau?

A. (SBC) L (S40C).

B. Giao tuyén ctia (S4B) va (SCD) song song v&i 48.

C. (SDC) tao véi (BCD) gbe 60°.

D. (SBC) tao véi day goc 45°. .

* CAu 24: [304764] Chi ra ménh d3 ding trong cdc ménh dé sau:

A. Cho hai dudng thing song song a va b va dudng thing ¢ sao cho ¢ L a, ¢ 1 b. Moi
mp(o) chira ¢ thi déu vudng goc véi mp(a,b).

B. Cho a- 1. (), moi mit phing (8) chira a thi B L ().
C. Cho a 1 b, moi mit phing chira b déu vudng goc voi a.
D.Choa l b, néua (o) va b (B) thi {a) .L ().

Ciu 25: [304765] Cho tir dién ABCD c6 hai mit phing (ABC) va (4BD) ciing vudng goc véi
(DBC). Goi BE va DF 1 hai dudng cao cla tam gitc BCD, DK 13 dudng cao cila tam gide
ACD. Chon khing dinh sai trong cac khang dinh sau?

A.(ABE) 1 (4DC). B. (4BD) 1 (4DC).

C.(4BC) L (DFK). D. (DFK) 1 (4DC).

Ciu 26: [304767] Cho ti dién ABCD c6 AC = 4D va BC BD. Goi I 1 trung diém cta CD.
Khéng dinh nao san day sai ?

A. Géc giita hai miit phing (4BC) vi (4BD) 1a CBD
B. Géc giita hai mit phing (4CL va (BCD) 12 AIB.
C.(BCD) L (4IB).
D. (ACD) L (AIB).
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Céu 27: [306071] Cho hinh lép phuong ABCD.A'B'C'D' canh bing 4. Khing dinh ndo siu
day sai ?

A.AC 1L BD".
B. Hai mit ACC A’ v BDD ‘B’ 14 hai hinh vudng béing nhau.
C. Hai mit ACC’A’ vi BDD’B’ vudng géc nhau.
D. Bén dudmg chéo AC’, 4°C, BD’, B’D bing nhau va bing a/3.
Ciu 28: [306093] Cho hai mit phfing () va (B) vudng gbc v6i nhau va goi d = (o) N (B).
LNéuwac(a)vaaldthial(B).
IL.Néud’ 1 (c)thi d’1d.
1L Néu b L dthi b < (o) hodc b < (B).
IV. Néu () L d thi (1) L () va () L (B).
Céc ménh d& ding 1 : | _
A.L I vaIIL B.IIvalv. - C.IIvalll D.1Lvalv.

PAP AN TRAC NGHIEM

0.C |02.A [03.B |04.D |05.A |06.C [07.B |08.C |09.D |10.D

11.B (12.C |13.D |14 B |[(15.B [(16.B |17.C |[18. A [19.B |20.1}

21.A {22.D |23.C |24.B |25.B [26.A |27.B |28.D
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| Chua dé 4

[TV6006] KHOANG CACH TU PIEM PEN MAT PHANG
I. LY THUYET TRONG TAM VA PHUONG PHAP GIAX

1. Ly thuyét |
Khodng cach tie mét diém M dén mdt phang (a) bang d¢ dai dogn thing MH véi H ld
 hinh chiéu vubng goc ciia M trén ().

Ki hiéu d(M;(a))=MH (dvke: don vi khodng céch ).

2. Phwong phap x4ac dinh khodng cich

Xay dung cdc bai todn gbe va phat trién cic bai todn kho

Bai toan gﬁc 1. Tinh khodng cdch tir mot diém dén miit phcfﬁg chira chén dudng cao ( ta gbi ,
diém ndy I diém M dé, ki hidu M,).
Bai todn. Cho hinh chép S.4BC cb diy ABC la tam gidc bit k. Canh bén S4 vudng goc
v6i ddy. Tinh khodng cach tir diém B hofic diém C dén hai mit phing (S4C) hojc mit
phing (S4B).
Loi gigi. T B ké BH L AC,véi H € AC.
Tacod SA L{ABC)= S4 L BH —(4BC).
Khid6 SA L BH; AC L BH => BH 1 (SAC).

Viy khoang céch tr diém B dén mit phing (SAC) bing

d(B;(SAC)) = BH =h . Tuong tu, diém C dén mit phing ...

—> Ban chit bai todn 14 tinh dudmg cao cha tam gidc ABC.

o Spisc :%.BH.AC.
o« S %.AB.AC.sinEEE‘.

Dua véo dién tich tam gidc. 4BC dé tirih & .

Bai todn gbc 2. Tink khodng cdch tir chin dudng cao dén mot mdt phing bét kp ( ta goz diém
nay la diém diém M dé, ki hiéu M © )

Bai todn. Cho hinh chép S.ABC ¢ d4y ABC 13 tam gidc bit ky. Canhbén SA vudng géc
véi ddy. Tinh khodng cach b 4 dén mit phang (SBC).
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Loi gidgi. “ Phueong phdp ké duong phu
Ti 4 ké AK 1 BC.Ma SA L BC c{4BC).
Suyra BC L(SAK). Ké AH 1 SK, H e SK .

AH 1 BC
AH 1 8K~

= AH 1(SBC)=> d(4;(SBC))=4H =h.

= BC 1L AH c (SAK){

Ap dung hé thic hrong trong tam gic, ta cb
I 1 1 SA.AK
T=—t s> h= .
AH® SA° AK S + AK?

Chii y: HE thirc lupng trong tam gidc vudng ma fa xét

& ddy la tam gidc SAK , véi duong caolda AH . _

Bai toan goc 3. Tinh khodng cdch tir mgt diém bét kp (khong 1a hai diém dwge ndi dén & bai
todn goc 1, 2 ) dén mgt mat phing bat kp ( ta goi diém nay la diém M khé, ki hiéu M, ) ).

Bai todn. Dua diém M, kho vé cic diém M, dé & mdt trong hai bai toan gbe duge dua ra &

trén goi 14 phwong phap d6i diém vé bai todn goc, ta c6 mot sb phuong phép tinh phu sau:

: AMe(d
Céch 1: Tim dudng thing (d):{ =( ).Khi 6 d(4;(a))=d{M;()).

d|l(a)

AMe(d d(4; A
CachZ Tlmdu'ongthang (d): <(a) . Khi d6 Mzﬂ.
dn(a)=1 d(M;(a)) M
Chii y: Diém A 1a didm & bai toén gdc. Hinh v& minh hoa.
A M 2z A

\

NE
7 Ny

Hinh I ( cich 1). ' Hinh 2 ( cdch 2).

Chy; y: Ngoai phuong phap ké thém dudng phy hay goi 1a cach tmh tryc tlep, ta ¢6 thé mg
dung thé tich ciia khéi chop dé tinh khoang cach.

3 VS ABC

Vosnc =34 (4:(SBC)) Syune = d(4(SBC)) =

A4ABC
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1. Vi Dy MINH HOA

Vi dy 1: Cho hinh chép S.4BC c6 ddy ABC la tam gidc canh BC =a, AC =242, géc
ACB=45". Canh bén SB vubng gbc v6i mit phing (ABC). Tinh khodng céch tir diém A
dén m3t phing (SBC). '

A 22 B. 2a. c 22, D. 22,
3 . 3 4

Loi gidi

T 4 k& AH L BC,HeBC (1)

Tac6 SB L (4BC)=SBLAH (2)

Tix (1).(2) suyra AH L(SBC)=>d(4;(SBC))=A4H .

Tam giac AHC Vuc“)hg taiH , cod sinI?E’?él ;jH—C.

= AH =sin HAC.AC =sin45°.AC = 2a2 g =24 .Chon B.

Vidu 2: Cho hinh chép S.ABCD c¢6 ddy ABCD 14 hinh thang vubng tai B va C, BC=a,
CD=av3, 4CB=45", canh bén SC vudng goc véi mijt phing d4y. Tinh khoang céch tir
diém D dén mjt phing (SAC).

a6 B. 26 c. a2 p, &2
2 3 2 4
Léi gigi
K& DH vudng goc v6i AC = DH 1 AC (1). 8

Biiracod SC L (4BCD)=>SC L DH (2).

Tir (1),{2) suy ra DH 1 (SAC)=> d(D;(SAC))=DH .

Tam giéc ABC vudng c6 ACB=45° = AABC vudng cin

tel B=> AC=AB~N2=BC2=0a\2.

Goi K 14 hinh chiéu vudng géc cia A 1én CD. b
= ABCK 13 hinh chit nhat = 4K =q.

1 1 ' AK.CD
=8, 00 =5.AK.CD = E.DH.AC = DH = " 2 4
’ a.a\/?: a«/g a«/g a\/E
= DH = = = =d{(D:(54)) = . Chon A.
2 52 T dp(sAC)) ==~ g
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Vi dy 3: Cho hinh lang tru dimg ABC.A'B'C' ¢6 ddy ABC 1A tam giac vubng tai B,
AB=a, A'C=2av2, A'B=a\5 . Tinh khoang cich tir trung diém M ciia dudmg thing
AC dén mit phing (4BB'4").

Al ._‘/_g B. _JE : C. &' D. a3
2 3 2 4
Loi gidi .
Tx M ké MH song song véi BC cit AB tai H. . B

= MH || BC ma 4B 1 BC (A4BC vuéng) = MH 1 4B (1).
ABC.A'B'C' ld hinh lang try dimg = 44' 1 BC (2).

Tix (1), (2) = MH L(ABB'A") = d (M;(4BB' 4')) = 4 - =y
Tam gidc A'AB vubngtai 4 c6 Ad'=VA'B* — AB* =2a. ) ' “:b{;' '
Tam giac 4A'AC vudngtai 4 cd6 AC=vVA'C*—A4"4* =2a. g/ oS .
LS S
Tam gidc 4BC vudngtai B c6 BC=AC - AB® = a 3. P
gy L\n
Mit khdo 27— MH~“—‘£:>d(M (4BB' 4')) = ‘F. 4 M c

Chgn C.

Vi du 4: Cho hinh chép S.ABCD c6 dady ABCD 1a hinh binh hanh ¢6 dién tich bang 2,
AB=+2, BC=2.Goi M 1 trung diém cita CD, hai mit phing (SBD) va (SAM) cing
vudng goc voi déy. Khoang cach tir diém B dén mit phing {S4M ) bing

A. 24/2. B.\2. C.1. D. 2.

Lo gidi

Tact:S pep =280 =28uus =2= Sape = Suus =1-

= 5, 0 =.AB.BC.sin ABC = a* = sin ABC = ——.
2 .

2
Ap dung dinh 1y Cosin trong lam gidc ADM , ta co:
AM® = AD* + DM? ~2.4AD.DM .cos ADM =1=> AM =1.
Goi H 1a giao diém ctia AM va BD = SH L (ABCD).

Ké BK vubng gbc véi AM , K € AM = BK 1L AM (1). 2

Ta cé (SAM)\(SBD)=SH = SH L (ABCD)=>SH L BK (2).
Tir (1),(2) = BK L(S4M )= d(B;(S4M))=BK .
2.8 suuss

Mat khac S,,,,, = %.BK.AM = BK = =-12— =2.ChonD.
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Vi du 5: Cho hinh chép S.4BCD c6 day ABCD 14 hinh vuéng, Hinh chiéu vudng goc cla
dinh § trén mit phing (ABCD) tring vi trong tim H ciia tam gidc ABD . Khoang céch tir

diém C dén mit phiing (SDH) bing /S . Tinh dién tich hinh vusng 4BCD.

Al B Y3, Y D. =
2 2 5 J5
Léi gidi ‘ |
Goi O 14 tAm hinh yudng ABCD =5 OA=0B=0C=0D

Dit AB=x = AC=BD= xJ_:OD_%

04 x2

Vi H Ia trong tam ctia AABD = OH -2
xV2 N x2 _ Zxﬁ

2 6 3 - _
Ké CK vubng goc véi DH = CK L (SDH )= d(C;(SDH))=CK =5 (1)

=>HC=0H+0C=

OD.HC 2xJ_
i (2).

Tam giac DHC c¢6 OD L HC = CK.DH = OD.HC = CK =

Tur (1),(2) suyra 2x5\/§ =45 <:>x:%:> AB*-”%. Chon A.

Vi dy 6: Cho hinh chép S.4BC, b diy ABC la tam gidc déu canh 2. Canh bén S4=a+3
va vudng goc voi déy. Tinh khodng céch tir 4 dén mit phing (SBC).

Ba2 Ca3 D.a6

A, . . .
2 2 2

b | &

Léi gidi

Tir 4 k& AK vubng gbc v&i BC tai K.

Taco: SA1BC vi AK 1 BC = BC L (S4K).
Ké AH LSK, HeSK.Ma BC L AH .

Suyra AH 1(SBC)= d(4;(SBC))=

Tam gise SAK vubngtai 4, co SA=AK = a-f3.
= tam gidc SAK vuﬁng cintai 4.

SK a«/_
T2

S AH=—=
2

s

—d(4 (SBC))—— Chon D.

33




bty tupiin _ PROU S ~ Hinh Hoc Khong Gian (I'do 1)

Nhin xét: Néu tam gidge ABC vuéng tgi B thi K trimg véi B, vdy ta chi cdn ké AH | BC
thi khodng cdch tir A dén mit phing (SBC) béing d (A; (SBC )) = AH vd néu tam gidc ABC
vubng tai A thi SA, AB, AC' d6i mét vudng géc, khi d6 khodng cdch tir A dén mét phing

1 1 1 ' '
AH  SA& 4B aCt

(SBC) dugc tink theo cdng thirc -

Vidu 7: Cho hinh ling try ABC.4'B'C" ¢ ddy ABC Ia tam giac vuong, AB=AC =3a.
Piém A' cach déu ba dinh 4,B,C.Goi H 1a tdm dwdng trdn ngoai tiép chia tam giac ABC

sao cho A'H =a+/6 . Tinh khoing céch tir diém H dén mat phing (4'4C).

A 3a~/ﬁ B a\/§_2_ C ga\/ﬁ D. Ga\/ﬁ _

11 T T 11

Léi gigi
Theobaira, tacd: d'A=A'B=A'C ( AABC déu — A".ABC
Id hink chdp déu ) = hinh chidu cia 4' tring voi tm dudng
irdn ngoai liép tam gidc ABC = A'H L (4BC).

A'H

Tam giac A'BH vulng tai H c6 tan A'BH = 22 T

= BH = A'H tan 60" =3aJ5=>BC=2BH=6aJ§=>AB=3a
Goi M 1a trung didm ctia AC = HM L AC= AC L(SHM).
Ké HK vudng goc véi A'M véi M e AC.

= HK 1{A4'AC)= d(H;(4'AC))=

Tam gidc A'HM vudng tai H, cd

i - AHHM =3a\/ﬁ . Chon A

NaE v EM? 1]

Vi du 8: Cho hinh chéia S.ABCD c¢6.ddy ABCD 13 hinh thang wéng tai B,C,
 AB=BC=a,CD=2a.Goi H, M 14n luot 14 trung diém cia BC, AD.Canh bén SH

2

vudng goc voi mit phing (ABCD) v 8,4, = 3—;’—. Tinh khoang cich tit H dén miit pharg

(SCM ).

SR
[\J.
N

3]
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' Livi gidi
c D
I
H ¥ M
B 4

T H ké HI vudng gbc voi CM , 1eCM . (1).

Taco: SH L(ABCD)=SH LCM (2).Tix (1),(2) suyra CM L(SHI).

(CM LHK
Ké& HK vudng goc véi ST = = HK 1 (SCM)=>d(H;(SCM))=HK .
. SI LHK
Bii 1a ta c6 : ABCD 13 hinh thang vudng va FHM || AB sHM:f:B.;_@=37“.
- ,\ . i 3a> -
Tam gidac SHM vudng tai H = S, =5.SH.HM =T:>SH =a.
. Tam gidc CMH vubng tai H, c6 HI =—2cOM 3
HC®+HM? 2310
SHHI  3a

Tam gidc SHI vubng tai H,co HK = —= d(H;(SCM ) =—?-’,—7?~. Chon C.

NSH? + HI? 7

Vi dy 9: Cho hinh chép S.4BCD diy ABCD 1a hinh thoi canh @, BAD =120°. Hinh chiéu
vudng goc ciia § 13 didm H thudc doan BD sao cho BD =3BH . Tinh khoang céch tir diém

H dén mat phing (SBC) biét sC =2 615 :
Aeﬁ_@ B, &¥3 c. B3 p, &¥6

3 T2 2

Loi giGi
Gc_)i O 1a tam cba hinh thoi ABCD vd M latrung diém cua BC
:>BD=ZBO=3BH:>BH=%BO.
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Hee dd khing dinh minh

Mi tam gidc ABC déu = H 1 trong tim ctia A4BC.

1 a«/— a3

= HeAM L BC= HM = AM-—— —= =
372 6
a3
6

Tam gisc SHC vudngtai H = SH =+/SC* — HC? =

T H ké HK vudng géc véi mdt phing (SBC).

) {BC 1 SH
Tacod:

¢ : = BC 1(SHM )= BC L HK = HK 1(SBC)=> d(H;(SBC))=
BC L HM |

o 5

Tam gide SHM vudng tai H , c6 SH = HM~—3-—:> HEK = —SM_a . Chon B.

Vi dy 19: Cho hich chép S.4BCD , ¢6 déy ABCD 1a hinh vudng canh a. Tam gidc SAB 13
tam gidc déu va nim trong mit phing vudng goc véi day. Tinh khoang cach tir 4 dén mit
phing (SCD).

A. “‘/2_1. B. “\/ﬁ. c 2 D. %,
7 7 J7 7

Lo gidgi
Goi I,K lan lugt 13 trung diém ciia 4B, CD.

Suyra S/ L AB ma-(S4B) L (4BCD)= SI L(ABCD).

Tacé {QZ;fSCD)S d(4;(SCD))=d(1;(sCD)).

Tu 7 ké IH vudng goc véi SK véi H e SK.

Sricp ~
Lai ¢6 =CD L(SIK)=CD LIH.
IKL1CD |

Suyra IH L (SCD)=> d(I;(SCD))=IH .

aV3 SLIK af21

Xét ASIK vudngtai 1,c6 45 = = IH = V2 Chon A
| ' H=a Jsrak? 7
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Hoc 44 khdng dinh iink

Vi du 11: Cho hinh ing trg dimg 4BCD.A'B'C'D' ¢6 day ABCD 1a hinh thoi canh «, tam
giéc ABD déu. Goi G 14 trong tim ciia tam giac BCD . Tinh khoang céch tir diém G dén
mit phang (A'BD) biét 44'=a. . . ‘
Zaﬁ C av21 D am

A. 2"‘/.2_1. B. . 3 :
7 7 7 21

D

Li gidi
Goi 7 latamcuahmhthm ABCD => AI 1 BD ma 44' 1 BD= BD 1 (44']).
. A :

Vi G 1a trong tAm ABCD => d(G;(A'BD))— 34(4(4'8D))
Tix 4 ké AH vodng goe véi A'1, He d' AN
M BD L (A4A4'T)=> BD 1 AH = AH 1 {4'BD) AR = g
, ;1A I~
' ' - G S P
d(4;(A'BD))=4H = ALAL__ V2l FANTTTTE D
Jagiiar 7 AN
thlr " I~
." 1 aJ— Pt S
=d(G;(4 BD))=§.d(A (4'BD))= . Chon D. : p
Vidu 12: Cho hinh chép S.ABCD , ¢ day ABCD 14 hinh chif ohit. Canh bén S4 vubng goc

voi day, S4 AB=ava AD=xa. Goi E 13 trung diénj cia SC. Tim x, biét khoang cach

tir diém £ dén mat phing (SBD) bing h==
Al B.V2. C.2.
Léi gidii
(E5(SBD)) _d(E;(SBD)) ES _1
d(4(sBD)) cs 2’

Tacé: EeSC, SC(SBD)=
a cO e ﬁ( ) Y d(C;(SBD))

T 4 ké 4K L BD (K € BD), ké AH | SK (H e SK)
Ta chimg minh duge 4H 1 (SBD) ( bai todn gbe 2 ).

- — AH =d(4;(SBD))= 24(E;(SBD))

Ma 1 1 + 1 = dx = PAAH SA.AH 2a
AH* SA*  AK? Js4 5
- Tam giac ABD wudngtai 4, ¢ duo*ng cao AK .
1 1 1 1 1 5 (x>0 D
= >+ i AN LTI R I 5 =>x=2
AB*  AD AK a a’x* 4a x =
Chon C.
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Vi du 13 [PE MINH HQA QUOC GIA NAM 2017]: Cho hinh chép tir gide S.ABCD , day
13 hinh vuéng canh bing a2 . Tam gisc SAD cén tai S va nim trong mit phing vudng goc.
véi dhy. Biét thé tich khdi chép S.4BCD bing %a:’ . Tinh khoang cach h tir didm B dén
mit phing (SCD).

a2 B. 2 c.b p. 2.
3 3 3 : 4

Léi gidi
Goi I 13 trung diém cda 4D, ASAD cantai S = ST L AD.
Ma (S4D) 1 (ABCD)=> SI 1 (ABCD).

1 4a’
= Vs 450 = E'SI‘SABCD = —3— = ST =2a.

Taco AB||(SCD)=>d(B;(SCD))=d(4(SCD))

(A 1edD d(4(SCD)) 4D
‘ {ADH(SCD)=D:> a((scp))

Tix I k& IH 1L SD v&i H € SDva CD.J_(SAD)=>CDJ_IH.

= IH L (SCD)= d(I;(SCD))=IH = d (4;(SCD))=2.IH.

Xét ASID vudng tai I, c6 IH =——22___ 2?“ = d{ 4,(SCD))= %. Chen B.

SI* + ID?

Vi du 14: Cho hinh chop S.4BCD , d4y ABCD 13 hinh vudng canh « . Hinh chiéu vudng goc

clia § trén miit phing (4BCD) 14 didm H tring véi trung diém cia 4B, biét SH =a+3.

Goi M 1a giao diém cia HD va AC . Tinh khoang cach tir diém M. dén miit phing (SCD).

B a\/g Baﬁ
N

C. . - D.a.
4 ‘

a
A —.
V3

Loi gidi

Xét AHAD , c6 AC 14 tia phén gibc ciia gbc HAD .
AH HM 1 _HD 3

= = 1 =—
AD MD 2 MD 2
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Ta ot {H .M € HD d(H;(SCD)) HD

3
HDA(SCD)=D " d(M;(SCD)) MD 2~

Goi N 14 trung diém ciia CD = HN L CD .
Tir H ké HK L SN, K € SN = HK L(SCD).

Khi 86 d(H;(SCD)) = HK = o _|
: SH* + HN?
= HK = i = d(H;(SCD))= "‘r =>d(M;(SCD))=-2-. Chon A.

V3

Vi du 15: Cho hinh chép S.4BCD ¢6 ddy ABCD 14 hinh chit nhit, BC = a . Canh bén S4
vudng goc voi ddy, goc SCA =BSC =30°. Goi M 1 trung diém cia CD . Tinh khoang céch
tr D dén mit phang (SAM).

B.

a 2a
A —. —_—
B V3

Lo gidi

Pit AB=x=> AC=\AB + BC* =\x* +a* = S4= AC.tan SCA =

Tam gidc SBC vuéng tai A, cé SB=—2o = a:f3.
, - tan BSC

Tam giac SAB vubngtai 4, co6 S4° + AB* =SB*.

2 2 :
X+t :
+x* =3a2 & 4x% =8a> & x =a 2.

1 DH

(84
Ké DH L AM ,tacé = DH 1(SAM).
: {AM.LDH (S4M)

Xét AAMD vubng tai D, ¢d 12= 12+ 12=-3?.
DH* A4AD* MD* a

=DH="= d(D;(SAM))=—%.Chgn A.

NG
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Vi dy 16: Cho khéi chép tir gide S.ABCD , S4 vubng goc véi mat phéing day; ABCD li hinh
’ 3

thoi canh bing a, goc tai dinh D bing 60°. Khi chop c6 thd tich 13 ¥ = "T. Goi E ladiém
xéc dinh boi AE =2A4C . Tinh khodng céch tir diém E dén mit phing (SBD).

L p. &2
4 4

A. E—é@. B. ax/g. ' C. 3a\/§ a\/g

Loi gidi
Céng thitc tinh thé tich khdi chdp Vi, ypep = %.SA.SABCD. Véi SA la chidu cao cia khdi chop,
. 3 2

S 1sep L din tich hink thoi ABCD = S4=—Y_-32.8 B _al3.

. SABCD 4 2 2
Goi O 1a tAm clia hinh thoi ABCD = 04=0C.
Tacd AE=24C = AE=2AC = OE =304
=> d(E;(SBD))=3.d{4{SBD)).

K¢ AH vudng gbc véi SO = 4H 1 50 (1).
ABCD 14 hinh thoi = AC 1 BD = BD 1(SAC).

= AH L. BD (2).Ti (1),(2) suyra

AH 1 (SBD)=>d(4;(SBD))= AH

Tam gidc S40 vubng tai 4, cb

A = 5440 a3 - a'(A;(SBD)) Jff

sS4+ 400 4

3a+3

3 Chon C.
4

Viéy khoéng cé4ch tir diém E — (SBD) bing

IIL BAI TAP TU LUYEN ,
A.[TT6007] KHOANG CACH TU MOT BIEM PEN MAT PHANG BUONG CAO
(Dang 1) :

Ciu 1: [323017] Cho hinh chép S.4BCD c6 diy ABCD 14 hinh thoi canh @, ABC = 60".
Miit phiing (S4B) va (S4D) ciing vuéng gbc v6i mit phing déy. Trén canh SC My diém i/
sao cho MC = 2MS. Khoang cach tir diém M dén mit phing (S4B) béng. |

B &3 c. 2 p. &¥3
6 7 3 3
60 '

A.
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Céu 2: [323020] Cho hinh chép S.4BCD cb ddy ABCD 13 hinh binh hanh véi canh
BC=av2, 4BC =60". Tam gi4c SAB nim trong miit phing vudng goc voi mit phing ddy.
Khoang céch tir diém D dén mit phing (S4B) bing.

A.ﬁ B a2 C. av2. D. 2"“/6.

2 N | i 3

Ciu 3: [323022] Cho hinh chép S.ABCD ¢b day ABCD 12 hinh thoi canh @, ABC = 60°.
Canh S4 vudng géc véi mit phing day. Trén canh BC va CD lan luot 1y hai diém M va
N sao cho MB=MC vid NC=2ND. Goi P la giao diém cia AC va MN. Khoang céch tir
diém P dénmit phing (S4B) bing.

A a\[g 5043 5a+3 3a43

. B. . C. . D. .
8 12 14 10

Céu 4: [323023] Cho hinh chép 5.4BCD.c6 day 14 hinh chit nhat ABCD ¢6 AD = a3 . Tam
gidc SAB 12 tam gidc du va thudc mit phing vudng goc véi day . Goi M 14 trung diém cia
ADva H la trung diém cia AB. Biét ring SD =24 . Khoang céch tir diém 4 dén mit phing
(SHM) 1a. '
A2 p &3 c. 92 p, &¥3.
4 _ 4 2 2
Cau 5: [323024] Cho hinh chép S.ABCD cb ddy 13 hinh chif nhét, dién tich tr gidc . 4BCD

bing 64°V6. Canh S4=a /%9- vd vudng goc v6i mit phing ddy. Goc gitra dudmg thing

SC va mit phing déy bing 30°. Khoang cich tir diém B dén mit phing (SAC) gin nhAt
v6i gié tri n2o sau diy. | ' | -
alle g ¢ p. 5.
10- 5 2 5 _
Ciu 6: [323025] Cho hinh chép S.4BCD cb dédy ABCD 1a hinh thang vudng tai 4 v
B, AD=2AB=2BC, CD =24+/2. Hinh chiéu vuong g(’)cr cla S trén mit &4y 1 trung diém

M cia canh CD. Khoéng cach tir diém B dén miit phing (SAM) bing, 7

3a\/1_0 3a\/1_0 3a\/1—0 a\/l_O

-, . B. . C. . D.
10 5 2 3

Céu 7:-[323027] Cho hinh chép $ {BCD ¢6 ddy 4ABCD 1a hinh thang vudng tai 4 va B,
canh 4D =2AB=2BC, CD=2a~/2. Hinh chiéu vudng goc chia § trén mit ddy 13 trung

diém M cua canh CD. Khoang cach tir trong tdm G cia tam gidc SAD dén mit phing
(SBM) bang;

A.
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Hoc dd khing gjrh minh
A. 4“1‘21.6. B. 3“;/1_0. C. ——"‘éﬁ. D. 3“1‘{51_0.

Ciu 8: [323030] Cho hinh chép S.ABCD c¢6 ¢4y ABCD 14 hinh binh hanh cé dién tich bing
2a%, AB =a~2,BC =2a. Goi M 13 trung diém caa CD. Hai mit phing (SBD) va (S4I1)
cling vudng géc voi diy. Khoang cach tir diém B dén mit phing (S4M) bing.

A 4am BaJE ' 2aJ1_O 3am

. B. . C. . : D. .
15 5 5 15

Ciu 9: {323031] Cho hinh chép S.ABCD c¢6 day 13 hinh vudng, hinh chidu vudng gdc cia
dinh S 1&n mit day tring véi trong tim G cfia tam gidc ABD. Biét khoang céch t&r C c¢én
mit phing (SDG) béng 5 va SG =1. Thé tich khéi chép da cho 12,

A. 25 B. 4 C. 4 D. —.
12 3

Ciu 10: [323033] Cho hinh chép S.4BC c¢6 ddy ABC 1a tam gisc déu cé canh bing a. Coi
M 13 trung diém ctia AC. Hinh chiéu ctia S trén mat day Ja diém H thudc doan BM tao
cho HM =2HB. Khoang cich tir diém 4 dén mit phing (SHC) bing,

2a\[7— a7 3a\ﬁ Zaﬁ

A. . B 2 C. . p. .
14 14 : 14 7

Cu 11: [323034] Cho hinh ling try dimg ABC.4'B'C’ c6 dhy 13 tam gidc cdn cb

AC =BC =3a. Budng thing 4'C tao véi ddy mdt gbc 60°. Trén canh A'C ldy diém M sao

cho A'M =2MC . Biétring A'B= af31. Khoéng céch tir M dén mit phing (ABB’A') 1a.
3a\2 4a\2

B.
4 : 3

Céu 12: [323036] Cho khdi chop S.ABCD c6 day 13 hinh chit nhit ABCD véi 4B =a. Hinh
chiéu vudng goc cia dinh S 1én mit d4y trang véi trong tim tam gide ABD. Bibt SC=2a~2
va tao véi ddy mdt gbc 45°. Khoang cach tir trung diém cita SD dén mit phing (S4C) 1a.

A. C. 3ax/§ D. 2a«f2-

A a\/f B. af ' 23a 4?(1

c.= p.
3 .
Cau 13: [323038] Cho hinh chép SABCD ¢6 ddy 13 hinh chit nhat ABCD c6 AD=a3 . Trm
gisc SAB 1a tam gic déu va thudc mit phing vudng goc véi day . Goi M 14 trung diém ciia AD, H
13 trung diém cita AB. Biét ring SD =24 . Khodng cich tir 4 dén mit phing (SHM ) 1a..
A B2 g, o3 c. o2 p, &3
4 4 2 2
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Cau 14 : [323039] Cho khbi chép S.4BC ¢6 dhy I tam gidc vudng tai 4 c6 AC =a. Tam
gidc SAB vudng tai S va hinh chiéu vudng goc cia dinh S trén mit ddy 14 diém H thuéc canh

AB sa0 cho HB =2HA . Biét SH =2a2 , khoang cich tir B dén mit phing (SHC) 1a.
2a 4 c i p. 3
NG J5 J5 NG

Cu 15: [323041} Cho hinh ling tra ABCD.A'B'C'D" c6 d4y 12 hinh chit nhit, AD = a3 .

A, B.

Tam giac A'AC vubng cén tai 4' va thubc mit phing vudng gbc voi day. Bibt ring
A'4=av2 . Khoing céch tir D' dén mit phing (4’ 4CC') 1a.
N .' B, &2 c &2 p @3
4 2 4 2
Céu 16: [323043] Cho hinh chép S.4BC c6 d4y ABC 13 tam gidc vudng tai B, 4B=a,
BC = a+/3. Hinh chiéu vubng goc cia § trén mit ddy 12 trung diém H cta canh AC. Biét
SB=a+\2. Tinh theo a khoang cach tir diém H dén mit phing (SBC).
A.-‘i. N B. 2‘7‘/_. c. o5 . D 2‘“@.
5 5 5 5
Céu 17: [323048] Cho hinh chép S.ABCD ¢6 diy ABCD 13 hinh binh hanh, canh
AB =2a, BC =2a+/2, OD =a~f3. Tam gidc S4B ndm trén mat phing vubng géc v6i mit
phing ddy. Goi O 1a giao diém cha AC va BD. Tinh khoing cich d tir dlem O dn mit
phéng (S4B).

Ad=a B. d =a/2. C. d=a3. D. d=2a.

Cén 18: [323050] Cho hinh chop S.ABCD c¢6 day 1a hinh chit nhat 4BCD c6 AD=k.AB.
Hinh chiéu vudng goc clia dinh § xubng mit dé_y 1a H thod man HB =-2HA. Ty sb khoang
céch tir 4 dén mit phing (SDH ) va khodng céch tir B dén mit phing (SHC) 1a.

. 2 2
A JEoR gl [ 1 p L
149k 2¥1+9 2 2k

Cau 19: [323053] Cho hinh Iing tra ABC.4'B'C" c6 dy 13 tam gidc ABC vubdng cén tai B,
diém E thugc BC sao cho BC =3EC. Biét hinh chifu vudng goc chia A' lén mit ddy tring

v6i trung diém Hcha AB . Canh bén 44'=2q vi tao voi ¢4y mét goe 60°. Khodng céch tir
B dénmat phiing (4'HE) 1

A. ay39 _ B. 32 c. p. 2
3 5 4 5
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Hoc 4d khing dinh minh

Ciu 20: [323058] Cho hinh chdép S.ABCD c¢é day 14 hinh chit nhit tim O. Tam giac SAC
déu va thudc mit phang vudng goc véi day. Biét ring S4 =248 = 2a, khoang cach tit D ¢:én
mit phing (S4C) la. '

aafs B 23 c. a2 p. @
2 2 2 2
PAP AN TRA C NGHIEM

01.B |02.A (03.C {04B |05B [(06.B |07.A (08.C [09.A |10.D

1. |(12.A |13.B |[14.C (15.D |16.C |17.B |18.B |19.D |[20.83

B. [TT6008] KHOANG CACH TU CHAN PUONG CAO PEN.MAT BEN (Dang 2)
Cau 1: [323708] Cho hinh chép S.ABCD c6 d4y ABCD 13 hinh thang vudng tai 4 vi B
véi AB=BC=a,AD=2a . Hai mit phing (SAC) va (SBD) cing vudng gbc véi 1adt
phéing ddy. Tinh khodng cch tir diém A t6i mit phing (SBD).
a ' 2a 3a 4q
A — B. — C.— D —
V5 45 V5 V5
Ciu 2: [323714] Cho hinh chép S.4BC c6 day 1a tam gidc déu, hinh chiéu vudng goc ciia
dinh § trén mit phing day 14 diém H thudc canh 4B sao cho HB = 2HA . Biét SC tao 16i
day mét goc 45° va canh bén S4 =242 . Tinh khodng cich tir diém C'dén mit phing
(S4B). _ '
A 8B B. 2442 C. 3a¥3 p. &2
2 3 2 _ 3 |
Caéu 3: [323721] Cho hinh chép S.4BCD cé day 1a hinh vubng canh bing 2a, ASAB 1 tam
gidc vudng cAn tai § nim trong mit phing vudng goc vdi day. Khoang cich tir trung diéin H
clia AB dén mit phing (SBD) 1a? . o
A 8B B. a C. a3 D. a10
3 2 2
Céu 4: [323726] Cho hinh chép S.4BC cé S4=3a va S4 L(ABC). Biét AB=BC="a,

ABC =120°. Tinh khoéng cich tir 4 dén (SBC)?

A. 2a B. C.a ' D. —

[ [~
[
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Céu 5: [32_3729] Cho hinh chép S.ABC c6 day ABC 1a tam giac vudng tai 4. 4C =a3;
ABC =30°, goc giffa SC va mit phing (4BC) bing 60°. Canh bén S4 vudng goc voi day.
Khoang cdch t 4 dén mit phing (SBC) bing.

A. i’-‘/—g.' B. ﬁ. c 32 D. 2“‘/5.
J35 BNCY NG : 35

Ciu 6: [323732] Cho hinh ling tru ABC.4'B'C’ ¢6 AB = a/3, ABC =30°, ACE = 60". Hinh

chiéu vudng géc ofia 4' trén mjt déy 1a trung diém ctia BC. Thé tich khéi chép 4'ABC
3

bing % Khoing cach tir C dén mit phing (4'4B) bing.

A Y6 B. 22 .88 p. 2Y6
6 J7° 4 12
Chu 7: {323736] Cho hinh chép déu S.4BC c6 AB=a, goc gilta miit bén va mit day bing

60° . Tinh ﬂ, biét d 13 khoang céch tir diém 4 dén mit phing (SBC).
a

A. 3. B. 5. C. 7. - D.9.
Ciu 8: [323739] Cho hinh chép S.ABCD cb day ABCD 13 hinh chir nhat, S4 1 (4BCD),
SA=AB=a vi AD=xa. Goi E 13 trung diém canh SC. Tim x, biét khoang céch tir diém E

dén mijit phing (SBD) 13 d = g

A x=1. - _ B. x=2, C. x=3. © Dhx=4.
Céu 9: {323743] Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh vudng tdm O canh bang a,

SA4 1 (ABCD), SA=a+/3 . Tinh theo a khodng céch tir diém O dén mit phing (SBC).

A2 B, &3 c o5 , D.‘?ﬁ.,
2 4 6 8
Céu 10: [323745] Cho hinh chop S.ABCD c6 day ABCD 14 hinh chit nhat, S4 L (4BCD),
SA=AB=a va AD=2a. Goi F 1 trung diém canh CD. Tinh 22, biét d 14 khoang cich
. a
tir diém 4 dén mjt phing (SBF). : S
A 233, B. 4/33. C. 2J11. D. 4/11.
Céu 11: [323746] Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh 42 . Goi H 14
diém thuc dudmg thing 4B sao cho 3HA +HB = 0. Hai mjt phing (SAB) va (SHC) déu

vudng géc v6i mit phing ddy. Tinh khoang cach tr B dén mit phing (SHC).

L B. 22 c. L2 p. %
12 6 5 5
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Cau 12: {323750] Cho hinh chop déu S.4BCD cé canh day bing a . Goi O 1a giao diém
clia hai duémg chéo, M 1a trung diém cia CD . Tinh khoang cach tix C dén mat phing
(SOM).

a

A a B. 2 c.l p. 2
3 4 8

Céu 13: {323752] Cho hinh chép S.ABCD c6 didy ABCD 14 hinh chit nhét. Tam gidc S4B
13 tam gisc déu canh a vi nim trong mit phing vudng goc véi day. Goi O 1 giao diém cia
hai dudng chéo. Tinh khoang cch tir diém O t6i mit phing (SHC) biét thé tich khéi cadp

K}
S.ABcD 1 & ;/5
a 2a a 2a
A — L 2L c. -2 D. 2
J17 7 J27 V27

Ciu 14: [323753] Cho hinh hop ding 4BCD.A4'B'C'D' c6 déy 14 hinh vudng, tam gidc
A'AC vudng chn tai 4, canh 4'C =2a. Tinh khodng cich tt 4 dén mit phing {BCD')
theo a?
) Nl c. &2 p, &3
3 3 2 2
Cau 15: [323754] Cho hinh chép S.4BC o SA=3a vd SAL(4BC) . Gii st
AB =BC =2a, gbc ABC =120". Tim khodng céch tir 4 dén mit phing (SBC)?

AL B.a o D. 2a
2 2

Ciu 16: [323756] Cho hinh chop 5.ABC co day ABC 14 tam giac v&i AB=a, AC =2a,

BAC =120°. Canh S4 vudng goc v6i mit phing ddy va (SBC) tao vé&i day mét goc 60°.
Khoéng cach tir diém A4 dén miit phing (SBC) la.

3a 3ﬁa axﬁ . 2ﬁa
B. Cc.— D.
Aol 2 2 | 3
Céu 17: {323759] Cho hinh chép S.4BCD c¢6 day 1a hinh vuéng canh & . S4 vudng gbc voi
mit phing diy. Canh SC hop véi day mot géc 60°. Goi h 1a khodng cach tir diém A dén init

phing (SBD). Ti s6 L bing.
_ a

N N  ® B

A, —— B. — C.— D, —
13 13 i3 13
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Céu 18: [323760] Cho hinh chép S.ABCD cé diy 4BCD 1a hinh thang vudng tai 4 va B;
AD =24B=2BC; BC=a; SA 1 (ABCD) va SB hop v6i mit phing diy mot géc 45°. Tinh
., a(4(scD))

11§60 ———M =,
a

Cau 19: {323763] Cho hinh chép S.4BCD ¢6 ddy ABCD 14 hinh thang ABC = BAD =90°,
BA=BC=a;AD =2a . Canh bén S4 vubdng goc voi diy . Goc tao bdi giita SC va (SAD)
bang 30°. Tinh khhoang cach tir 4 dén (SCD).

A a B. a\E C. % b, aﬁ

Ciau 20: [323765] Cho hinh chop S.ABCD cb d4y ABCD 1a hinh thoi canh a vd gdc
BAD=120°. Biét SAL(ABCD) va goi M 13 trung diém ctia BC; biét goc SMA=45°.
Tinh d{B;(SDC))?

A. —--“:{g B. —“‘2/6 C. a3 a3

2 8
PAP AN TRAC NGHIEM

1.B 2.C J.A 4.D 5C |6B 7. A 8.B 9.B 10.B

11.C |12.B [13.A {14.B 15.C (16.A [17.B [18.D [19.A |20.A

C.[TT6009] KHOANG CACH TV MOT DPIEM PEN MAT PHANG BAT KY (Dang 3)
Céu 1: [327559] Cho hinh chép S.ABC c6 diy ABC la tam giac déu canh a. Goi M 1a
trung diém ciia canh AB , hinh chiéu ciia dinh S trén mit phing (4BC) tring véi trong tim
clia tam gidgc MBC, canh bén SC = 23—“ Tinh khoéng céch tir C dén mit phéng (SAB).

A.d:%rﬁ'. B.d=¥. C.d=¥. D.d:%.

' Céu 2: [327563] Cho hinh chop S.4BC ¢6 BAC =90°, BC =24, ACB =30°. Mit phing
(S4B) vudng gbc v6i mit phing (4BC). Biét tam gidc SAB cn tai S, tam gidc SBC
vudng tai §. Tinh khoéng céch tir trung diém ctia AB dn mit phing (SBC).

B. a 721 . C. a\/—z_l a\/2_1

. D. .
14 21

A av2l
- 2
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Cau 3: [327566] Cho hinh hip dimg ABCD.A'B'C'D' ¢b day 13 hinh vudng, tam giic
A'AC 13 tam gidc vudng cin, 4'C =a. Khoing cich tr 4 dén mat phéng (BCD') 13
A_ﬁ B. ﬂ c. & D. E’ﬁ
3 2 J6 4
Chu 4: [327569] Cho hinh chop tr gide S.ABCD ¢b diéy ABCD 13 hinh vudng canh a.

Puong thing S4 vudng goc véi mit phing d4y. Goi M 1a trung didm cia SB . Ty sb 3 i
’ a

khoéng cach tir diém M dén mit phing (SCD) bing % 1a

A2 B.2 ' c.i} D. 1.

Cau 5: [327573] Cho hinh chop S.ABC c6 SA L (ABC) va SA=4cm, AB=3cm, AC=4cm
va BC = 5em. Khoang céch tir didm 4 dén mt phiing (SBC) bang (don vi cm ).

72
17
3

T D. d(4;(SBC)) ='F

Cau 6: [327575] Cho khéi chop S.ABCD c6 @4y 14 hinh vubng canh 4cm . Hinh chiéu vuéng
goc ciia S xubng mit ddy 12 trang diém H ctia 4B. Biét ting SH =2 cm . Khoang céch ti 4
dén mat phing (SBD) 1.

Alem . B.2cm C.3cm D. 4cm

Ciu 7: [327579] Cho hinh chép S.4BC cé day 1a tam gidc déu. Hinh chiéu vudng goc cia
dinh S 1&n mit day 12 diém H thude canh 4C sao cho HC = 2HA . Goi M 1a trung diém ctia 5C
va N 13 diém thudc canh SB sao cho SB =3SN . Khing dinh nio sau diy 14 sai:

A. d(4;(SBC))= B. d{4;(SBC)) =

C. d{4;(SBC)) =

‘0\ JLS
2
=

A. Khoéng cach tir diém M dén mit phing (4BC) bing ; lin khodng céch tir diém N
dén mit phing (ABC )
B. Khodng cach tir didm M dén mit phing (54B) bing mot nira khoang céch tir diém C -

dén mit phang (S4B).
C. Khoéng céch tir N.dén mit phing (SAC) bing % khoang cach tir B dén mit phing (SAC
D. Khoang cach tir diém M dén mit phing (S4B) bing % khoang cach tir diém H dén

mit phing (SAB).
68
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Ciu 8: [327582] Cho hinh chép S.ABCD c6 day 1a hinh chir nhit ABCD. Tam giac SAD cin
tai § va thudc mit phing vudng goc véi day. Goi M 12 diém thod man SM +2CM =0. Ty sé
khodng cach D dén miit phéing (S4B) va tir M dén mit phing(S4B) 1

2 3 1

A— B. - C. = D. 2
3 -2 2 :

Ciu 9: [327586] Cho hinh chop S.4BCD c6 ddy 1a hinh thoi. Tam giédc S4B cén tai S va thude
3t phing vudng goc véi day , biét tam gidc ABC du canh 20 cm va mit phang (SCD) tao

véi ddy mét goc 60°, Khoang céch tir A dén (SCD) la

A. 20cem B. 10cm C.150m D. 30cm.
Céu 10: [327593] Cho hinh chép S.4ABCD c6 diy ABCD li hinh vuéng. Canh SA=a va
vudng goc véi mit phing day. Goc giira mit phing (SCD) va mit phing day bing 45°. Goi
O 1a giao diém ciia AC va BD. Tinh khoang cach d tir diém O dén mat phing (SBC)

Ad= “‘2/_ B.d=7. C. d=ﬂ_— D.d=37a.'

Ciu 11: [327596] Cho hinh chép S.4BC co S4 _L(ABC), ddy ABC 14 tam gi4c ddu canh
a.Biét SB=a+/5, khoang céch tr trung diém clia S4 dén miit phing (SBC) 1.
A 2a+/57 a\/f; ' C a37 a\/S—'?
T 19 4 19 T
Cin 12: [327599] Cho hmh chép S.ABC c¢b day Ia tam giic déu canh g .Hinh chiéu vudng
goc cia dinh S xuong mit day 1 trung diém H cia canh 4B . Biét tam gidc SAB déu,

khoang céch tir diém 4 dén mit phing (SBC) 1a.
A a\/B. : B. ax/l_S_- C. a\/l—(). D. 2a\/i§‘
10 2 15
- €au 13: [327601] Cho hinh chép S.4BCD cé day 1a hinh vubng canh 2. Hinh chidu vudng
.goc cha dinh S xubng mit day tring véi trung diém H cia canh 4D . Biét rang khoang cach

tir didm 4 dén mjt phing (SBC) bing 2"‘751 . D6 dai canh S4 1a:
A. 2—“ ' B. 2a. C. 2a42. D.3a.
3 | |

Ciu 14: [327603] Cho hinh chép SABC c6 ddy 13 tam gidc vudng tai B b
" AB=a;BC= 2a Hinh chiéu vudng goc cia dinh S xubng mjt day trung véi trung diém cia

AC . Bibt SB==22 khoang céch tir diém C dén mit phéng (S4B) 1a:

2a ) a«/f
=, B. a2 c. 22, D. 2aV2 .
NG 2
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Ciu 15: [327607] Cho ling tru 4BC.A'B'C' ¢6 day 13 tam gidc vudng cin tai 4 “/&i
AB = AC =3a. Hinh chiéu vudng géc ciia B' 1én mit day 13 diém H thudc BC sao cho
HC =2HB . Biét canh bén cia ling tru bﬁng 2a. Khoang céach tir B dén mit phing
(B'AC) béng: '

A2l B. a3 C. 3043 D

4
3 2 T2
Céu 16: [327611] Cho hinh chép S.4BCD c6 day ABCD la hinh vuéng. Goi H, M én
lwot 12 trung didm ciia cac canh AB, CD. Bit SH 1 ( 4BCD), khoang.cach tir B dén ragt

phéng (SHM ) béng % Tinh khoang cach tir diem 4 dén mit phing (SCD) khi ASAB 13-
tam gidc déu: ' '

o T 31 21

A.d= . B.d . C.d= . D. d= .
21 14 7 3

Cau 17: [327614] Cho hinh chép S.4BCD ¢6 diy ABCD 13 hinh chi¥ nhat, 4D =24B.Tam
gidc SAB cén tai § va nam trong mat phing vudng gbc véi day. Goi H 14 hinh chiéu cia §
trén (ABCD). Biét dién tich tam giac S4B béng lem®* vad (B;(SAD))= V2 em. Tinh dién
tich hinh chit nhit ABCD:
A. 32. B. 16. . C.s. ' D. 72.

Céau 18: [327617] Cho hinh chép S.ABCD c6 diy ABCD 1a hinh vubng. Canh S4 vutng
goc v&i déy, gbc gilra dudng thing SB va mit phing d4y bing 60°. Goi H nim trén dean
AD sao cho HD=2HA . Khi S4=33 , tinh khoing céch tx diém H dén mit phing
(SBD) : | | |

021 /i _2/A

Ad=221 g g2l C.d Cp. g2
14 7 7 7
PAP AN TRAC NGHIEM

1.C 2.B 3.C 4.B 5.C 6.B 7.A 8.B 9.C 10. ¢

11.C [12,A [(13.B |14.B (15.B |[16.C [17.A [18.C
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Chi dé 5
[TV6010] KHOANG CACH GIUA 2 PUONG THANG
CHEO NHAU

I LY THUYET TRONG TAM VA PHUONG PHAP GIAI

1. Pwing vudng géc chung va doan vudng géc chung ciia 2 dwong thing chéo nhau.
a) Pudng th'illg A cit hai dudng thing chéo nhau a,b va A j/
ciing vudng goc véi mdi duong thing y duoc goi 12 duong i

vubng goc chungclia g va b a

b) Néu dudng vudng goc chung A cit hai duong thing
chéo nhau @ v4 b In hrot tai M va N thi d6 dai doan ,
thing MN goi I kboang cach gitra 2 dudng thdng chéo \

nhau a va b, N:,\

2. Céach x4c dinh doan vudng gc chung cita 2 duwdrng thiing chéo nhau

Cho hai dudng thing chéo nhau a va b. Goi (B) lamat a

phftng chita b va song song v&i a, a' 1 hinh chiéu a M

vudng gbc cia a trén ().

Vi a||(B) nén a||la’. Goi N=a'nb va () 1a mit

" phéing chira @ va a'. Dung duc‘)'ng_théng A qua Nva

vudng goc véi (B) , goi M =Ana,dédangsuyra A 1

duwong vudng goc chung va MN 13 doan vudng goc
chungcia a va b.

Nhin xét:

i : : M '
a) Khoang cich giita hai dudng thing chéo nhau bang - M
a

khoang cich gifta mot trong hai dudng thing d6 dén m3t
phéng song song véi né va chira dudmg thing con lai.

b) Khoang cach giita hai dudng thing chéo nhau bing \ /
khoéng cach giita hai mit phing song song v&ind va \ '

chira dudmg thing con lal.

3. Phwrong phap giai.

Phwong phap 1: Dung dudng viidng géc chung dé tinh khoang cach gifta 2 dudng thing
chéo nhau.
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M hinh: Khao sat khéi chép dinh § ¢6 dudmg cao g
SH bai todn yéu ciu chting ta tinh khoang cach gifra
haidudmg thing chéo nhau 4 (thudc mat ddy) va
dudng thing SC thudc mit bén cha khéi chép trong

d6 d 1 8C.

+) Dung hinh: Ta ¢6 hinh chiéu vudng géc cia SC

trén miit phang day 1a HC . 4
1d
1d-
Goi M=dNHC, dung MK LSC khi d6 MK 1a
doan vudng goc chung ctia 4C v SC.

L{SHC).

, SC
Mt khac :
{sn

+) Tinh todn: Dyng HE 1 SC khi dé MK _ MC = MK _Me HE.
HE HC HC
Xét tam giac vudng SHC ta co: L __1 + L =>HE=d.

HE* SH* HC?
Phwong phap 2: Dyng dudng thing chita a v song song vdi b (hodc dudng théng chir. b
va song song véi a) @ tinh khoang cach giita hai dudng thing chéo nhau. '
M3 binh: Khio sat khéi chop dinh S cé dudng cao SH bai
toan yéu cdu chfing ta tinh khoang cach giira hai dutmg
thing chéo nhau 4 (thudc mit ddy) va dudng thing SC
thudc miit bén cita khéi chép tuy nhién trong trwdng hop nay
d khdng vubng goc voi SC.

+) Dung hinh: Tim giao diém cia SC va ddy (giao diém
cua canh thudc mit bén va mit day) trong tredmg hop nay
giao diém 12 diém C. .

Tir C ta dung dudng thing xCy || d.

Khi 46 d(d;SC)=d(d;(Sxy)). Goi M =d nHC .

Do d6 d = d{M;(Sxy)}}dén day ching ta quay vé bai toan
tim khoang céch tir diém bt ky thudc mit day dén mat
phing phing bén (SCx) cia khéi chop.

Wi ¥ 1: Dé tinh khoang céch d(d;(Sxy)) ta ¢6 thé 1dy bét ky diém ndo thuée d (khing
nhit thiét 1a diém M ) 1am sao dé quy khodng cach cén tim vé khoang cach tir 4 den nft
phing (Sxy) nhanh va d& dang nhét.

Chi ¥ 2: Trong trudng hop trong hinh vE d3 tdn tai mat phing chita SC va song song v&i 4
hodc chira d va song song v6i SC thi ta nén tdn dung ludn yéu t_é do.

-T2
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Chii y 2: Ngoai cach dyng mit phing chita SC va song song véi d @é tinh khoang cach gifta
d va SC ta ¢6 thé dyng dudng thing chira d va song song véi SC d tinh khoang cach giita
ching tuy nhién céch 1am ndy thudng khd phirc tap so v&i cach lm ban ddu. Do dé ta wu tién
dung mit phéng chira canh bén SC va song song véi dudng thing thude mat day.

II. ViDU MINH HQA -

1. Viducobin

A.d=

Vidul: Cho hinh chcrp S.4BCD c6 day 14 hinh vudng canh ¢ va S4 L (ABCD) Biét ring
SC tao véi mit ddy mot gée 60°. Khoang cach gifra 2 dudmg thing 4B va SD la:

“‘{i_._ B. d=ay7. Ld= ‘{5—. aJ6.

Dd—-—

7

Li gidi:
Ta c6: AC=0a~2. Do SAL(ABCD) vi SC
tao véi day goc 60° nén SCA =60°.
Khi 46 S4= ACtan60° = a+/6 .
AB 1 AD
{AB 154
Dyng AH 1 SDsuy ra AH 1a doan vudng gbc
chung clia 4B va SD.
SAAB  a#2

Tacd: AH = = . Chon A.
NS4+ aB: T

= 4B 1 (S4D).

Vi dy 2: Cho hinh chép S.4BC c6 d4y 1a tam gidc ddu canh a, goi 1 1 trung didm cia 4B
Hinh chiéu vudng goc cta S trén mit ddy 12 trung diém coa C7. Biét_chiéu cao cha khbi |
chép 13 2 =a+/3 . Khoang cich d giifa 2 dudng thing 4B va SC la.

aJ_ ) aJ_ ZaJ—S—l

B.d= C.d= D.d:?""/s_1

A d= :
- 17 34 17 : 17

Dung [F L SC khi d6 IF 1a doan vudng gbc chung cia
AB va SC.Dl_mg HE 1 .8C ta cé: HE=%IF

Lai ¢6 CI:i cr =3 4
2 4 : :

Khido HE=—SLHC___a¥S1_ 1o 2aV51
JsH ycH? 17 17

Cheon C.
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Vi dy 3: Cho hinh chép S.4BCD c6 ddy 12 hinh vudng ABCD canh a va S4 1 (4BCD).|
Biét mit phing (SBC)tao véi ddy mot gbe 60°. Tinh khoang cich gura 2 dudng thing ED
va SC:

| a0 5 a3 o a3 , a30
12 6 15 .10
Loi gidi

BCLAB .
Ta co: { 1B be L (S4B).

Khi 46 ((SBC);(4BCD)) = 584 = 60"
Suy ra S4 = ABtan60° = a+/3. Goi O 13 tAm hinh vudng

BD L AC
ABCD ta cé: = BD 1 (SAC)
BD 1 54

Dung OM 1 SC khid6 OM 1a dudng vubng géc chung _
SC S84 — OM = S4.0C

cia BD va SC.Tacd ACAS ~ ACMO (g-g)=>—

o~ MO - sc
aﬁ
N a3 _a6 _ am
Js4? +Ac2 T
Ciich 2: Dyung AN L SC=> OM =+ AN . Mitkhic —— =11 12:>AN=“‘/3_0
2 AN?  S4° AC 5
Khidéd=0M=%AN=a;/(§T0.Chan.

Vi du 4: Cho chép S.ABC c¢o day ABC 1a tam gifc vudng cén tai 4 , tam giéc. SBC 14 tam |
gi4c déu canh a va thudc mit phing vudng goc vai day. Tinh khoang cach d gilta 2 dudmg
thing S4 va BC.

a\/§ a\ﬁ . 3a8\/§ _ D. dZan

A d=—~- - B.d=—= C.d=
2 4

Loi gidi:
Goi H 14 trung diém cua BC khi @6 SH L BC.

Mit khic (SBC) L{4BC) dod6 SH 1 (A4BC).

Ta co: SH:ﬂ v dB=dC=2.qg=5C_2
2 V2 2 .2

= BC 1 (SHA). Dymg HK 1S4 khi do

BC | SH _
HK 14 doan vudng géc chung cia BC v S4.
Lai ¢6: HEK =—SLAH ay3 .Chon B.
NSH? + HA* 4

{BC 1 AH
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Hoc & kidng dinh minh CISU D — DU F19C RNEOIY Wial (R ap 1)

Vi du 5: Cho hinh chép S.ABCD cb day 1a hinh vudng canh a, S4 L {ABCD). Biét mit
phing (SBC) tao v6i ddy mot goc 60° va M 1a trung diém ctia SD . Tinh khoang céch 4
giita 2 duong thing 4B vi CM.

A d=a3 B.d=2"2 “f ' c.d=“—3‘@ D.d:%
Léi gidi

BC1 4B e '
Ta co: = BC 1 (S4B)=>SB4 1a goc
BC 1 54

giita 2 mit phing (SBC) va (4BC)
Tacé: SA= ABtan SBA=a\3 .-

Do AB||CD=> AB||(CMD)do d6:
d(AB;CM ) =d( AB;(CMD))

Dyng AH 1 SD khi d6 d(4;(SCD))=

Lai.cé AH = S4.4D = a\/?_)
E Jsa2vap? 2
Do d6 d=i Chon B.

Vi du 6: Cho hinh 14p phuong ABCD.A'B'C'D' ¢6 canh bing a. Goid 13 khoang cach giita
2 dudmg thing AC va C'D. Tinh ty sb 4.
: a

A.Ji_ B. V2 c.-*é—g D.%

Lo‘lgmt .
DEthdy 4B'||C'D do 46 d(AC;C'D)=d(C'D; (ACB ) B c:
Khi 46 d =d{D;(B' AC)). Mt khic OB=0D (v6i O I ™
tam hinh vudng ABCD) , &
Khi d6 d(D;(B'AC))=d(B;(B' AC)) /

{BDJ.AC ' ;o

=> AC L(BB'0),duyng BH L B'O RN U
AC 1 BB' YA -

-
-
‘l:-

SuyraBHJ.(B'AC):d:BH:Mizi 4 4

JBoO*+BB® 3
NE)

——_ Chon C,
3 0

Doveftyt}'fsé i—:
a
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oty Setpdinied ) FRO S — Hinh Hoc Khing Gian (I'dp 1)

Viduy 7: Cho hinh chép S.4BC c6 SA vudng goc véi mit phing (ABC), day ABC tam giac

vudng tai B ¢6 AB=a,BC =g+/3 , Bibt SA‘:% khoang céch gifta hai dudng thing S5 va

AC1a:
A aV39 p 30 . 2¥30 p, 4Y30
13 20 15 | 10
Loi gidi:

+)Dung Bx//AC,AE | Bx=>(SAE) L Bx

+)Dung AF L SE = d(AC;SB)= AF
Dung BH | AC d& thay AE=BH=‘I2—‘/§

4ESA  a30

Tach: AF = =
NSA*+ 4E: 10

. Chon D.

Vi dy 8: Cho hinh ling try ABC.4'B'C" c6 d4y 12 tam giéic déu canh g, hinh chiéu vudng £6¢ |
cia B' lén mit phing dy tring véi trung didm H cla canh 4B, géc gitta mit phing
(BCC'B') va miit phing ddy bing 60° . Tinh khodng céc gifta hai dudng thing 44’ va BC.

Ad-2 B.4= Cd=2 p.g=2a
8 4 | 16 3
Loi gidi: | | -
+) Dyng HK L BC= BC L (B'HK) = B'KH=60°. 4 o
av3

+) Ta ¢6: HK = HBsin60° = -

:>B'H=HKtan60“=%“

+) Do A4'||BB'= d(A4A';BC)=d(44"(B'C'C))
d(4;(B'C'CB))=2d(H;(B'C'CB))=2HE
HKB'H  3a

VB H 1 HK? 8

Do do d:iﬁ.Chan.

+)Tacd: HE =
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ot yiv i PRO S — Hinh Hoc Khong Gian (LEp 1)

Vidu9: Cho hinh chép S.ABC c6 diy ABC 1a tam gidc vudng cin tai 4, AB=AC=2a,
hinh chiéu vuéng géc clia dinh S 1én mit phing (ABCD)tring véi trung diém ciia canh 4B,

biét S4= a2 . Tinh khodng cach d giita 2 duémg thing SA_ va BC.

' 3 2a 4a
A.d=a3 B.d=2% c.d==2 D.d="2
Li gidi:
+) Goi H 1 trung diém cta canh AB khi d6 SH L (ABC) va SH =S4 ~HA =a
+) Dyng Ax//BC=>d(S4;BC)=d((B;S4x)) 5 o

)

+)Dung HK | Ax=>(SHK) L 4x.
+)Dung HE 1L SK

=> d(B;(S4x)) = 2d (H;(SAx))

+) Tacé: HK = AH sin HAK ==

NG

= d(H;(Sdx))= HE = SHK___ a

JsH +HEE. 3

+)Do d6 d(54;BC)= 2_,/631 Chen C.

Vidu 10: Cho hinh chép S.ABC €0 diy ABC 14 tam gidc vudng tai 4, AB = a3,4C=a,
tam gidc SBC 13 tam giac vuong can dinh S va ndm trong mat phéng vudng goc v mat
phang (4BC). Tinh khodng cich d giira 2 dudng thang SBva AC.

a\/_, 2a+/21 af21 ' :ﬂ
3

A d=

B.d= C.d=

7 7 7
Loi gidi o '
+) Goi H 1a trung diém cta BC ta c6: SH L BC

Mit khéc (SBC) L (4BC)= SH 1 (ABC)

+)Tacd: BC=vAB*+ AC* =2a= SH =%BC= a.

+) Dung Bx|| AC = d(AC;SB) = d(4C;(sBx))
=d(C;(SBx))=d:

+)Dyng HK 1| Bx,HE 1 SK = HE 1 (SBx).
+) d(C;(SBx))=2d (H;(SBx))=2HE .

+) Ta cb: R T HE = -.SHHK (3

o 2 2 NSH? + HK* 7
Zm/_ B

.Chon B.

Do dé d = 2d(H;(SBK))
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sFawwase v PRO S — Hinh Hoc Khéng Gian (Tap 1)

Hoc 84 khing dinh minh

Vi du 11: Cho hinh chop S.4BCD c6 day 13 hinh vudng canh 2q, S4 .L(ABCD) .Goi M 1A

trung diém ciia canh CD, biét S4 = a+/5 . Khoéng cach gitra 2 dudmg thing SD va BM 3.

2a-/39 B 2a+/145 C 2a/39 D 2a+/145

3 15 : 13 29

A,

Lo gidi: _
Dung DN || BM = N 14 trung diém ciia 4B.
Khi d6 4(SD; BM ) =d{BM;(SDN))

= d(B;(SDN))=d(4;(5DN))

Dung AE L DN = DN 1(SAE), dyng AF 1 SE

: E '
khido 45 L ey (SDN)
AF t DN .

AN.AD  2a

VAN? + AD? =ﬁ

Do vy d(B;(SDN))=d( 4;(SDN))

Ta cH: AE =

AF.S4 5 2aJ145

S AF = = 2a
JAE? + 54° 29 29

. Chon D.

Vi du 12: Cho hinh chép S.ABC c6 day 1a tam gidc vudng cén tai B, AB=BC=2a i |
54.L(ABC). Goi M 1a trung diém ciia AC. Biét goc giira 2 mat phing (SBC) va (4BC)
bang 60°. Tinh khoéng cach d giita 2 dudmg thing AB va SM theo a.

N d=a\/13 B d=m/39_ c. d:2a\/13 D. d=2a\/39
13 13 13 : 13
Loi gidi: T

BC 184
hai mjit phing (SBC) va (4BC)

: AB 1 BC — -
Ta ¢o: { . =>BC 1(SAB)}=> SB4 14 géc giita

Ta cd: SA= ABtan SBA =2a/3 . Dyng Mx|| AB
Khi d6 d(AB;SM ) = d{ AB;(SMx)) = d( 4;(SMx))
Dyng AE | Mx; AF 1 SE khi d6 d(4;(SMx))= AF

Do AE || BC nén EAM = ACB =45°
Suyra AE =AM cos45° =g
SAAE = 2a\/39

Dodo 4F = = =d .ChonD.
NS4+ 4E? 13 -
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Hoe 13 kirkng Sint mioh FIRU D — HINN HOC KNONg Glan {1ap 1)

Vi du 13: Cho hinh chép S.ABCD c6 diy 1 hinh vudng canh a, S4.L(4BCD), dudng
thing SC tao véi dsy goc 45°. Khoang cach giita 2 dudng thang SB v& AC 1a:

A d_aJl_o af10 a10
T 2 5

B.d=
10

C.d= D.d=

a\/ﬁ-;
15

Léi gidis

+) Taco: AC=av2,5CA = (SC;(4BCD))=45°
=84=AC=a\2

+) Dung Bx|}-AC = d(AC;SB) =d(AC;SBx)
+) Dung AE 1 Bx, AF L SE=>d = AF

+) Ta ¢b: BE|AC= BE 1 BD d& ring suy ra

OEBO 14 hinh chit nhit suy ra AE = OB = “‘f
9 do_AESA a10 . Chpn C.

JAE +34 5
2. Vi du van dung cao.

Vi dy 1: Cho hinh chép S ABCD cc')‘da'ly ABCD 14 hinh chit nhat c6 4B =a,BC=a\3 . Hinh':
chiéu vudng goc H cita dinh S 1én mit phiing (4BCD) 1a didm H thoa mén A = —2HF . Goc]
| gitta mit phéng (SCD)va mit phing (ABCD) bing 60°. Tinh khoéng céch gita 2 duo’ng1
thiang 54 va BD.

A.az:M B.d=9"‘ﬁ | C.d=3aﬁ D.d=5£
.28 , 14 — 4 - 14

+) Dung HK 1 CD=> SKH = 60".

+) Ta c6: SH = HK .tan 60° = BC tan 60° = 3a.
+) Dung Ax//BD = d(84; BD)=d(BD;SAx)
=d (B;S4x)= %d (H:(S4x)).

+)Dung HE 1 Ax,HF 1 SE

= d(H;(Sdx))= HF .

+) Ta cé6: tanABD—\/_:>Im=I§13=60°

=5 HE = HAsin60° =22 Y3 _a¥3
372 3
+) Do dé: HF =——aHE___ 3 d(84,BD)= Chon A.

JsH e 247 —7—7_'
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F Yy S L 1T N Y
Hgc a8 khing dinh minh

PRO S - Hinh Hoc Khong Gian (Tép 1)

Vi dy 2: Cho khdi chép S.4ABCD cb day ABCD 14 hinh vudng canh 2a. Hioh chiéu vudng go:
ctia § trén mit phing (4BCD) 14 diém H thudc doan BD sao cho HD =3HB. Biét goc giira
miit phing (SCD) v miit phing ddy bing 45°. Khodng cach gifta 2 dudmg thing S4 va BD 1a:

A 3a\/3q B Za\/ﬁ _

17 T3

2a\[5_1
13

C.

D. Zam
17

Léi gidi:

+)Dung HK 1 CD = CD L (SHK) do vy
(5CD; 45CB) - 3KA - 45"

Tachd: AHKD vu6ng cin tai K do vﬁy

HK =KD= > = SH = HK tan45° =

+)Dung 4x//BD taco:

d(S4;BD)=d (BD;($4x)) = d(H;(54x)).
Dimg HE | Ax=HE=04=0a2

Dyng HF 1 SE => HF 1(S4x).

SH HE 3a34

Taco: HF = = =d.ChonA.

JsH? + HE’ 17

Vi du 3 Cho hinh chép SABCD cb diy ABCD 1 hinh chir nhat o6 AB=2a,4D =a+3,
canh bén SA vudng goc .véi ddy, goi M 12 trung diém cia canh CD. Biét SM tao v&i mit |
phiing (4BCD) mdt géc 60°, tinh khodng cach d giifa 2 dudng thing AM va SB.

&0 b o200

LA d=
5

C.d=

a 60
10

av60

D.d=
30

Lai gidgi:

+) Tacd: AM =JAD*+ DM* =2a

— S4 = AM tan 60 = 2a\/3 _

_ +) Dung Bx|| AM = d{ AM;SB)=d(4;SBx)
+)'Du~ng AK L Bx, AH 1 SK

N Tacs: anitdB="2 -1 _ iab=30°

4D 3
— BAK = 30° = AK = ABcos30° =a\3
+) d(4;(SBx))= AH =a 15% =ﬂ/§_63. Chon A,
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Hoe € kg #nh oo FRU 5 — XGID HOC RIORY \xtal (E3p 1)

Vi dy 4: Cho hinh ling try ABC.A'B'C'cd ddy la tam giac vudng cdn AC = BC =3a, hinh
chiéu-vuéng gbc cia B’ 1én mit ddy tring v6i trong tam tam gidc ABC, mit phing (ABB' A')
tao véi mit phing (ABC) mét goc 60°. Tinh khodng cach gifta 2 duong thing AB va B'C.

3av42 B.d=3axf£—l§ Cd:aJﬁE D.d=am

14 o 7 4 - 7

Ad=

Léi gidi:
+) Dung CI L 4B = I 13 trung diém ctia AB.
' +) Tacé: (B'GI) L AB=> B'IG = 60°.

3a\/— aﬁ
2

+) Lai ¢6: CI = —AB— =Gl=—" ]
pi 2

a6
2

= B'G=GItan60° =

+)Dung IH 1 B'C=d(AB;B'C)=IH = B;;

Tacé: B'C=~B'G* +GC? =@:> m=3ala
3042

14

Dodé d=1IH =

B'GGC

Holic dung GK || IH = IH = > GK =2 B GGC__
: _ 2 2 VB'G*+GC*

Chen A,

Vi dy 5: Cho hinh chép S.ABCD o6 déy ABCD 1a hinh oh nbjt coAD af hinh chleu ,

.....

vudng tai S va nim trong mat phang tao v&i day mét goc 45°. Tinh khoang cach d gilta 2
dudmg thang 84 va BD. '

2a 3a ‘ a 4a
A d=—x B.d=—"— . Cod=—f4 D.d=—
' V11 J11 V11 411

Loi gidi:

+) Goi H 13 trung diém cia 4B . Dung HF LCD
khi d6 HF = AD=a2 .

+) Ta cb: CD L (SHF)=> SFH = 45°

= SH = HF tan45° = a2 ; SF = HE2 =2a

Do tam giac SCD vubng cén nén CD =2SF =4a

4a

ABAD  4a
V4B + AD?

Suyra d{(4;BD)=
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ot vhriyivi PROU § — Hinh Hoc Khong Gian (14p 1)

Hoc dé khing dinh minh

+) Dung Ax//BD,HK L Ax,HE | SK
+) Ta c&: HKzld(A;BD)—l da _2a
2 273 3

+) Do viy d(S4; BD)=2HE =-%. Chon D.

Vi du 6: Cho hinh chép SABCD ¢6 ddy ABCD 1a hinh thoi tim O canh q, hinh chidu vudng |
gbc cha dinh § 1&n mat phing day tring véi trong tim H cia tam gidc déu ABC, biét mit
phang (SCD) tac véi mit phing (ABCD) mét goc 60°. Tinh khodng cich gifta 2 dudng

thang S4 va BD.

2239 a39 a5 D. d=ay5

B.d=

Ad=
13 3 E

Léi gidi
+) Ta ¢6 A4ABC déu canh @ nén H 14 truc tim ciia
tam giac ABC=>CH 1 AB=CH 1. DC

= CD 1 (SHC)=> SCH = 60°
+) Ta ¢b: OB—a—\/—_a:;«BD aJ—

a3

:>HB=HC=T

Vi

+)Khldo SH—“ an60° =a

+) Dyrig Ax//BD,HEJ_Ax,Iﬂ?J_SE:HE=OA=%

= d(S4;BD) = HF =22

T JHE +SH® \/_
Vi dn 7: Cho hinh {&ng tru dimg ABC.4'B'C'cb day ABC i tam gidc vudng cb
AB=BC=q A’'B= a«/ST Goi M 14 trung diém canh BC. Tinh theo a khoédng céch giita ha:
duorng thing AM vi B’ C.

a\/4_2 a\[2-1- a\/ﬁ D d—'aﬁ
7 T

. Chon C,

A d= B.d= C.d=

7 7 : : 7
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Hoc ok kg e v YRU S~ HINN Hec Khong Gian {1ap 1)

| Léi gidi: -
Tact: A4'=VA' B —AB = a2 ' A’ __C
Dung Cx | AM khi 66 d(AM;B'C)=d(AM;(B'Cx)).
| , . 2
=d_(M;(B'Cx))=—2~d(B;(B'Cx)). ‘ %
. i L]
T~ 1
ELCx IR
BELCx = BF 1 (B'Cx)=d(B;(B'Cx))=BF “PAE
BF1B'E _ ) Li _______ IRahEN
- £ ‘-'H""-'--..__!,P
Lai cé BE=2BP, trong 46 BP = AB.BM =i,— _ \ ':f:,g,f
JAB +BM? NS i /
: 2a BEBB' 2a B
Suyra BE=—== BF = e == .
J5 JBE*+BE? T
Do d6 d=%. Chon .

Il] BAI TAP TY LUYEN

A [TT6011) Khodng cich giira hai dwomg thing chéo nhau (Dang 1)
Céu 1: [329053] Cho hinh chép S.4ABCD cb ddy ABCD 13 hinh thang vudng tai 4, B. Biét

AB=a; BC=a, AD=3aq, SA_af Khi S4 1({A4BCD), khodng céch giita hai dudng
thing SA, CD 1a:

2a s - Bg e o e

S T g e
A5 " E5 “F >G5
Chu 2: [329056] Cho t d.len déu ABCD canh af3. D¢ dai khoang cach gnra hai dudng
thing ABvVACD1a? :
a\/_ a\/_ a\[?: ’ . an
A 2 3
Cau 3: [329063] Cho hinh chop S.ABC c0 day ABC la tam giac deu canh a. Canh bén

SA=SB= SC b . Khoéng cach giira hai dudmg thing S4 va BC bing ’%a Tinh b theo a.

a 2a ' 2a
A b=—. B. b=a. C.b=—. D bh=—
B 3

V3
Céu 4: [329070] Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh chit nhit, 4B=34D. Hinh
chiéu vudng géc ciia dinh S 1én mit phing (4BCD) 12 diém H e AB sao cho BH =24H .
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EFRvwaevis PRO S - Hinh Hoc Khéng Gian (Tp 1)

Hgc a& khing djinh miah

Khoang cich tir #/ dén mit phing (SAD) bing g vi SH =3 . Tinh khoang cach giita hai
dudng thing SH va CD.

A1 B. V2 c.-‘@. ' L
2 2

. Cau 5: [329116] Cho hinh chép S.4BCD c6 day ABCD 13 hinh thang vudng tai 4 va 2,
d4y lén BC. Hai miit bén (SAB), (SAD) vudng go¢ véi ddy. Canh SA= AB=a, goc gita
dudmg thing SD va {ABCD) bing 30°. Tinh khoang céch gifta hai dudmg thing S4 va BD.
=%' 'B.,d=a\/§_ _(:.d:%.. | D._a’=$.
C#u 6: [329117] Cho hinh chép ddu S.4BCD 6 déy 13 hinh vudng ABCD tdm O, canh bén
SA = a5, mit phing (SCD)tao véi mit phing (ABC) mdt gbe 60" .. Khoang cach gifta BD
va 8C la: '

a30 a~30 a15 : a/15

A.d

- B. C. D.
5 6 5 o

Cau 7: {329123] Cho hinh chép tam gisc S.4BC c6 ddy 1 tam gidc vubng can tai 4 ¢
AB=AC =2a. Goi M |4 trung diém cia BC. Hinh chiéu vudng goc ciia dinh § xubng ddy 4
trung didm ctia AM . Biét S4tao véi day géc 60°. Khoang cach gifta 2 dudng thing BC 13
SA la: _ :
ass B, &6 o p, &3
3 2 4 : 2

Ciu 8: [329128] Cho hinh chép S.4BCD cé day 4ABCD 13 hinh thoi ¢
‘AC =2q,BD = 2a/3 tim O. Hinh chifu vudng goc cia dinh § xubng mit day tring vdi
trung diém cta OB . Biét tam gidc SBD vudng tai S. Khoang céch gifta 2 dudng thing 4C
vi SB 1a:

a2 B 3¢ c.2

4 8 2 :

Chu 9: [329134] Cho khéi ling tru ABC.A'B'C' ¢b day 12 tam gidc ABC can tai 4 cb
AB=AC=2a; BAC=120°. Tam giéc A'BC vudng cin tai 4' vd nim trong mit phing
vubng goc véi day {ABC). Khoang cach gilta hai dudmg théng A4’ va BC theo a la:

Al . paf el p, ¥

) 6 4 2
Cau 10: [329137] Cho hivh ling tru ABCA'B’C’ ¢6 4y ABC 13 tam gidc déu canh a. Hina
chiéu vuéng géc cita dinh 4' 1én mit déy tiing v6i trong tim tam gidc ABC. Bit canh béa
ciia khéi ling tru tao v&i ddy géc 60°. Khoang céch giita hai dudmg thing 4B va 4'C-1:

A

p o8B
2
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Hqcaakhinsqﬂhm]“h LA anr AdaEeis AEm emaEiisg, WEAGER | ALl A

A2 | B.Z - c. o p. o
e "2 4 2
Céu 11: [329143] Cho hinh chép S.4BC cd diy ABC 14 tam gisc vubng tai 4. Tam gidc
(SAB) déu va ndm trong mit phing vudng gbc véi ddy. Pudng thing BC tao voi mit phing
(84C) goc 30°. Khodng cAch giita hai dudng thing SB vA AC bing %. Tinh &6 dai doan
thing BC. '

A BC=aV2. B. BC=2a.  C.BC=a\3. .~ D.BC=3a.
Céu 12: [329145] Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh chit nhit canh,

4B=a\2, BC=a. Canh bén SA vudng goc v6i dhy, SA=BC. Goi M ) trumg diém oia

CD. Tinh khoang cich giita hai dudng thing SC va BM .

A. o3, B.%. C.%/-_i. D.E-;E-.
PAP AN TRAC NGHIEM

0..D [02.B [03.C (04 A |05D [06.A. |(07.B (08.C (09.D (10.A

i.C |12.B

B -[TT6012] Khoang cach giita 2 duing th?ing chéo nhau (Dang 2)
Céu 1: {331877] Cho hinh chép S.ABC cb day ABC 1a tam gidc vudng cén tai 4 ,
AB = AC =2a, hinh chiéu vuéng géc ciia dinh § 1én mt phing (4BC) tring v6i trung diém
H ciia canh 4B. Biét SH =a , khoéng cach gifta 2 dudng thing S4 va BCla:

A gt e D-‘.‘-Z./_i

NE) NER Co2 3
Céu 2: [331878] Cho hinh ling tru ABC.4'B'C" cb ddy 13 tam giac ddu canh a, goi M 14
trung diém ciia 4B , tam gide (4'CM) cin tai 4’ va ndm trong mit phing vudng goc véi

1
d4y. Biét thé tich ling tru bing a ;E . Khoang cach gifta 2 dudmg thing AB vi CC'.
A 2a\5/§7 B. Zalwf_?— C. 2:11\/3@ D. Za;[SG

Cau'3: [331879] Cho khbi chop S.ABCD cb ddy ABCD 1a hinh vudng canh 2. Hinh chiu
vudng goc clia S trén miit phing (4BCD) 1a diém H thudc doan BD sao cho HD =3HB . Biét
goc gifra m3t phing (SCD) va mit phing ddy bing 45°. Khoing céch gifta 2 dudng thing S4
va BD 1a:

A Sam 2aJ1_3 2a«/§ Zam

B. C. D.
17 3 13 17
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FRU D — HING HEC KIONE L1an {1ap:1)

Hoc d¢ kndng Jintminh

Ciu 4: {331881] Cho hinh ling tru ding ABC.A'B'C" ¢6 day ABC la tam gidc vudng tai .3,
AB=a\3, BC=2a. Goi M 14 trung diém ctia BC. Tinh khoang cch giita hai dudng
thing AM, B'C bidt Ad'=a2 .

A.

a10 B. av2. G av30 D. 2a.
10 10 -
Céu 5: [331882] Cho hinh ling try dimg ABC.A'B'C' ¢ AC=a, BC=2a, ACB=120" 72
dudmg thing. 4'C tao v6i mit phing (4BB'A") géc 30°. Tinh khodng cdch giita hai dudng
thing 4'B, CC'. ' _ S
a21- : a2t a21 . a21
. B . C. . D. .
14 , 7 3 21
Ciu 6: [331883] Cho hinh chop S.4BCD cb déy ABCD 13 hinh vudng canh a. Canhbén S4
vudng goc véi mit phing déy va mit phing (SBD) tao véi mit phing (ABCD) mdt goc biug

A.

60°. Goi M 1a trung diém ctia 4D . Tinh khoang céch gifta hai duomg thing SC va BM .

2a ’ 6a - a 3a
A ——. B. —. C. —. D. ——.
Vil Vit Vit Ji
Céu 7: [331885] Cho hish chép déu S ABC c6 dd dii dudng cao tir dinh § dén mit phing
af21 '

déy (4BC) bing . Géc tao b mit bén véi mit phing déy bing 60°. Goi M, N lin

luot 13 trung diém cta 4B, SC . Tinh khoang céch gitfa hai dudng thﬁng SA, MN .

9a/3 B 3a\3 . C 6a3 D 12443
42 R . 42 .‘ .- .. . - 42 . . 7 . 7 42 T

A.
Can 8: [331886] Cho khdi chép S.ABCD c6 déy 13 hinh vudng canh a, S4 L (4BCD). Goi

M 13 trung diém canh BC va SM = 3?{1 . Khoang céch gitra 2 dudng thing SM va AD 13 :

a3 ‘ a
A, — . B. a : C.—— . D. ax/i
2 : N7

Ciu 9: [331889] Cho hinh chép S.4BCD cd6 @iy la hinh chit nhit 4BCD 6
AB=3a;AD=2a, SAL(ABCD). Goi M 12 trung diém ciia AD. Khoang céch giita 2 dutng -

thing CMvaS41a:
ba A 3a 2a " ba
A2 B. —= C. =2 D. ——
Ji3 | T N NiT)

86



Hoe & khing dinh minh EOARAS 12 T OALIAAAN AU NRALURRZL WELALN | L EAQF 1)

Cau 10: [331891] Cho hinh chép S.4BC o S4 vuéng géc véi mit phing (4BC), diy ABC

tam gidc vuong tai B ¢6 AB=a,BC=a\3, Biét sS4 '=%, Xhodng cach gifta 2 dudng
thing SB va AC la: :
A, a\/3_9 B. a\/ﬁ C. a«/ﬁ D. aﬁa
13 20 15 _ 10

Cau 11: [331893] Cho hinh chép S.ABCD cb day 12 hinh vuéng canh 2a; S4 L (4BCD) .

Goi M 14 trung didm ciia canh CD, biét S4=a/5 . Khoang cach giita 2 dudmg thing SD va
BM 1a: -

A,

B. C D.
15 : 13 29

Cian 12: [331894] Cho hinh chop S.ABCD cb ddy ABCD 1a hinh thang c6 day 1ém 1a 4D,
chc duomg thing S4, AC va CD dbi mdt vuéng géc véi phau; SA=AC=CD=a"2 va
AD=2BC . Tinh khoéng'céch giita hai dudmg thing SB va CD. .

A b pafs o oo p, 210

2 -5 . 5 2

Céu 13: [331897] Cho hinh chop S.ABCD c6 day ABCD 14 hinh thang vudng tai 4 va B
¢d AB=aq,BC=a, CD= a6 , SA= a2 . Khi 54 L (4BCD) thi khodng cach gitta 4D
va SC 1a? '

A. -‘33‘/-5— B aVs C a6 a6

2a-/39 2a145_ . 2a\39 ... 2aJ145
3 .

. . . D.
T2 3 2
C_ﬁu 14: [331900] Cho hinh chép S.ABC c6 day tam giac déu ABC canh 13 a, canhbén S4=a,
54 L (4BC), I'a trung diém ctia BC. Khoéng céch gifta hai duomg thing ST va 4B 13? _
a17 : af57 - af23 - aV17
- B. . C. . D. i
4 19 7 7
Céu 15: {331901] Hinh chép S.4BC cb diy ABC 14 tam gidc vudng tai C ¢ CA=a,CB=b,
canh S4=# vudng gbc véi ddy. Goi D 1a trung diém canh AB. Khoéng céch giita hai dudng

A.

A,

thing AC va SD 137 ,
__ah B o c. p, %
N Jo? +ant T Vo? + 20
PAP AN TRAC NGHIEM

01.LA [02.B |03.A [04.C |05.B |06.D {07.A |08.C {09.B [10.D

iLD [12.C 13.C [14.B |15.B

roubtiath
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rIvU 3 — IO BGC DA0NE Widn (1 gpi
Chi dé 6 -
- [TV6013] GOC GIUA PUONG THANG VA MAT PHANG

Hgc a& khing dinh mink

I LY THUYET TRONG TAM VA PHUONG PHAP GIAY

1. Pinh nghia géc giira dwdng thing va mit phing

Géc giita duong thing d va mdt phing (P) la goc gitta d va hinh chiéu vuéng géc d' cia
d trén (P). o

2, Cach xdc dinh goc giii'é dwdng thing v mit phing

Pé xdc dink géc giffa duong thing d va mdt _
phang (P) ta thyc hién cc buéce nhir sau: \ 4

+ Tim giao diém I cila d va (P).

+ LAy diém 4 trén d, ké AH L(P) tai H. e R

Khi d6 goc giita duémg thing d va mdt / H
phéng (P) chinh ld AIH. P)

Dung i 6 lwong gide hodc hé thitrc huong

trong tam gidc, ta tinh diwoe AIH,
3. Mt s6 md hinh co ban

* M hinh 1. Hinh chép S.4BC ¢6 canh S4 1 (4BC).
- ——> Khao st 1.1. khdo_sét mdit phing (ABC)

Ta x4c dinh (m

Giao diém cita SC va (4BC) 1a C.

Baira c6 S4 L (4BC) tai 4= (SC;(4BC))=5CA.

Tuong ty, ta x4c dinh duoc (SB;(4BC))= SBA.

Téng quét, véi moi diém Pe (ABC) thita c6

(sp,(48C))=5P4
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Hee 4& khing dinh minh - o r e e = Diatre i R Y]

» Lway - -
Mot s6 bai todn phat trién hon, diém P khéng con |
 thudc mit phing (4BC) ita thi ta 58 tim giao diém cia

SP va (ABC).

Goi K = SPN(4BC) = (SP;(4BC))= §KA.

——> Khio séit 1.2. Khdo sét miit phing (SAC)
Ta xic dinh m
Giao diém clia BS va (SAC) 1a S.

V& phuong phip ta s& x4c dinh chin dudng cao H ha
tir B xubng {SAC). Ta ké BH 1{SAC) tai H, tix d6

suy ra ngay m = BSH.

Véi céch 13m nay thi diém H khd "vuvo ", tir 6 din
dén viée tinh todn gip nhiéu kho khin.

Dé ¥ mit phing (SAC) & day rit djc biét, mit phing

- ndy-chita dudng cao -S4, - e e e T g e e 2

Hon nita (SAC)r1(4BC) = AC néntaséké BH L AC tai H, tird6 = (BS;(S4C))=BSH.

= BH L (SAC) = (BS;(SAC))=BSH.

. .. |BHLAC
Thit viy, ta co
: BH 154

Ciing tir BH 1 (SACY) thi ta x4c dinh dugc ngay

Viéc khao sat mit phing (SAB) t&ong tw nhu viéc khio sit mit phing (SAC).

> Nhdn xét ' '

Tir viée khdo sat trén; ta cd ngay két qua sau:

Véi hinh chop S.ABCD c¢6 déy ABCD la hinh vuéng (hodc hinh chit nhdt) va S4 1 ( ABCD) thi
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Hqcrdl khidng dl‘nh mink

rIU D — i HOC KNOng Gian {1ap | )

(DS;(54B))= DS4, (DB;(S4B)) = DBA.
( S(SAB) &, (C4;(54B))=C4B.
(B53(s4D)) = BSA, (BD:(54D)) = BD.
(Cs;(s4D)

CS;(SAD)} = CSD, (C4;(54D)) = TAD.

—— Khio sit 1.3. Khdo sat mét phing (SBC)
Ta xdc dinh (m

Giao diém ca S4 va (SBC) 1a S.

Ké 4P 1 BC (PeBC), AH 1 SP (HeSP)

f BOLAP  pel ($4P}= BC L 4H.
“\BC Ls4
AH L BC
Nhu viy { = AH L(SBC)
AH L SP

= (54;(SBC)) = 45H. |
Ciing tt AH L(SBC) thi taxdc dinh dugc ngay

m=ﬁ va (M=ZEFI '

% Mo hirh 2. Hinh chép S.4BC bitky. -

S

Nhiéu bai toén, viée x4c dinh dudmg cao 13 twong dbi phuc tap, tir 46 dan dén viéc x4c dinh
gbc gip nhiéu khé khén. Thong qua md hinh nay, ta cén luu ¥ mdt ky thuét rit "dgc sdc" dé

x4c dinh goc giira dudng théng va phing mit nhw sau:

- Taxéc dinh m

Giao diém cia SC-va (4BC) Ia C.

Ké SH 1 (4BC) tai H = (SC;(4BC))=5CH.
Luu y sin SCH =% ma SH =d($S;(4BC))

a(s; (ABC))

= sin SCH =
SC
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chd&khingdlnh minh L AWLF L T oananu ALTI .I.\'.I.IUI.IE WNLEAK \L?l—l ay

Dé tinh d(5;(ABC)) thi ta sir dung c4c phuong phép tinh khoang cach da biét,
Vige khio sat che it phing (S4B), (SBC), (SCA) hodn todn twong ty.

% Mo hinh 3. Hinh chép S.ABCD c6 canh S4 L (4BCD).

Viéc khao sdt mit phing (4BCD) twong ty nhu khio
sét 1.1.

Viéc khio sat cac mit phing (S4B), (S4D), (SAC)
tucrhg fur nhar kha'to sat 1.2,

Xét diém A, viée khio st mat phing (SBD) tu'ong tr

nhwr khio sat 1.3.
Xét didm C, viéc khio sat mit phing (SBD) twong tu -
nhu khao sit & md hinh 2.

Xét diém 4, vigc khdo sét mit phing (SBC) va (SCD) twong tw nhw khéo sét 1.3.
Xét diém D, vige khio sat mit phing (SBC) twong ty nhur khao sit & md hinh 2,

. viDU MINH HOA
1. Cac vi du co ban

Vidul. Cho hinh chdp S.4BCD cb diy ABCD 14 hinh vudng canh a. Canh S4 '=a_a/§ Vi |
vudng géc véi mit phing ddy. Cosin clia géc gitta dudmg thing SD va mit phing déy bing ?

o SDP =S4+ AD* =33 +a* = SD=2a

1 1 J3 |
A—. - - B oo @2 T T DlS
B 2 2 : 4
nguu

Giao diém cia SD va (ABCD) 1a D.
Baira cd S L(4BCD) tai A= (SD;(4BCD))=5DA.
= cos(SD;(4BCD)) = cos SDA =22

~ SD

Canh AD- d4 biét bing g, ta cAn tinh canh SD.
Tam gidc SAD vudng tai 4

= cos(SD;(4BCD)) = -g— = —21— Chon B
ad
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Fige 64 kivkng djnh minh FKU D — DU IRgC paong lan (1ap 1)

Vi dy 2. Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh chit nhit, canh AB=a, AD= af3.
Canh S4=a~f3 va vudng goc véi mat phing ddy. Goi O 14 giao diém ctia dudmg thing AC
va BD. Pudng thing SO tao véi mit phing day mét goc a. Tinh tana.

A. 3. B. . | c B3 D.

5 2

B | =

L gidi
Giao diém ctia SO v& (ABCD) 14 O.
Baira 6 S4-L(ABCD) tai A=>(S0;(4BCD))=504

.=>tana:tan:5'—(3;1=§£.
OA

Canh S4 dé biét bing a+/3, ta cin tinh canh O4.

Tam gidc ABC vudng tai B

= AC* = AB*+BC*=a*+3a* = AC=2a

:>OA=—4-§—=a:>tana=&=w/§. Chon A
. a

Vi du 3. Cho lang try dimg ABC.A'E'C' c6 day ABC 14 tam gic déu canh a~/3. Géc gifia
dudng thing AC' va mit phing (4BC) bing 60°. Cbsin cia goc giita dudng thing 4'B va
mit phing (4BC) bing ? ' o '

A %. B.

B
2

1
3

Lo gidi

Giao diém cia 4'B va (4BC) 1a B.

Lang try dimg ABC.A'B'C'= A'A.L(ABC) tai 4

ﬁ(ma_):m

:cos(m=cosm=§%=% (D)

Giao diém clia AC' va (4BC) 1a 4.

Ma C'C L (4BC) tai C=(4C",(4BC))=C AC.
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Bai ra (m 60° = C"AC = 60° => tan 60° = ii'=«[§

= CC'= ACJ" 3a=> A'A=3a=> A'B* = A'A2+ABZ=9a +3a* = A'B=2a3

aJ_ 1

_The vao (1) :>cosm \E > Chon D

Vi du 4. Cho hinh chép S.4BCD c6 déy 4BCD 1 hinh vudng canh 2a. Canh S4 vudng
goc véi mit phing day. Goi M 1 trung diém cia canh CD, gbc gifta duong thing SM va

mit day bing 60°. Cbsin cia gbc giita du'ong thing SB v mit phing d4y bing ?
4

2 |

1
-, C. —.
2 V19

A = _ B.

V19

Léi gidi

Giao diém ctia SB va (4BCD) 14 B.
Bairaco: S4 1(ABCD) tai 4= (SB;(4BCD))=SB4
TrEWITYSY oy 4B
= cos(SB;( ABCD))=cos SBA == === (1)
. SB .
Giao diém cia SM va (ABCD) 1a M.

Biira c6 SA.L(4BCD) tai A=>(SM;(ABCD))=5MA.

Ma (SM;{ ABCD)) = 60° = $MA = 60°
_ o_ 94
= tan 60° = — =3 = S4 = AMf3.
AM _
Tam gidc ADM vudng tai D => AM? = AD? + DM? =4a® + a*
= AM = a5 = §4 = a/15 = 5B =SA2_+A82=15a2+4a2:>SB=a\/1_9.

Thé vio (I) = cos(SB (4BCD))=- Chen C

rr

2. Céc vi du niing cao

Vi dy 5. Cho hinh chép S.4BCD c6 ddy ABCD 14 hinh vuéng canh a. . Tam gidc SAB déu ‘
va nim trong mit phang vudng gbc v mit day. Cosin clia gbe gitra dudng thang SD va mit
phéng day bing ?

V15

A —. B.
4

V15 Jio

C. —. b.—.

8 8
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ittt : PRO S — Hinh Hoc Khong Gian (Tép 1)

Hec 8 kindng dinh minh

Lo gigi |
Giao diém ctia SD va (ABCD) 1a D. : s
Tacé: (S4B) L (A4BCD) va (SAB)N(ABCD)= AB.
Ké SH 1 AB (H € AB)=>SH 1(A4BCD)

-
-

L ma g e o e

PR —— — ) D
=>cOos (SD;(ABCD)) =cosSDH = % (1) Ry '
Tam giac HAD vudng tat 4 B ' C

2
= HD? = AD* + HA? =a2+(-;—J =>HD=-‘3{-5~.
Tam gide S4B déu = SH-=%J5=§.
4 ~ . 2 2 2 5(12 3(12 .
Tam giac SHD vubngtai H = SD* = HD* + SH =T+T:> 8D =a2.
&
a5
Thé vao (1) = cos(SD;( 4BCD)) =—2 V5 o Chon B

a2 - W2 o4 T
> Nhin xét _ : :
Néu goi O=ACNBD thitaco thé tinh cos (50;(4BCD)) nhu sau: _

, T = OH
Ta c6 ngay cos (SO;(ABCD)) =cosSOH = %) (D
Canh OH li dudng trung binh cia A4BC _
BC a a3

= 0OH =—=— méatheo trénthi SH =——
2 2 2

2 2 -
:>SOZ=SH2+OH2=3%+%:>SO=¢:

Thé vao (1) = cds(SO;(ABCD)) =

S R

1
=

Yi du 6. Cho hinh chép S.ABCD c¢b ddy ABCD 14 hinh vudng canh a vi canh S4=a+3.
Hinh chiéu vudng goc cia S tring véi trung didm H clia canh AB. Césin cia goc giite
| duong thing SC va mit phing déy bing ? , _

Jio Jio V5 D 5

A B. . c. X2 L=
8 4 8 , 4
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“Taim gide SHA vubng tai &

Hoc d khing ajnh minh U D —amn inoc Mong Lilan (13p J.j

Léi gidi S
Giao diém cita SC va (4BCD) 1a C: -

Biira SH L(ABCD) tai 4= WB@)) - SCH
= cosm = cos SCH =% ¢y
Tam gidc HBC vudngtai B

= HC? = BC* +BH’ = +(§)2 = HC=%£.

: ’ 11a?
= SH? = S4* - HA? =3a2—[ﬁ) =2
2 4
' . o N 2 opr  5a° 114
Tam gidc SHC vudng tai H = SC?> = HC* + SH =T+ 2 = SC=2a,
a5
Thé vao (1) => cos(SC;(4BCD)) = 2 =34r—5. Chon D
4]

Vidy 7. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng va canh S4=a, SB = a+/3.
Tam gidc SAB vubng tai S vi nim trong mit phing vudng gbc v6i mit ddy. Duong thing
SD tao véi miit phing déy mt goc bing . Tinh tan .

IS EN A S £ p. 2.
S YA 10 17 5
Loi giai
Giao diém cia SD vi (ABCD) 1a D. S

L,

Taco (SAB) L (ABCD) va (S4B)(ABCD)= 4B.

-
-
-

Ké SH L AB (H < 4B)= SH 1.(ABCD)

- =>(SD;(4BCD)) = 5DH => tana = tan 5D =22 (1)
HD

J g Ve —

Tam gidc S4B vubngtat § [ Hal--mr

= AR =S4+ SB* =a* +3a° = AB = 2a. B C

Tir ASAB vudng tai § = SH =258 _a 3 aV3.
| AB 22 2
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Ta ciing c6 thé tinh SH dya vao hé thirc

111 1.1 _ 4 af

Tt eg e s gt a T S =
SH S SB* o 3d& 34

2 2
T&ASABvuangtaiS:>SA2=AH.AB:>AH=&=“—=E.
‘ AB 2a 2 _
Tam gidc HAD vudng tai A= HD? = AH* + AD? =%—+4a2..—“>HD=a‘£_7.
av3
- >  [3
Thé vao (1) > tana = 2 =\/:. Chon C
© T VT M

2
> Nhit xét '
Néu goi 0= AC N BD thita eéhé tinh tan(SO;(-ABGB)}-'nhu saus

ol 4mm) e SH '
Tacéd ngay tan \SV,(ABCD)) =tanSOH = OH (1)

a3

Theo trén thi SH ===, bay gid ta cén tinh canh OH.

-Ta cod OH2 = AH? + AO* -24H.A0.cos45°.

Theo trén thi AH-E ma AQ="—= =a

2 . 2
 =>O0H’ =%+2a2 —2.%.q«f5.i=§f—:> ot =2,

V2 o4 2
a3
. > 3
Thé vao (1) = tan(SO;(ABCD))=—2 '=\[:=——
2.
> Ta c6 thé tinh carnh OH bang cach khac nhwr sau: ‘
Theo trén thi AB =2a va AH =%= BH = ap-aH =220 1
2 2 HB 3

:>3E=ﬁ:>3(5§—ﬁ)=5§—0_'ﬁ*:>455=3@+OB

= 160H? =904% + OB® + 60A.0B.

Ma 041 OB = OA.OB =0=>160H* =904 + OB’ =1004° =10.24 zOH—%.
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Hotad khing dinhminh : KA O — CUMIE LI DUEUIE WFLAl (1 ap L)

Vi du 8, Cho hinh chép S.ABCD c6 ddy ABCD 14 hink vudng canh @.-Canh S4=a+/3 va
vudng géc véi mit phing ddy. Césin ciia géc giita dudmg thing SD va-(S4B) bing ?
5

A c.X= T D.

N

1 1
- B. —. Y2
2 V3 ' 2’
L gidi ' '

Giao diém ciia DS v4 (S4B) 12 S.

DAL S4
Ta c6 = DA 1 (SAB)
DAL 4B

= (DS;(S4B)) =5§4

= cos(DS;(SAB)) =cos DSA = g—; OF

Canh S4 di biét bing aﬁ, ta cin tinh canh SD.

Tam gidc SAD vubng tai A
= 8D =84*+ AD?* =3a* +a* = SD =2a.

Thé vao (1) = cos(DS (SAB)) i—i Chon C

> Nhat xét

- Hoan toan twong tu, ta xéc dinh c_os(CS;(SAB)) nhu sau:

Tacd {CBJ‘SA = CB 1.(S4B)

CBl1 4B

= (CS;(84B))= 5B = cos (m =cosCSB.

Luu ykhi CB L (SA4B) thi CB L SB=> cosCSB =§—g:> cos(CS;(S4B))=== (1)

Tam gidc S4B Vudng tai A=> SB? = S4> + AB* =34* + 2’ = SB = 2a.
Tam gidc SBC vudng tai B => SC* = SB® + BC? = 4a” + a* = SC = av5.

Thé vao (1) = cos(C‘S;(SAﬁ)) =" =,
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FKU > — HIN0 Hoe Kiong Glan (L4p 1)

Hec dd khdng djnh minh

Vi du 9. Cho hinh chép S.4BCD c6 déy ABCD-1a hinh vubng canh a. Canh SA=a+/3 v
vudng goc véi mit phing day. Cosin clia gbe gilta dudmg thing SB va (SAD) bing?

AL B. —‘E. : C. B | D. —‘/-g-.
2 6 2 9
Léi gidi

Giao diém ciia BS va (S4D) 1a S.

BA 1 AD
Tacd =B41 (SAD)
BA 1 SA

= (Bs;(54D))= B4

= cos(BS;(84D)) = cos BSA =§—;— 6}

Tam gidc S4B vudng tai A
=SB =SA*+ AB* =3a’ +a* = SB=2a.

Thé vao (1) :cosm=%r3={3. Chou C
ad

» Nhin xét
Hodn toan twong tu, ta x4c dinh cos (CS;(SAD)) nhu sau:

‘ {CD 4P eps (S4D)

Taco < .
CD 154

= (C53(54D)) = TSD => cos(CS;(S4D)) = cos CSD.

5D

SC M

Lwu y khi CD L (S4D) thi CD L SD= cosCSD =§—g:> cos(CS;(S4D)) =

Tam gide SAD vudng tai 4=> SD* =SA4* + AD* =3a’ +a’ = SD=2a.
‘Tam gidc SCD vubng tai D=> SC* = SD* + CDP = 4a* +a* = SC = a+5.

Thé vio (1) :cos(cs;(SAD))=2—j§=%. |
a
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Vi dy 10. Cho hinh chép S.4BCD 6 day ABCD 13 hinh vudng canh a. Canth SA= a3 v
| vudng géc v6i mit phing day. Cosin cia goc gitta dirong thing SB va mit phing (SAC)

-a M4 B3 c. Y2 p. L.
4 o 2 4 .2
Loi gidi '

Giao diém ctia SB va (SAC) 1a S.

. [BOLAC e (S
Tacd { po1sq=-BOL(S4C)=>(BS;(S4C))=BSO_

= cos(BS;(SAC)) = cos BSO :-‘é% ¢y,

Tam giac SAB vudng tai 4

=SB’ = 4B* + S4* =0’ +3a” = SB =2a.
Tam gié.(_: SAO vudng tai A
= SO? = S4* + 04 =34 + 042

AB «a - a '
Tam OAB vudngcintai O = O4d="= = —— = SO* =3a2+—:>S0=a\/:.
e NN
. nu
Thé vao (1) = cos(B5;(4C)) = 2 =.—“414.. Chon A
a

> Nhin xét
Qua vi du nay, ta cin lm ¥ két qua sau:

Véi hinh chop S.ABCD c6 ddy ABCD ld hink vudng va SA 1.(ABCD) thi BD 1 (SAC).
Két qua BD 1 (SAC) vin ding khi ta thay hinh vudng ABCD thanh hinh thoi ABCD.
Tit BO 1 (SAC)=> BD 1 (S4C), khi @6 ta xéc dinh duoc ngay
(p(54€))= D40, (DC;(54C)) = BCO, (D5:(S4C)) = BS0.
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FLYUGI. VL PRO S — Hinh Hoc Khong Gian (Tép 1)

'Vi duy 11. Cho hinh chép S.4BCD ¢ ¢4y ABCD la hinh vudng canh 2a. Canh S4 vuﬁi_xg_
goc vol mit day. Goi M 1 trung diém cia canh CD, géc giita dudng thing SM va mit day
bing 60°. Putmg thing SB tao véi mit phang (S4M) mét goc @. Tinh tana.

A2 2 a3 p. L2
Jo1 J79 15 2¥ s
Logisi

Ké BH 1 AM (H € AM).

) {BH LS54
Tacd:

= BH L{S4M)
BH L AM

S(M)zﬁfﬁtana=tanﬁzﬁ 1)
SH

Lai o6 : (SM;{4BCD)) =

Bai ra (SM;( ABCD)) = 60° = SMd = 60°
SA .
tan 60° = ——— =3 = SA= AM 3.
Y, = V3

Tam gidc ADM vudng tai D = AM? = AD* + DM* =4a’ +a* = AM = a5 = Sd=a/15.
Tam gidc SAB vubng tai A=> SB® = SA* + AB® =150° +4a* = SB = a\/19.

Tacé S,,, z%BH.AM va S, ., =%a’(M;.»4)‘5’).14].‘3=%.2a.2a=2az

1 4&!2 42>  4a
= - BH.AM =2a* = BH =
2 a\/_ J‘

164’
Tam gisc SBH" vudng tai H = SH? = SB* - BH? =194 5" = SH = afsg

4a
oz, J5 4
Thé vao (1) > tana = —==. Ciign B
M Nz BN
5
» Nhiin xét .
Dé tinh canh BH ta con cach khéc nhu sau: A D
1 ] 1 o
Goi P=AM NBC = = . ,
? " BH® BA* BP H ™M
Canh BA=2a vad BP=2BC=4a \__
_ P
S S N S SO} 3 c
BH* 44" 164 16a J5
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Hec g khing d|nh minh . O AAANEAR AmLr A K mamirasm, wsme=An y K pe m

Vi du 12. Cho hinh chép S.ABCD ¢b d4y ABCD 13 hinh vudng canh a. Canh SA = a3 va
vudng géc véi mit phing day. Césin ciia goc giita dudng thing S4 va mit phing (SBD)

bing ? _

A2 i. B.ﬁ. Y o E. _ D. -3—.'
13 _ 2 7 5

Loi gigi

Giao diém cita A4S va (SBD) 14 5.

Goi O=ACNBD, k¢ AH L SO (H €S0).

= BD 1 (S4C)=> BD L 4H.

Nhur viy: {AH 50 4m s (SBD)

AH | BD

- (45.(58D)) = A58

=> cos(4S;(SBD)) =cos 4SH = % o))

* Canh S4 da biét bing a3, ta cn tinh canh SO.
Tam gidge SAO vudngtai O = SO* = SA>+ 40” =34 + 0,42.

. Tam OAB vuongcantal O:>OA—~J_ J_=>SOZ—3a +Z 3 :>SO a‘g_--- -

Thé vio (1) => cos (4S;(SBD)) = a3 \E Chon C

’7
a —_—
2

Tir AH 1 (SBD), ta x4c dinh dugc ngay

3> Nhin xét

Tuong tw nhu trén, ta xc dinh dﬁqc goc giira dudmg thing SC va mit phing (SBD) nhu sau:
Ké CP 1 SO tai H.

[BD 154
Tacd:{ ~ = BD 1. (SAC)=>BD i CP.
BD 1 AC
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Hoc a4 khing dinh mink i D — Oini ngc naony wran (1ap L)

CP 1S5S0

Nhr viy :
R {CPJ_BD_

= CP 1 (SBD)= (CS;(SBD))=CSP = CSO.

Hodc ta c6 thé sir dung k¥ thudt x4c dinh géc dugc gioi
thiéu & md hinh 2 nhu saw:

d(C;(SBD)) d(4;(SBD)) AH
sc s sC
Tam gide SAC vubng tai A=> SC* = S4” + AC* =32 +(a\2 )2 = SC=a+5.

1 1
= + L
AH? s4* o4

AB a
Tam giadc OAB vudngcintal O = Od=—=—
¢ ¢ )

2
= 12: 12+iz——l3—:>AH a\/z
AH? 32 & 34’

Thé vio (2) = sm CS SBD) \/- 1’

@

Ta c6:sin{CS;(SBD)) =

Tam gidc SA0 vudng tai A=

Vi du 13. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a. Canh S4 =ay3 va
vudng goc véi mit diy. Csin cia goc giira dudmg thing S4 va mit phing (SBC) bang ?

& i3 Jio

A. B. — C.—. D, —.

| =

2 o -5 - 5
Loi giai

Kée AH 1 SB (HESB).

' BCLlAB . ©
Ta cbd = BC 1 (S4B)=> BC | 4H.
BC 1 SA

- |AH 1 BC ‘
Nhu vay {AHJ_SB = AH_L(SBC)

:(]E;(&?T):ﬁ

S4 aJ_

= cos(4S;(SBC)) = cos ASH ===
| s s
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Tam gidc S4B vudngtai A= SB? =S4+ AB =3a’+a* = SB=2a -

a3 B3

= cos(45;(8BC)) = 2= =" Chon B
2a

> Nhin xét

T AH_-L(SBC),.taxéc dinh duoc ngay W=m va mz ACH.

Vi du 14. Cho hinh chép S.ABCD b diy ABCD 13 hinh vuéng canh a. Canh Sd=a+3 vi
vudng gbc v6i mit day. Cosin ciia goc giita dudng théng S4 va mit phing (SCD) béng ?

- "ﬁcosmzcdsm=§—g'=— Y]

_A:";@ujfif’; F__'__'____"_' "C i . D.fﬁ‘: TeorrmTImpTTT T
5 5 2 2
Léi gigi

Ké 4H L SD (H e SD).

. [CD 14D
Taco = CD 1L {SAD)=CD L AH.
CD1S4

4
Nhu vay {AH D =>4dH 1 (SC‘D)

AH L SD

= (48;(sC )) ASH

B3

SD
Tam gidc SAD vudng tai 4
= SD* =S4+ AD* =3a* +a* = SD =2a.

Thé vao (1) :>cos(E}Tﬁ“ﬁ.s*cuz)))_i__£ Chon D

» Nhin xét
Tir AH 1 (SCD), ta xéc dinh duoc ngay

(4D;(SCD))= 4DH va {AC;(SCD))= ACH.
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Vi du 15. Cho hinh chép S.ABCD c6 ddy 4BCD 1a hinh vudng canh 24. Canh S4 vuégg
gbc véi mit phing ddy. Goi M 14 trung diém cta canh CD, géc gilta dudng thing SM va
mit 4y bang 60°. Cosin cfia gbc giira duong thing AM va mit phing (SBC) bing ?

3 4 6 15
A= B. — C. . |—. D. |

19 V19 19 19
Léi gidi

Goi F =AM BC, ké AH L SB (H < SB).

. |BCLAB
Taco
BC 1 84

= BC L ($4B)= BC L AH.
AH 1 BC ,
Nhu:véy! T = AH 1(SBF} -
\4H L 5B 0 ;,-\\‘
AFH

= (AM;(SBC)) =

= cos(AM;(SBC)) = cos AFH = % (1)

Tacé C l2 trung diém ciia canh BF = BF =2BC = -4a.
Tam gide ABF vubng tgi B=> AF’ = AB* + BF® =4a’ +16a’ = AF = 2aJ_

Lai o6 (m SMA m (W) 60° => SMA = 60°
0o SA '
= tan 60° =2 =/3 = S4 = AM 3,
AM

Ma AADM vudngtai D => AM® = AD* + DM* =4a" +a” = AM = a5 = S4=a/15.

- 1 1 i 1 1 /60
Tam gidc SAB vubng tai A= — = + = +—= AH =a,|—.
& 1 AH?* S4* AR 154 44° ' 19

2
Tam gidc AHF vudng tai H => HF* = AF? — AH* =20a" - 60a =a %0
o2
Thé vao (1) = cos(4M; (SBC)) _HE_ ——. Chon B
| zaf r
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Vi dy 16. Cho-hinh chép S.4BCD c6 ddy ABCD 13 hink vudng canh 24. Canh S4= a3

va vudng goc vai mit phz”'mg day. Goi I 13 trung diém cfia canh SD. Pudng thing IC taovoi |

mit phing day mét géc a. Tinh tan .

A g, Y15 c. 215 p. L.
10 5 3 V3
Léi gidi N
_KeIH\AD(HedD). .. .

14D
L 4D

IH '
Xéttrén (S4D), tacd {SA = JH /1S4

Ma SA4 L (ABCD)=> IH L(ABCD)

3m=@:>tana=tanﬁf=£. 7

Canh /H 1a dudng trung binh ctia AS4D
SA4 ax/i .

=IH=—=

.2 2

* Tam gidc HCD vudngtai D= HC? = CD* + HD? = 4d* +a* = HC = a\5

a3 . .
tang =t a2 V5 oA
C av5 10

Vi du 17. Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh vudng canh 2a. Tam gi{\c S4B
vudng can tai § va ndm trong mit phing vudng goc v6i mit ddy. Goi I 12 trung diém cda
canh SD. Pudng thing IC tao v4i miit phang ddy mdt géc a.. Tinh tan .

A T/% ' B. % C. % D ;’-
Loi gidi '
Ta cb (SAB) L (ABCDY) va {SAB)(A4BCD)= 4B.
Keé SH 1 4B (H ¢ AB)=> SH 1 (4BCD)
‘AB

Tam gide SAB vudng cén i S=> SH =HA=HB=""=a

105.




Hoc 4& khdng dinh minh

rKU D — HHID HOC KRONg wlan (1ap .)

Ké IP L HD (Pe HD).

PLED
Xét trén (SHD), ta c6 {SH = IP//SH.

LHD
Ma SH 1 (4BCD)=> IP 1 (ABCD)

:m=@:ma=mﬁ=£.
- | PC

Canh IP 14 dudng trung binh cia ASHD
:IP:%=§, biy gi¢r ta cin tinh canh PC.

- ) 2(CH2+CD2)4HD2
St dung cong thizc tinh dudmg trung tuyén thi CP* = 2 )

Tacd CH® = BC*+BH? =4a" +a’ =5a° vd HD* = AD* + AH* =4d” + a* =54°

a
2{5a% +4a% - 54" rY
:>CP2=( ) :>CP=aJﬁz>tana=-Ifm= 2 =-~1—-.Ch(_mC
- C aJ13 13
2

Vi du 18. Cho hinh chép S.4BCD c6 diy ABCD i hinh chit nhit. Canh SA=a3 vi
vubng goc vai mit phing day. Goi M va N 14n Iuot 13 trung diém clia céc canh BC va CL.

Putng thing SM va SN lin luot tao v&i mit phing day goc 60°. Dudng thing SC tac véi
mit phing day mét géc . Tinh tana. |

AL B. L1 c. 2N . L.
4 : 3 5 _ 2
Lot gidi

Tacéngay a=5'a:>tana=tan§a4=% (D)

Lai c6 (SM;( ABCD)) = SMA

Baira (SM;( 4BCD)) = 60° = SMA = 60°

:>tan60°=jM—A=\/§ mi Sd=av3 = AM =a.

Tuongtr AN=a, dit AB=x>0, AD=y>0.
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Hee 84 khing djnh miat: A AWV 1Y T LA AMUL ANIIVARE \FIARL | R A} L)

- [AMP= 4By BM? |2 T AT
Tacc'){ 4

2 _ 2 2:> a2 -
AN? = AD* + DN s, X

al=y +=

ay
:}x;y:}ixz;a2:>x=y=2—a-:>AB=Ab=za—=>AC.=a\[g.
4~ N NG 5

Thé vio (1) = tanar “‘f_g Chon A

g

Vidu 19. Cho hmh chop S.ABC cd day ABC la tam gidc déu canh 2a Tam gidc SAB deu
v nim trong mit phing vudng gdc véi mit phang déy. Pudmg thing S4 tao voi mit phing

(SBC) mét géc @. Khing dinh ndo dudi day la ding ?

A. coszq)=§. . B. sinzgp:%. . C.tangp=2. - D. fanqw—-%.

Lo‘t gidi

Tacé (SAB) L(ABC) va (SAB)m(ABC) AB.

Ké SH 1 AB (H « 4B)= SH L (4BC).

St dung k§ thuft x4c dinh goc dugc gidi thié_‘:u_é md hinh 2

ta'é6 siﬂ(SA;(SBC)_)=i(;‘E§.jB_C)) e

(A (SBC)) _ 2d(H (sBC))
54 54

Ké HK 1 BC (K € BC), AP L SP (PeSK).

=sing=

BC LHK :
2 co = BC | {(SHK)=> BC L HP.
BC LSH

Nhu vy {I;; i g; = HP L (SBC)=> d(H;(SBC)) = HP.
11

Tam SHK vudng tai H =
giée e P SHE | HK?

@)
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Tioe ab kikmg dian min FIRU D — [0 H0C KNoNE Wian (1ap 1.}

Tam glac BHK vuong ta1 K = sin 60° HK'-—- V3 = HK —£HB— \/_
,,,,, _HB. 2 2
Tam giac S4B déu canh 2a:>SH=&2\E=aJ§.
. 4 .
Thé vio 2) = L 4 L HP-a %:d( (SBC))=HP=a\/§.

HP® 3a® 34

Thé vao (1) = singp=

A Z\F |
d(4;(SBC)) _2d(H;(SBC)) “%\5 _ \ﬁ Chon B
4 2 N5 T

SA

IIL [TT6014] BAITAP TU LUYEN
Cau 1: [338025] Cho hinh chép S.ABC c6 day ABC 1 tam gi4c déu canh a. Hmh chiéu vudn
géc cia S 1én mit phing (4BC) tring véi trung diém H ciia canh BC. Tam gidc SBC dér.
Gée gilra duong thang SC va mét phéng (ABC) béng ? |

A. 60° B. 75° C. 45° D. 30°

Ciu 2: [338027] Cho hinh choép S.ABCD ¢6 ddy ABCD 12 hinh vuéng. canh a. Canh
SA=a6 va vubng gbe véi mit phing day. Ki hiéu o 13 géc gitta dudmg thing SC va mit
phing (ABCD). Khing dinb ndo duéi day 14 ding ?

A a=30° | B. qosa=3/§—3— ' C. a=45" D. a=60"
Cau 3: [338030] Cho hinh ch.ép SABCD c6 ddy ABCD 1a hinh vudng canh bing a. Canht
SA=-“3£ va vudng géc v6i mit phing day. Géc gifta dudng thing SC va mst phiny -
(ABCD) bing ?

A.30° B. 60° , C.75° D. 45°

Ciu 4: [338032] Cho hinh lap phwong ABCD.4BC.D,. Ki kiéu a la goc gita 4C, vi
(4,BCD,). Khang dinh nao duéi day 1a ding ? '

A. a =30° B. tana == C. @ = 45° ; D. tana =2

B

Ciu 5: [338034] Cho hinh chép S.ABC ¢ diy ABC 1a tam gidc vudng, canh huyén BC=a.
Hinh chiéu vudng goc cia S 18n (4BC) tring véi trung diém ciia canh BC. Biét SB=a, tinl,
s6 do cia goc gilta S4 va (4BC).
A.30° B. 45° o C. 60° D. 75°
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Ciu 6: [338035] Cho tir dién ABCD déu. Ki hifu o 11 goc gifta 4B va (BCD) Khing dinh

_ ndo duoi day la dang ? -

A._coso:=—3 B. cosa:—i C.cosa=0 ~ D. cosa=—3'
3 4 2

Ciu 7: [338038] Cho tam gidc 4BC vudng cin tai 4 vA BC=a. Trén dudng thing qua 4

a6

vudng goc vii (ABC) 18y diém S sao cho S4= - Tinh s do goc gifta durdmg thing SB va

~ mit phing (4BC). .

A.75° B. 30" C. 45° D. 60°

___________Cau 8:_1338039]_Cho_hinh chép_S. ABCD c6 day_ABCD._la hinh chit nhét v6i 4R __2a VA

AD =2af3. Canh 54 vudng gbc véi mit phing dsy. Puong thing SC tao véi mit phing

- ddy mdt gbc bang 45°. Goi M 1a trung didm cla canh CD. Césin cia g6c tao bdi dudng

thing SM va mit phing (ABCD) bing ?

NECAE p, YB3 B L . Y27
13 " 29 . 29 29

Ciu 9: [338041] Cho hinh chop S.4BC cb déy 13 tam gi4c vadng cin tai B véi AB=BC=a:

Canh S4 vudng gbc véi mit phing ddy. Géc gilta mit phing (SBC) va (4BC) bing 60°."

Csin clia gdc tao bii duong thing SC va mjt phing (4BC) bing ?

N N 1 p, 0
15 10 20 -5

Cau 10: [338042] Cho hinh lang tru dimg 4ABC.4'B'C' c6 day ABC 1i tam giAc vudng tai B
voi AB= a\r BC=a. Blet A'C =3a, cbsin cia goc tao bai durong thing A'B va mit
phing ( ABC) bing? ‘

VR p, Y10 c. Y6 p. Y15
4 _ 6 . 4 5
Cau 11: [338044] Cho hinh chép S.4BC c6 diy ABC 1a tam gidc vubng tai 4, ABC = 60"
Tam gidc SBC déu, c6 canh bing 2a va nim trong mit phing vudng goc véi ddy. Géc giira
dudng thing S4 va mit phing (4BC) bing ?

A. 30° ' B. 45° C. 60° : D. 90°

- Cén 12: [338046] Cho hmh chop S.ABCD cb ddy ABCD 1A hinh vudng canh a. Tam gidc

SAD déu va nim trong mit phang 1v..0ng goc voi ddy. Tinh tan cia goc giita dudng thang SB
va miit phing (ABCD).

. \/1_5 1 '
A. 3. B C. & D. 5.
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Hot ad khing dink minh

Ciu 13: [338047] Cho hinh chép S.ABCD cb ddy ABCD 1a hinh vudng canh a. Tam giéc
SAB déu canh a vi nim trong mit phing vudng goc vai day. Tinh cot clia goc gifta SD va
(ABCD).

A S C. . p. Y3

" J15 5 , 2

Ciau 14: [338049] Cho hinh chop S. ABCD cd day ABCD 13 hinh vubng canh a. Hai mit
phing (SAB) vi (SAC) cung vudng goc voi day (ABCD) va S4=2a. Tinh cosin cha gos

gitta dudmg thing SB va mit phing (S4D).

A5 g 25 c

X s D.1
5 5 2

Cau 15: [338051] Cho hinh cﬁép S.ABCD cé6 day ABCD 14 hinh vudng canh a. Tam giaz
SAB d&u va nim trong mit phing vuong g6c véi day. Goi H, K 14n liot 13 trung didm ctia
cac canh AB va AD. Tinh tan cla gbc tao boi gifra dudng thing S4 va mit phing (SHK ).

AT : Bﬁ _ cﬂ D.ﬁ.
4 7 . 4

Ciu 16: [338052] Cho hinh ling tra ABCD.4'B'C'D" c¢6 ddy ABCD 12 hinh thoi canh a vi
BAD = 60°. Hinh chiéu vadng goc cia B' xudng mit déy tring véi giao diém hai dudng chéo
cia ddy va canh bén BB'=a. Tinh gbc gita canh bén va mit ddy.

A. 30° B. 45° : C. 60° D. 90°
Ciu 17: [338054] Cho hinh hop chit nhit ABCD.A'B'C'D' ¢6 d4y ABCD 1 hinh vudny
canh 2\/5, canh bén A4'=4. Tinh gbc gilta dudng thdng A'C va ;né.t phiing (44'B'B).

A. 30° B. 45° C. 60° D. 90°
Ciu 18: {338056] Cho hinh chép S.4BCD cb day ABCD 13 hinh chit nhat véi AB=a wi
BC=2a. Hai mjt bén (S4B)va (SAD) cing vudng gbc véi (ABCD) vi S4=av15. Géu
tao bdi dudng thing SC va mit phing (4BD) bing ? ' '

A. 30° B. 45° C. 60° _ D. 90° _
Ciu 19: [338058] Cho hinh chép S.4BCD 6 ddy ABCD la hinh vudng canh a, tim O. Canl:
bén S4=2a va vubng gbéc v6i mit day (ABCD). Tinh tan ctia géc giira dudmg thing SO vi.
mit phing day (ABCD). -

A 242 B. 3 C.2 D.1
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Ciu 20: [338059] Cho hinh chép S.ABCD c6 ‘day ABCD 13 hinh vudng canh a. Canh

2

SA= vi vubng gbc véi mit phing day. Goi M 13 trung diém cia cach BC. Tinh géc

gifta dutmg théng SM va mit phang (ABCD).

A3 ~ B. 45 T C.60° D. 90°
Cau 21: [338060] Cho hinh chép S.ABC ¢ ddy ABC 1i tam gisc déu canh a, canh bén
SA=2a vavudng goc v6i déy. Tinh sin ciia gbc gifta dudmg thing SC va mit phing (S4B).

- A. @ ‘ B. @ C. ﬁ D. —@
10 17 2 10

. CAu:22:[338061] Cho hinh chop S. ABCD-c6-ddy-ABCD-14 hinh vudng-tim- O, canh bing -

Aa, canh bén S4 =24, Hinh chifu vuéng gbc cia dish S 1én mit phing (4BCD) 1a trung
diém H cta doan thing 40. Tinh tan géc giita dudng thing SD va mit phing (4BCD).

A 5. B. 1. | C. @ D. 3.

Cau 23: [338063] Cho hich chép S.ABCD c6 diy ABCD 13 hinh chit nhat voi
AB=a, AD= a~f3. Hinh chifu vudng goc H cha S 1én mit day tring vdi trong tAm ciia tam
gibc ABC va SH = g Goi M, N 14n lugt 12 trung diém ctia cic canh BC, SC. Tinh tan cia goe
gitta duimg thing MN va mit phing ( 4BCD). ‘

4 ' 2

A S ' B2, C Z. D. 1.
5 4 3 '

. Cau24: [338064] Cho hinh chép §.4BCD. c6 déy ABCD 13 hinh vudng tm O, canh bing @,
SO vubng goc voi mit ddy. Goi M, N 1in Tugt 1 trung didm cia S4 va BC. Tinh géc giita

dudmg thing MN vi mit phing (ABCD), biét MN =2 210 .
AL30°  B.45° C. 60° D. 90"

Ciu 25: [338065] Cho hinh chép it gide ddu S.ABCD cd diy ABCD I3 hinh thang vudng tai 4
vi Bv6i AB=BC=a, AD=2a. Canh Sd=02 va vudng goc v&i mit day. Tink goc gilta
dudng thing SC va mit phing (S4D). _

A 300 B. 45° C. 60° o - D9’

PAP AN TRAC NGHIEM

1.C 2.D 3.A 4.D 5.C 6. A 7.D 8.C 9.D 10.C

1i.C (12.B |13 A |H4.B |15.C- {16.C |17.A |18.C |19.A |[20.C

2ILA (22.C |23.B (|24.C |25.C

i1



ot i PRO 8 — Hinh Hoc Khiong Gian (1'dp 1)

 Chnaae7 -
[TV6015] GOC GIUA HAI MAT THANG

I LY THUYET TRONG TAM VA PHUONG PHAP GIAT
1. Phuong phip

- Tim giao tuyén J ctia hai mét phang (a). {5).

-Liy A emp (a), dung 4B Lmp (B) (B<(p)).

- V& BH vudng goc voi d thi 4AH vudng goc d .

W Viy 4BH =¢ (0<p<90°) 1i goc gita hai mit

phéng (a) v (ﬂ)

2. Chay 7 _
- Néu da gide (H) trong mdi phing (P) c6 dién tich S, da gidc {H') ndm trong mgt phing i
hink chiu vung géc cia (H) c6 dién tich §', ¢ 1d goc giita (P), (P') thi[S"=5.cos g |
- Néu dd c6 cfuc}ng thang a L mp () va duong thing b L mp ( ﬂ) thi gée ( nh,on. ) fao bdi ¢
v b 1a gbc (nhon ) ciia hai mdt phing (&) va (B).
- Néu duomg thdng ¢ 1.d va ¢ cdt mp (af) tai A, cdt mp (,B) tgi B, vé AH L d thi AHE

1d gdc giita hai mat phing (a) va ( y:] )

3. Cac dang todn dién hinh

Dang 1. Goc giita mdt bén va mat day.

Bai todn géc 1. Cho khdi chép S.4BC cb day ABC 1atam gidc, BAC=a, AB=a, AC=b.

Tinh goc gifta hai mit phing (SBC) va (4BC).
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Ho< ¢b Kiing dinh talnh ' LI D — QUi FIUC ANUULE ian (1ap £}

Tir duy xdy dwng Ii g::&i;
~ * Tim giao tuyén giita hai mit phing (SBC), (4BC).
Ta 06 (SBC)(4BC)=BC = xuht hién hai diém thira trong
hai mit phing (SBC), (4BC) lin lugt1a S, 4.
» Chon diém thira & vi tri cao hon 13 diém S .
Tir § ké SH vubng gbc v6i mit phing ddi dign (4BC).

e N&i chan dwdng cao H vudng goc voi giao tuyén tai K .

o ——e-Nbi-SK, ta-dwge canh SK; canh HK va dinh K nén goc giita ——
hai mt phing (SBC), (4BC) 1a = SKH .

& Chitng minh: Ké SH 1.(ABC), H e(ABC) va AH L BC tai K.
Tacé SH 1 (ABC)= SH L BC ma AH L BC=> BC L(S4K).

(SBC)A(SAK) =8K

Khido {(ABC)(\(SAK) = HK

= (SBC);(4BC) = (SK; HK)) = SKH = p < (0;90"].

Bé tinh todn dupc géc @, ta st dung cdc hé thirc luong trong tam gidc vuéng SHK .

Dang 2. Géc giita hai mdt bén.

Bai to4n gbe 2. Cho khéi chép S.4ABC oo diy ABC 1a tam gide, 6 BAC a,
AB=a, AC =b. Tinh gbc giita hai mit phing (SAC) va (SBC).

Tw duy xdy dyng 15i gidgi. Tir bai toan gbe 1, ta ¢d thé dua khoi chép S.ABC vé khéi chop
ASBC vd v6i cdch xdy dung gic tuwong tir. Viy ta cé thé thdy ring, néu dua moi bai todn tim
goc giita hai mdt phdng vé bai tedn gbe 1 thi vigc xdc dinh, tinh todn géc sé tré nén dom gian.
L ViDU MINH HOA

1. Cac vidu co bin

Vi du 1: Cho hinh chép S.4BC c6 diay ABC 1a tam gidc vudng tai B, BC =a. Canh bén
S84 = a vudng goc v6i mit phing ddy. Goc giita hai mit phing (SBC), (ABC) bang 45°. Do
dai doan thing AC bing

A. a2 B. av/3. C. 22 D. a
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mm—— - : PRU S — Hinh Hoc Khong Gian (13p-1)

Hoc 4 khing djnh minh

Léi gidi
Tacs (SBC)N(4BC)=BC= BC igotuyén S
Mitkhic SA4 L (4BC) va ABC vubng tai B=> 4B L BC.

(SBC)(SAB) =SB

(SBC)N(A4BC)= 4B

. |S4LBC
én
AB 1 BC

= BC 1 (SAB) ma {

Khi 46 (SBC);(ABC) = (SB; AB)=5BA = 45".

Xét ASAB vuéng tai A, c6 SBA=45" = SA=AB=aq.

Mi AC? = AB* + BC? =2a* = AC=a/2. Chen A.

Vi du 2: Cho tam gidic ABC vubng cn ¢b canh huyén BC =a . Trén dudng vubng goc vii
mat phing ABC tai 4 ldy diém § sao cho goc gifra hai mit phing (4BC) va (SBC) barg

60°. Tinh d6 dai doan thing S4 theo a.

a2 AL a¥3

N T2 "6

[

Léd gidi _
Goi I 14 trung diém ctia canh BC.

Tacd: AABC vudngcintai 4 — A | BC.
Do diah If ba dudng vubng géc = ST L BC.
Vay (SBC);(4BC) = (SI; A7) = 54 = 60°.
Xét ASAI vudngtai 4 , c6

= tan 574 =24 & tane0® = 34
Al Al

: :>SA=%.tan60°=—az£.ChgnB.

Vi du 3: Cho hinh chép S.4BC ¢b diy ABC 14 tam gidc déu canh a, canh bén S4 vudn3
g6c véi miit phing ddy. Biét 54 =a+/3, cosin ciia gbc giiia 2 mit phing (SAB) va (SBC) Ia

2

2 1 1
A = B. 5= C. —. D. .
V5 Vs 5 s
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Hee ad khing dinh minh - . ’ TRU O~ IR ILYC D Uiy, Wsiadl (Lap 1)

Lii gidi _
" Goi M 13 trung didm cid AB = CM 1 4B.
SA1CM
K¢ MK 1 SB, K< SB,tach => CM 1 (S4B).
AB L CM .
MK | SB T e
SB 1 {CMK)=((S54B);(SBC))=MKC
=Lt 1 o= 5 1 (ChK) = ((SAE)(550)
Tam gidc ABC ddu canh a = CM =~/BC? — MB? =“T‘[§.
" Tach tan§BA=A - 3 > sin5BA= Y2 o wx = 2
AB 2 4

Xét ACMK vudng tai M = mm=%.

= tanm =2= cosMKC . Chon D.

a,|~

Vi dy 4: Trong m3t phing (P) cho tam gite ddu ABC canh a. Trén céc duong thing vudng

. o 3
goc v&i mit phang (P) tai B va C ly diém D, E cing phia (P) sao cho BD =% va
' CE=a+/3. Tinh goc gitta hai m3t phing (ADE) vi (4BC).

CAL30% B. 45°. © 60" © DL, 90

Loi gidi
V& BCNDE =M = (4DE)}(ABC) =AM .

TacoBDIICEﬁ-@—@—l:»BM BC=B4.
CE MC 2

Suyra AAMC vudngtai A = AM 1L AC.
{AM.LAC
=

AMlEC:)AMJ.(ACE)iAAME vudng tai A

. {(ADE)n(AME)=AE:> (ADEY;(ABC)~(4F; AC) = FiC.

(ABCYN(AME)= AC

Xét AAEC vudngtai 4, cb tanEAC—iC—aﬁ a=+3= EAC=60°. Chon C.
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bty PRO S — Hinh Hoc Khéng Gian (Tap 1)

Hge a8 khdng dinh minh

Vi dy 5: Cho hinh chép S.ABC ¢6 tam giac ABC 14 tam gidc déu canh 2 cm, tam gisc SBC'
vubng cin tai S va goc gilta hai mit phirig d6 bing 30°. Tinh do dai doan thing SA .
A lem. B. 2 cm. C. V2 com. D. 4 cm.

. Léi gidi
Goi M 13 trung diém ciia BC.
Theo bai ra AABC déu va ASBC vudng can tai S
SM 1. BC
=
AM 1 BC
Khi e (SBCY(SAM }=SM
(ABC)N(SAM )= AM

= BC L (SAM).

= (SBC);(4BC) = SMA=30".

Tach AM =JAB* —BM? =2 —P =3, SM=BTC=I.

Xét ASAM , 6 SA? = SM® + AM* —2.SM . AM .cos SMA.

z
=(-J§) +1P 2.2 1.c0s30° =1 = S4=1cm. Chon A.

Vi du 6: Cho khdi chop S.ABCD ¢6 ddy ABCD la hinh thoi tim O, canh 4B=a. Cann |

SO =3a vudng goc véi mit phing diy (4BCD), AC=a. Cosin gbc giita hai mat phing |

(S4B) va (4BC) 1 | |
J6

A—. B.
7

~ |
!

1
=

Léi gidi . ,
Tét O ké OH L AB mi SO L AB = AB 1(SHO).
{(SHO) N{SAB) =

(SHO)(4BC)=0H ((s4B);(4BC))=SHO.

. 1 .
Xét AOAB vudngtai O, co S, =-2—.0H .AB

OA.OB mf

= OH.AB=0A0OB=0OH =
4B 4

Xét ASHO vubdng tai O, c6:

s ton 08 = SH. Z34. “f 4.
OH

1

12 el COSA-S% = e
tos a V1+ tan? SHO
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Vi du 7: Cho hinh chép S.4BC c6 déy ABC 14 tam gidc vudng cén tai B ¢6 AB=BC =4,
-~ - Goi-H 1a-trung -diém-eiia -4B,-SH L { ABC). Mit phing (SBC) tao v6i day mot goc 60°.
Cosin gbc giita 2 mit phing (S4C) va (4BC) 1 '

T S c. o D. .
5 4 5 J7

- Léi gigi
4 SABYN(ABC)= 4B s
_ Tacé:{ BLBC_—;BCJ_(SAB) mai J( Jn(45C) _ :

SH L BC (S4B)($BC) =8B °

__=((SBC):(4BC))= (5B, AB) = 554 = 60° = SH = tan 60° BH.
Tt H ké HK L AC ma SH | AC= AC L (SHK)..
(SHK)(84C) =
{(SHK) N(4BC)=HK

= ({84C):(4BC)) = (SK: ) = SKH

BH AB
Laico: HE =~ =-—— =2 va SH=23.
2 2\/5

Xét tam giac SHK vudng tai H,tacd

tanﬁ=%=43:,cos@=i.Chgnn.

V7

Vi du 8: Cho hinh chép S.ABCD cb6 ddy ABCD 1a hinh thang vuéng tai 4 va D, cb
AB=2a, AD=DC=qa, SA<a vi SA L (ABCD). Tan cia gbc giita hai mjt phing (SBC)
va (ABCD).1a

AE. . B.3. cﬁ

1
D. —.
V2

Loi gidgi -

Goi M 13 trung diém clia 4B.

= AM =BM = AD =CD =a = AMCD lahmhwong
= AC=BC=a\2 = AC* + BC* = AR

=> AABC vudngtai C= AC L BC .

Mit khic S4.L(4BCD)= SA L BC suyra BC L(SAC).

: . {(SBC)n(SAC)=SC

(4BCD)(84C) = AC = ((SBC);(4BCD))=SCA.

Xét ASAC vudng tai A:}tanﬁ,=%= a 1

Chon D,




T YRU S — Hinh Hoc Khong Gian (Lip J)

Hoe db khdng dinh minh

Vi dy 9: Cho hinh chop S.ABCD o6 diy ABCD 12 hinh chir nhat, Canh bén 4 vudng gbc
véi mit phing day, SB.=2a va hai mit phing (SBC), (SDC) lén luet tao véi déy chc goc
60°, 30°. Dién tich ctia hinh chit nhat 4BCD bing ,

A. S=6a%. B. §=3/34% C. S=34" D. $=3J24%

Léi gigi
Tac6:S4 L (4BCD)= SA L BC va S4L.CD (1).
ABCD 13 hinh chit phat AD L CD va AB LBC  (2).
Tir (1),(2) suy ra = BC L(S4B) va CD 1 (S4D).
(SBC);(4BCD) = (8B; AB) = 5B = 60°
(SCD);(4BCD) = (SD; AD) = D4 = 30"

Tam gidc SAB vubngtai 4, cd :

Khi do {

sin SBA = %: SA=5in60°2a = a3

= 4B rv Al
cosSBA =E:> AB=cosb6li.Za=a

Tam gidc SAD vubngtai 4, co tan SDA =S—A:> AD =—a—\/—_3-3~=3a .
AD tan 30

Vay dién tich hinh chit nhit ABCD 14 §,,., = AB.AD =34*. Chon C.

Vi dy 10: Cho hinh chép tir gidc déu S.4BCD cb tht ca cac canh bing a. Tinh cosin goc
gitra hai mt phing (SBD), (SCD).

A.6. | B.'ﬁ; C Lﬁ- D2

2 2

Loi gidgi

Goi O la tim cia hinh vudng ABCD.

Do S.ABCD 14 hinh chop déu nén SO L (A4BCD).
Goi M 13 trung diém caa SD. Tam giac SCD déu
nén CM 1L SD.

Tam gidc SBD ¢6 SB=SD=a , BD=a+/2 nén
vubng can tai §.Suyra SB 1 SD=OM L SD

:>W=(W=C%

oC LSO

OC 1L BD '
‘ Tacé{ = O0C L{SBD)=0C LOM.

Xét AMOC vuéng tai O, ¢6 m%=%i—=\/§.
Chon D, |
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Viduy 11: Cho hinh ldp phuong ABCD A'B'C'D’ canh a. Goi ¢ 13 gbc gifta hai mat phang
{4'BD) va (4BCD). Tinh gié trj ctia biéu thirc P =s5in 2p.

ap=o e ol D.P:_g.

Loi gidi

HD: Goi O la tim hinh vuéng ABCD = OA 1 BD.

Ma ABCD.A'B'C'D" 14 hinh l3p phuong => 44' L BD .
= BD 1 (A44'0)= (4'BD);(4BD)=(04",04)

=A0d=¢ (0°<p<9%0°). <
—— AA
Xét ACA' 4 vubng tai 4, ¢6 tan 4'0d=~—— oL
=tanp= 2-4-21-:—: .ﬁ/_——fzcos¢ j- )
’ - C D
:>smqa—\/1 cos’ =, [1— ::-smgr—— _
Viy P= stqa 2sm¢)cosgp 2, ] 2J_ Chon B. : :

f3_

Vi dy 12: Cho hioh lang tra dimg ABC.4'B'C’, day ABC Ia tam gihc déu a. Goi 1 12 trung
diém ctia BC . Goc gilta hai mit phang (Crar) va (ABC) bang 60°. D3 dai A4 bing

N B & cf_é. . paf2
2 o BIETe 3 3

Léi gigi _
BD: Tacd I 1 trung diém ciia BC = AI L BC.
ABC.4'B'C" 1a lang try dimg = C'C L (4BC).
= C'CL Al ma AT L BC= AI 1 {BCC'B").
. [{Crann(BCC'BY=C'T
{(ABC)G(BCC’B')=BC

va (C'Af)m(ABc):A}.

Suyra (C'41);(4BC)=(C'T;BC)=C"1C = 60°.
Xét AC'CI vubdng tai C', cbd

cC’ a a\/g a\@

tanC'IC === = CC'=tan60". 2 =22 — 44'=
IC 2

Chgh A,
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FRU D — HIRN HQC Knong Glan (1ap : )

Hec ab khing dinh minh

2. Cac vi du ning cao ‘
Vidu 1: Cho hinh chép S.ABCD cb day ABCD 13 hinh thoi canh a, cic ce_mh_ SA=8B=a
SD = a2 . Géc gifta hai mit phing (SBD) vi (ABCD) bing 90°. D§ dai doan thing BD

A.bing 2a. . B.bing 2a43. C. bing a+/3. D. bing a+/2.
Léi gidi
Goi 7 14 tAm cta hinh thoi ABCD.
Vi H 14 hinh chiéu vudng goc ciia S 1én BD.
(SBD);(4BCD) =90° = (SBD) 1 (ABCD) = SH 1 (ABCD).

SH L AC ;
= AC L(SBD)= AC L.5I.
BD L AC

Ma I 14 trung diém ctia BD suyra IA=IC=1IS.
Tacd A=IB=IC=ID=IS = ASBD vubngtai §.

= BD* =SB’ +SD* =d’ +(a~f5)2 =34’ = BD=a/3. Chon C.

Khi d6 {

Vi du 2: Trong mit phing (P) cho nira dwrdong trong dudmg kinh 48 =2R Vérdiém C thude
nira dudng tron d6 sao cho AC = R. Trén dudmg thing vudng goc véi (P) tai 4 Hy diém
sao cho gdc giita hai mit phing (S4B) va (SBC) bang 60°. Goi H, K lan lugt 14 hinh chiéu
cia 4 1&n SB, SC. D& dai canh S4 tinh theo R 14 ‘

R R R | R
A ——. B. —. C.=-. D. —=.
V2 2 4 M2,
Lgi gidi
' BC L A4
Tacs {2C C:>BC.L(SAC)=>BCJ.AK.
BC 154 ,

Dodé AK L(SBC)=> AK L KH .Dit S4=a.
AHK =60° 12 gbc gifta hai m3t phing (SAB) va (SBC).

Nén AK = AH.sin60° < AK* = %AH?.

Ap dung hé thirc lugng, ta dugce
1 1 1 1 1

= + =— 4 —
AK?  SA4* 4AC* & R
1 _ 1.1 1.1
AH? S4° AB* & 4R

. 371 1 1 1 R
Suyra ~| =+ — [=—4+ ——g=—.Chon A.
v 4(a2 RZJ 2 4R B
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Vi dy 3: Cho hinh ling tru démg ABC.A'B'C' c¢6 ddy ABC 13 tam -gisc vudng tai B,
BC=a, mit phing (A'BC] tao voi day mdt goc bang ¢ vi tam gidc-A'BC cb dién tich
bing a*\/3 . Bit ring 44'S, ;. = # . Gid trj ctia bidu thic P =sin2¢ 1a
- A, l B. ﬁ C. ﬂ D. l
4 4 2 2
_ Loigiai '
Do BC L AB va BC 1 Ad'=BC 1 4'B P o
L ._"';.._..____.-_:_u’f (BCLA'B(ABE) e N
Mt khac , BC=(A4BC)(4'BC) N
BC L AB c(4BC) N
- R . \\\ B'
= ((4BC),(4'BC))=(4'B; AB) = ABA '=¢;e(o;§}
=> Xét A4" 4B vudngtai 4 ¢6 AB=A'B.cosp. A ih{__k_' I c
Vi S, nc =%.ABJ§C =%a.A‘B.cos¢:=a2 3.cos¢@ -
' 2 , B
Tacé S, =%A'Bﬁc=> ap=2aB_ 2a+/3.
: a _

Ma A4'= A'B.sing = AA'=2a-[3.5ingp.

. 3 ) :
:>2a\[§.sinqn.a2\/§,cosgp=¥§-<::>sin2¢;=-—~§-.-€hgnC. : SRR

Vi du 4: Cho hinh chép S.ABCD ¢6 ddy ABCD 1 hinh vudng canh av2 . Géc gifta bai mit
phiing (SCD) va (ABCD) bing 45°. Bibt tam gidc SBD can tai 5, tam gidc SAC vudng tai
S . Tinh @b dii dudmg cao ké tir S dén mit phing ddy.

A.h:z"‘ﬁ. B.h=“‘/§.. C.h=§. D. h=a/2.

"3 : 3

Loi gidi
Goi O 1a tam ctia hinh vuéng 4BCD .
Tacd ASBD cintai §=> SO 1L BD ma AC L BD.

= BD 1 (S4C),ké SH L AC=> SH L{ABCD).
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T il PRU S — HIDh HOC KBeng Gian (13p 1)

Hoc a2 khing djnh minh

K¢ HM 1.CD (H € CD)= CD L (SHM)

— (SCD);(ABCD) = (SM HM ) = SMH = 45",

= SMH =45° = ASMH vudng can = SH = HM .
Lai ¢6 ASAC vudngtai § = SH* = AH.HC.

2
Ma HM=E:SH=E@H§

V2 V2

&S HC =2 4H < 34H =AC= AH=2?G:>HC:2—G

=AH.HC.

2_a.4_a = 202 . Chgn A,
3 3 3.

Viy SH =VAH.HC =

Vi du 5: Cho ling tru ABC.A'B'C' ¢6 ddy ABC 1a tam gidc vudng ¢n, AB = AC = a. Hinl\
chiéu vudng goc cua diém A4' trén mit phing (4BC) 1a diém H thudc canh BC sao cho

BH =3CH . Tinh tan clia g6c tao béi mit phing (BCC'B") v (4'B'C") biét 44'= @.
A. tan(p:?. B. tangp=§. C. tanqa=3x/5. D. tanp=1.

Lai gigi
Goi / 13 trung diém ctia B'C',tacé 4'I L B'C’
Mi A'H1B'C'=>B'C'L(A'HI)=B'C' LHI.

=(BCC'B);(4'B'C)=(A'LIA)=4"1H .

Ap dung dinh 1y Cosin cho tam giac AHC, taco
AH? = AC* + HC? —2.AC.HC.cos ACH
=a2+{aﬁ]2—2a a2 ﬂ_ij a-/10
4 T4 T2

AH =
4 8 4

2430

Xét AA' AH vubng, cb6 A'H = A'A* ~AH> ==X c

4
Xét Ad'HI vudng, cb tan A'IH = % = g Chon A.
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Vi dy 6: Cho hinh chép S.4BCD ¢6 ddy 12 hinh thoi canh bing @, SA=SB=a, SD=av2 .
Mit phing (SBD) vudng goc v6i mit phing { ABCD). Tinh cosin géc giita hai mit phiing
(S4D) va (SCD).

G
2

B | =
&
-

Loi gidi
Goi I 14 tim cha hinh thoi S.ABCD.
Ta c6 (SBD) L (ABCD)= AC L{SBD).

Theo gia thiét, ta ¢ AD=S4=a ma ACJ_(SBD)

"5 S =IB=1D= A5BD vuong ta s
S;BD:Q\/_,Acza. :
V& IK L SD tai K = K 1a trung diém cta SD (SB||K).

IK 1SD

Lai c6 IK—-%—IA IC = AAKC wuéng tai K:>AKC =90°. Chon B.

Ta c6 {AC 13D ep L{4KC) = ((SAD);(SCD))= AKC

Vi du 7: Cho hinh chép S.4BC c6 diy 13 tam gidc vudng can tai 4, BC =4a+/2 . Cac mit
bén (SBC), (SCA), (S4B) 1in hrot tao véi day cic goc 90°, 60°, 30°. Goi khoéng céch tir §
dén mit phing (ABC) gid tri ca biéu thirc P=4.S, ;. 1a

- 6«.5(1 B. 16«/5:: . C. 3@(13 L _ D 4\/§a3

, Lo‘zguu ,
Vi (SBC) L(4BC), k¢ SH L BC — SH L (4BC).
K& HI L AB (I  4B), HK L AC (K < AC).
Khi d6 IH 1(S4B) v& HK 1 (SAC).
(S4B);(ABC) =(ST: HI ) =SIH =30
= .
(S4B);(ABC)=(SK; HK) = SKH = 60°
Vi BC =4a+/2 nén 4B = AC =4a = HI + HK = 4a.
Laicé SH = HI.tan30" = HK .tan 60° < HI =3.HK

HI + HK = 4a
>
HI =3HK

<> HK =a= HI =3a.

Suy SH = Hl.tan30" = a/3. Vay P=h.S, .. = SH.S, 4. =8v34’. Chon C.
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HI. [TT6016] BAX TAP TU LUYEN. - .

- Ccaul [339442] 'Cho hinh chép SABC ¢6 day ABC 14 tam gidc vudng tai 4, ABC = 60°, 1am

- giac SBC 13 tam gi4c déu c6 canh 24 vi ndm trong mit phing vudng géc voi day. Tinh tan coa
goc giira hai mit phang (S4C) va (4BC).

A B B. 2./3. c. ‘—? D. -;-
Cau 2 [339443]: Cho hinh ch6p S.ABCD c6 day ABCD 13 hinh vudng tém O, canh a. Duc‘rng_

thang SO vuéng gbc véi mit phing day (ABCD) va SO = i Tinh gbc gma hai rlat
phing (SBC) v (4BCD).

A. 30" B. 45° . C.60° D. 90°.
Ciu 3 [339444]: Cho hinh chép S.4ABC ¢6 day ABC 13 tam gidc vudng tai B, AB=2,

'BC=2/3, canh bén SA=‘/§- va vudng gbc v6i mit ddy (ABC). Goi M 13 trung diem

AB , tinh tan chia gée gitra hai it phing (SMC) va mat dsy (ABC).

A2 g Y13, C.1. p. P2,
V13 4 2
CAu 4 [339446]: Cho hinh lap phuong ABCD.A'B'C'D’. Tinh cosin clia gbc gilta hai mit
phéng (BDA") va (ABCD) . '

A. l/—_% B. 3@ . C. ﬁ b. ﬂ

3 2 3 2
- Céu 5 [339447]: Cho hinh chop S.ABC ¢6 diy ABC 13 tam gidic vudng tai 4,
AB=AC=a ; canh bén SA=a va vudng goc véi ddy. Tinh cosin cta goc giita ha1 mit

phéng (84C) va (SBC)

ads g2 B p. Y3,
3 2 3 2
Céu 6 [339448: Cho hinh chép déu S.4BCD c6 tht ci cac cank ddu bing 4. Tinh tan cta

géc gilra hai mjt phing (SBD) va (SCD).

A6 B. % C. ? D. V2
Cau 7 [339450]: Cho hinh chéop S.4BCD ¢ ddy ABCD 1a hinh vudng. Canh bén S4=a va
vudng goc v6i mit phing (ABCD). Géc gifta dudmg thing SC va mit phing (4BCD) bin3
a . Tinh cosin cla géc giira hai mit phing (SBC) va (SCD) biét ring cotar =+/2.

Al B. L ¢z - pl

-3 2 3 6
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Ciu 8 [339452]: Cho hinh ling tru tam gidc déu ABC.A'B'C! c6 canh &4y bing o . Goi I 1a
-trung diém cia BC. Géc gifta mit phing (C AI) va mit phing (ABC) bang 60°. Thé tich
ciia khéi ling tra ABC.A'B'C’ bing

3 L 3
AL B3 . ca p. 3@
4 4 8 8
Céu 9 {339453): Cho hinh chép S.4BCD c6 day ABCD 1a hinh thang vuéng tai 4, D, 4B
12 ddy 16n va tam gidc ABC 12 cén tai C, AC=a. Céc mit phing (S4B) va (SAC) cing

vudng goc véi dy, canh bén SC = a3 va tao {‘réi miit phing (SAB) mét goc bing 30°. Goc

. gifta hai m3t phing (S4B) va (SAC)bing __ * .

AL 30° B. 45° ' C. 60° D. 90°.

Ciu 10 [339454]: Cho hinh chép S. ABCD ¢6 dy 13 hinh vﬁéng éanh 2a. Tam gidc SAB
cén tai § va thude mit phing vudng géc véi day. Biét dudng thing SC tao vai day mét goc
60°. Tinh tan géc gifta 2 mit phing (SCD) va (4BCD).

A. 15 . B. g C.g. D. 1£55

Céu 11 [339457]: Cho hinh chép S.ABC c6 ddy 13 tam gidc ABC vuﬁng tai B co
AB=a; BC=a+3. Cauh bén 54 L(ABC), bit SC=a+5, goi M 14 trung diém cta AC
tinh tan g giira hai mt phing (SBM ) va mit phing day (4BC).

: 2 \/5 '
A3 _ B. 4. ' - Co—. S D, —.
5 2

Ciu 12 [339458]: Cho hinh ling tra déu ABC.4'B'C’ cd tht ca c4c canh bang a . Tinh cosin
goc gifta 2 miit phiing (4'BC) va mit day (4BC).

N B 2. Ac.ljg‘_l. p. 2L

2 Nz 21

Céu 13 [339459]: Cho hinh chép S.ABCD cb &3y ABCD 13 hinh thoi cd goc BAD = 120°,
high chleu vubng goc cia diém A trén mit phing day tring véi trong tAm cia tam gidc ABC,

biét dudng cao cia khéi chép la SH = TJE va tam giic SBD vudng tai S. Tinh géc gitta 2
miit phing (SAD) va (SCD)

A 30° B. 45° C. 60° - D 90°
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T b B dTab e FRU S — Hinh Hoc Khing Gian (1ép 1)

Ciiu 14 [339460]: Cho hinh chép S.4BC c6 déy 13 tam gidc cAn tai 4 c6 AB=AC=2a s
BC=2a+3. Tam gisc SBC déu va thudc mit phing vudng gbc véi ddy. Cosin gbe giita bai
mit phiing (S4B) va (SAC) 1a
A B L O D. -
13 13 13 13

Ciéu 15 [339463): Cho hinh chép S.ABCD ¢b diy ABCD 13 mira luc gidc déu ndi ticp
dudng tron dudng kinh 4B =2a,54 = a3 va vubng goc véi mit phing ABCD . Cosin cia
g giita hai mit phing (S4D) va (SBC) la: '

| V2 2 V2 V2

A —. B. —. C.—: D. —.
2 3 4 5

Cau 16 [339464): Cho hinh chép S.ABCD cb 8ty ABCD 1a hinh thang vudng tai 4 va D,
c6 AB=2a,AD=DC=a,S4=a va SAL(ABCD). Tan cia goc giita 2 mit phiing (SBC')
v (4BCD) a

A.%.- B. 3. C. V2. D.%.
Cin 17 [339466]: Cho hinh chdép S.ABC, c6 day 4BC la  tam gidc déu canh
a, SAL(4BC) ; SA=a\3. Cosin.clia goc giira hai m3t phang (S4B) va (SBC) 1

-2 2 1 1 .
A —. B. —. C ——. D, —.
NG NG N J5
PAP AN TRA C NGHIEM

1.B 2.C 3.B 4. A 5.C 6D |7.B 8.D 9.C 10. B'_|

1.C (12.C |13.D |14.D |15.C j16.D [17.D
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Chi dé 8 S
* [TV6017] GOC GIUA 2 PUONG THANG

I LY THUYET TRONG TAM VA PHUGNG PHAP GIAI .
1. Pinh nghia géc gifra dwong thing va dwdng thing

Trong khéng gian cho 2 dudng thing a, b
- bat ky. Tir mét &idm O nao @6 ta v& 2 dudng
thing a_',b']?an hrgt song song véi a va b,

Ef.

oo Tanhinthiyrdng khi diém O thi gbegitta 2 4

dudmg thing a' va b' khdng thay @bi. Do d6 ‘ o
- ta ¢6 dinh nghia: o X

})inﬁ nghia: Géc giita 2 dudng thing a va 0
b trong khdng gian 13 géc gitta 2 duong
thing @' v ' ciing di qua mét diém va in

Iuot song song véi a va b
2. Céch x4c dinh goc giira hai dwong thing

D¢ xéc dinh géc gitra 2 dudng thing @ va b ta cé thé 1y didm O thude mdt trong hai dudng
thing d6 rdi vé mot dudmg thing qua O vi song song voi dudng thing con lai.

Néu u 1 vecto chi phuong cha dudng thing a va v 12 vecto chi phwong ciia dudng thing &
vd (E;;)=a thi gbc giita 2 dudmg thing a va b bing o nén 0<o <90° va bing 180° —q
néu 90° < . <180°. Néu 2 dudng théng a va b song song hojic trung nhau th1 géc:'g'il"_r'a.'.
chiing bing 0°. _

Géc giita 2 dudmg thing 13 goc c6 s6 do 0° <@ <90°,

Chii §: Dé tinh gbc gifta 2 dudng thing trong khong gian ching ta chn 5hé céc cong thirc:

: == _AB*+AC* - BC?
1) Pinh 1y ham s6 cos: Cho t idc ABC thi: cos BAC =
) Binh 1 bim s olame 2.4BAC
— 2 2_ gp2 o 2 2_ 4p?
Tuong ty ta c6: cosABC=BA +BC" - AC va cosACB=CA +CB AB
- 2.BA.BC : 2.CACB
A ~ =\ uv

2) Céng thirc cosin gbc giita 2 vecto: cos (u;v) = |_| I_l

u). |v
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Heoc 83 khidng dlah minh

1. viDYy MINH HQA
1. Cac bai toan co ban.

Vi dy 1: Cho cic khing dinh sau. Chon khing dinh ding.

A. Goc giita 2 dwdng thing ludn 12 goc nhon.

B. Géc giita 2 duéng thing bing gbc gilta 2 vecto chi phwong ciia no.
C. Cosin géc giita 2 dudng thing ludn 13 mdt gid tri khong am.

D. Ci A va C déu dang.

.....

Pap 4an A sai vi gbe giita 2 duong thing 12 mot goc khdng t né cb thé Ia goc 0° hoiic goc 90°
B sai vi néu goc giita 2 vecto chi phuong 16n hon 90° thi goc gitra 2 dudng théng khong bang:
goc gifra 2 vecto chi phuong.

C déng vi gbe giita 2 dudmg thing 13 & vA 0 <o <90° nén 0<cosa<1. Chgn C.

Vi du 2: Trong khéng gian cho géc BAC = @ va cos @< 0. Khing dirh ndo sau ddy la ding.
A. Géc gifta 2 duomg thing AB va AC bing ¢

B. Géc gifta 2 dudng thing ABvA AC bing 180° —¢

C. Géc gifta 2 diromg thing 4B va AC bing 90°—

D. Géc giita 2 dudmg thing AB va AC béﬁg 90° +¢

Loi giai: :
Do cosg<0=>90° < ¢ <180° khi d6 goc gura 2 dudmg thing AB v AC bing 180° —

Cht_)n B.

Vi du 3: Cho ti dién ABCD ¢b6 AB=CD=2a. Goi M va N 140 luot 1 trung diém clz.
BC va AD . Biét MN =a\/3 tinh géc giita 2 dudng thing 4B vi CD.
A. 30" B. 150° C. 120" D. 60°

Léi gidi:
Goi I 1 trung diém cta AC
Khi ¢4 M/ 13 dudng trung binh trong tam gidc ACB

SuyraMl|| AB va MI=%E=¢1. Tuong tw IN ||CD va

w="2_s.po {IN“C‘? :(AB;CD):(W).

2 IM || AB
Lai co cosMHV—'MI + NI —MN =——1—=>MN=120°
2IMIN : 2

Do viy ( M) =60°. Chon D.
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Vi du 4: Chbo hinh:¢hép S.ABC c¢6 day 1 tam gisc dén canh a. Hinh chiéu vudng géc cia

~dinh S xudng mit day tring v&i trung diém ctia canh AB . Biét ring goc giita duong thing

SB vi mat phing day bing 60° va M 14 trung diém ciia BC. Géc giita SM va AC 13
A0 B. 30° C. 45° D. 135°

Lai giai: |
Goi H 13 trung didm ciia 4B , khi &6 SH L{4BC)
Khi d6 5B;(4BC)=3BH = 60°,

_A4B:_

bk

.WIIACz(W)z(WM).

Mzt Khac HB*: = E = ; = SH=HR tﬁ'so“'z%‘(?’-.

Do HM 13 dudng trung binh trong tam gidc 4BC nén

HM  HM
SM JsH? + HM?

Laico: cos SMH =

Trong 46 HM =§ 5:> cos SMH = l:> cos(SM AC)—%:> (W)= 60° . Chon A.

Vi dy 5: Cho hinh chép S.4BCD cb ddy ABCD 14 hinh chit nhét véi AB =2a; AD =223 .
Hinh chidu vudng géc ciia dinh S xubng mit dy triing véi trung diém H cia AB. Goi M 1a
trung diém clia CD v& SM = 4a. Tinh cosin gbc gitra 2 dudmg thing AM va SC.

3 T 13 - 14

* Khi d6-gbc gita AM vA SC bing goc gifta HC va’

A — B. .|~ c |2 P nd
V7 . 17 . 17 - 17

Loi gidi:

Tacé: HM || AD || BD va HM = AD =2av3. s

=

Laicoé SH*+ HM*=8SM* = SH =2a.
Do AMCH 1 hinh binh hanh nén CH || AM

prar
-

SC.Tacé: HC=vHB*+BC* =a13
HC _

sC \/ +HC'2

Chon C.’ -

"o
-

|
|

1

t

i

v

]
[
]
=]

Suyra cos SCH =
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Hoe 08 khéng d’|nh mlnh

Vi dy  6: Cho hinh chép S.4BC c6 diy ABC 13 tam glac vadng tai 4 voi 4AB=4c ;
BC =8a. Tam gidc SAB 1a tam gidc déu vi thude mat phing vudng goc voi day. Goi M &
diém thudc canh BC sao cho BM =3MC. Goi ¢ 14 goc gilta 2 dudmg thing SM va AC

Chon khiing dinh ding,
7 NET) V39 3
At =— B.t =— C. t =— D. & =_
= MmP="3 WP=T3 70
Loigiai: |
Goi H 14 trung diém ciia 4B khi d6 SH 1 AB. 5

Mit khéc (S4B) L (4ABC)=> SH L (ABC).
Goi K 13 trung diém cia AH khi 46 BK =3KA

= KM || AC. Ta¢6: AC=BC* ~ AB* =4a3

SH—.AB_\/__ a3,

‘Do KM || AC nén (AC;SM)=(KM;SM). _:____"? -
Taéé:m=%AC=3a\/§;H}’(=a. 5: ;

Suyra 5K = VS’ + BK =av/I3. e

Mat khic KAJ//AC:KMJ.(SAB):ﬁKAJ.LSK.Khidé fan ZEK%-:L; Chon B.

Vi dy 7: Cho hinh chép S.4BCDcé ddy ta hinh vudng ABCD cash 2a, SA L (ABCD) vi|

 SB= a5 . Goi M 1a trung diém clia 4B va N 1a trung diém caa BC. Tinh cosin goc gilta :!

dudng thing SM va DN . :
J5

A. cos(SM;DN) -

C. cos(m) =—g—

J5

Lot gidi:
Do SA4 L(ABCD). Tacs: SA=SB* - AB* =a
Goi F 13 trung diém cia AD va 13 trung diém cia

AE . D& théy BNDE 13 hinh binh hinh va M/ 13
dudmg trung binh trong tam gidc 4BE.

Khidé DN || BE || MI . Taco: AM = a; AI—A2E=%
Khi 66 SM* = S4° + AM* =24"ST" = 54
2 z_ 5“
MI=AI" + AM
2 2 _qr2 o
Do viy cosSMI=SM + M ST =J1_0=cosSM;DN.Ch9n D.
2.SM .MI 5 ]
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Vi du 8: Cho hinh l3ng tru dimg ARC.A'B"C"¢d day 14 tam gide ddu canh a, cic canh bén
bing nhau va bing 2a. Goi M 14 trung diéin cita 4B. Tinh cosin géc gitta 2 dudng thing
A'BvAaC'M

A. cos(E'—f_i.;_MEC'l\ai’)=-i ' : B. cosm=

D. cosm

G
ol i

C. cosm=

L gidi:
Goi N 13 trung diém ctia 44' khi 46 MN || AB 2" c

Suy ra m=m B : Ny A

AB JAA2+A32 ~NA7

-Laicd MN = ’

a\/— /]

CC*+CM* =

C'N= /A'C'2+A'N2=a\5 ' B . __-,
—— M2+ MN?~C'N? - ’ A

Suyra cos(C'MW)=C M+ CN_8 5o 4

' 2.C"M MN 95 :

Do d6 cos(4'B;C'M }= 3

Chon D,

Vi du 9: Cho hinh chop S ABCD ¢6 day 13 hinh chit nhit ¢6 4B =a, AD =a3, SC = 2a\2
va §4 _L (ABC'D) Tmh cosin goc giita 2 du'orng tha.ng .S'C va BD

B. — C.

A 7_5 22

&|H
)

Loi gidi:

Ta co;

AC=~AB* + AD* =22 =5 SA=/SC* —~ AC* =2a
Dung OI || SC trong d6 O 13 tim cta hinh vudng ABCD
Khi d6 goc giita SC va BD 12 gbc gifra 2 dudng thing
OI va BD,

Khi d6 OI=—-=a\/— BI =~I14* + AB* = a\2

OB* +OI* — BI? 1
2.01.0B 22

OBz%-IZ:a::» cosﬁ(=

Do d6 cos (m) = L . Chon B,

22
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Hoc ad xhing djnh minh

Vi du 16: [ TRICH PE THX PAX HQC A-2008] Cho hinh ing tru ABC.A'B'C" ¢6 49 dii |
canh bén bing 24, tam gidc ABC vudng tai 4, AB = a: AC = a+/3 . Hinh chiéu vudng goc cua
A" 1én mjt day tring véi trung didm ctia BC . Tinh cosin g gifta 2 dudng thing 44" va B'C".
A, c::as(A_»et';JB''C'):i B. cos(AA B'C )—
4

2
2 ]

C. cos(A—Z';TR'—C_')zT D. cos(AA B'C )—

Léi gidi:

HD: Tacd: BC =~AB* + AC? =

Goi H 1a trung diém ctia BC khi 46 AH = B—2C_= a.
Mat khic A'H = A4?— AH? = a3

= (157 ~(ecen)

B'C'||BC
Laico A'H 1L (A'B'C")=> A'H L A'C".
Suyra C'H=+vA'C*+ A'H? =a/6

CC?+CH*-HC"® -1

Khi dé cosC'CH = =<0
2.CC"HC 4

Do vay cos(44'B'C")= l . Chen A.

Vi du 11: Cho hinh lang tru ABC.4'B'C" ¢ day 1a tam gic déu canh a. Hinh chién vuonJr
gbc ciia B' 1én mit phing diy tring véi trung didm H cla canh 4B . Biét khoang cach tr

diém H dén duong thing B'C bing i G01 ? 1a gbc gilta 2 dudng thang B'C va AA".
Chon khang dinh dlng.

27

A. cosqo=% ~ B. cosng:'T C. cos;p:T2 D. cosp=

Lai gigi:

a3
>

Tacod: HC = ACsin A =

+) Dung HK 1 B' C:;»HK—aJ_

R 12:>B'H=5
HK® B'H® HC 2 ’

Do A4V /BB = mz(m

+) Mit khic :

Tacé: BB'=—=,BC=a,B'C=a.
V2 N
- o t2 2_ pe B
Khi d6 cos(B‘C;AA')=cosCB'B=B ¢ +BB - BC =£-Ch§mC-
2B'CBB' 4
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Vi du 12: Cho hinh chép S.4BCD c6 SA L(4BCD) vi ABCD 1a hinh chit nhit voi

| 4B=2a;4D=a. Goi M 14 trung diém cia CD, biét SM =2a. Tinh cosin gbc gifta 2 dudng

thing SC va AM. o
2

, .
A = B. = c. Y p. 27
N7 ‘ 7

Lei gidi:

Do S4L (ABCD) = ASAM vubng tai A

Do M la trung diém ctia CD nén MC =MD =a
Laics AM =D +DM: =adi [
Suyra SA=SM? - AM? =a«/-2-

Goi N 1a trung diém cha 4B suy ra ANMC 13 hinh
binh hanh do d6 4M [|CN nén gbe giita 2 dudng thing
* SCva AM bling goc gifta 2 dudmg thing SC va CN .

Do d6 cos(SC; AM ) = cos(SC;CN) . Mt khic SC =S4 + AC? = 24" +5a = a7

: o 2 2 _ qpt
CN = AM = a3;5N =542 + AN? = af3 = cos SCN = 5C TCN —SN" _ 3 . Chon D.
2.5C.CN V14

Cach 2: Cho hé truc tog d6 Oxyz véi O=4;tia Ox= AB;0y = AD;0z= 4S.

Khi 46 4(0;0;0);C(2a;0;0); M (a;0); 8(0:0,a2 ).

]2a.a‘+a.a+0|_ 3
V1222 . V14

Chi ¥: Cach lam nay chiing ta xem lai sau khi hoc phin toa d6 khong gian Oxyz .

Ta cé: S_C.'(Za;a;-—axﬁ);ﬁ(a;a;O) = cosm =

. [TT6013] BAITAP TU LUYEN

Céu 1: [336286]Cho hinh chép S.4BCD cb SA, SB,SC d5i mét vadéng goc véi nhau v
SA=SB=S8C=a . Tinh gbc giita hai dudng thing SM va BC v6i M 1a trung diém cia
AB '

A. 30° B. 60° oot D. 120°

Ciu 2: [336287] Cho ti dién déu ABCD canh a. Tinh goc giita hai dudng thing CI va
AC, véi I 13 trung diém ciia AB

A.10° B. 30° C. 150° D. 170°
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<*  Hec 6 khing dinh minh

Ciu 3: [336288]Cho hinh chép S.ABCD c6 déy ABCD 1a hinh chir nht. Cac tam giuc
SAB,SAD, SAC 14 céc tam gisc vudng tai 4 . Tinh cosin gdc giftra hai dudng thing SC va

BD biét S4=a3,AB=a, 4D =3a.

Al g 3 et p_8
2 2 \/130 \/130

Ciu 4: [336290]Cho binh chdép S.ABCD c¢6 ddy ABCD 13 hinh thang vubng.tai A va D,
SA vubng géc voi mit phing d4y. Tinh cosin gbc giira hai dudng thing SD va BC bidt

AD=DC =a, AB =2a,84 = 2“;5.
1 2 3 ' 4
A, e i C. — D.
J42 J42 Ja2 : J42

Ciu 5: [336291]Cho ti¢ dién déu ABCD canh a. Tinh cosin goc gura hai dwrémg thing Ai2
va CT voi I 13 trung diém ctia AD

Nz \En NE) 1

A, — B. — C. — : D. —
2 4 6 2

Ciu 6: [336293]Cho ling try ABC.4'B'C’ cb tht ci cc canh ddy bing a. Biét goc tao bid
canh bén va mit ddy 12 60° va A 14 hinh chiéu cia dinh 4 1én mit phing (4'B'C'), ¥’
tring v4i trung diém cia canh B'C". Goc giira BC va AC" 14 o . Gid tri cia tana 13

1 -1

A. 3. B. 3. C. - D. —
3 3

Ciu 7: [336294]Cho hinh chop S5.4BCD c6 day ABCD la hinh vudng caoh ¢ . Cana
SA L{ABCD), v S4=a+/3. Goi M 14 trung diém cta SC, gbe. tao béi hai dudmg thdng
" AM VA CD 13 ¢ . Gi trj cia biéu thic P =tana.cos™ @ bing :

A. 2. B. % C.5. ‘D. 10.

Ciéu &: [336295]_Ch6 hinh chép S.ABC - co day ABC la tam giac vudng tai B,S4 vudngz
gbe véi day. Biét 54 = a,AB=a,BC= a2 . Goi I 13 trung diém ciia BC. Cosin cha 202
giita 2 dudng thing 47 . va SC la:

A2 B. -2 c 2 o2

3 3 3 8 .
Cau 9: [336297]Cho hinh chép S ABCD c6 diy ABCD 1d hinh vudng cana
20,54 =a,SB = a3 vi (SAB) vuéng gbc véi ddy. Goi M,N 1An luot 4 trung diém cia
céc canh 4B, BC. Cosin ciia goc giita 2 dudng thing SM va DN ia:
-2 2 1 1

A.—E. _ B. —F C. —:7_%—. D.-J_g.
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Céu 10. [336298]Cho hinh hép ABCD.4'B'C'D' ¢c6 b dai tht ca cdc canh bing a va céc
-goc- ﬁD, @?‘; A AR ddu b?mg 60°. Goi M, N 1in lugt 14 trung diém caa 44", CD . Goi «

13 gbc tao béihai dudmg thing MN va B'C, gié trj clia cosc bing :

A2 B. . c p. 35
J5 s NG 10

Cau 11: [336299]Cho hinh chép S.4BC ¢ SA L (ABC), d4y ABC la tam gidc vudng tai B

v6i 4B =24;BC =2a+3, mit phing (SBC) tao v&i diy mot goc 60°. Véi N I trung diém

cha AC, cosin gbc gita 2 dudng thing SN va BC la:

~A:"COS (SN,BC) g T B. cos(SN ;BC)ég """ -
C. cos(SN;BC)=§ , D. cos(SN; BC) =l§5—

Ciu 12: [336300]Cho hmh chép S.ABCD ¢6 ddy 12 hinh vudbng ABCD canh a ,
54 _L(ABCD) va Sd=a3. Goi M 14 trung didm ctia SD, cosin géc gifta 2 'dwdng thing
CM va SB 1 '

VgL g 22 o 22 - p Y2
8 7 5 ' 8
Céu 13: [336303]Cho hinh chop SABCD c6 day 1a hinh chit nhat ABCD c6 AB=12a va
AD =3a. Tam gi4c SAB vudng cin tai § va thuc mét phing vubng goc voi ddy. Goi ¢ la goc

giita 2 dwdmg thing SC va AB. Khing dinh nio sau ddy Ia ding.
S ] 1 1 1
A. cosp=—= B, cosp=——= - C.cosgp==~ DN cosgp=—r=
=5 AN Y ST 242

Ciu 14: [336306]Cho hinh ling tru ABC.4'B'C" cb ddy 1a tam gi4c déu canh a. Hinh chiéu
vudng goc cla B’ 1én mit phang day trang voi trung diém H cia canh AB . Biét khodng cach

giita 2 duong thing 4B va B’C bing aJ_ .'Gol ¢ la goc gifra 2 duorng thing B'C v& 44".
Chon khing dinh diing.
A, cosg0=% B. cosqo:g C. cosqo=i2§—- D. cosqa=-—\£—§~

Cau 15: [336307]Cho khéi lang tru dimg 4BC.4'B'C" ¢6 day 1a tam gidc 4BC vudng tai A
cb AB=a vi AC=a-/3. Bibt ring 4'C=a/7 v& N 14 trung diém clia 44'. Gbc gilia 2
dudmg thing 4°C vi BN 13 o . Khing dinh ndo sau ddy 12 diing.

Jid Jid D Nl
A cosp=——mo B. =— C. cosgp=—— D. cosgp=——
=7 OSP="8 LR VR =4
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Céu 16: [336309]Cho hinh ling tru tam gidc d8u ABC.4'B'C' cb AB=a vid AA'=b . Biit
- rang goc giita hai duomg thing 4B va-BC' biing 60°, gié trj ciia b tinh theo a bing :
A a2, B. a. C.a3. _ D. 2a.
Cau 17. [336311]Cho tr dién ABCD, goi M, N lan hrot 13 trung didm ciia BC va 4D, biét
AB=a,CD=a, MN =" a\/_ . 86 do gbc gita hai dudng thing 48 va CD la:
A. 30°. B. 45°. . C. 60°. D. 90°,
Ciu 18. [336313]Cho hinh chép S.4BC ¢6 day 13 tam gibe ABC vudng chn tai C,
CA=CB=a. 54 vubng goc véi diy, goi D 13 trung diém cla 43, goc tao bl hai dudng:
thing 8D, AC 14 ¢ . Biét 54 = a/3, gid trj ciia bidu thitc P =tane bing:

A. —13. B. 13 C. Ji4. D. /14
PAP AN TRAC NGHIEM

0LLB [02.B |03.D [04.C |05.C |06.A 07.D [08.A {09.D |10.D :I
11.B [12.A |13.B. [14.D [15A [16.A [17.C [18.B
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Chu de 9

[TV6019] THE TICH KHOI CHOP Phin 1
(Khoi chép c6 canh bén vudng goc véi day)
I LY THUYET TRONG TAM VA PHUONG PHAP GIAI
Phwong phip giﬁi

Céng thirc tinh the tzch khéi chép la V =é— Bl véi B I dién tich day va h I chiéu cao cia

—khm chop (kKoahg cach fir dink dén mat day ).
Xét khdi chop S.44,4,...4, cb ddy A4 A4,..4 13 da gidc dién tich B. Canh S4 vudng goc
v6i mit phing ddy (A44,..4,) . Thé tich khéi chép S.444,.4, 1

1

VS.AAIAQ...A,, = E‘SA'SA{,AI.._A,

Day A4 4,..4, 13 cac hinh da gide, thuéng gip 1a tam gidc
(vubng, can, déu...), hink vudng, hinh chit nhat, hinh thoi, hinh
thang, ... ¢4 di€n tich nhir sau:

AB=a

' NI 1
¢ AABC vudngtai 4, co {AC:bﬁS”“‘“ =5ab

. AB=AC=a 1, .
o AABC cintai 4,¢cd — =8 =—.a .sna.
sinBAC=qa . -2

Véi @ = 60" = tam gitc ABC déucanh a = §=

a*3
PR

« Hinh vudng ABCD canh a = S, = a’.
AC=a
BD=b = S4zcp
hinh chit nhét c6 dién tich .S ;, = 4B.AD.

¢ Hinh thang ABCD ¢6 hai canh day AB=a, CD=5b va dj ddi dudmg cao 13 &.

e Hioh thoi 4BCD ¢b { =%ab.Vc’ri gbc BAD=90° = ABCD 13

Dién tich hinh thang ABCD 14 S 45, = —h (a + b)

Chii y: Khi gidi cdc bai todn vé thé tich khdi chop ta thuomg gdp cdc gid thiét vé goc, khodng
céch do do cin xem lgi céch dung géc giira dudng thing va mdt phdng, goc giita hai mét
phdng, khodng cach tir mét diém dén mot mit phing vé khodng céch gitta hai dwong thing
chéo nhau, ... ‘
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- II. ViDU MINH HQA

Vidu 1: Cho hinh chop S.4BC cé déy ABC 1a tam gisc vudng tai 4, AB = a, AC= a2

Canh §4 = a vudng goc véi mit phing { 4BC) - Tinh thé tich khéi chép S.4BC.

3 3 3 3
A TB B OV2 c. o2 p, 22

6 6 3 2
Léi gidi
l . 2
Dién tich clia tam giac ABC I :S, =%.AB.AC= i f

2 3

Thé tich ciia khéi chép S.4ABC 1a: ¥, ;. =§.SA.SMBC 2—;—.& 2 f =4 f . Chgn B.

Bai todn twong tw [Ban doc tw gidi]:
BT1. Cho hinh chép S.ABCD cé déy ABCD la hinh vudng canh a. Canh bén S4 vudng
gbc v6i mit phéng (ABCD), SC = a+/3 . Tinh thé tich khdi chép S.4BCD.
A2 B, 23 ¢ p, 2032

3 3 3 3
BT2. Cho hinh chép S.ABCD c6 day ABCD 14 hinh thoi canh a, tam gidc 4BC déu. Cana
bén SA vudng goc voi mjt phing (4BCD), SBA=45". Goi ¥ la thé tich khéi chdo
S ABCD . Tisd ¥ :a* bing

a3 B.ﬁ. c. 2 D
3 2 3

BT3. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh thang vuéng tai 4 va B, AB=BC=1,
AD=2. Canh bén SA=4 va vudng géc véi mit phing ( ABCD). Tinh thé tich khéi chon
S.ABCD . ‘

A 2, B. 6. C. 4. D. 3.

o4

Vi du 2: Cho hinh chop 5.4BCD cé day la hinh chit nhit ABCD, S4 vudng goc vai day,
canh SA= AB=a, AD=a/2. Goi E, F 1in luot 14 trung didm céia 4D va SC, I 12 giao
diém cia AC va BE. Tinh thé tich t&r dién FBIC.

V2 , V2

A V=20, B. V="0¢ C.V= } D. V=£a3.
18 6 2 _ 12
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Hioe 6% kidng dinh ok KU D — oo moc nueng Wiin (14p 1)

L gidi

Vi 7 1a trong tdm cha tam gidc 4BD nén AI=%AC.

Do &6 Sur_c =§SMBC =

Vi F 14 trung diém cla SC nén

d(F;(1BC)) =%d(S;(IBC))=%~=§.

suyra V —ldS —]{IZ\‘E” N2
Yy Fc = 3 0ame STy 18

Vi du 3: €Ho hitth chép S.ABCD c6 day ABCD hinh thang cn véi hai canh ddy
AD,BC . AD=2a, AB=BC=CD=a, BAD=60°. Canh bén S4 vuéng gbéc v&i mit
phing (4BCD) vi SD tao v&i mit phing diy mot goc 45°. Tinh thé tich khéi chép
S.ABCD .

asﬁ ‘ .aaﬁ a3\/3—

3
Av=2Y B.V= . c.y=2 3 D.V= .

. Tam gide AHB, cé BH = AB* — AH® =3§J-§—.

4 2 12 - 6
Léi gidi

——

Ta. c6 : 45° =(SD;(ABCD)) =(SD; 4D) = SDA. Suyra tam gidc S4D vadng can tai 4
nénsuyra S4d=A4D=2a. ' B I
Trong hinh thang ABCD, ké BH L AD (He AD). S

Do ABCD 1a hinh thang cfin nén

AD;BC=

2AH + BC=AD = AH = > -g-

. 2 =
Dién tich § 0 = %(AD+ BC)BH = 3“4‘/5.
1 a3

Va&y ¥s sacp ='§SABCD‘SA= 9

. Chon B.
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Hgc dé khing dinh minh

Vi du 4: Cho hinh chop S.ABCD cé ddy ABCD 14 hinh binh hanh, canh 4B =a; AD=2a.
Canh S4 vubng géc v6i mit phing (ABCD). Tam gidc ABC vudng tai 4 va mat phny
(SCD) tao véi déy mt gbc 30°. Thé tich khéi chép S.4BCD bing

A. &3 B a3 c @3 p. &3

2 R 6

Loi gidi
Tacé AB||CD = BAC = ACD =90°.
Lai 6 AD = BC=2a=> AC=BC*'— AB* =a-/3.

Mitkhac CD L AC va CD 1L S4= CD 1(SAC).

Xét tam gise SAC vudng tai 4, c6 tan SCA =%.

— 4= AC.tan SCA = af3.tan 30° = a.

1 ang

Vay ¥s usen = ESA‘SABCD T3 Chon C.

Vi du 5: Cho hinh chép S.4BCD cb diy ABCD 14 hinh thoi tim O canh a, ABC = 60°,
Hinh chidu cia S 1én mit day 1 trung diém cia OB. Canh bén SC tao v&i ddy mdt goc
bing goc ABC . Tinh thé tich khéi chép S.4BCD . .
7 V21 263 , 23

. B. . C. . D. .
8 8 48 8

LA gidi
Goi H 1a trung diém ctia OB => SH 1 (ABCD).
Tacé HC 1a hinh chiéu cia SC 1én mit phing day.
Do d6 (SC;(4BCD)) = (SC; HC) = SCH = ABC = 60°.
OB a\/_ A4C -
2

LalcoOH— —;, 0C=
2 4.

2
-

2

2 2
Suyra CH =y OH* +0C* = (.‘uﬁJ +(£J =a\/-7-‘.

.2
= SH = CH.tan 60° = “—‘?i; S 4ac0 = 2Sassc = %/—3
2 3
VaY ¥, 1aco =%.SH.SABCD =§. “‘22_1_. 2 f =2 ;ﬁ .Chon A
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Vi dy 6: Cho hinh chép S.4BCD cb dty ABCD 1a hinh thang vudng ta A va B, AD = 25C,
| AB=BC . Canh bén Sd=aq vudng g6c v6i mit phing (4ABCD). Goi E 14 trung diém cta SC
vi khoéing céch tir £ dén miit phiing (SAD) biing a . Tinh thé tich khéi chép S.4BCD .

A-V=8" B.V=4d. C. V=2 D, ¥ =6a’.
Loi giai , '

Tacé d(E;(SAD)) = %'a(c;(sw)) =d(C;(84D))=2a.
Goi M 14 trung diém ciia AD = ABCM 14 hinh vudng.
= CM 1 AD ma S4 vudng gbc v6i mit phing (4BCD).
e e - Suy ra-SALCM két-hopvéi CM 1 AD = CM-1- (SAD)-————f-1Fg N

AD=4a SO N . A~
=>d(C;(SAD))=CM=2a:>AB=2a:>{ .
BC=2a

Dién tich hinh thang ABCD 1a:
S ineo =% AB.(AD+BC)=6d". B ¢

Thé tich khdi chép S.ABCD 1&: ¥, ., = éI-.SA.SABCD =24". Chon C.

Vidu 7: Cho hinh chdp S.4BCD c6 ddy ABCD 1a hinh vudng tim O, canh a2 . Canh bén
84 vubng g v6i mit phing (ABCD) va khoang céch tir tim O dén mit phing (SBC)

bing -‘25 Tinh th# tich khéi chép S.4BCD .

3
A V= 2“3‘/—2_. B. V=242 C. V =2d" D. V="

Laigiai

Tacé d(0;(SBC)) = %d(A;(SBC)) = d(4;(SBC))=a.
Laic6 541 (4BCD)= 541 BC vi ABCD 14 hinh vudng.
= BC L AB=> BC 1 (S4B).Ké AH L SB (H <SB).

AH 1 SB
AH L BC

Khi d6 = AH L(SBC)=>d(4;(SBC))=4H .

' 1 1 1
Tam gidc S4B vudngtai 4, tacéd + =
& & S4*  AB* AH*

s Af.AH - a\/f;al _al2a_ o
VAR~ 4H J(a Bf - ®
2a3«/5

Viy thé tich khéi chop S.4BCD 1a ¥, . = %.SA.SMCD == Chen A.
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Hge aé khing djrh minh

Vi du 8: Cho hmh chop S.4BC cb day ABC lé tam gidc déu canh 3a . Hinh chiéu vuong—‘
goc cua dinh S xubng mit diy tring véi dlem H thudc canh 4C sao cho HC =2H4. Bié: _

f

khodng cAch tir H dén mit phang (S4B) bing ——. Thé tich khdi chép S. ABC 1a
3 3 3
A. 383 g, 33, ¢33 p, 388
6 4 8 |
Lei gidi
Dung HK . AB ma SH 1 AB= AB L(SHK) (1). s
Ké HE L SK (2). Tu (1}, (2) = HE L(S4B)
. a3
= d(H;(S4B))= HE———— Vi HAd=a; HC =2a
— HK = HA.sin A = a.5in 60° = % ( AAHK vudng) 4 ¢
- 111 K
Xét ASHK vubngtai H,c0 —+——=—7%.
SH®  HK® HE
B
3
osgoTEHE L oy-Sy =1 S SH.S 5 = 3043 . Chign D.
VHK* - HE? 2 773 8

Vi du 9: Cho hinh chép S.4BC c¢6 diy ABC 13 tam gidc khong til. Canh bén S4 vudng gou
v6i mit phing (4BC), hai mit phing (S4B), (SBC) vudng géc véi phau. Canh SB = a3,
BSC =45°, ASB =30°. Tinh thé tich khi chop S.4BC.

3 3
f BV—3g C.V—%3 , i ‘;

Loi gigi
Tacé SA L(ABC) va (S4B) L{SBC) suy ra BC L (SAB).
| = BC 1 AB=> AABC vabngtai B = Sppc = %.AB.BC

 Tam gidc SBC vudngtai B nén tanfga%—ig.

= BC = tan45%a3 = a3.
Tam gidc SAB vudngtai 4 nén

sm,@:%é AB:sin30°.aJ§=f-‘2/—§.

cosm =—S£:> SA =cos30%ay/3 =§3.
SB 2
Viy thé tich khdi chép S.ABC 1

Yy ioe = %.SA.SMBC Tsal S-ABBC = 3—;- Chon B.
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Vi du 10: Cho hinh ch(’)p S.ABCD cb6 d&y ABCD 14 hinh chit nhit, canh bén S4 vudng goc
| véi d4y, S4=2A4B=2a4. Goi N 1a trung dlem ciia SD, dudmng thing AN tao véi day mot
gbc 45D Tinh thé tich khm chép S. ABCD.

3 - ) 3
AL 2B B. A - 77 C. &, D. 3%

NG} ' A 3

Lot gidgi

"Goi M 14 trung didm cia AD = AM = % (1).

Ma N k‘itrung didm cia SD = MN || S4 va MN =22,

Ta co SA .L (ABCD) = MN L (ABCD) = AM 1& hioh
chiéu clia AN trén m3t phing (4BCD).

= (AN;(4BCD)) = (4N, AM) = MAN = 45"

= AMAN vuﬁngcﬁntaiMbMN:AM——-a (2). -

Tir (1),(2)= AD =24M =2a = S, = AB.AD = 24>

3
Vay thé tich khéi chép 1a: ¥ ,0p = %.SA.SAECD = 4%. Chon D.

Vi dy 11: Cho hinh chép S.4BCD cb diy ABCD 1a hinh'chit nhit tdm O, SD vudng gdc
v6i mit phing (4BCD), AD =a, AOB =120°, gbc giita hai mit phing (SBC) va (4BCD)
béing 45°. Tinh theo a thé tich khéi chép S.4BCD .

. o
A B B. 2. C. . D.
NE)

a
37

Léi gigi

Vi $D L (ABCD) vi DC L BC nén SC L BC.

Suyra SCD=((SBC);(4BCD))= 45",

(do ASCD vuéngtai D nén SCD<90° ).

Vi ABCD 12 hinh chi¥ nhdt nén O4=0D, két hop véi
40D =180° - A0B = 60°. Suy ra AOAD déu.

= 04=0D=a, ADO=60" = AB = AD.tan 60" = a/3.
Suyta S50 = AB.AD = a* /3 va SD=CD.tan45" = a3 4

Vay thé tich 1a: ¥, = SD S vpep = 5 a3.a*\3=a*. Chon C.
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Hgc &€ khing dinh minh

Vi du 12: Cho hinh chép S.ABCD c6-day-ABCD 13 hinh binh hanh, BC =2a, DAC = 60" .
Canh bén S4 vudng goc v6i mit phing day, duong thing SC tao v6i mat phing (ABCD)
mét goc 45°. Biét thé tich khéi chép S.4BCD bing a’+f3, tinh khodng cach tir didm C dén
dudng thing AD.

3a 3a

’ a - a
A, —=, B. —. C. —. D, —.
5 7 2. 2

Ldi gigi
Goi H 14 hinh chiéu ciia C trén 4D = CH 1 AD.
Khi d6, khoang cach d{C;(4D))=CH vadit CH =x.

- Xét AACH vubng tai H = sinfAC=1C o 4= 22

AC 3

Tacé AC 1a hinh chiéu cia SC trén mit phing (4BCD).

= (SC;(4BCD)) = (SC; AC) = SCA=45".

Xét ASAC vuﬁngtaiAztan@=%:>SA=AC. p

Dién tich hinh binh hinh ABCD 1i § = CH.BC =2ax

—> Thétich ¥, ,0p = %.SA.S L2 x=d B =325. Chgn D.

33 N

Vi du 13: Cho hinh chép S.4BCD ¢6 ¢4y ABCD 14 hinh chit nhét 4B = 2a, BC=a. Hina
chiéu vudng goc ciia § trén mit phing (ABCD) 14 diém H ndm trén doan AB . Cac mit béa

(SBC),{SCD) cing tao véi mit phing ddy cic géc bing nhau. Tinh thé tich khdi chéo

S.ABC biét 54 =-"—‘2/—§.
3 3 ’ 3 3
A. ‘“E. B.“‘B. C. %. D. 132—

24 . 6

Léi gidi
Ké HM 1 CD= CD L(SHM) vi BC L (SAB).

Theo gidi thiét, ta co (W) = m =SBd=a.

(5CD);(ABCD) = (SM; HM)=SMH =a .
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SH AB

. ,:>.tana,=S = HM = BH=T_G

oM BH
= H la trung diém 4B = HA=HB=a.
J§ 2
Xét ASHA vudng, c6 SH = JS42 ~AH? = (“TJ -
Viy thé tich khéi chép S.4BC 1a

Vs.anc “-”1‘ SH.Sype =

R Chon C.
2 6

w!s—'
B[

Vi du 14: Cho hinh chép S.ABC c6 day ABC 13 tam gide vubng tai B, dinh S céch déu céc
diém 4, B, C. Biét AC=2a, BC—a ; g6c giita dwdmg thing SB va d4y bang 60°. Tinh thé
tich khéi chép S.4BC.

3 3 3 3

A, V=i’9—. B. V=2 cv=2, p.v=2 .

Léigigi _ _ |
Goi H 14 trung diém AC. Do tam gidc ABC vudng tai B nén H 14 tim dudng trdn ngoai
tiép tam gidc ABC. Pinh S céch ddu cic didm 4, B, C nén hih chidu cia S trén mit day
(4BC) trimg v6i tim dudng tron ngoai tiép tam gidc 4BC, suyra SH L (A4BC).

Do dd 60° =(SB;(ABC)) = (5B;5H) = SBH.
Trong tam giic vubng SHB, ta cd

SH = BH.tan SBH = 2. tan S8 = a3,

1 azﬁ
5

Trong tam giac vudng ABC, tacod S, . = BA.BC =

Viy thé tich khéi chép S.4BC 1a

1 3
Ve = ESMBC.SH =52— (@vtt). Chon C.

M@ rong baitoan: néu gid thiét dua ra cic canh bén SA, SB, SC cing tao véi diy mot gée
a thi hinh chiéu vudng géc cia dinh S trén mét phing (ABC) cting ld tdm dwong tron
ngogi tiép tam gide ABC. | |
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Hec &d khdng dinh minh

Vidu 15: Cho hinh chop S.ABCD c6 day ABCD 14 hinh chit nhét véi AD =2a . Hinh chiéu |
vudng gbc clia dinh S trén mat phing (ABCD) trung véi giao didm 'O ciia AC va BD.

Canh bén SA tao v&i mit phing day goc 45°, hinh chidu vuéng géc cha diém O trén mit
phing (SCD) tring véi trong tm ASCD . Tinh thé tich cita khéi chép S.4BCD .
. 24°2 : 42’2 4q° a2

. B. V= . C.V=—7, D.V=
‘3 , -3 ‘ 3 3

Goi G 14 trong tim ciia tam gidc SCD va M 14 trung diém ciia CD = SG = %SM )
Pit SG=2x= GM = x , tam gidc SMO vudng tai O = SG.GM =0G*,

S =0 =OM* —-GM? =d* —x* & x=-% .
N

= SO =~/SM? —OM? =J9x* —OM? = a2
Ma S4;(ABCD)=45° = SAC = 45° = SO = 40 = a\/2.

= AC=2a2 = AB=JAC* ~BC* =2a=> 8,50, = 4d’.
Viy thé tich khéi chép S.4BCD 1a

S.ABCD

v =§SO aon = aJ_42 3‘5 Chon B.

Vi dy 16: [THPT CHUYEN KHTN - HA NOI]: Cho hinh chép S.4BCD c6 déy ABCD li]
hinh thoi tim O, AB=a, BAD = 60°, canh SO L{ABCD) va mjt phing (SCD) tao v6i mi

day mot goc bang 60°. Tinh thé tich khdi chép S.ABCD.

AV wen =ﬁ- B Vg apep =@i- C. VSABC;D \/3&3 ~—. D Vs asco =§Ei-
; 12 ; 24 ) 48
Léi gidi N
AC= axﬁ 5

Hinh thoi ABCD canh a, BAD =60° =
BD=a

Ké OM 1 CD ma SO L(A4BCD}= SO 1CD.

= CD 1 (SMO)= (SCDY;(4BCD) =(SM;0M) = SMO
OCOD. _a\3
Joc%op2 4

Xét AOCD vudng tai O, cd OM =

b
Xét ASMO vudng tai &, co tan SMO = ﬂ = SO =tan SMO. a_\/__ =tan 60°. —— a\/— 3a
oM 4 4
1 . \/5 a

Thé tich khéi chdp S.4BCD 18 ¥; sy =805 pcp =~ Chen C.
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Vi du 17: Cho hinh chép S.ABCD c6 d4y ABCD 14 hinh vudng tim O, BD =1. Hinh chiéu
vubng goc H Gia dinh S trén it phing (A4BCD) tring véi trung didm cia OD . Puimg

| théng SD tao véi mit ddy mdt gbe bing 60°. Tinh thé tich khéi chép S.4BCD.

A.V;ﬁ. B. V=—J—§ C.-Vzi?_’—. D.Vzﬁ.
24 12 8 6

Loi gigi
ViSH L (ABCD) nén hinh chiéu vudng géc ciia SD trén mit diy (4BCD) 1a HD.

Do @6 60° = ,mﬁ) (SD: HD) =~ 5D,

Trong tam giac vubéng SHD, ta cd
SH = HD.tan SDH :%.m@?{ =?.
Trong hinh vudng 4BCD, tacd

BD=ABJ§:>AB=§-P_=L '

v2 N2

Dién tich hih vudng 4BCD 14 S,,., = AB* =

. 1 3
VES ¥aco =5 S1sc0-SH = % (avir). Chon A.

1

‘| Vi du 18: Cho hmh chép S. ABCD cb day ABCD 14 hinh thoi canh a. Tam gidc ABC déu.
| Hinh chiéu vubng goc H ciia dinh § tring-véi trong tim cdd tam gidc. ABC . Pudng thing

SD hop véi mit phing (ABCD) goc 30°. Tinh thé tich khbi chép S.4BCD theo a.

3 3 3 23
A.V:“‘E. B. V=2 c.V=“‘/§. D.v=24 ‘E.-
3 3 9 9
L gigi

Goi O=ACNBD; M latrng didm AB. Suyra H = BONCM.
Theo gid thiét SH 1 (4BCD) nén hinh chiéu vudng goc clia SD trén mit day (4BCD) Ia
HD. Do dé 30° = (SD;(4BCD)) = (SD; SH) = SDH.

Tam gisc ABC va ADC 1 céc tam gidc déu canh a, suyra
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2a~\[- - ‘.' - -

= HD= OD+0H—‘ 3

Trong tam gidc vubng SHD, ta cd
SH = HD.tan SDH =2?".

Dién tich hinh thoi 4BCD 1a
a3 _ 3

4 2
a3

SABCD = 2SMBC =2.

Vay Vs goen =—;-SABCD.SH (avtt). Chen C.

Vi dy 19: Cho hinh chép S.4BCD c6 diy ABCD 1 hinh chit nhat, mt bén SAD 1 tam gidc
vudng tai S. Hinh chiéu vubng géc cha S trén mit phing (4BCD) 14 diém H thude 4D
sao cho HA=3HD. Biét ting 84 =2a/3 va SC tao véi mit phing day mdt goc bing 30°.
Tinh thé tich khéi chép S.4BCD .

3 3 . 3 3
A.V=Si. B.'V:Sa Jg C_V=8a ‘J—é. D.V=8a "/g
| 6 9 12 3
Léi gidi

Hinh chiéu vuéng géc cia SC trén mit ddy 1a HC nén |
30° = 5C;(4BCD) = {SC; HC) = SCH.

Trong tam gidc vudng SAD, tacéd

S4* = AH.AD < 124° = %AD.AD =%AD2.
Suyra AD=4a, HA=3a, HD =aq,

SH = \{HA.HD = a3, HC = SH.cot SCH =3a,
CD=HC*~ HD? =2a+2.

Dién tich S ;) = AD.CD =824".

1 82’6
3

Vay Vs spcp = 3 =8 5ep-SH =

. Chgn D.
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Vi du 20: Cho hinh chép S.4BC o6 déy BAC=90°, BC = 2a, ACB =30°. Hinh chiéu vuéng
goc cba dinh S trén mit phing (ABC) tring voi trung didm H céa canh 4B, tam gi4c
SBC vubng tai S . Tinh theo a thé tich khdi chép S.4BC. -

03\6 . B (13‘\/5 C 613\/?—) ' 03‘\/5.

A,

2 T2 e T 4
Léi gidi | |
Tacd H 14 trung diém cia AB:>SH _:_(ABC)

"AB=BCsinC=a" T
ASBC Vuﬁng tai § va
o o AC=BC.cosC=a~/_

. 2
Diit SH =x,ta c6 SB=SH? + HB’ =1’x2+%. 4l

) :
=a\2/1—3:>SC=x/SH2+HC2= x2+13: .

2
Mz‘aSBz+SC2=BCZ:>2x2+MTa=4a2<:>x=%_
1 1 a azxf?: 3~\/_
Vay ¥, po =~ SH.S, =12
Y Ysase =30 Supe =35 12

Vidu 21: Cho hinh chop S.ABCD ¢6 day ABCD la hinh thm 4ABC = 60°, canh S4 = aJ_ ;

Goi G 12 trong tim ciia tam gide ABD, biét SG L {ABCD) va mit bén (SCD) tao véi mit
phéng d4y goc 60°. Tink thé tich khéi chdp S.ABCD.

3 3 3 - 3
N B, &6 ) . p &V
3 6 24 6
L gidi

Goi G 1a trong tim cia AABD => SG L (4BCD). -
K& GH 1 CD ti H = SHG =(SH; GH) = (SCD);(ABCD) = 60°.

2x

Dt AB=1x; ABC = 60" = AABC dbu = AC = x=>AG_§ CG==F.
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"

" AGHC vudng tai H = HG=CG. smACD-——-—.

ASGH vubng tai G =>SG = HG. tan SHG = x
Tam gidc SAG vadngtai G nén SG* + AG” =547

o a a2

2] 1, 5 2
Sxt—x =—a Sx=—"2Xx=
g 9 2 2

A 1 1
V&y Vs apco = ‘BT-SG-SABCD = g-SG-z-SMac

24

6 1 2 | 4

. Chon C.

Vi du 22: Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh thang vubdng tai 4 va D, 4B le
day lén va tam gidc ABC déu. Canh bén S4 vubng goc v6i day, SC=2a va tao vai mé:
phing f SAB) mét géc 30° Tinh thé tich khdi chop S.ABCD.

a*V2 6 C 23 o @3

. B. . . . .
3 6 2 6

Léi gidi
Goi M li trung diém coa 4B, AABC d&u =>CM L AB.
S4 1{ABCD)= SA L CM = CM L(SAB)=SM 1 hich

chiéu ctia SC trén mat phing (S4B).
= (SC;($4B)) =(SC;SM) = MSC =300

Dit 4B = AC=2x=> CM =AC' — AM’ =x\3.

AMCD 13 hinh chit nhit => AD=CM va AM =CD=x.
MC

- Xét ASMC vubng tai M , c6 sin CSM =

:>CM=sinf,‘ﬁl.SC=sin30°.2a:a=x\/§:>x=—\%;

Xét ASAC vudng tai 4, 6 SC? =84 + AC* = SA=+SC* ~ AC* =.2—aé{6~.

: ' 2 a

Dign tich hinh thang ABCD 13 505 =~ L 4p(aB+cp)=2 ‘f f
3 |

Vay thé tich V; s =; SAS o = ; 2“;/6 a f a f Chon A.
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|| Vi du 23: Cho hinh chép S.ABCD c6 ¢4y ABCD 1a hinh vudng canh a canh bén Sd=a.
Hinh chiéu vudng géc cha dinh S trén mist phing (4BCD) 1a dlem H thuoc dogn AC sao

cho AH = A—4— Goi CM 14 dudng cao chia tam gisc S4C . Tiph thé tich khm tir dién SMBC

3 . 3 . 3 3
A_aJ1_4 p a4 caVi4 D_a,JH
12 24 6 43
Léi gigi

~ Goi H I hinh chiéu ciia § trén mp (ABCD).

= 5SH 1(A4BCD)= ASHC vubng tai H .

Ta cé AH=£:>SH sS4 — 4l = “‘/_..

Va HC = 3“f = SC=VSH* + HC? = /2.

Suy ra AC =8C = ASAC cantai C=> CM J. SA
= M 14 trung diém cla S4.

. s, 1_- 1
Khi d6 S, =§SASAC = Vo ="2'V

=>Voge= H.SH.SMC = 4 .Chgn D.

Vi de 24: Cho hinh chép S.4BC ¢6 day ABC 1 tam giic vudng can tai 4. Goc gura duomg
thing SB vi mit phing (4BC) bing 45°, dién tich tam giéc SBC bing 20°3 . Tinh thé
tich ctia khéi chép S.4BC.

3 7 3 3 ' 3
A. 2—“£ B. 22 ‘6. c.d . 2 ﬁ;
3 3 3 3
Li gidi

Goi M 14 trung diém cha BC, A4ABC cin = AM 1 BC. _

C6 SAL(ABC)=AB 1a hinh chibu cia SB  tén mjt  phing
(4BC) = (SB:(ABC)) = (35; 4B) = 5B = 45" |

Dit 4B=x=>SB=5C=x\/2 = ASBC cin = SM 1 BC

= S0 = %.SM.BC =2a"3 © SMBC=4a¥3 (1)
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3

Ma BC=x2 vi SM =J5C* B =-X_2\[§-- (2)
T (l),(2):> x\[Z—.g:%zzﬁ ox=4d o x=2a.

1 8a3\/§

Viy thé tich P;_ABCD=~§_.SA.SMBC=%.SA.AB.AC= -

Chon B.

M rong bai toan: Kkoi chép S.ABC cé ba canh SA, SB,SC d6i mpt Vué‘ng goc voi nhau |

. SA=a, SB=b, SC=c thi thé tich khdi chép S.ABC bing Vy ¢ = é.SA.SB.SC =-é-abc.

Vi du 25: Cho hinh chép S.ABCD c6 ddy ABCD la hinh vubng canh béng 2a. Goi O I |
‘tam cia hinh vudng ABCD, biét SO 1 (4BCD) va khoang céch gifta hai duong thing S4.

CD biing a3 . Thé tich khdi chop S.4BCD bing

3 3
A. fa . B. 432, C. 3. D. 4*/3‘;’“ .

3

Loi gidi

Goi O 1atAm cha hinh vubng ABCD.

Tacd AB|CD= CD||{SAB).

= d(SA;t:D) = d(cb;(SAB)) =2.4(0;(54B))=av3.
Goi M la trung diém cia AB,ké OK L SM (KesM).

Khido OK L{SAB)= d(O;(SAB)):OK=§.

Xét ASMO vudngtai M, co

1+ 11
SO* OM* OK*

43

= 80= a‘\/g =V =%'S0;SABCD = Ta’. Chgn D.

Vi du 26: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng cenh a, mjt bén S4B l
tam gisc déu, mjt bén SCD 14 tam gi4c vudng can dinh S. Tinh thé tich khéi chép S.4BCD .
2’3 a3 a3

e
A, . B. —. C. . D.
12 6 4 6
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Léi gigi
Goi M, N n luot 13 trung didm ciia 4B,CD .
Taco SM L AB vi MN 1 AB suyra AB L(SMN).

Ké¢ SH L MN (HeMN) ma ABL(SMN)-> AB L SH .
Suyra SH 1 (ABCDY=V; sucp =§-.SH S pep-

Ma SM=%; SN=%;MN=a:>W2 =SM?+ SN?.

SMSN a3
MN 4
por ke 1 1af3 , @B

Véy thé tich ¥, ;. %E.SH.SABCD =§.T.a2 =0

Vi du 27: Cho hinh chép S.4BCD c6 day ABCD 13 hinh chit nhit véi 4B =a, AD =2a.

Canh bén S4 vudng gbc véi ddy. Goi M 14 trung diém clia BC, biét khodng cach gifra hai

=> ASMN vubng tai § =SH =

. Chon A.

dudmg thing SB va DM bing 2 510 . Tinh thé tich khéi chép S.4BCD .
A. 224" B. 3‘3@43. C. l/3_3a3. | D. -§-a3.

Lévi gidi
Goi P 13 trung diéim ciia AD suya BP || DM .
Do d6 d(SB,DM )= d(D;(SBP))=d (4;(SBP)).
Ha AH L BP < BP 1 (SAH).Ké AT LSH .

ay10

Suyra AT 1 (SBP) nén AT =d(4;(SBP))= .

Tam gi4c vudng ABP,céd AH . ABAP

AB? + AP?

S

Tam giac vuﬁng SAH , cb
1 1 1 1 11

SE AR AT O SE AT A a2

Vay thé tich khéi chép S.4BCD 1 ¥, 45cp =%SH.SMCD = é.a\/i.Zaz = %;ﬁ. Chon B.
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Cau 1: [340488] [PE THI MINH HQA THPT QG - 2017] Cho hinh chép tir gide S.ABCD
c6 ddy 4ABCD la hioh vudng canh a, canh bén SA4 vuéng goc véi mit phing day vi

54 =~/2a. Tinh thé tich ¥ ctiakhéi chép S.4BCD.

3 3 : 3
A. V=‘/i" ) B. V=€“ . C. vV =2d" D.V:“E; X

Cau 2:[340489} Cho hinh chép S.4BC c6 S4 vudng goc voi mit phing (4BC), tam giéc-
ABC vudng tai B va AB=a, AC = a+/3. Tinh thé tich khdi chép S.4BC biét SB = a/5.
“3;5. B. 3“34‘/6. c; “3f. D. “ig_.
Chu 3: {340490] Cho hinh chép S.ABC cd S4 vudng géc véi mit phing (4BC), tam giac
ABC vubng tai B v& 4B =a, AC = a+/3. Tinh thé tich khéi chép S.4BC biét SC=a/6.

a6 B a6 a6 -D a5
) e

~ . . C.
6 2 3

Céu 4: [340491] Cho hinh chép S.4BC ¢6 dy 13 tam gidc ABC déu canh «. Hai mit phing

(84B) va (SAC) cing vuéng goc véi mit phing day. Tinh thé tich khéi chép S.4BC bié

SC=a3. _
3 . ’ 3 3 3
a 286 g 26 c. &f3 p. &V,
9 12 4 2
Ciau 5: [340492] Cho hinh chép S.ABCD ¢ d4y 13 hinh chit nhit tim O, 4C =248 =2a,
SA vudng gbc véi mit phing déy. Tinh thé tich khéi chép S.4BCD biét SD = avs.
3 . l a 3
@6 g, &5 C. &*6. p. 6,
3 3 T2
Ciu 6: [340493] Cho hinh chép S.ABCD c6 day 14 hinh chit nhit, 4D =248 =2a. Goi H .
14 tring diém cia 4D, bibt SH vuéng goc véi mit phing day. Tinh thé tich khdi chép
S.ABCD biét S4=a-5.

3 3
203 p. 23, c. 4 p. 22
3 3 3
Ciu 7: [340494] Cho hinh chép S.4BCD c6 day 13 hinh vudng canh 2a. Goi H 1a trung
didm cha 48, bibt SH vudng gbc véi mit phing day Tinh thé tich khéi chép S.4BCD bidt

A.

tam gidc SAB déu.
3 3
A 2803 p A3
3 , 3
154
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 Céus: [340495] Cho hinh chép S.ABC cb dhy cé S4 vudng gbc v6i mit phing (4BC),

tam -gidc ABC vudng tai B vi AB=a, AC aJ_ Tinh thé tich khéi chop S.4BC biét goc
gita SB va miit phing (4BC) bing 30°. |
_3;/_. B. “3;/3; C. “31‘816 | D. 2";‘/3_.
Cau 9: [340496] Cho hinh chép S.4BC c6 ddy 14 tam gidc ABC ddu canh a. Hai mit phing
(S4B) va (SAC) cimg vudng géc véi mit phing déy. Tinh thé tich khéi chép S.ABC biét

SB hop véi day mot goc 30°,

Cau 10: [340497} Cho hinh chép S.4BC cb day 14 tam gidc ABC deu canh a. Hai mit
phing (S4B) va (84C) cing vadng goc voi mit phing day. Tinh thé tich kh01 chép S.ABC
biét SM hop véi day mdt goc 60°, véi M 1A trung dlem BC.

3:_ p £ c. 253 p, &6

4 ' g8 o4

Ciu 11: [340498) Cho hinh chép S.4BC cb S4 vudng goc v6i mit phing (ABC), tam gidc
ABC vudng tai 4 v BC =24B =2a. Tinh thé tich khéi chop S.4BC biét gbc giita SC va
(4BC) bing 45°.

3 . 3 i LU 3 ' . 3
a B 2 3 c 32°3 a

AL . . . . D. Z..
2 T2 2 | 6

- Céu 12: [340499] Cho hinh chép S.ABC c6 S4 vadng goc véi mit phing (4BC), tam gidc

ABC vubng tai 4 v BC =24B =2a. Tinh thé tich khéi chép S.4BC biét gbc gitta SM va

- (4BC) bing 60°, v6i M 1A trung diém BC.

3 3 3 3
AL - 9 ‘E. : c.’ ‘/5. p. 2.

2 6 , 2 6
Céu 13: [340500] Cho hinh chép S.ABCD c6 d4y 13 hinh chit nhit tAm O, AC = 2.4B = 2a,
S4 vubng gbc v6i mit phing déy. Tinh thé tich khéi chép S.ABCD bibt géc giita SC véi

- mit phing (4BCD) bing 45°.

3 3
A 2"3‘5. B. 4“3‘/5.

: 3
C. d. D. 2.
3
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Ciu 14: [340501] Cho hinh chép S.ABCD ¢ day 13 hinh chit nhit tim 0,4C=24B=2a,
S4 vudng gbc voi miit phing d4y. Tinh thé hch khéi chop S.4BCD biét goc gitta SO vé
mit phing (ABCD) bing 60°.
A 288 @3 C. a. .
3 ‘ 3 3
Cau 15: [340502] Cho hinh chép S.ABCD c6 &ty ABCD 13 hinh vndng canh a. Hai ma.
phing (S4B), (S4D) clng vubng goc véi mit phéng day. Tinh thé tich khéi chép S.4BCD

biét SC hop v6i day mdt goc 45°. ,
3 3 3 3
@V2 B.“‘E. . c. L D. L.
6 3 6 3
Ciau 16: [340503] Cho hinh chép S:4BCD cb d&y ABGD 1a hinh vudng canh a. Hai mi:
phiing (S4B), (SAC) cing vudng géc v6i mit phing day. Tinh thé tich khéi chép ‘S.ABCD

biét SM hop véi day mdt goc 60°, v6i M 14 trung diém ciia BC.

ER p. 25 c. e p. L.

6 .3 6 . _
Ciu 17: [340504] Cho hinh chép S.4BCD c6 ddy ABCD )i hinh vudéng canh 2a. H 5.
trung didm cia AB va SH vudng géc véi ddy. Tinh thé tich khdi chop S.ABCD biét SC
hop véi day mét géc 60°. ,
2215 p A @ p. <.
3 3 6 3
Ciu 18: [340505] Cho khbi ch6p S.4BCD cb day 14 hinh chit nhit, AD=2a,4B=a H 11
trung diém cia 4D vi SH vudng gbc voi day. Tinh thé tich khéi chép $.4BCD biét SL
hop v&i ddy mdt goc 45°, -

N ES B. @’3. c. 2 p. L.
2 3 3

Ciu i5: [340506] Cho khbi chop S.ABCD, day ABCD 1a hinh chit nhit, 4D =2a, AB=a.

Goi H 13 trung diém clia AD va SH vudng gbc v&i ddy. Tinh thé tich khdi chép S.4BCL

biét SC hop v&i day mdt goc 60°.

3 . 3 3 3
A 426 p, 2836, L | D. L.
3 3 6 3
Cau 20: 340507} Pay cia hinh chép S.4BCD 1 mdt hinh vudng canh a. Canh bén S
vubng goc vai mit phing d4y va c6 do dai 1a a. Thé tick khéi tir dién S.BCD béng

A.

A.

3
AL B % c. 2. 0. %
6 3 4 8
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Céu 21: [340508] Cho hinh chép S.4BC cb tam gisc S4B déu canh a, tam giac 4BC cén

~tai C. Hinh chién ciia S trén (ABC) 14 trung diém cta canh AB, goc horp b4t canh SC va

miit day 14 30°. Tinh thé tich khéi chop S.4BC theo a.

A. ‘/_" V2d’ —@ fa

B, —. C.
4 3 2

Cau 22: [340509] Cho hinh chop S.ABCD c6 day ABCD 12 hinh thang vubng tai 4 va D
thdamin AB=24C=2CD=2a=254 vi S4 1 (ABCD). Kbhi @6 thé tich S.BCD 1a

A. 2“3‘5 3f 24’ a2

3 B e e

Cau 23: [340510] Cho hink chop S.ABCD cb' S4 J_(ABCD) Biét AC a~/2, canh SC

2

tao véi ddy mdt goc 60" va dién tich tir gidc ABCD 1a 3% Goi H 12 hinh chiéu cia 4 Ién

canh SC. Tinh thé tich khéi chép H.4BCD.

a3\/g an a"\/g 3a3\/g
. : B. —. C. . b. .
2 4 _ 8 8
Cau 24: [340511] Cho hinh chép S.4BC c6 tam gisc ABC vubng tai B, BC=a, AC =2a,
tam gidc SAB d&u. Hinh chidu cia S Ién mit phing (ABC) tring voi trung diém M cla

" AC. Tinh thé tich khéi chép S.4BC.

3
B. 2. c. L p. X,

Cau 25: [340512] Cho hinh chép S.4BCD o6 day ABCD 12 hinh chit nhat v6i AB = o, Canh
bén S4 vudng gbc véi mit phing ddy, canh SC tzo véi mit phing day mot g0c 45° va
SC = 2a~2. Thé tich khéi chép S.4BCD bing

& Jg & : &
3

3 -3 3 ’
A2 B, 22 B c. . p, &V
V3 3 3 3

Céu 26: [340513] Cho hinh ¢hép tam gidc S.ABC véi S4, SB, SC d61 mdt vudng goc va
S4=8B=SC=aq. Khi 6, thé tich khéi chép trén bang

A. 1a3 B. laS. C. —1—a3. D, Ea’.
6 9 3 3

Céu 27 [340514] Cho hinh chépS.4BCD diy ABCD I3 hinh vudng canh a. Cash bén S4

vudng géc véi mit phiing déy va c6 dd dai bing a. Thé tich khéi tr dién S:BCD bing
A '“3‘5.

3

3 3 3
B.Z. c.Z. p. L.
2 6 3
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Hye d¢ khing d[nh minh

_ _Cau 28: [340515} Cho hinh chop S ABCco day ABC la tam gidc deu ca-Jh a, biét canh S4 - -
vudng goc véi day (ABC) va mit phang (SBC) hop véi déy (ABC} mét’ goc 60°. Tinh thé
tich hinh chop.
@3 B. a5
3 9
Chu 29: [340516] Cho hinh chép S.ABC v6i 54, SB, SC d6i m§t vudng goc va d) dai cac
canh S4 =a,SB =b,8C =c¢ Thé tich hmh chép bang

3
c.“? , D. Pip an khéc.

A. lai.’)c:_. ' B. -l-abc. C. labc:. D. —2-abc.
3 9 6 3

Cau 30: [340517] Cho hinh chop S.ABC cb day ABC la tam giac déu canh @, S4 vudng
gbc véi mit phing ddy, goc giita duomg thing SB va mjt phing (4BC) bing 60°. Tinh thé

tich ctia khéi chop.
) e 3 P )
‘/_. B. - c L. D. a3
12 4 2 _ 6
Ciu 31: [340518] Cho hinh chop S.4BCD c6 d4y ABCD 1 hinh vudng canh a. Hinh chiéu
S 1én (ABCD) 1a trung diém H cia canh AB. Tinh thé tich ctia khdi chp biét SD = "‘iﬁ.
o 3 3
A V2. B, 2 ‘3[15 C. %‘-’- - D. -‘;-

Céu 32: [340519] Mét’hinh ch(:)p {am giac f:é duwdng cao bang 100 cm, chc canh day bé"mg 20
em, 21 cm, 29 cm. Thé tich khoi chop d6 bang

A. 7000cm’ B. 6213cm’ - C. 6000cm®  D. 7000v2 cm®
Ciu 33: [340520] Hinh chép ti gide S.ABCD cb ddy ABCD 13 hioh vudng véi canh AB=a .
Canh bén S4 L (ABCD) goc gifta SC va mit phing day bing 60°. Goi thé tich hinh chop

SABCD 1a 'V thiti so — bang

A. —‘/35 B. ?. C. 6. . D ?.

Céu 34: [340521} Cho hinh chép S.ABC c6 diy ABC la tam gidc vudng tai 4, AB=AC=a,
hinh chifu vubng géc cia S 1én miat phing (4BC) 1i trung diém H cia BC, mit phiny
(S4B) tao vi m3t ddy mét goc bing 60°. Thé tich khdi chép SABC bing

3 3 3
L B. 2 ‘E. o ﬂ_?i a
12 12 4 T2
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Céu 35 [340522] Cho hinh chop SABCD c6 ddy ABCD ]a hinh thoi canh g, ABC= 60°,
" canh S4 1 (ABCD) Bidt ducmg thing SC tao v&i mit day mét géc bing 60°. Thé tich khéi
chop SABCD 1a _

3. 3 ' . 3 3
A% B, 22 cZ p. L

3 _ 2 2 5

Can 36: [340523] Cho hinh chép S.4BC c6 ddy ABC 13 tam gidc vudng, 4B = AC =a, hinh
chiéu vudng géc ciia- S 1én mit phing (4BC) 1A trung diém H ciia BC, mit phing (S4B) tao

voi mét day mt goc bang 600 Thé tich kh01 chop SABC bing

3 3 : 3 3
A. ﬁ. B. ‘f. , c. &3 D. 2 ‘E.
12 3 12 6

Ciu 37: [340524] Cho hinh chép S ABCD c6 day ABCD 13 hinh chit nhét, canh AB =16 dmn
AD =30 dm, hinh chiéu cda § 1én mat phing (ABCD) trimg véi giae didm cia hai dirimg
chéo AC, BD. Biét rz"mg mit phfmg (SCD) tad v6i mit d4y mot gbe ¢ sao cho cos;v:'%

Thé tich khéi chép SABCD bing
A. 5760. B. 5630, ' C. 5840. D. 5920.

DAP AN TRAC NGHIEM

0LD 02.A [03.A |04B [05A [06.C |07.B |08.C |0%.D |10.C |

1LA |12A [13.A |14C [15B |16.A |17.B |15.C |19.8 |20.8

21.LD [22.B [23.C |24.D |25.A [26.A |27.C |28.A |29.C 30.B

3.C |32.A [33.A (34.B {35.C [36.C [37.A
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Hoc 88 khing dlnh minh

~ Chadg1o
[TV6021] THE TICH KHOIL CHOP — Phin 2
(Khdi chép c6 mit bén vudng géc véi day)

1

Trong chit d& ndy, chiing ta s& xét cac bai toan vé thé tich khoi chdp ma de bai c6 gia thiét mo:

mit phing vudng goc vdi mit day.
I LY THUYET TRONG TAM VA PHUGNG PHAP GIAI

1. Kién thirc co bin

Néu hai mét phing vuéng goc véi nhau thi bét cir
dudng thing ndo ndm trong mdt phéng nay va vudng
goc véi giao tuyén thi vudng goc v&i mit phing kia. a

i
D,

Kién thirc trén duoc viét gon nhu sau

(GHE - B 7

(P~ (Q)=d =>al(P). _ b
fedonese =/

2. Mb hinh co ban cin lwu §

Hinh chop S.ABC ¢6 (SAB) L(A4BC).

Ké SH L AB tai H, tacé
(S4B) L (4BC) . ,
(SAB)N(4ABC)=4B = SH J_(ABC)
SH < (SAB), SH L AB

Déy ABC ta ¢6 thé thay bang t& gidc ABCD.
Truomg hop ASAB 13 tam gidc du (tam gidc cAn tai S, tam B
gidc vudng cén tai §) thi ta c6 ngay H 14 trung diém clia
canh 4B. Néu ASAB vubng tai S thi ta cAn luu ¥ céc hé

thirc sau:
SA® + SB* = AB*, SH.AB = SA.SB.
Ss4* =AH.-AB:> SA* HA
SB*=BHBA SB® HB
Pic biét 14 hé thirc 1 - = Lﬁ-l—z
' SH? S$4° SB
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Hoc 48 khing finh minh

A AL WD Yt aaane J.l‘_j\.- _l\.uuu.s \Jlﬂll_\l.‘.ll.’ ry

IL Vi DU MINH HOA

khm chop S.ABC.
26
24

A V=

B.V=

a3J§
24

Vl du 1 Cho hmh chop S. ABC co day ABC Ia tam gidc déu canh a. Tam giac S4B vudng
cin tai S va ndm trong mit phing vudng goc voi mit phang day. Tinh theo a thé tich ¥ caa

_aV2
24

Loi giai
Ké SH.L AB tai H, taco

e [(SABY L(4BC)

(SAB)(ABC)= 4B = SH 1 (4BC).

SH < (SAB), SH 1 4B

AB

Tam giac SAB vudng can tai §= SH = =

SABC

Tam gidc 4BC déu =

Dods ¥ =%SH.SABC -

> Nhin xét

la
372

- %ABZ $in60° =

a3 3

a3
24

4

_a

a’\f3
—

. Chon B

Néu thay ASAB vudng cén tai S thanh tam glac deu th] ta ¢o thé tinh V' nhu sau:

Tam giac SAB deu ::>SH =

ABJ_ aJ_

1 a\/i aZ\/-

V——SHSABC Ty

_.‘.’._
8

| vi du 2. Cho hinh chép S.4BC c6 ddy ABC 13 tam gidc déu canh a. Tam gidc SAB cén tai
S vanam trong mat phéng vudng goc véi mit phing diy va canh SC = a+/3. Tinh theo a thé
tich' ¥ cia khéi chép S.4BC.

3 3 3 3 3
ay=233 ., B C. 238 p.y-2¥3,
2 4 12 8
Lai gidi

Ké SH L 4B tai H, taco

(S4B) L (4BC)

(S4B)(4BC)=4B = SH 1(4BC).
SH < (SAB), SH L 4B
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Hge a8 khing dinh minh

Ma ASAB cantai § = H 12 trung diém cia canh 4B. 8

' Tam gitc ABC déu :CHz#_i‘z—r—

Tam giac SHC vudng tai H

:>SH2=SC2-CH2=3a2—3: 9: SH—32 y o

'a2\/§ H
e

Tam gidc ABC déu = S ;¢ =%ABz sin60° =

2\[_ 3J§
4 8

. ChonD

1 a
Do do V—;SHSABC =

=13
3

Vi du 3. Cho hinh chop SABC c6 day ABC 1a tam gidc déu canh a. Tam gidc SAB can ti
S va ndm trong mit phing vudng gbc voi mat phing day. Pudmg thing SC tao v6i mit gy
mot géc bing 60°. Tinh theo a thé tich ¥ ciia khdi chép S.4BC.

a3 a*\33 &3 _ V_a3~/§

. B. V= C. V= .
8 12 24 4

A V=

Léi gigi

Ké SH 1 AB tai H, tac
(S4B) L (A4BC) .
(S4B)N(4BC)=4B =SH 1 (ABC)
SH < (SAB) SH 1. AB

Ma ASAB cantai §= H 14 trung diém cva canh A4B.

Tam gidc ABC déu ﬂHC-iI;i:E;/-:.

Ta ¢ m=ﬁ=>.@=60‘?

SH 3a
= tan60° =2 =3 = SH =HCJ3="—

’ 2
Tam gide ABC déu = S, = %AB‘ sin60° = #.
2 3
Dodé V=LSHS,, =222 2 a3 _aV3 Chen A
3 37274 8
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Vi du 4. Cho hinh chép 3 ABC ¢ day ABC 14 tam gidc vudng cin tai B, canh AC=avf2.
Tam g1ac SAB cin tai § va nim trong mijt phang vudng goc véi mat phing day. Goc gitta |
mit phing (SBC) va mit déy bing 60°. Tinh theo a thé tich ¥ cia khéi chop S.4BC. -
3 3 3 3
23 B 2B 2

B. c.r=2

A V= ) ) LV = .
16 8 12 24

L&i gigi

Tam gidc ABC vubng cintai B, canh AC=a2 = BA=BC=a,

—((S4B) L (4BC) e
Ke SH L AB tai H, tach {(S4B)N(4BC)=4B = SH 1(4BC).
SH =(SAB), SH L 4B

M ASAB cin tai S = HA = HB*% e

BC 1. 4B
: BC 1 (S4B)=> BC L §B.
e {BCLSH:} (S45)=

(SBC) (ABC) =BC
Nbu vy 4 BC L SB, BC | HB
SBc(SBC), HB = ( ABC)

= ((SBC);(4BC)) = SBH = 5BH = 60°

R _SH. paEET T IS et ,‘-IJ‘:;-— oo
=S tan60’ =—— =3 = §H = HBJ3 =52
HB 3 _ 3 2

. 2
Tam gidc 4BC vudng can tai B = Saac = lAB.BC =2

2
o3 BI

2

.Chon C

. 1 1 a
Do d6 V=§SHSABC—§ o=
» Nhin xét
Néu day ABC 1 tam gidc déu canh q thita cé thé tinh ¥ nhu sau:
Ké SH 1 AB tai H, tacé

(84B) 1(4BC) _

(S4B)N(4BC)=4B = SH 1(4BC).

SH c(S4B), SH L 4B
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Hec &4 khing dlnh mitnh

Ma ASAB cintai S = HA= HB-%E—%. S : §

Ké HK 1 BC (K € BC), tacd

= BC L(SHK)= BC L SK.

BC LHK
BC1SH

(SBC)(A4BC)=BC
Nhu vay { BC L SK, BC 1 HK = ((SBC);(4BC)) = SKH = SKH = 60°
SK < (SBC), HK = (4BC)

:>tan60°=%=\/§:>SH=HK\/§.

Lai 66 sin 60° = 20 B HKnﬁﬂ _Ba_ali_ g 3a
HB 2 22 4 4
.y A l 2‘. 1] az 3
Tam gidc ABC déu =:>SABC=5AB sin60" = I

3a & 3_a3\/§

13a a
374 4 16

Dodb V= %&iar.sgﬂ,C =

- Vi du 5. Cho hinh chép S.4BC c6 ddy ABC 1a tam giac *ﬁ:ﬁng cin tai B, canh AC = a2
Tam gidc SAB cén tai-S va ndm trong mit phing vuéng goc véi mit day. Khoang cach tir

didém A dén mit phing (SBC) bang ? Tinh theo a thé tich ¥ ciia khéi chop S.4BC.

3 ’ 3 3 3
25 B V:f__@ C.V:E—@. D.V:E_‘/_S:

A V= . . . .
30 7 15 12 10

Léi gidi

Tam gidc ABC vudngcintai B= BA=BC= jg

Ké SH L 4B tai H, tacd
(S4B) L (A4BC)
(SAB)N(A4BC)= 4B = SH L(4BC).
SH < (SAB), SH L AB
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- Ma AS4B cintai S= HA= HB—AB—

2

Mlsa

Biira d(4; (SBC;))le_—:;i.

M d(4(SBC))=24(H;(SBC)) = d(H;(SBC))= 7.

Ké HP L SB (H eSP), tach

{BCLAB BC L(S4B)=> BC L HP.
e |BCASH TN O,
- Niurvay {72 25C gp o (SBC) = d(H;(SBC))=HP= HP=2.
HP L SB 3
. A 1 1 1 9 4 a
Ma ASHB vubng tai H = S = = HHBZ =a_2_.?:> SH=7§._
' a2
Tam gidc 4BC vudng cén tai B=S e = —-ABBC— =
1a & _ a5
Do dé V=1 - . Chen A
o do 3SH S = 352730 n
» Nhin xét
Néu day ABC 13 tam g1ac déu canh a thi ta c6 thé tinh ¥ g
nhur sau: SR S S -
Ké SH 1 4B tai H, taco
(S4B} L{4BC)
(S4B)(ABC)=4B =>SH L (4BC).
SH —(SAB), SH L AB
M ASAB cin tai S:>HA=HB=%=%.
- Baira d(4;(SBC))="—
Ma d(4(SBC))=24(H;(SBC))=> d (H;(SBC))= 3.

Ké BK 1 BC (K €BC), HP L SK (PeSK).
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BC 1 HK
Ta cd ~ = BCL({SHK)= BC L HP.
BC 1 SH

HP 1 BC
Nhur vy = HP L (SBC)= d(H;(SBC))= HP = HP=2.
HpP 1LSK 3
Lai ¢ sin60° = HE J_ HK_£HB_£E ﬂ_?'_
' HB 2 2 2
Ma ASHK wvuong tai H = 12= 12“ 12=%_i6_2.=_1_12:>SH=a‘j3_’?—’_
SHY HP® HK® a4 3a° 3a° H
. 2
Tam gidc ABC dhu = S e = A82 n60° =¥.
1 1 a\/_3 azJ‘ a3x/l_1

Dodb V==-SHS ) )
0o 3 e =3 T 4 44

Vi dg 6: Cho hinh chop S.4BC c6 diy ABC Ia tam gidc déu. Tam gidc SAB du va nin |
trong miit phang vudng goc véi mit phing day. Tam gidc S4C vuong va canh SC=4a. Tinl
theo a thé tich ¥ clia khéi chép S.4BC.

3 3
A. V=“2f. B. V=242 C. V=“1f. D. V =24

Loi gidgi
Ké SH ! AB tai H, tacd
(S4B) L (ABC)
(SAB)N(A4BC)= 4B = SH 1.(ABC).
SH <(SAB), SH 1. AB

Lai c6 AABC va ASAB déu = S4 = AC.

Biira ASAC vudng nén ASAC chi c6 thé vudng tai 4

¢ = Zaﬁ.

= ASAC vubdng cintai A=>8S4=AC= S

N
' KhldoSH_£A8—£2 V2 =avs.

Tam gidc ABC déu =S ;. = 1,432 sin60° =% £ = 2a2f

Dodé ¥ = %SH.S af 2a2J_ 2¢°\2. Chon B
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Vi du 7. Cho hinh ch0p S.4BC cb day ABC 14 tam gidc vudng cin tai B. Tam gidc SAB

déu va nim trong mat phang vudng goc v&i mat day Dién tich tam gidc SBC bang 4a”. Tinh’
theo o tl}f_: tich ¥ ciia khéi chép S.4BC. . :
2a°6 &3 42’ - a3

. B.V= . C.V= . .
3 2 : 3 6

AV =

L gidi
- K& SH 1 4B tai H, tact

r(,gAB) L LABC) e e
(S4B)n(ABC)=AB = SH 1(A4BC).
SH < (S4B), SH | AB

BC1AB 3
Nhw vy {BCLSH:>BCL(SAB)=>BCLSB.

Baira A4BC vubng cintai B vd ASAB déu
= S4=5B=AB=BC=> SB=BC.

Ma BC 1 SB=> ASBC vudng cin tai B=> S, = %Bc’*.
Biira S, = 4a® = %BCZ —4a® = BC=2a\2.

- Tamglac SAB deu :>SH—~£AB—£2 \E aJ_

Tam gitc ABC vudng cintai B=> S . = %AB2 =

4a~/_
3

l_Sa“": 447,
2

Do d6 V—3SHSMC——a\/_4 ? = . Chen C

Vi du 8. Cho hinh chép S.4BC ¢6 canh AC =a~/2, BC=a. Tam gidc SAB déu vi nim
trong miit phing vudng géc véi mit phfang déy. Pubng trung tuyén xuét phat tir dinh C cta

tam gidc ABC bing i Tinh theo a the tich ¥ cia khéi chép S.4BC.
- 3 3 3 73
Ay-2B B,y 23 c. -2 p.y- 2P

8 24 s ) 12
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Hegc 3¢ khing dinh minhk

Loi gidi
(84B) L(4BC)
Ké SH L 4B tai H; tacé {(SAB)N(ABC)=AB = SH L{A4BC).
SH c(SAB), SH L AB '
Ma ASAB déu = H 13 trung didm cha canh 4B.

5

Bairatacd CH = a2

Theo cong thire tinh dirdmg trung tuyén thi

— 2(C4* +CB*)- 4B

4
: 224 +a*)- AB?
:%——z ( 4) = 4B=a.

Nhu vay AB=BC=4,AC= a2 = A4BC vudng cin
2
toi = B S, =%AB2 &

T
Tam gidc SAB déu = SH —ﬂ=f—\/———.
2 2
2 3
Dods ¥ =Lsrs, =234 93 cpoap
| 3 372 2 12

Vi dy 9. Cho hinh chép S.4BC c6 day ABC 1a tam gidc vudng tai C. Tam gidc SAB vudny

tai S va nim trong mit phﬁng vudng goc voi mit phing ddy, canh S4=a, SB= a3. Goe:

gifta m3t phing (SBC) va mit day bing 60°. Tinh theo a thé tich ¥ ciia khéi chép S.4BC.
24’6 221 aB ' a

B, V= C.V= D,V =,

A V= . . . .
27 16 6 4

Léigiai

Ké SH 1L AB tai H, taco
(S4B) L {4BC)
(SAB)N(ABC)= 4B = SH L(A4BC).
SH <{SAB), SH 1 AB
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4 EWLF AT T AAKALER RATIL ARALVLLE LEAARL g L QP )y

" Nhu viy TBC 1 8K, BC 1 HK

Tam giac SAB vubngtai §
AB* = S4% + SB? = &% + 34 AR =2a

=11 _t .11
SH? S4£ SB &

=
NS SH—“
3a 2

Ké HK L BC (K e€BC), tacd

BC 1 HX
BC LSH

[($BC)(4BC)=BC

SK = (SBC), HK c{A4BC)

060" =L = 3 ma SH=£:>HK=E
. HE 2 2

J_ .

= BC 1 (SHK)= BC 1 SK.

(W) SKH = SKH = 60°

s

Ma ABHK vudngtai K = BK>=BH?>-HK*=

BH BK

Taco ABKH ~ ABAC(g g)>—==—=BC=

BC BA
Ma A4BC vudng tai A= AC* = BC* — AB* =

a3
2

. 1 1
Do d6 V=§SH.S“_HC =3

: 9a2

HK 1 BC
Tu = HK/IAC = HK _BH =HK'AB.
AC L BC AC 4B BH
2 2
Mé ASAB vubng tai §=> SB® = BH.BA= BH =2 =32 _34
' AB  2a 2
¢ 2 V2
£ ) N :
= AC=2 =28 gt Bt gt g A 329 g Aad2
32 3 9 9 3
2
3
:>V—1SH.SABC ,1_f Lycpoo®iiza 4“\/,_ 2aJ“ aA
3 2 12 3 3 27
"> Nhan xét
Néu thay AABC vubng tai C thinh A4BC vudngtai 4 thi ta c6 thé tih ¥ nhu sau:
Nhutren ta tinh dugc AB =2a, SH = ;/_ HK—— BH—?

2
9: -—%=2a2:BK=a\/§.




e e+ e FRKU S — Hinh HOC Knong Gian (1ap 1.

Hge dd Xhing ginh minh

Vi du 10 Cho hmh chop S.ABC c¢d day ABC la tam giac vubng tai C. Tam gidc SAB|
vudng ta1 S vi nim trong mat phang vudng goc vl mit day, canh S4 = a\/— SB =2a. Gbu
gifta dudng thing SC va mit ddy bang 45°. Tinh theo a thé tich ¥ cia khéi chép S.ABC.

2a3\/§ B V=2a3\/g C V_as-\/—l—S— D V_a3\/?_)
9 ) 9 9 I

A V=

Loi gidi

Ké SH 1 AB tai H, taco
(S4B) L{A4BC)
(SAB)N(ABC)=AB = SH L(4BC).
SH —(SA4B), SH 1 4B

Tam giac S4B vubng tai S Y

AB* = SA*+ SB* =24 +4a® [AB a6

=< 1 1 1 1 1= 2a
T ez Tent o2 T2 SH =—=
SH? S42 SB® 24° 4a N

Ta ¢ (SC;(4BC)}=SCH = SCH = 45"

= ASHC vudng céntai H = HC=HS="2 j%

Tam gidc SAB vubngtai S

'SBZ 4a* 4a' BH 2
= SB? = BHBA:>BH—
aJ_ J_ AR 3

= 3BH=ZBA:>3ﬁ=ZBA:> 3(CH—CB)=2(CA—CB)

= 3CH =2CA+CB = 9CH® = 4CA* + CB* + 4CACB.

Ma C4 L CB= CA.CB =0=>4CA> + CB* =9CH? =9.4%'= 1242
Tam gidc ABC vubng tai C = C4* + CB* = AB* =6a’.

CA* +CB? = 6a* {3@42 =64 {CA = a2
c4 =

Nhur viy 2 2 "t 2 2
4CA" +CB" =12a CB" =6a" - CB=2a

1 2a 1' 2a3s/_
22 “cacB a22a= hon B
3372 3J‘ 9

Do dé ¥ = %SHSAEC =
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Hoc 0% Kndng Glah minh : - FRU D — U OYC SUNE Wian (2P 1)

¥idu 11. Cho hmh chop S. ABCD c6 day ABCD 13 hinh vudng canh a. Tam gidc S4B nim

- [trong mt phing vudng goc véi mit diy. Goc gifta mit phing (SCD) va mit day bang 60°,

Tinh theo @ thé tich ¥ cia khébi chép. S.ABC.

: 3 3 3 3
AvEh Rt LRI RN o £
9 3 9 3
Loi gigi
Ké SH L 4B tai H, tacé
(S4B) L (4BCD)

—4(84B)~(ABED)=AB-=SH \:(4BCD): —
SH c(S4B), SH L 4B
Ké HK 1 CD (K eCD), tacd

CD L HK
{CD L SH
(SCD}(4BCD)=CD
Nhw vay <CD L SK, CD 1L HK
SK c(SCD), HK < (ABCD)

= CD L(SHK)= CD L SK.

= ((SCD);(4BCD))=SKH = SKH = 60°

:>tan60°=%=\/§ ma HK=AD=a:>SH=aJ§.

Do d6 ¥ = %SH.SABCD =-;:a\/§.a2 = 13[?1 Chon D

Vi dy 12. Cho hinh chép S.4BCD c6 diy ABCD 13 hinh chi nhat. Tam gisc SAB vuéng tai
S va nam trong mit phing vudng goc véi mit ddy, canh S4=2a, SB = 2a+/3. Géc gitta mit
phing (SCD) va mit déy bing 60°. Tinh theo @ thé tich ¥ ciia khéi chop S.4BCD.

23 ' 24° 2a°3 4a°
Ay =22 B.V="_. C.V= 3 D. V=22
9 V3 9 Nz
Lévi gigi
Ké SH 1 AB tai H, taco
(S4B) L (4BCD)

(S4B)(4BCD) = AB = SH 1 (ABCD).
SH (SAB), SH L AB
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Hoc ab khdng dinh mink

K¢ HK L CD (KeCD), tacé . _

CD i HK
= CD L (SHK)=CD 1 SK.
CD LSH -

(SCD)N(A4BCD)=CD
Nhu viy {CD L SK, CD L HK
SK < (SCD), HK —(A4BCD)

B
—————— - SH ' SH
SCD);( ABCD))=SKH = SKH = 60" = tan60° = — =3 = HK =—~..

= ((SCD);( ) = = tan e w/_:>. 7

Tam gidc SAB vudngtai §

1 1 1 1 1 L:>SH=a\/§:>HK=a:>AD=HK=a.

= = + _=—t—=
SH? S4* SB* 44* 124° 34°

Tam gidc SAB vudngtai S = AB* = SA* + SB* =42’ +12¢* = AB=4a.

3

i 1 a da
Dodd V==-5SH.S =—a\/§.AB.AD=—.4a.a=—. Chon D
3 Ascp =3 \/5 «/’3 Q¢

Vi du 13. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuéng. Tam gisc S4B nim trong;

| m3t phing vubng gbe véi mit diy va dién tich tam gidc S4B bang 3a®. Khodng céch tix diém

A dn mit phing (SCD) bing a+/3. Tinh theo a thé tich ¥ ciia khéi chép S.4BCD.

A. V=6a _ B. V=124a",

C.  v=246. - D. V =4

Léi gidi
| (S4B} L (4BCD)
Ké SH 1 AB tai H, tacé {(SAB)(ABCD)= AB = SH L (4BCD).
SH < (SAB), SH L AB

Pit SH=x>0, AB=y>0=>S,,, =%SH.AB;-;-xy.

Baira S, =3a’ = xy=6a" )

Taco AB//CD=> AB//(SCD)

= d(4,(SCD)) = d(H;(SCD)) = d (H;(SCD)) = a3,
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_ K& HK 1 CD (K CD), HP LSK (PeSK), tach

{CD 1 HK

= CD 1(SHK)=CD LHP. .
CD L SH

HPLCD

= HP 1 (SCD)
HP L SK

Nhu vay {

_ = d(;(SCD))= HP = HP = a/3.

i SRR R | 1 -
 Tamgiic SHK vudngtai H = ! Tt = == 5
SH® HK* HP Xy a

Kéthop véi (1) = x7 +)7 =3i2.(6a2)’ =12a’=2xy = (x—y) =0=> x=7.
[ed
Thé vao (1) :>x=-y='a'\/g:>SH=AB=ax/3

Do dé ¥ = L SH.S 5, = L anf6.64* = 22°V/6. Chon €

Vi du 14. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh vudng. Tam gisc S4B ndm trong
avy78
2

mit phing vudng goc voi mit phing ddy va canh SA=SB= . Dién tich tam gidc SCD

bing 64°. Tinh theo a thétich ¥ ciia khi chop S.4BCD.

A. V=3‘13‘E. B. V = 6a°/2. C. V=4“3‘/5. D. V:“B”E.
2 3 2
Loigiagi
Pit AB=BC=CD=DA=2x>0. o 5
Ké SH 1 4B tai H, tach
N 1§
(84B) L (4BCD) - A

(S4B)(ABCD)= 4B = SH 1 (ABCD).
SH c(S4B), SH L 4B
Biira SA=5B—= ASAB cintai S—=> HA=HB=x

hY
VT

'?\._..._.............
\

2 i -
= SH =8P —HA =20 _ 2 J 7
B C
CD 1 SK
Ké SK L CD tai K, tacd = CD L(SHK)= CD L HK
CDLSH :
394°

-x* +4x
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Hee a& khing djnh mink

’ 2
= 5K =, I3x2 + 39a- = Sep = CD SK = 1 ZxJ 394" _ \/3x2 +&_
2 2 2 2
2 ' .
Béira Sy, =64’ = x,}?}xz +19j2—q~ =6a’ = x [3x + 39; ] 36a*

AR5 oo 5ol

. 2 2
= AB=2x=aJ6 va SH? = 3—923——;:2:39“ 3; = SH =3av2.

Dodo ¥ = -;—SH.SABCD = -;—.3ax/§.6a2 =6a’\2. Chon B

Vi du 15. Cho hinh chép S.4BCD c6 diy ABCD 1 hinh thang vudng tai 4 va D, canh
AB =3a, AD=CD =a. Tam giic SAD can tai S va nim trong mat phing vudng gbc v&:
mit phing d4y. Géc giita mit phing (SBC) vi mjt phing déy bing 60", Tinh theo @ thd tick
¥ chakhéi chép S.ABCD. '

Ay 225 py-teV1s o, 4d D. V=78“3.
45 T i
Lo gidi | J
Ké SI L AD tai I, tacd
(84D) J_(ABCD)

(S4D)(ABCD)= AD = SI 1 (ABCD).
SI <(S4D), SI 1. 4D

Ma ASAD cintai S=>I4=ID=

Ké IK L BC tai K, tacod

{BC 1IK

= BC L(SIK)= BC L 5K.
BC LS

(SBC)n(A4BCD)=BC"
Nhuvidy <BC LSK, BC L IK
SK <(SBC), IK c(4BCD)

=>((SBC);(4BCD))=5KI => SKI = 60° => tan 60° =% =3 =8I = IK-f3.
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Tach S,BC;_%K.B&S,{BCD ~ S, —'.Sm=:—12-a(a+3a)—%.5.3a-5.%.q =a'= IK =

Ma BC® =AD" +(AB—CDY: = o + (3a~a)} = BC=ay5 = IK = 285 57 24¥3

N3 5
1 i2a3 1

7 Do db VZESI'SAECD=§'_'\EM' ( '}‘3(1) .J_ ChOl’lC

> Nhin xét
Pé tinh canh IK, ta con cich khéc nhu sau: A 7 7 B
Goi N=ADNBC, taco '

ANKI ~ANAB (g-g)=>——=22 (1)

wND_NC_CD_a 1
NA NB 4B 3a 3
= NA=3ND mi I4=ID= IN=AD=a.

3a\/— 3a.a
, thévao (1) = IK =
o

2
Khé hon mdt chit, ta thay gié thiét géc gifta mit phing (SBC) va mit phing day bang 60°

‘a15
20

Theo trén thi BC = aJ§:>NB=§-Bc—

thanh gié thiét khoang céch tir trung diém clia SD dén mit phing (SBC) bing

Khi 43 ta sétiph V' nhu sam:
Goi P 13 trung diém ciia canh SD. o _
a\[— a\/i_S- '

10

- = d(D;(SBC)) =2d(P;(SBC))=2.
Theo trén, ta c6 ngay IN= 2DN

= d(I;{SBC))=24(D;(SBC))=2. “‘1/;_5 = “‘21_5.

Ké IH 1 SK tai H.
Theo trén thi BK 1 (SIK)=> BK L IH.

IH L BK
Nhu vy {IH L L (SBC)

= d(I;(SBC))=IH = IH = "‘f_s.
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#1506 kbing dinh minh

~Theo trén thi H('=2—a:>'—12 = 1'2' —= 1'2"= 2 > ——-52"=--——5 s =8 = Za\/S—':
5 SPPOIHY O IK 154 44 12a Js
1o 1 2aV3 1 4a°
Dodd V==SLS,,. =—. ~ala+3a)=—
3 ABCD 3 \/g 2 ( ) (—15

IIL [TT6022] BAI TAP TU LUYEN
Ciu 1: [509194] Cho hinh chép S.4BC c6 day ABC 1a tam gidc vudng tai B v6i AB=4a
va BC =3a. Tam gidc SAB cin tai S v nim trong mit phing vudng goc voi mit day. Géc
gitta mit phing (SAC) va (4BC) bing 60°". Tinh thé tich khéi chop S.4BC.

A. £a3. B. 2_\/303. C. %as. D. &/_icf.

5 5 3 5 |

Céu 2: [509195] Cho khéi chép S.4BCD ¢b dy ABCD la hinh vudng canh 3a. Tam gidc
SAB déu v ndm trong mat phing vaéng goc véi mit ddy. Tinh thé tich khbi chép S.4BCD.

A. 953 A C. 92° p. 2%

2 . 2

Ciu 3: [509196] Cho khbi chép S.ABCD cb day ABCD la hinh vudng canh 3g, Tam giic
S4B vubng cén tai § va nim trong mit phing vudng goc véi mat ddy. Tinh thé tich khéi
chop S.4BCD. '

3 _ 3
923 C. 94° . 2%
, 2 2
Cau 4: [509198] Cho khdi chép S.ABCD c6 diy ABCD 12 hinh vudng-canh 3a. Tam gids
S4B cin tai S va ndm trong mit phing vudng goc véi mit day. Tinh thé tich khéi ché»

S.ABCD biét gbc giita SC va mit phing (4BCD) bing 60°.

A 933 B.

, ! 3 ‘
A. 182°\3 B. 22 2‘/1_5 C. 943 D. 18a°V15

Ciu 5: [509199]. Cho khéi chép S.ABCD cb day ABCD 1a hinh chit nhét, canh 48 =2a.
Tam gidc SAB ndm trong mit phéng vuéng gbc voi mit diy vi Sd=a, SB= a+/3. Tinh thé
tich khéi chép S.4BCD biét AD =3a. :

; .
A. 3 B. 9a2\/1_5 C. 283 D. 184°V15

Ciu 6: [509200] Cho khdi chop S.ABCD c6 diy ABCD la hinh chit nhit, canh 4B =2a.
Tam gidc SBD nim trong mit phing vudng goc véi mit ddy va SB = 2a47 , 8D =2a. Tinh -

thé tich khdi chop S.4BCD biét goc gitta dudng thing SD v mit phing day bing 30°

PN T 4a° 11 24°V11 2811 -

B. C. D.
3 9 3 9

176

A.




Hoe & Khing dinh minh . R ERAF AT T RAMMRER AAUSW ARMATFALE LPASRLL | A GAfF Aj

Cau 7: [509201] Cho khbi chép S.ABCD c6 day ABCD 13 hinh chit nhit, véi canh 4B =g

" Vi AD = a\/3. Tam gidc SBD vudng tai S va ndm trong mit phing vuéng goc véi mit day.
Tinh thé tich khéi- chop S.ABCD biet goc gitta dudng thing SD va mit phing ddy bing 30°

3 \/‘ &

p. L

| 3 2

Cau 8: [509203] Cho hinh chép S.4ABC c¢6 diy 4BC 14 tam gidc déu. Tam gisc SAB vudng
tai § va nim trong mijt phing vudng gbéc véi mit phing day. Canh Sd=a+/3 vi SB=a.
Tinh thé tich khéi chép S.4BC. ' '

3 3 c3 3

AL B— c L p. &

A &3 ' B. o’

4 _ BT G e S

Céu 9: [509204}.Lho hinh chép S.4BC c6 mit phing (SAC) vudng goc v&i mat phing
(4BC). Canh $4=AB=a, AC =2a v& 4SC = ABC =90". Tinh thé tich khi chép S.4BC.

3 3 ' 3 3
AL B. L c. &3 p. &
3 12 6 4
Céu 10: [509206] Cho hinh chop S.ABCD c6 day ABC 1 hinh vudng canh 2a. Tam gidc
S4B cén tai S va ndm trong mit phing vudng gbc véi mat day. Thé tich khdi chép S.4BC
3

bing -4%. Tinh 45 dai canh SC.

A. 3a B. a6 : C.2a D. Pap s6 khic
Céu 11: [509208) Cho hinh chép S.4ABC cb6 ddy ABC 13 tam gidc vudng cén tai C, canh
goc vudng bang a. Mit phing (SAB) vudng géc véi mit day. Dién tich tam gidc S4B bing

—;-a ‘Chiéu cao ciia hmh chép S.4ABC bang ?

. a . N -
A. a B. —— C. a2 D. 2a
Ji .

Ciau 12: [509209] Cho hinh chép S.ABCD c6 dby ABCD 13 hinh vuéng. Tam gisc S4B ddu
va nam trong mit phing vudng géc véi mit day. Dién tich cila tam gisc SAB bing 94/3. Thé
tich khéi chép S.4BCD bing ?

9J_

A. Pap 4n khéc B. 363 C. 8143 D. =

Céu 13: [509211] Cho hinh chép S.4BC c6 ddy ABC 13 tam gidc vudng tai A, véi AB=3a
vi BC =5a. Miit phing (SAC) vuéng gbc v6i mit déy. Bibt S4=2a, SAC =30°. Thé tich
khdichép S.ABC bing ? -

S _
z 3‘5  B.24\3 C. 3 D. Diép 4n khac
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Céiu 14: [509213] Cho hinh chop S.4BC ¢6 déy ABC 12 tam gidc vubng tai 4, v6i 4B=3a
va BC =5a. Mit phing (SAC) vudng goc véi niét' day. Biét S4 =243, va S4C =30°. Thé
tich khbi chop S.ABC bang ?

. o
| . 3
Ciu 15: [509214] Cho hinh chép S.ABCD cé d4y ABCD la hinh chit nhat véi 4B =2a v
AD = a3 Mit bén SAB 13 tam gi4c cin tai S va nim trong mit Iﬁhéng vudng géc v fslét
déy. Dudmg thing SD tao v6i mit diy mot goc bing 45°. Tinh thé tich khéi chop S.4BCD

3
A. 4\,35& B. x/gcf C. 4J§a3 D. 3\[3_a3

A3 . B2\ C.Pipinkhic D

Ciéu 16: [509216] Cho hinh chop S.ABC cb day 4BC 1a tam gidc vubng cén tai 4, vdi canh
AB=a. Tam gidc S4B déu va nim trong mdt phing vudng gdc véi mat day. Thé tich khdi
chép S.4BC bang ?

.a3\/§

A,

3 3 _ 3
N AL p, &3
27 8 12 6

Ciu 17: [509217] Cho hinh chop S.ABC ¢6 ddy ABC la tam giac déu canh a. Mit bén
SAB 14 tam gidc vubng cin tai .S va nim trong mit phing vudng goc véi mit phing day. T hé
tich khéi chép S.ABC bang ?

23 ? V3 a2

B. L C. D.
12 24 24 Y

Ciu 18: [509219] Cho hinh chép' S§.ABCD ¢6 ddy ABCD la hinh vudng canh 2a¢. Tam giic
S4B cén tai S va ndm trong mit phing vudng géc véi mit ddy. Pudng thing SC tao véi
mat diy mot goc 60°. Thé tich khéi chép S.4BCD bang ?

4q’ 4154° NP . J154°

A = B. C. p.
15 o 3 3 3

A,

PAP AN TRAC NGHIEM

1.D 2.B 3.D 4. B 5A  [6.A 7.D 3.D 9.D 10.B

11.B {12.B |13.D |14.A |15 A |16.C |17.C |18.C

178



o bliisdt

A amsr ks :-.-..u--. AAY N ARALVARE, WEASIAL | RAApF &y

Hoc J& khdng dinh minh

'Véi bai todn vé thé tich khdi chép tam gide déu ta cdn nhé. -

***** Cha dé 11
[TV6023] THE TiCH KHOI CHOP — -Phén 3
(Thé tmh kh01 chop déu)

I. LY THUYET TRONG TAM VA PHUGNG PHAP GIAX

Ly thuyét: Khéi chop déu 12 khdi chop c6 day 13 da gidc déu va tt ca cic canh bén bing nhau,
1. Khéi chop tam gide ddu. |

Khéi chép tam gidc déu 1a khéi chép co ‘day 14 tam glac ddu va chc canh bén bang nhau.

h ***’"’V”"i**Neu cho khdi-chép-dduSABC-thitaco————+ — " — _ . —

> Tam gidc ABC la tam giac déu va cac canh bén SA=SB=SC.

> Hinh chiéu vudng gbc cla dinh § xubng mit day tring v6i trong tim G ( cling 14 trye
tAm, tdm dudmg tron ngoal tiép , 101 tiép ) clia tam giac déu ABC ticla SG L (ABC ) ;

> Céc canh bén bang nhan va déu tao véi day mot goc bang-nhau.

» Céc miét bén 13 cic tam gi4c ¢in béng nhau va cic mit phing bén déu tao vé&i day cac gbe
béng nhau.

Chit y: Phan bigt khdi chép déu véi tir dién déu

T dién d?u 12 t&r dign c6 tt ci cac canh biing nhau

Nhu viy khdi tir dién déu 13 mét trwdmg hop dic bist clia khdi chép tam gide déu.
Khi tir dién ddu 12 khéi chép tam gie ddu c6 canh bén bing canh ddy.

AB*\3 _ azxfg
4 4
a3
2

Dién tich tam gidc déu canh @ bing S, =

P9 dai dudmng trung tayén AM = ABsin ABC =

2 a\@

Khi dd R:HA=§AM= HM =

2. Khéi chép tir gide déu. | .
Khéi chép tir gide déu 1a khéi chép 6 ddy 12 hinh vuéng va céc canh bén bing nhau.
Néu cho khéi chép dduS.4BCD thi ta cé '
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» Tam gidc ABCD 14 hinh vudng va cac canh bén S4=SB=SC=8D.

> Hinh chiéu vudng goc cia dinh S xuong mit day timg vai tam O cua hinh vudny;
ABCD tirc 12 SO L(ABCD)

» Céc canh bén bing nhau va déu tao véi ddy mét géc bang nhau.

» Céc miit bén 14 cdc tam gidc cin bang nhau va cdc mit phing bén déu tao voi day cac goo
bing nhau. '

n. vi DU MINH HOA

1. Céc bai toan co ban

Vi du 1: Cho hinh chép déu S.4BC c6 d4y 1a tam gidc déu canh a, canh bén tao véi ddy mé:
gdc 60°. Thé tich khdi chép déu da cho 14,
3 A 3 3 3
a \/5 B 4] \/g C a \/—3- D a \/5

4 B _ V) 24

Lo gidi:
Goi H 13 trong tim tam gidc ABC suy ra SH L. (4BC)

a3

Goi M 14 trung diém cia BC taco. AM = >

Khido AH =2 AM :>3.£=£.
3 372 3

Lai c6 SAH =60° = SH = HAtan60° = a'
1 azﬁ _a3\/§

1
qu 1a¥y ze =§SH.SABC =§.a. 2 D

. Chen C.

Téng quat: Hinh chép tam gise déu S.4BC c6 day 1a tam giac déu canh a va canh bén tao

a’tang
12

v6i day mot goc o o6 thé tich 1a: ¥ =

Vidy 2: Cho hinh chép déu S.4RC ¢ day 13 tam gisc ddu canh a, mdt bén tao véi ddy mot
goc 60°. Thé tich khéi chop déu di cho Ia. _
23 , B. a’«/— 2\3 D a3

. C. .
4 8 iz 24
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Lo gidii:
~~Goi H i trong tAm tam gidc 4BC suy ra SH .L (4BC)

aV3

Goi M 13 trung diém ctia BC ta cd AM ==

1 a\/_ a\[:’_;-

Khidé HM = AM ——=
3 3 °2 6

Laics {0 54 BC 1(S4M)
al ce
O lBcLamT

Do b SMH =((SBC);(4BC)) = 60°

Suy ra SH = HMtan 60° = —

2 3
Do a6 V:?ABC 3SH'SABc;=l E \/3_)_0 ﬁ

= LChon D.
32 4 24

Téng quat: Hinh chép tam giic déu S.ABC cb day 13 tam gidc déu canh @ va mit bén tao véi

ddy mot gbc a cb thétich 1a: V = @ tana,

Vi du 3: Cho hinh chép déu S.4BC co day 12 tam gidc ddu canh a, canh bén bing b (vai
b* > a”) . Thé tich khéi chép déu di cho L.

A 223 —a? B B3b—a* e 36 —a* D 2* 36 —a?
4 - 8 - - -

24 - 12
Léi gidi:
GoiH 12 trong thm tam gidc ABC suy'ra SH L (4BC) ' .
Goi M lé'tr'ung diém coa BC tacd AM =—af
Khi 46 AH =2 AM =2 a_\/___aﬁ_ :
3 3 2 3

. 2

Lai cb SH =V84% —AH? = [p* _“?

' 1 1], a® &3 a3 -a
:>T/;'.ABC :ESH'SABC =§. b 3 - 4 = 1

2

Chon D.

Téng quét: Hinh chop tam gidc ddu S.4BC c6 day 1a tem gidc d8u canh a va cb canh bén
a*\3b* —a?

bing b c6 thé tich 1a: ¥ = T
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Vi du 4: Cho hinh chop deu S.ABC ¢b canh bén bing a vi tao véi day mét goc 60°. Thé
tich kh(n chop déu da cho la.

3 3 3 3
V3 p. 2P c.Z p, <3
32 16 32 .24
L gidi: |
Goi H 14 trong tAm tam gidc ABC suy ra SH 1 (ABC) N

Piat AB=BC=CA=x

f

Goi M 14 trung diém ctia BC tacod AM =

N

Khi d6 AH:%AM:% %/-—3 d

Lai c6 SAH = 60" = SAcos60° cAH > S4=2 =4
B
Dodox_i SH = SAsin 60° :’%.
_Jg 2
ALE VY
1 1af3 | 2 3a®
= V580 = 3SHSABC 372 2 =§.Chgn C.

Téng quat: Cho hinh chop déu $.4BC c6 canh bén bing a va tao véi ddy mdt goc o co thé |

T 3 ]
tich la: ¥V = -E-a3.sm ocos? a

Vi du 5. Mot hinh chop tam gide déu c6 canh bén bing & va chidu cao /. Khi & thé tich ¥ |
ctia khdi chép di cho bing.

V3 V3o,
A.V—T(b L B. V= 12( ~K)h
_‘\/5 __'\/5 2 2
C.v="n(b"-#)b D. V=8 -k )i
Loi gidi:

Goi H 14 trong tim tam gidc ABC suy ra SH 1 (ABC)

Goi M 14 trung diém cita BC tacd SH =h;SA=b
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. Khiddé AH = 2—51-}'3::>‘AM=-3—AH—~— o

S

Lai c6 BM = AM tan BAM =§\/b2 —h?.tan 30°

33

Suyra §,,. = AMBM-—( - )
1 \/5(2
4

Khido ¥ = 350845 = K*).h. Chon A.

B

Vidu 6: Cho hmh chép déu §.ABCD c6 day ia hmh vudng canh a, canh bén tao véi day
mdt géc ¢.. Tinh thé tich ¥ cua khéi chop SABCD theo a va o.
22 22 22 V2
4

A V=———tana B.V= tan o C.V= tana D. V=
6 ’ 2 _ 12

tano

Loi gidi: |
Goi O la tim cia hinh vudng ABCD khi d6 b
SO L(4BCD) suyra 5D0 = (SD;( ABCD)) —a.

BD a\/_

Laicé BD = af:;OD__z_zT

a«./_tana

Suyra SO=0Dtana

&3,

tana .

1, o
Khi @6 ¥; 4500 =§SO'SA8CD

Chgn A.

Vidy 7: Cho hmh chop déu S.ABCD ¢6 day 1 hinh vudng canh a, mit bén tao vdi ddy mdt
goc a. Tinh thé tich ¥ cua khéi chép S.ABCD theo a vi o.

3 a3 d3 a3
A. V=3-tanoa B. V=?tana - C. V=?tana D. V=—6—tana
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Hge dé Xhdng dinh minh

Lgi gidi:

Goi O 13 tdm cia hinh vudng ABCD khi d6
SO 1 (ABCD).Dung OF 1.CD, laicé CD LSO
Suyra CD 1 (SEQ). Khi d6 ta c6:
((SCD)(4BCD))=SEO =c.

Mait khac OF =~Bz£ (dwong trung binh trong tam

atano

giac) nén OF =% = SO0=0Ftana=

. 1 a
Khi 86 7 gpe0 =3 50S o0 =ﬂ?~%. Chen D.

Vi du 8: Kim tw thap Ké-6p do 6ng vua K&-5p clia nude Ai Cp chi tri viée xiy dung. Ddy 14|
kim tyu thap lém nhét trong céc kim ty thap & Ai Cép . Thép nay duge xiy dyng vao khoanz
2500 nim trudc cong nguyén. Tnap co hinh aang ciia mdt khoi chop tir gide déu co ddy ia
hinh vudng canh a= 230m . Nguai ta do duge rang cdc mit bén cia thap tao v&i mit dét mct" )

goe xap xi 51,9°. Céc 16i di vi phemg bén trong ctia kim tu thép chiém 30% thé tich cta kira
tir thap. Biét mét 14n vén chuyén gdm 10 xe, mdi xe chd 6 tin d4, va khéi lugng riéng cla a4 |
bing 2,5.10% kg / . Sb 14n vin chuyén d4 cho viéc xay dung kim tyr thap 14

A. n=754306 chuyén B. n="75402 chuyén
C. n=75430600 chuyén D. n=75431 chuyén.
Lot gidi:

a*tana _ 230°.tan51,9°
6 6

Ap dung cong thirc baitréntaco: ¥V = ~ 2586192 (m*).

Thé tich d4 cin dingla V'= {-%V 1810334 ( ):> 56 kg d4 cin ding 13
4525846.10°

m=V'd =4525846.10° (kg) = sb 1in vén chuyén 1 n = c10°10

=75431 chuyén

Chon D.

Vi du 9: Cho hinh chép déu S.ABCD c6 day 12 hinh vudng canh a, cdc canh bén bang nhai |
va bing b. Tinh thé tich ¥ caa khéi chop S.ABCD theo a va b.

2 Jap? 242 PN -

A p=82E0 —od B. V=
3 _ 3
a’yJ4bt - 24’ a*Nap' -a’
C.V=""m—— D. V="
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Lot gtaz

'Goi O 1a tim cla hinh vudng 4BCD khi d6
S0 1(4BCD).

2
Suy ra S0 =~/SD? —OD? =Jbz—f-2—.

Vi du 10: Cho hinh chép déu S.ABCD c6 canh bén bing a, miit bén tao voi day mot goc o.
Tinh thé tich ¥ ctia khéi chép S.4BCD theo a va a.

A V:l_ 84 tan ot : B. V=l. 40’ tan o
(2+tan2 cx)j_ 3 (2+ tan’ 0,)3
C. V-——‘l. 2a* tan o D V=~1- 4q° tana
3 (2+ta.n2 a)3 3 (3+ 2a)3
Lo gidi:

.Goi O 1A tim .cha hinh vuéng ABCD khi d6
SO 1 (ABCD). Dyng OE L CD, lai c6 CD 1. SO

Suyra CD 1(SEO). Pt AB=BC=3%
Khi d6 ta c6: ({(SCD)(4BCD)}=5E0 =

Mit khéc OF = % ( dudmg trimg binh trong tam gide

) nén 0E=;-:>SO=OEtana=xt;na.
2 2 2
Khido SD? =0D? +50° =% 4% “;n a
2 3
Suy ra xkﬁz—:x:z—“-_—wzlsof:l. da tane  cponB
. 2+tan“a d+tani a 3 3 (2+tan2a)
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Hoc ad kxhidng dinh minh

T — PRO S — Hih Hoc Khing Gian (1ip 1)

Vi du 11 Cho hinh ChOp deu S ABC cd day la tam giac déu canh a va khoang cach tir ».
den mit phang (SBC ) bang d=— The tich khéi chép da cho 1a.

3 3 3
@3 B.V:‘“ﬁr c.y-2¥3

A V= ,
12 T8 16 24

Lo giii, . |
Goi H 14 trong tam tam gidc ABC suy ra SH L (ABC ) ' N
a3 a3

Goi M 1 trung didm ctia BC ta cé AM :T s HM =

Lai co: AM =3HM nén d(4;(SBC))=3d(H;(SBC)).
., [BCLSH
Dyng HE 1 SM laicod { = BC | HE
- BC 1AM -

Suyra d,=3d, HBHE-%TGSHE—Z

Mt khic — =tor sy FEAM _a
HE® SH- HM VEHM:-HE? 2
a 3 a3

la
327 4 24

. Chon D,

Do d6 V:S‘ABC —SH.S 5 =

Vi dy 12: Cho hinh chép déu S.4BC ¢6 day 1a tam gide déu. Biét miit bén déu tao véi day gbc
mdt goc 30° va céc canh bén bing nhau vé bing V13. Thé tich ¥ ciia khéi chop d2 cho 1a.

A 33 B. 3 C. 23 | D. B

Lot gidi:
Goi- H 13 trong tdm tam gidc ABC. Khi d6 SH J_(ABC).
xxfg 1 x\/g ‘

: y 3 6

Goi M 14 trung diém cta BC khi d6 ta chimg minh duoc
BC L (SI4)=> SMH =30°

Khi d6 SH=HItan30°=%; HA=X3—3

2
B3 3ex=6
6
1. 63

4

Do d6 Vg 5 = SH.SAB,::;L

Tachd: S4*=HA* +SH? =

=33 Chon A.
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Vi du 13: Cho hinh chép tit gidc déu S.4BCD cb day 1 hinh vudng ABCD. . Biét tam gi4c
SACvubng tai 5 va khoang cach gita2 dudng thang SCvaBD1a k. The tich khéi chop dd
cho tinh theo 4 4.

3 3 P
A B2 B. "—é\/——— C. 4’13‘5 D. .Zh;ﬁ

Loi giai:
Goi H 14 tm cia hinh vudng suy ra SH 1 (4BCD).
Dung HK L SC

. {BDLSH
Ta c6: = BD 1 (SAC)= BD L HK
BDLAC

Do viy HK 1a duong vudng goc chung clia BD va SC suy
ra HK =h.Dit AC =2x=RBD . Do tam giac ASC vubng

At oA , A4
cin tai S nén ta cd SH=—C=x.

. SHHC  x
Laicd: HK =——2120 = X o px=h2.
Jse v HC?E V2
2 3 3
Khi d6 ¥, 50p = ;SH.SABCD=-§-x.Azc =%=4h3ﬁ.0hgn C.

Vi du 14: Cho hinh chép tir gisc ddu S.4ABCDbiét mit phing bén tac véi mit ddy mét goc
60° va khoang cach t didm A dén mit phang (SCD) bing 2 (cm). Thé tich ¥ ctia khéi
chop S.ABC la.

Al V=§(,cm3) B. V=E(cm3) C.V=—"=

Lo gidi:
Goi O 4 tim cia hinhk vuéng ABCD.

Do S.4BCD 12 khi chép du nén SO L (4BCD)
Dung OE L CD, lai cé6 CD LSO nén CD 1 (SEO)
Do d6 ((SCD;(4BCD)))= 550 = 60°

Mit khic 4C =20C = d(4(SCD))=2d(0;(SCD))
Dung OF L SE=> OF L{SCD)

Khi 4o OF =d (05(5CD)) =2 =1(cm)

Ta cb: OEsin60° = OF = OF = —L~ =2 = BC=—*. 50=0Etan60° =2

sin60° 3 Nz

Do d6 Vs 45c = %V:S‘.ABCD = é‘SO'SABCD =% (cmg) . Chon B.
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pprrivivpnidiein PRO S ~ Hinh Hoc Khong Gian (Tap 1)

Vi du 15: Cho hinh chép i giac déu S. ABCD c6 chifu cao bing 4, biet rang cac mit bén
ctia khéi chép 14 cac tam gide ddu. Thé tich ¥ ciia khéi chép da cho 1.
28 282 21 ‘ 283

AV =—wo- B.V=—— C.V=— D.V=
9 3 3 3

Loi gidi

Goi O 1a tAm cta hich vudng ABCD . Bit CD=2x
Do S.ABCD 14 khéi chép déunén SO L (4BCD)

Goi E 13 trung diém cia CD. Do tam gidc SCDddu

CDJ_

sn SE = = x3 . Mt khéc SO + OE? = SE?

Do d6 SO =/SE* - OF? :xﬁ=h3x=%

Suyra AB=CD=2x=hV2 =V pp = 350 S gscp

3
=1h.2;¢z2 2k ~——=V .ChonC.
3 3

Vi dy 16. Cho hinh chép S.4BCD cé ABCD 14 hinh thoi canh @ vi SA=SB=SC=a, bift
ring BAD =120°. Thé tich khi chép di cho Ia. |
a2 a2 a2 _ 23

B.V= C.V= X
3 6 i2 3

A V=

Loi gidi:
D& thiy BAD =120° = ABC =60° nén A4BC 13 tam
gi4c déu canh a. Goi O=A4ACNBD.

Mit khac S4=SB=SC nén S.4BC li khdi chop déu.
Goi H 14 trong tdm tam giac ABC.

a3 a3

Ta cd: OB=-—-~ HB=—OB-——
2 3

Khi dé SH = SB® — HB* a6

2 3
Miit khéc S, = 25,50 = % N %SH.SAECD = :‘-E_g_\/_?___ Chon B.

Nhin xét: RS ring & bai todn nay S.ABCD khong phai khéi chép déu, tuy nhién dé c6 tHé
x4c dinh dwgc chan dudng cao ( yéu té then chét ciia bai todn ndy ) ching ta cin sir dung tinh
chét ctia khdi chop déu S.4BC tir d6 xac dinh dudng cao vA gidi quyét bai toan. .

‘ 188



Halanne
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IIL [1T6024] BAI'TAP TU LUYEN
Céu 1: [509621] Cho khéi chop ddu S.4BCD c6 canh dhy bing a3 . Tinh thé tich khéi
chép S.ABCD biét gbc giita cénh bén va mit d4y bing 60°.

a2 . 32 c 326 D a3x/g..

2 2 2 2

. Chu 2: [509623] Cho khéi chop déu S.4BC cbé canh diy bing a. Tinh thé tich khdi chép

S.ABC biét canh bén bing 2a .
3 : 3 3 3
23 B 23 c a1l b aJl_l_

4 VN 12 6

~Cau 3: [509624] Cho khéi chép déu S.4BC c6 canh diy bing a. Tinh.thé tich khéi chép. ......

S.4BC biét gbc gifta canh bén va mit day bing 45°.
3 3 3 3
a ‘/5. B. £ ‘E. c.L p. £ .
12 6 12 4
Ciu 4: [509625] Cho khéi chép ddu S.4BC cb canh ddy bing a3 . Tinh thé tich khdi chop
S.4BC biét mdt bén 13 tam gidc vudng cén.
a1 &\21 . a6 26
. B. . C. . D. .
36 12 8 4
Ciu 5: [509626] Cho khéi chép déu S.4BCD c6 canh ddy bing a/3. Tinh thé tich khéi
chép S.4BCD biét mit bén 13 tam gidc déu. ' .
3 ] 3 3 - 3
a J§ B a -./5 C 3a JE D a \/Ei. .

P B " S

‘Céu 6: [509628] Cho khdi chép déu SABC c6 canh day bang a. Tinh thé tich khéi chop

S.ABC biét miit bén 12 tam giac déu. _ .

a2 B a2 ‘-C 32°\7 - 3\/_
36 T2 oz RIS
Cau 7: [509629] Cho khéi chop it gide ddu o6 tt ca cdc canh bing o thi thé tich clia né 1a:
3 3 3 . kN
AL g V3 c. 22 p. &¥3
2 4 6 2

Csu 8: {509631] Cho hinh chép tir gidc ddu c6 canh ddy bing a. Dién tich xung quanh gip
d6i dién tich day. Khi doé thé tich hinh chop bing:
3 3 3 3
N2 B 2 c. B p. 23
12 3 2 .6
Cau 9: [509633] Cho hinh chép tam gide ddu S.4BC cb canh déy bing a va géc 4SB = 60°.
Thé tich khdi chép S.4RC 1a:
a3 B 23 C a6 2

. . . . . D.
2 6 12 12
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Hec 3¢ khing alrh minh

Céau 10: [509635] Cho khdi chop déu S.ABCD c¢6 canh day bing a\/_ Tinh thé tich kadi
-chép- S.ABCD biét canh bén bing 2a.
a’J10 g, Y10 C. a3\/§.- R Y “3“/5.
2 4 \ 6 12
Ciu 11: [509636] Cho khéi chép déu S.4BC c6 canh déy bing a+/3 . Tinh thé tich khéi ctép
S.4BC biét gic giita canh bén va mit ddy bing 60°
N g3 C.i"i‘—fi. | D. "3‘5.
6 4 12 6
Cau 12: [509637] Cho hinh chép tir gidc déu cb canh ddy bing a va mit bén tao véi day nidt
goc 45". Thé tich khéi chép d6 bing:
AL B L c.Z. p. 2
6 9 3 - 3
Ciu 13: [509638} Cho khéi chop tir gidc S.ABCD c6 tht c cae-canh c6 do dai bing a. Tiah
thé tich khéi.chép S.ABCD . :

A,

3 3 3 .
“‘E. B."’T/g. c. L. D. Pép 4n khéc.
4 . 6 7 3 . *
Cau 14: [509640] Thé tich ctia khéi tir dién ddu canh @ bing:
3 ' 3 3 3
“ﬁ. R“ﬁ. Q“ﬁ. n“ﬁ'
4 12 12 12

Ciu 15: [509641] Khdi chép ti gidc ddu S.ABCD v&i canh ddy bing a, goc gilta mit bin
va d4y bing 60°. Tinh dién tich xung quanh khéi chép.
2
A. 24" B. \3d%. C. ‘52“ . D ig—
Ciu 16: [509643] Cho hinh chép tir gidc déu S.ABCD c6 canh AB=a vi dudng cuo

a3

b - Dién tich toan phin ca hinh chép bing:

A B. 34%. C. 242 p. 3%
2 o 2
Cau 17: [569645] Khdi chop tam gidc déu 5.4BC véi canh day bing a, canh bénh bing Za
co thé tich Ia: :
3 3 3 3
A 0@ p, Y3a' C. ‘5“ : p. Y8 .
12 8 3 6
Ciu 18: {509647] Cho hinh chép tam gidc déu S.4BC c6 canh day bing 2v6cm va dudng
cao SO =lcm. Goi M,N lan lugt 1a chung diém cita AC, AB. Thé tich hinh chép S. AMH

~ tinh bang em’® bing:

A. ﬁ B. 1L C. ﬁ D. ﬁ
2 2 2
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Chu 19: {509650] Cho hinh chép tir gisc déu ¢ canh day bing a va dién tlch xung quanh
gép déi dién tich dy. Khi d6 thé tich cia khm chop la:

3 3
A. ‘/;" : B -f“ . C. ‘/53“ . D.-‘% .

Caun 20: [509651] Cho hinh chop t gidc déu S.ABCD cé canh day bang a. Goi SH 14

dudng cao ciia hinh chop. Khoang céch tir trung diém ciia SH dén (SBC) béng b. Thé tich

¢la hinh chép S.ABCD la:

| 2a3b g ab 22 . 2e
?_166 W e EER

Céu 21: [509653] Cho hinh chop i ¢ gxac deu S ABCD cd tat ¢4 céc canh bing a. Tmh thé

A.

tich khéi chop S.ABCD theo a. .

3 & 3 f 3
23 B, V3, c. 23 p, 232,
3 2 6 6

Cau 22: [509656] Cho hinh chép tir gidc déu S.ABCD c6 tit ci cic canh bén déu bing-a.
Néu mit chéo ciia né 1 tam gidc déu thi thé tich ciia chép S.4BCD 1a:

3 3 3 3

AL g, &3 C. & p. V3

2 12 ' 12
Céu 23: [509658] Cho hinh chép t& gidc déu S.ABCD c6 canh day bing a, goc gita canh
bén va miit ddy bing ¢. Khi d6 thé tich khbi chép S.ABCD béng:

V3, 2 ) gl
p tan . C. p

- B. —fang. cot .
5 ¢ ¢

Céu 24: [509660] Cho hinh chép tam gisc d8u ddy co canh bing a, goc tao bc'l cac mit bén

tan .

© vi day 13 60°. Thé tich clia khéi chép 1a:

3\/_' : d:’\/f_'y . . as-\/g Dﬁ

24 7 B. 24 8 : 8

Cén 25: [509661] Cho hinh chép déu SABC c6 SA=2aq,4A8= a. Thé tich khdi chop

S.ABC 1a:
NS B. ‘Ng. C. @11 D. ‘Nﬁ.

12 12 12 4

Chu 26: [509663] Cho hinh chép tit gide déu c6 tt ca cac canh déu bang a. Dién tich todn

phin cia hinh chép 13

A(E)E B (14B)e c.[ng}zz_ p. (1+245)a

PAP AN TRAC NGHIEM

0i.B [02.C [03.C |04.C (05D |06.B |07.C j08.D ;09.D |10.A

11.B |12.A (13.D |14.B [15.A |[16.B |17.A |18.D [15.A [20.A

2. |22.B [23.D |24.A [25.C |26.D
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IS D - IR0 £0C ROOLRE GIAN (13p 1)

Hoe a& khidng ajnh minh

- Chi dé 12
[TV6025] THE TICH KHOI CHOP — Phin 4
(Tisd Thé tich)
I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
1. Két qua co ban
Xeét hinh chép S.4BC, tén cic canh S4, SB, SC
1an lugt liy chc diém A", B, C'".

Vousc _SA' SB' SC'

Khi d6 ta cd két qua —.
V, e OSA SB SC

2. Saildm cén lvu y

Xeét hinh chép S.4ABCD, trén cic canh
54, SB, SC, SD  lan lwgt My cac didm
A4, B, C" D"

Khi d6 ta khong c6 két qua Younco _ S4° SB' SC° SD'.
sasco SA SB SCSD

II. Vi DU MINH HOA
Vi dy 1. Cho hinh chép S.4BC, trén céc canh S4, SB, SC 1an luot 1y cac diém 4", B, C']

sao cho S4'= Ad', SB'=2BB’, SC'=3CC". Tinhtisb Vsuze bing ?

5.48C
Al B. L. c i D. L.
6 12 24 4

Lot gigi

' Tacy Voase _SA' SB' SC

Vowe SA SB SC

Tir S4'= Ad' = 4 _l SB'=2BB =52 _ 2

54 SB 3
scr=3cc' =53¢ 3
SC 4

DOdO V:S‘ABC

S.ABC

S4B SC' 123 1 oon

TSASBTSC 234 4
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Vidu 2. Cho hmh chop S. ABC ¢ day ABC 1a tam gidc ddu canh bing a- Canh SA= a\/_

- |va vuéng gbc v6i mit phing day. Goi M va N 1in Iugt 12 hinh chiéu vubng goc ciia 4 trén

céc dudng thdng SB va SC. Tinh theo a thé tich ¥ cla khéi chép A.BMNC.

3 N 3 B _ : 3
@3 . L cy gl 018
EETTR 64 BETO R %

Loi gidi _ .
Veway _S4 SM SN _SM SN

Taco ) ] = .
Veige 4 SB SC SB SC

1)

Canh SB;JSA%ABZ =3a*+a’ =2a

sy S4 _3a _3a SM_ 3

SB 2a 2  SB 4
Canh SC=S4* + AC* =3d* +a* =2a oAl
SA* 3a* 3a_ SN _3 . -

SC 2¢ 2 T SC 4

=> SN =

9

Vs.amy = I—G‘Vé..wc-

Thé vao (1) = Vown: 23 _,
’ ’ 5.48C 4 4

3
Laicod ¥V, . —;SASABC 1ol 59 *5in60° = " = Vs =—

3
Dodbé ¥V @ 92 _Ta

ABMNC. — VSABCA Vs,mw s Ch nB

4 64 64

Vidu 3 Cho hinh chdp S.4BC c6 diy ABC la tam giac vudng tai 4, vor AB a, BC=3a.
Canh 54 vudng géc véi mit phing day. Pudng thng SC tao véi miat phing day mdt goc|
biing 60°. Goi M va N 1in huot 12 hinh chiéu vung gbc cia A trén céc dudng thing SB vi
SC. Tinh theo a thé tich ¥ ciia khéi chop ABMNC. , .

24a°\3 28453 2843 . 2423

A V= . B.V= . CV= N ) 1 =
65 65 75 65

Ta oo Yo _ 54 SM SN _SM SN 1) A

Ve S4 SB SC SB SC
Canh AC =+BC? — 4B* =9a* —a* =2a2.
Tir $4 1 (4BC) = (SC;(4BC)) = 5Ca = 5CA = 60°

= tan 60° =%=J§:>SA=AOJ§:2aJE_ Al

Canh SB =+/S4? + AB* =~/244" + a* =5a
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" Hoc adhing dink minh

rIKU D — ninn Hec BIong 1an {1ap 1)

S4* _24a’ 24a _ SM _24

= SM = = = = —.
8B S5a 5 SB 25

" Canh SC =842+ 4C* = J24a +84% =4ay2 = SN = =3a
: SC  4al2

] Viuar 243 18
The vao (1) = —S4MN —=V, =V, .
vao (1) e 2 54 s.amy = 5V s.amc

3 . 3
Lai co ¥ 50 = SA,SABC :5-24\/3%&.2(1\/— - 4a3x/§ SV = 24a «/37

25
42’3 240’3 284’3
3 25 75

Do d6 V, gyve. = Vs a5 = Ve = Ch?_“ C

2 :

SN _3
SC 4

Vi du 4. Xét hinh chép S.ABC ¢ canh BC =3a. Goi M v& N 1n'luot I3 hinh chiéu vuéjg
goc clia A trén cAc dudng thing SB va SC. Canh S4 vudng géc véi mit phiing day (4BC)

n.[; ; v .
va canh MN:Q"'S"“. Tisd —24MY_ hing ?

A.BMNC

i0 15 : -, 16

A —. B. —. C. —. : D, —.

3 7 9

Léi gig
Viaw _SA4 SM SN _SM SN

Tacéd =—.— )]
Vs 4nc T S4SBSC SBSC

Lai c6 S4° = SM.SB va S4> = SN.SC
SM SN
SC SB

SM SN MN
ASMN ~ ASCB M _SN_MN
= ASCB (c-g=c)="m="cp="0p

2
Khid6tr (1) => VS.AMN SM SN _MN MN MNZ |
Vs.anc SCSB BC BC BC

9a~f—
5

=> SM.SB =SN.SC =

4 BC=3a :>V:“""N 18 =§
5.48C 25

18 7 ¥, 18 -
=V mwe =Vsaic—Vsom = Vs asc _EVS.ABC = ‘2_5VS.ABC SAM = o,

Baira MN =
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Hgé‘d} khing dijnh minh LI O — nuui YU O EUIg LA \ Layy i)

> Nhin xet _
Néu bd sung thém gia thiét AABC vudng tai 4, canh AB =g thi ta tinh dugc tryc tip

Vs ssiv VAV, pypi nhur sau:

Canh AC =+ BC2—4B? =9a% —a* =2a2.

9a\/§

SN_MN_"5 32
Theo trén thi B = 2
eo trén thi ASMN ~ ASC. (c g- c):> BB 3a 5 2)

Diit SA=x>0= SB =S4 + AB ='\/x2+a2.

Canh SC=+SA + AC? =x* +82% = SN =

SC =\}x +8a2.

2

X
Thé vio (2) = ¥ f: 8“22 ;3‘55.: 25x* = 18(x* +a*)(x* +84%)
X +a

s Ok BRI GR

D:m:(fJ >0= 250 —18(t+1)(t+8) 18(t +9t+8)=> =24
a

=Y : I 1 4613\/_
:>(~—) =24:>SA=x=2aJ€:>rfs_m-=§SA,S’M a6k Sa2a V2=
a -

S T T |

Theo trén thi V.S'AMN =5§VS.ABC va ¥, pavc =-2_5'.VS.ABC‘.
. 242’3 282’3
Do a6 ¥ s\ =“§5_“ Va ¥, puve =T'
:SM SN MN
R hat kién ASMN ~ ASCB tie dé di t =2 =" mang tinh chat
o rang wecp ar nien o dawa ra il SO SC SB CB g

diém nhdn ctia baz todn.

S b 2.._ G

Vi du 5. Xét hinh chdp S.ABC ¢6 canh S4 vudng goc voi mit phang day. Goi P la trungi.
diém cia canh S4, goi M VA N _ Hin lwot 13 hinh chidu vudng gbc ciia P trén cac dudng

thing SB va SC, canh BC =3MN. Tisb Yomm bing ?
8. ABC
C.

-A. B.

W=
N | =

1 1
18 9
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T Ty~ - : PRO S — Hinh Hoe Khong Gian (Fap 1)

Hge dé khidng djnh mlah

Loi gidi
Ti s Vs _SP SM SN 1 SM SN
TS4isBSC 27sBsC

KS'.ABC
Taco ASMP ~ASAB (g~g)

z&—g—};:SPSA SM .SB.

S4
Laico ASNP-ASAC (g—g)‘

g —ﬂzSPSA SN.SC.
SC S84

(D

Do dé SM.SB=SN.SC> SM_ SN
SC sB

= ASMN ~ASCB (c~g- c):,sSM N L
- SC SB CB 3

Khi d6 i (1) 3@%:3.%.@-4.1.1:# Clign A
Vewe 2 SCSB 233 18

Vi du 6. Cho hinh chép S.4BCD c6 déy ABCD la hinh chi¥ nhat, canh AB =a, 4D = a5,

Canh S4 = a3 va vubng gbc voi mit phing ddy. Goi M va N 1in lugt 13 hinh chiéu vudng
goc clia 4 trén cic dudng thing SB va SD. Tinh theo a thé tich ¥ ciia khéi chép C.SMN.

3 3 3 ' 3

‘/_ B.V:“f. C.V="f. D.V=a;[2_.

Av==2

. Vicuw _SC SM SN _SM SN

1
Voew SC 5B SD s8sD

" Canh SB=SA*+ AB? =32’ +d =20
SA* _3a® 3a_ SM 3
SB 2a 2 SB 4

Canh SD =S4+ AD? =32 + 6a* =3a

, .
:)SN_&—S.L a:}éﬂ:l_
SD 3a SD 3
Thévio (1) m> e 3 1y 1,
S.CBD 4 3 4
@’V2 V2
Lai 06 Vyp = Lsas,, - a\/_ ;/_ =V o = Esi Chon C




Savd

Hoe @8 khidng djnh minks : . OOy O —Iiitl OYC Dapvng uan (1ap 1y

V1 du 7. Cho hinh chop S.4ABCD co ddy ABCD {2 hinh vudng canh a\/_ 2. Canh S4 = a5
va vuong goc véi mit phing day. Goi O 1a g1ao ﬁlem cha AC va BD, goi M 13 hinh chifu
vudng goc cia @ trén dudmg thang SC. Tinh theo-a ‘thé tich ¥ chia khéi chop M.SBD.
3 a5 4a2°+f5 C 'V-_ZaB\/_ 185

A V=222 B.V = . : . D¥=
9 27 a 9 27

Loi gigi
Vs, _SM SB SD _SM

Tacod —
V..o SC SB'SD  SC

(1)

~Lai o6 ACMO~ACAS (g =gy~~~

QL _CO_, oy ACOC,
c4 G5 SC

Ti gisc ABCD 14 hinh vudng = AC = ABV2 =2a.

Canh SC =842 + AC? =/5a> +4a* =3a

oy =222
3a 3
=S SM=SC-CM =3a —29-—7—‘1:’@'/{':1;
3 3 SC 9
T]flé.‘.'ﬁo(l) $M=1:>VSMB;J ;VSCBD

5.CBD

o, EC I .
LE,IJCOV;_CBD=3 Spep = a\/_"_a\/_ J—" Vs smp = .27 hon D

Vi du’ 8. Cho hinh chép tam gidc déu S.4BC cé canh 4B =2a, S4=3a. Goi H 14 hich
chifu vudng gbc clia B trén dudng thing SC. Tinh theo a thd tich V' ctia khéi chop H.S4B.

3 -3 N 3 3
A.V=4“’/2_3'. B. y =22 ‘[2_3. C.V:“—‘/ﬁ-. D.V=M3.
: 27 9 27 | 27
Ldi gidi
Ta op Yoass _SA SB SH _ SH M

V. e SASBSC SC
Hinh chép tam giac du S.4BC
= AB=BC=CA=2a vi SA=5B=5C=3a.
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o - PRO S — Hinh Hgc Khing Gian (14p 1

Hge da khing djnh minh

SB’+SC*-BC* _ .8
2SB.SC '

_9az+9az-—4a2 7:>'SH 7 SH 7

23a3a 9 SB 9 SC 9

Khi do cosES—'E’ =

L. V. 7 7
Thé vio (1) = S48 :§:> Vs o8 =§V:s.asc 2
S.ABC - )
Ké SO L (ABC) tai O thi O 13 thm dudng tron ngoai tiép 4 B
A4RC. : -
Goi M = AO L BC=> AM L BC v MB— MC-%—Q-=a. -
Ta c6 sin 60° = AM ‘/_ — AM = a«/_:>Ao—%,m_2"‘/§
AC 2 3 3
2
:>301=SA2—0A2=9a2—f§—:>SO:“‘é@.
3
Do d6 ¥, 1 = ;Sosm 1 “‘/— 1 =(2a )’ sin “SE
7a3x/§

Thé vio (2) = Vy i = BT Chon D

Vi dy 9. Cho hinh chép S.4BCD c6 ddy ABCD 14 hinh chi nhat, canh 4B = a, AD = a /6.
Canh S4 vudng géc v&i mit phing ddy. Goi M vi N 14n hrot 12 hinh chidu vudng goc cla:
A trén céc dudng thing SB va SD. Thé tich khéi chép S.ABCD bing tim lin thé tich khéi |

chép C.SMN. Tisd 54 bang ?
. a

A2 B. V3. C. 6. DB

Pit S4=x>0=>SB= V84 + AB* =V* + &

Loigigi

Tacod VS"?’W =—=>
V.;'ABCD 8 VS.CBD

SC SM SN 1:>SM SN _1
SC SB'SD 4  SB SD 4

6y

2 2 2
:>SM=SA __ X :SM= 2JC y
SB Jx2+a2 SB X +a

Canh SD =+/S4% + AD? =+/3 +64°
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"+ Higo a8 Kiking dink Tk : Iy O — L DUC DuHSUE Widn (R -4y

2 2 2
:>SN—SA x SN=%.
w/x +602 SD x +6a
. Thé vio (1) = x £ 1 4x4=(f+a’)(x’-+6a2)
X+at X +6a® 4 '

-

2«
bit t=(£] >0:>4t2=(z+1)(r+6)=t2+7t+6:>t=3:>£=\/§. Chon B
[7) a

Vi dy 10. Cho hinh chép S.4BC cb .
Sd=1, 8B=2, SC=3, ASB=60°, 4SC =90°, CSB =120".
Thé tich ciia khéi chép S.4BC bing?

A. g. | B. 3/-2—3 c. 2. D.

>|&

Loi giai )

Ki higu nhu hinh v& véi SA=SP=SK =1=> hinh chiéu
vudng géc H ha tir § xubng (APK) tring v6i tim dudng
trdn ngoai tiép AA4PK. | -
Tacc')nga'y AP=1 4K =2

" Goi H 13 trung didm cta canh PK

= sin60° = 2 f HP=£:>PK 2HP = f
SP 2 2

Nhu viy AP? + AK* =14+2=PK*=> AP 1 AK
= H 12 thm dudmg tron ngoai tiép AAPK = SH L {A4PK).

Canh SH =~/SP — HP® = fI_% 1

N 3SH.SAPK ~Lsm. IAPAK—

111
372 322
S4 8P SK .11

¥,
Tach -S4k _ P4 00 08 4 Y e
Vswse S4 SB SC 2°3 5.4BC sAPE =
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T v PRO S — Hinh Hoc Khong Gian (Xdp 1)

Hoc dé xhing dinh minh

Vi du 11, Cho hinh chép S.ABC c¢6 ddy ABC la tam giac vudng cin tai B, vdi AC = av2.|
Canh S4=a vi vudng géc v6i mit phing diy. Goi G 13 trong tm clia tam gide SBC, mit
phing (a) qua 4, G v song song v&i BC cit SB, SC lin luot tai M va N. Tinh theo ¢
thé tich ¥ cta khbi chép 4 BCNM. _

5q° 54° _ 24° a

A V=—, B.V=—. C.V=—rm . .
54 27 27 18

Loi gidi
Taco Vouar _S4 SM SN _SM SN

Vewc ©SA SB SC SB SC’
Béiracéd MN//BC:%SE:QI—:-'SE:%
SB SC GP 3
v 4 4
= ﬁ = ; =V o = § Vs asc
5
=V sonwr = 5.48C =Vs. v = §VS.A3<:'- A

Tam gidc ABC vudng cén tai B, véi AC=av2
AC
> AB=BC="""=a
2 ,
1 1 1 a 5 58
= VS‘.ABC “_“ESA'SABC = 5(’1.502 = ? jumn VA.BC?NM ZEV:s.Asc =§' Chg]’l A
Vi du 12, Cho hinh chép S.ABCD, trén canh SA ly diém M sao cho SM = AM. Mi:|

phing (@) di qua M va song song véi mit phing ddy cit SB, SC, SD 14n hrot tai N, P,Q

Ki hiéu ¥, va ¥, lin lugt I thé tich cia khéi chép SMNPQ vi S.4BCD. Tinh i sb -;fi

2

v, 1

D Ll=—,
v, 24

Loi gidi |
Tacéngay N, P, O lan hrot 14 trung diém ciia céc canh SB, SC, SD.”
§ Vo _SM SN SP_111 1

Vowe SA SB'SC 222 8§

Tiss Voo _SM SPSQ_111_1
Vewp SA SCSD 222 8
1 i
= V:S.MNFQ =Vsume + VS.MPQ = gV S5.ABC +§VS_ACD = EVSABCD

:‘>V,=—I—V2 :>£=1. Chon B
8 v, 8




"9‘:"1 kﬁ%ngd]nh m]l‘\h - - ) i A AW LY T ARAEIN AJ.\.J\— ‘.‘l.\ll.Ul.ls IIALE \.l. “ll.l .l.} N

Vi du 13. Cho hinh chép S.ABCD ¢6 d4y ABCD 1a hinh thoi, canh 4B =2a, BD =a /6.
Goi O iz‘i_g{ao'diém__ clia AC va BD, canh SO ~ 34 VE‘I‘ vu.éng gbc voi mit phing diy. Goi
M 13 tnmg diém ctia canh SC, mit phing (4BM) cht dudng thing SD tai N. Tinh theo a
thé tich ¥ cta khéi chép S.4ABMN.

AV PN T 3315 V15 215
T4

B.V= . C¥= . D.V=""""
8 2 g

Loi gidi
Ta congay MN//AB = MN//CD.
- MAMS=MC=NS=ND.

Veun ©SA SB SD

1al-l
2 2

1 1

= Vs.gaﬂ = EV:Y.ABD = Z VS.ABCD‘

Voma _SB SM SN _

. 4 11 1
Ti s0 — =l.—.—=—
Veper SB SC SD 22 4

3

- =V = s.aev HVsmmy = gys..wcp .

Tt gifc ABCD 13 hinh thoi = AC L BD

. 2 2 2
= 042 = AR*-0R? =4a2—(%) =4a2—{“—2‘@] =3

2

=04= "\f_o = AC=204=a10 =¥, 4 = %SO.SAECD = %.3;:%,40.31) =a*is.
3

Do b ¥; yapgy = %V.;‘.ABCD =§"1i1_2- Chon B

Vi dy 14. Cho hinh chép S.4BCD c6 ddy ABCD 12 hinh chit phit, véi AB =a, AD = ay3.
Canh S4=2a vi vuéng géc v6i mit phing ddy. Mit phing (@) qua 4 va vudng géc véi
SC cat SB, SC, SD lan lugt tai H, I, K. Tinh theo a thé tich ¥ ciia khéi chép S.4HIK.
3 3. 3 |5 3
A.V=4a£. B V=6a\/§ 8a\/§ 120«/5

. . C.V= . D.V= .
35 35 35 , 35




Hoe 0 khdng diah mink ‘ POy — Hinh Ho< Khong Gian (14p 1)

L& gidi

Tacé SC L (AHIK)= SC L Al, SC 1 AH = AH 1 SC.

., [BCLAB
Lai ¢6 => BC L(S4B)=> BC L AH = AH 1 BC.
BC 1 54

AH 1 SC

= AH 1 (SBC)= AH 1 SB, twong ty thi AK L SD.
AH L BC _

Nhu viy {

Canh SB=SA4* + AB* =J4a* + 2 = a5 N
SA2 4a*  4a SH 4

a5 5 SB 5

Canh SD = vSA4* + AD? =J4a® +32% =a7

:>SH—

SA2 4a°  4a SK 4

a\/— «/— SD -7_

Canh AC= VAB* + BC? =la® +3a* =2a.

:>SK—

Mi SA=2a=>S4=AC=> ASAC vudngcintai 4 B C
STl
=1 latrung diém cia canh SC=>—==.
SC 2
|2 SA SH ST~ _ 41 2 )
Tish -5 =22 27 20 1 2 oV v = s ase =V 15co-
Vose OSA SB SC 592 S.am = 5 s.a48C = 3 S4sco
: ¥, _ 54 SI ‘SK 14 2 1
TiS —S.AK _—_1-—-“—:>V V V
Vs aco SA SC SD 27 SAK = 7 s.4CD = 7 "s4asco

1 12
Vs atixe = Vsam ¥ Vsam = TVsuseo T 5 Vs.u8ep =77 Vs.amc0-
5 7 35
121 4 843
Do dd ¥, —SAS =—2aaay3= Ch on C
SAHIE = 35 anco = 3 V3= Py

| Vi du 15, Cho hinh chép tr gidc déu S.4BCD c6 canh 4B =a, SA = a2, Goi M 14 trung
diém cta canh SC, mit phing (@) di qua A, M song song véi BD cét SB, SD l4n luot tai -
E v& F. Tinh theo a thé tich ¥ cita khdi chép S.AEMF.

3 3 3 3
““ﬁ. B.V:an. C.V:“‘E. .V=“‘/g.
6 , 6 18 ] 18

A V=
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Hgo 4 khing djoh mink TINU D — XU IEYC NUUIg Wian \LEp 1)

Loi giai
" Hinh chép tit gisc déu S.4BCD

= S4=SB=5C=S8D=a2 va tir gidc 4BCD 1a
hinh vudng. -

Goi O0=ACNBD = SO L (ABCD).
Goi I=EF n AM =1 ¢(SBD) va I €(S4C).
Ma (SBD)(SAC)=50=>I < SO.

~--Ta-¢6-0 13- trung-diém-cia canh AC-va-M1a-—
trang dim ciia canh SC=17 1a trong tAm cia

ASAC = S_2 —.
50~

SE_SF _SI
SBSD SO
7,

R AE SF 22 4 2
Ti s —S48F =22 =V ior =5 op ==V ;
I/;.ABD SA SB SD 3 3 S.AEF 9 3.48D 9 S.ABCD

La1 ¢é BD//EF = — =-§—.

V. SM SE SF 122 2 i
TishSMEE 25 22 00 " fly ity o .ly
PVS'CBD SC SB SD 2 3 3 S.MEF 9 S.CBD 9 §.48CD
2 1 1
= Vs.swr =Vs aee +Vsaze == Vs apen Vs a5c0 =_V:s.43cu-
9 9 3
Canh OA—— —:SO_JSA’ OAZ—J a’ ——-= \/:

- Do@6V, pop = SO.SABCD 1a ia

1 &
\[— SAEMF' 3 Jg 18 *

IIL. [TT6026] BAI TAP TU LUYEN

Cau 1: [509953] Cho tir dién ABCD c6 chc canh AB, AC va AD 5i mot vudng gbc véi
nhau; AB=6a,AC=7a vi AD=4a. Goi M,N,P tuong img 13 trung diém cic canh
BC,CD,DB. Tinh thé tich ¥ cia tir dién AMNP.

A. V=—;—a3. B. V =144° C. V-?aa D.V=74
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R vptviv iy S PRO S — Hinh Hoc Khéng Gian (14p )

Hec dd khing dinh mink

Ciu 2: [509961] Cho khdi chép S.4BC c6 dudmg cao S4 =a, ddy ABC 1 tam gidc vudng -
cin c6 AB =BC =a. Goi B' 12 trung diém cha SB,C' 14 chin dudng cao ha tir 4 cia tan
gidc SAC. Thé tich cia khdi chép S.AB'C' 1a:

AL B & ¢  p&

6 36 : 18 8

Ciu 3: [509970] Cho khéi chép tir gidc ddu S.ABCD. Mot mit phiing () qua 4,B vi trung
difm M cia SC. Tinh ti b thé tich ciia hai phin khéi chdp bi phan chia bdi mit phing dé.
a2 2 ¢ !l
Ciu 4: [509976] Cho hinh chép S.4BCD c6 ABCD 13 hinh vudng, 6 M 14 trung dién
SC. Mt phing (P) qua AM va song song véi BC cit SB,SD 1an luot tai P va Q. Khi ¢6

I/.S'..‘I.PMQ b%ﬂg
S.ABCD

3 1 1
2 B. - -G D. -
4 8 4

Ciu 5: [509981] Cho hinh chép S.ABC ¢6 A, B’ 1in lwot 13 trung diém cac canh S4, Sis.

A.

00w

U £
Khi d6, ti s6 —S42 =9
: S.A'BC

A. 4 B.2 C. 1 D. 1
4 2

- Cau'6: [509986] Cho hinh chop S.4BC. Goi 4',B" lan lugt 14 trung diém cha S4,5B. Kini.
a6, ti 6 thé tich ciia hai khéi chép S.4'B'C va S.4BC bang: :
Al B 1 C.2 D. 4
a2 , 4 _
Cau - 7: [509992] Cho hish chép S.4BCD c6 diy 1a hinh chit nhit,

a3

AB=a,AD=2a,54=a\3;SA L (4BCD) M 1a diém tén SA sao cho AM === Tirh

thé tich khdi chép S.BCM. ‘
a3 B 28°3 c 22°\3 _ 2\3

3 T3 ) 9
Cau 8: [509996] Cho hinh chép S.ABC. Goi A',B" l3n lugt 13 trung diém cia S4 vi S3.

Khi d6 ti s6 thé tich ctia hai khéi chép S.4'B'C va S.ABC bing:
Al B. - c.l D.
2 8 , 4
204

A,

0D | -



Hch’ékhinnqnhmlnh - ) - L DWW O — L1 ].l.U\- DRIV WL A 211} .1]

Cau 9: [510002] Cho hinh chép S.4BCD c¢ day 1a hinh vubng canh a, SA a3 vi
sl (ABCD).H 1 hinh chiéu ciia 4 trén canh SB. Tinh thé tich khéi chép S. AHC

3 3 3 3
2 p2f el 9B
Céu 10: [510006] Cho hinh chép déu S.4BCD c6 canh déy bing a, goc gilta mit bén va
mijt d4y bing 45°. Goi M, N, P-14n luot 14 trung diém cia S4,;SB va CD. Thé tich kbéi tir
dign A MNP bing; '

3 a3 a3 al

AL B L c L p. &
48 16 24 6

Cau 11: [510011] Cho hinh chop & glac déu S ABCD day 12 hinh v vuong vanh a, cauh bén .
tao véi day goc 60°. Goi M 12 trung diém ciia SC. Mit phing di qua AM v song song véi

BD, cit SB tai P vacit SD tai Q. thé tich khoi chép S.APMQ 1a V. Tisb ﬂ 1a:
’ a
A3 B. J6 C.V2 D.1
Cau 12: [510015] Cho hinh chép S.4BC. Pay ABC 1a tam gidc vudng tai B, canh S4
 vubng goc véi diy, BC=a,S4=av2, ACB =60". Goi M 14 trung diém ciia canh SB. Thé
tich khi tir dign MABC 1a V tish L. 1a: .
a .
al sl a3 p. Y6
3 ' 4 o 4 12
Cau 13: [511520] Cho hinh chép S.ABCD c6 ABCD 1A hmh binh hanh M la frung diém
“-cia SC Mat phang (P) qua AM vi song song Vo1 BD cét SB, SD 1an Tugt t31 P Q. Khi do

V.
S.APMQ bﬁn
5.4ABCD ) .
A.g- T B. L ' c.'-l- p.2
9 8 3 3

Ciu 14: [511521] Cho hinh chép S.4BCD. Goi A',B'.C,D' lin luot 13 trung diém cia
S4,5B,SC,SD. Khi d6 ti sb thé tich cita hai khéi chép S.4'B'CD' va S.ABCD bing:
1 1 1 1
A — B. — C. — o )
-4 g - 16 2
Céu 15: [511525] Cho hink chép S.ABC'D c6 day ABCD 1 hinh thoi. Goi M,N Ian luot 13

trung diém cia SB,SC. Tilg thé tich ctia —S48C0 Ysupp bang:
S.AMND

A, B. C. D.4

W | ce
00| W

1
4
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oyl el FKU > ~ Hinh Hoc Khong Gian (Lidp 1)

Céu 16: [511527] Cho hinh chép S.4BC . Goi 4, B’ lan luot 12 trung diém cia S4, SB. KKhi
a6 ti 56 thé tich ciia hai khi chép S..4'B'C va khéi chép S.4BC bing:

Al B. . c.l . L
2 3 4 T8
Cau 17: [511528] Cho khéi chép S.4BC . Trén cic doan S4, SB, SC l4n lugt 1y ba dism

4, B', C’ sao cho Si»:(':éSA, SB’=-§-SB, SC’:%SC‘ Khi d6 ti s§ thé tich cfia hai kidi

chép S.A'B'C va 5.4BC bing:
A.—é% ' B.% | c.% D.%_
Cau 18: [511530] Cho hinh chép S.4BC ¢6 ddy ABC 14 tam gidc vudng cin tai B,
AB=a, 84 1 (4BC). Goc gifta mit-phing (SBC) va mit phing (4BC) bing 30°. Goi M 1
trung diém clia canh SC. Thé tich cita khéi chép S. 4BM bing: }

3 3 3 . 3
8 22 g, O3 ]  p. @3
18 6 18 36
Cau 19: [511532] Cho hinh chép S.ABCD. Goi M, N, P, O 1an luot 14 trung didm ciia $4,
8B, SC, SD. Ti s thé tich cia khi chop.-S. MNPQ va khéi chép S.4BCD bing:
Al B. - cl - »pl
8 16 4 3

Cau 20: [511533] Cho hinh chop S.ABCD ¢6 ddy ABCD 14 hinh chir nhit AB=a, AD=2a.
Canh SA vudng goc voi mit phing day, canh bén SB tao v&i mit phe"ing day goc 60°. Trén

canh SA ldy didm M sao cho AM =f-5‘/§-, mit phing (BCM )} cit canh SD tai N. Thé tizh

khéi chép S.BCNM bing:

3 3 \ . 3
A 10a p, 102 NE) C. 1043 p, 10a NZ)
27 : 9 27 ‘ - 27
Cau 21: [511535] Cho tir dién ABCD. Goi B', C' lan luot 14 trung diém cita 4B, AC. Khi 6

ti 56 thé tich ciia khéi ttr dién AB'C'D va khéi tir dién ABCD bing: -

Al B L cl p. 1

2 4 6 8
Ciu 22: [511539] Cho hinh chép S.ABCD cb dédy ABCD 1A hinh binh hinh. Goi M, N lin
lugt 14 trung diém cia S4, SB. Ti sb thé tich cia khéi chop S.MNCD vi khéi chép S.4BC?

bing:

A c. p. 1
3

00| W
™

=
D[
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Hoc 03 khing djnh minh : £V D — DINU YL DU WA (1ay 1)

Céu 23: [511542] Cho khdi chép S.ABC. Goi M, N 14n huot 14 trung diém cia S4, SB. Ti sé
thé tich ¢t khéi chép S..4CN va khdi chép S.BCM bing:

Al B. % C.Khéng xéc dinh duge D, 2

Cu 24: [511547] Cho hinh chép S.ABC c6 S4 L (4BC), tam gikc ABC vudng cén tai 4,
'AB =S4 =a. Goi 14 trung diém cia SB. Thé tich khdi chop .S. 4IC bing:

3 3 . 3 3
AL B. L C.‘“E_ . p.
3 ) 12 4 6

Céu 25: [511551] Cho hinh chép S.4BC c¢b day ABC 13 tam gidc vubng cén tai B,

AB=a, SA=2a va S4 L {ABC). Goi H, K Iin luot 13 hinh chifu vudng gbc cia 4 1én SB,
SC. Thé tich khéi tir dign S. 4AHK ?
3
A% g, 22 c. 3 p. 42
15 15 45 _ 5
Cau 26: {511554]- Cho hinh chép S.4BC. Goi M, N lan luot 1a trang diém ctia 54, SB. Khi
a6 ti sb thé tich clia hai khéi chép S.MNC va khéi chép S.4BC bing:
al B. 1 cl p. L
2 3 4 8
Cau 27: [511557] Goi V 1a thé tich hinh chép S.4BCD . Liy 4’ irén S4 sao cho

S4' =—SA Mgt phing qua A’ song song voi day hinh chép cét S8, SC SD Yn hrot tai

B, C' . The tlch khéi chop S.4'B'C'D’ bang R
4 A C.Dépinkhic. =~ D.
Ty 3 - 27

Cau 28: [511561] Cho hinh chép S.4BC ¢6 SA=12cm, AB=5cm, AC=9cm vi
SA L (4BC). Goi H, K 1an gt 14 chén dudng cao ké tir 4 xudng SB, SC. Ti 6 thé tich

VS.AHK .

bang:
S.ABC
A 2% B. -~ o3 n. 1
4225 23 8 6

Cau 29: [511564] Cho hinh chép S. ABCD c6 diy ABCD 14 hinh binh hanh. Goi M 1A trung
diém S4. Mt phing (MBC) chia khbi chop thinh hai phin. Ti sé thé tich cta phin trén va

. phén dudi bing:
Al B3 c. > D.2
8 5 4 8
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Hge ad khiing dinh minh

oty inidiiie - : FRU 5 — Hinh Hgc Khong Gilan (LEp 1)

‘Cau 30: [511567] Cho hinh hop ABCD. A'B'C'D’ ¢b O 13 tAm ctia ABCD. Ti sb thé tich cia
Khéi chop 0. 4'B'C'D’ va khéi hop bing: - '
AL : B L ¢l D.
6 : 2 4
Ciu 31: [511568] Cho hinh chép S.ABCD c6 ddy ABCD 13 hinh binh hanh. Goi J 13 trung
diém ctia SC. Biét thé tich cia khi chop S.ABI bing ¥, thi thé tich'clia khdi chép S.4BC.D
bing: .

U | e

A4V . B.6V c.ov D. 87
Céu 32: [511569] Cho hinh chép S.4BCD c6 day ABCD 14 hinh vudng carh a; S4 vudrg
goc mit ddy, gbc gitta hai mit phing {SBD) vi mit phéng ddy bing 60°. Goi M, N lan luot
1a trung diém cta SD, SC. Thé tich ciia khéi chép S.4BNM bing bao nhiéu theo a?

A ang B a3JE C 2a3\/g D a3\/g
T2 : ' "9 T 16
PAP AN TRAC NGHIEM

0L.D {02.B |03.A [04.C |05.A [06.B {07.C |08.C {09.C |10.A

1.B [12.D [13.C¢ |14.B |15.A [16.C |[17.B [18D [19.A {20.D

2I.LB |22.A [23.A (24.B |[25.C |26.A |27.D |28.A [29.B |30.D

31.A [32.D
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Hoe ¢ khing dinh minh A mmns B B T P4

| Cha dé13-
[TV6027] THE TICH KHOI CHOP — Phin 5
(Mt sb dang chép diic bit)
L LY THUYET TRONG TAM VA PHUONG PHAP GIAI

Trong phin niy chiing ta s& nghién cim mot s6 khéi chép dic biét: Khébi chép c6 cde canh bén
béng nhau, khbi chop ¢6 céc canb bén nghiéng deu voi day, chop cd mat ben nghiéng déu vi
day va xét mbt s6 dang bai tap lién quan dén khdi chop co déy bi &n.

1. Khoi chép cb cac canh bén bing nhau.

Cho khdi chop S.4,4,..4, cb tit ca cic canh
bén bing nhau: S4, =84, =......= 4,

Dyng dudng cao SH L(A44,4,) cha khbi
chop.

Khi d6 theo dinh 1y Pytago ta co:

SH? = SA> - HA? = SA> ~HA? =....= SA? — HA! 2
Lai c¢6 S4=S4=..=84 suy 1a
CHA = HA, HA,,

- Nhur viy: Hich chidu vudng goc ciia dinh S xuong mat day tring vdi i tam dudng tron ngoai

- tiép cua,daglac Apdi A S e IR

2. Khoi chop c¢é cac canh bén déu tao vai day cic goc hang nhau.
Cho khéi chép S.44,..4, cb tAt cd céc canh bén
ddu tao v6i diy mot gbe .

Dung duémg cao SH L(4,4,4,) ctia khéi chép.
Khi d6: .ﬁ=5@=....=§ﬂ[=a suy ra
SH = HA tano = H4, tano. =...= H4, tana

Do d6 HA = HA, =...= HA, suy ra hinh chiéu

vudng géc ciia dinh § xubng mit diy tring véi
tAm dudng tron ngoai tiép cha da gidc A4, 4,.
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Hoe a4 khdng dlnh minh U D - 0I08 1Y KACIE 120 (13p 1)

3. Khoi chép ¢6 cic mit bén déu tao véi ddy cdc géc bing nhau,
Cho kbdi chép S.4.4,...4, cé tht ca cic matben |
déu tao voi diy mét goc .

Dyng &uémg cao SH L (4,4,4,) ctiakhdi chép.
Dung HK, L 44,;HK, | 4,4;.. HK L A4

HK, L A —
o (LA A4, L(SKH)= SK.H =a
A4, L SH ' -

. Tuong tr  ohw vy suy ra
SKH=8KH=..=3K H=a

Suyra SH = HK, tanc. = HK, tana=...= FHK, tana do d6 HK, =HK,=. HK,

Nhur vy diém H tring v6i tim dudng tron tidp xhc véi tit ca céc canh ( hay dudng tron néd
tiép ) ctia da gisc A4,4,..4,. '

1L VIiDU MINH HQA.

Vi du 1: Cho hinh chép S.4BC cb ddy 13 tam gidc 4BC, cic canh bén SA=SB=8C=a. |
Biét ring ASB = BSC = 60°; ASC =90°. Thé tich khéi chép da cho Ia.

a3 a2 22 . 23
> !

Bo V="'—‘— C. V:
6 6 1

A V=

Loi giai:
D thdy c4c tam gidc ASB;BSC la cic tam gibc
déudod6 AB=BC=a.

Mit khic AC=+/S4% +8SC? =a2 =\ 4B? + BC*

Do d6 tam gidc ABC vudng tai B. _

Mit khic SA =SB =SC=a nénhinh chiéu vuéng

goc ciia dinh § xudng mit day I3 tim dudmg trdn

ngoai tiép tam gidc ABC va Ia trung didm cia AC,
V2 at a2

, a
Tacd: SH =“‘é'—;Sac =?=>_ Vs anc =—12—

4

Chon C.
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" Hige ob kinding dinh minh FOU O~ U FIYC DIvng Lidil ( Lap L)

- | Vi du 2: Cho hinh chép S.4BC c6 ddy la tam gidc ABC vudng tai B c6 AR=3:BC=4.
Biét ring céc mif bén cia khéi chép déu tao véi ddy mdt goc bing nhan va bing 60°. Thé
tich khdi chop da cho Ia.

v 3B py3B oy 3B
3 6 2 12
Loi gidi:
Ta ¢od: H 1a tim dudng tron ndi t1ep tam gidc ABC. 8
Laicd pr==S,.

Trong 46 7S ;5o =%74B;BCE"6"§"J4C':—-_ ABPYBCP =5

Suyra p:W:G:r=%=HK. y ‘ S,

\r

Khi 86 SH = rtan60°

5J§

Do d6 ¥ = %SH.SABC =1 Chon A.

Vi du 3. Cho hinh chdp S.ABC c6 day ABC 14 tam gidc cAn tai 4, v&éi 4B=3, BC=2. Cic
canh bén bing nhau va déu bing 4. Tinh thé tich ¥ cda khéi chép S.4BC.

apdBL gy oy By

| Loigiai

Ké SH 1 (ABC) tai H, taco

HA* =S4 — SH?
HB? = SB* —SH?
HC* =5C* - SH?

Baira S4=SB=5C=4=> HA=HB=HC
= H 14 tim dudmg tron ngoai tiép AABC
AB.BC.CA -

=S ="

(D

BC B
G01P AHNBC mi AB=AC = PB=PC= - =1

= AP=AB* —BP* =\[9_1=22
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Hgc & khing dinh minh

byt PRO S - Hinh Hoc Khong Gian (13p 1)

:>Sm.=%AP.BC=%.2J5.2=,2J§.____ L o

Thé vio (1) = 22 = 322 = HA—~—9£:>SH_JSA2 — 1681 _~862
4HA 8 32 8
Dodd ¥ =— SHSAEC 1 “86 2\/__—“43 Chon B

Vi du 4. Cho hinh ch(’)_p_ S.ABC c6 day ABC latam gidc cantai 4, véi 4B=3, BC=2. Céc |
canh bén bang nhau va cling tao véi mit ddy gbc 60°. Tinh thé tich ¥ ctia khéi chop S.4BC.

A=Y B. V=32 c. =33 p.y_ 33
2 2 2 y

Loi gidi
Ké SH 1(4BC) tai H, tacd

(A = S4° — SH?
HB? =8B* - SH?
HC*=SC*-SH*?
Baira S4=SB=SC = HA=HB=HC

= H 14 tim dudng tron ngoai tiép A4BC

AB.BC.CA
= 8, =2 1
4BC A4 H
. . _ BC
Goi P=AHNBC ma AB=AC= PB=PC=""=1

= AP=VAB’~BP* =J9-1=22

=8, —tapBC=L2022-22.
: w2 2

323 N2
Th 1 2 =S HA="
dvio () = 2= AHA 3

Tit SH L (ABC)=> (S4;(4BC)) = SAH => S4H = 60°
o SH 96
e = SH = =—

= tan 60 o7 B> AHA3 2

19J' J—_3f

Do d6 V=%SHSABC 22 ChenC
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Hoc ab Xhdng dlnh miah IV O — UL DY DUHUIE, Wiais (Lap 1)

Vi du 5. Cho hinh chop S.ABC ¢b day ABC 1a tam g;ac cAn tai A, vii AB>+/5, BC=2.

S.ABC.

Céc canh bén dtu bang # va cling tao véi mat day gbc 60°. Tinh thé tich ¥ cia khéi chép .

Léi gidi

Dit AB= AC=x>+5.

o K&SHAL(ABC) A8 H 8 0O~ e e

KT RL.

HA* = S4* - SH?

HB* = SB*-SH?

HC* =8C*-8C?
Biira SA=SB=5SC-—=>HA=HB=HC .
= H 14 thm dudng tron ngoai tiép AABC

2 2
s, —ABECCA 2% x ” >
4HA ~ 4HA 2HA

Tir SH 1. (4BC)=> (54, 4BC))=54H = S4H = 60"

SH _\B3 NE) J_QJ_ /6

sin 60° = SH = —SA -
Camd o sS4 2 2 4 3_
cos60°=E=l:>ITM=_SA=_1__.?£=.9‘/5
sS4 2 2 2 4 8
BC

Goi P= AHmBC’maAB AC=> PB=PC=— 5 =1

= AP = /AR —EPZ =Jx’-1=§ =-—1—BC.AP =i.2\/x2 —1=+x -1
ABC 2 2

=9
x 2xzx/5 *
Thé vao (1) = - =8x'=81{x"-1}=
1) =% 9( 5 (x*-1) x2=%



rrlphyviapindiinieg PRO S — Hinh Hoc Khing Gian {14ap 1:)

- Hge abkhing dlnk minh

Vidu 6: Cho hinh chép S.4BC cb day ABC Ia tam g1ac vuong cintaid, AB=AC=12a,
hinh chiéu vudng gdc cha dinh S 1én mit phang (ABCD) trling voi trung diém ciia canh 45,

biét tam gidc SBC vudng tai S. Tinh thé tich.ca khbi chop di cho.

3 3 3 3
Av=ZL B. v =22 c.v=32 1).V'=‘“/5
3 3 3 3 |

Lt gigi: _

+) Goi H 13 trung diém cia canh 4B ta dit:
SH=h=>SB*=h"+a*,BC* =8a".

+) SC? = SH? + HC? = I + AH? + AC? = i +54°
+) Tam giac SBC vudng tai S nén ta co:
SB*+8C? = BC* & 2k +6a° =8a* < h=a.

3
Dodé ¥ = %.h.Sd = %.a.2a2 = 2% . Chgn B.

Vi du 7. [SACH BAI TAP-NANG CAO HINH HOC 12] Cho tir dién ABCD. Goi d 13 |
khoéng cach gifta 2 dudmg thing 4B v CD vi o 12 goc gifta 2 dudng thing d6. Thé tich ¥
tir dién d4 cho 1a.

1 1

A V= E ABCDd sing B. V= g AB.CD.d.cosa
C.V= %AB.CD.d .sin 20 D.¥V= é ABCDd tana

Loi gidgi;
Ciach _1: Dung hinh hdp AEBF MDNC (dugc
goi 13 hinh hop ngoai tiép tir dién ABCD)

/\

N

Do (AEBF)[[(MDNC) nén chidu cao ciia khdi

hop bing khoang cach 4 giita 4B va CD.

Lai 6 ¥ yeur powe = Se-t = Sypnc 4

= %MN CD.singd = %AB.CD.&' .sina..

- Matkhédc V., = -;’- P — —é— AB.CDd.sina
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Hgc ab khdng Sjnb minh LA D — DI O DRUNNE, WA (R ap 1y

Cich 2: Dyng hinh binh hish 4BCE
Khi 46 V=V 305 (Do AEJ|(BCD) )-

1
Do 86 ¥ ssc0 =Vasco =54 (B;(CED)).Scpe

=—d(AB (CED)) CD.CEsina

= Ed (4B;CD).CD.AB.sino = %d.AB.CD.sin o 5

Chon A.

Vi du 8. [SACH BAI TAP-NANG CAO HINH HQC 12] Tinh thé tich khéi tir dién ABCD
bibt ring AB=CD =a,AC=BD=bh,AD=BC=c.

AV =l\/(a2 +b —cz)(bz +c —e::tz)(a2 +ct —bz)

B V————Ja +b2—-c )(b2+c2—a2)(a2+cz—b2)

\/_\[a +5 - b2+c —a )(az+c2-—b2)
J_\[a +b7— bl +c —az)(a2+cz—b2)

~diém cia cac canh OR,RP,PQ. "

Loigidgi
Dyng tir dign 4.PQRsao cho B,C,D lan Iugt 4 trung

Tacé: AD=BC =% ma D 14 trung didm cia PQ do
d6 AQ1 AP . Ching minh twong tr ta cling co 0
AQ L AR AP L ARV, oo = %.AP.AQ.AR )

1 1 i
Do Spep =ZSPQR = Ve =ZVA.PQR ='2_4AP AQ.AR

+ AQ = PQ* =44D" =4¢”
Mit khic AP+ AQ"=FQ ¢ Tids suyra { 40 = (a +ct -—b2)
AQ* + AR* = 4a*; AR* + AP* =4
: AR = 2(a*+b*—c*)
Do d6.¥ 450 = J_\/a +8*—c*)(8* +* ~a®)(a® +¢* - b?). Chon B.

2135
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Troe 0 ik ot ol RO S — Hinh Hoc Khing Gian (¥ip 1)

Hoe aé khing dlnh minh

Vi.dg 9: Cho khéi chép S.4BC -c6 SA=SB=SC=a, ASB=120°, BSC=60"

C'S4 = 90°. Tinh thé tich khéi chép S.4BC.

a2 B V2 &2 D a’\2

. . . C. . .
12 6 3 2

Lai gidi

Tam gidc SAB c6 S4 =SB = a, ASE=120°,

—> AB® = S4* + SB* —2.54.5B.cos ASB =3a* = AB = a3

' “Tam gide SBC o6 SB=SC =a, BSC = 60° = ASBC dbu.
Tam giac SAC ¢6 SA=SC=a, CSA=90°.

— ASAC vudng cintal S = AC = a2 .

Tam gidc 4ABC ¢6 AC” + BC? = AB® = AABC vudng tai C.
Goi H 14 trung diém ctia AC = SH L(4BC).

( vi S4=5B=5C nén ‘hinh chiu cia § trén mit phing

(ABC) tring véi tim dwdmg trdn ngoai tiép A4BC )

Xét ASHA vuéng tai H , c6 SH =+/S4* ~ AH*

Vay thé tich khdi chop 1a ¥, . = I 35H. Spipe = T Chgn A.

Vi du 10: Cho hinh chép S.ABCD c6 didy ABCD 14 hinh chit nhat: E 13 didm trén canh
AD sao cho BE vudng géc voi AC tai H va AB> AE, canh SH vudng goc v&i mit

hing day, goc BSH = 45°. Bibt AH =22, BE = a5 , thé tich khéi chép S.ABCD bang
p Y, & 7

3 3 3 ’ 3 :
lea® p, 32 J5 - c. 324 D, 32V5 .
35 15 J5 5

L gidi

Dit AB=x, AABE vubngtai A = AB’ + AE® = BE?

= AE =JBE' - AB° =1/(a\/§)z-x2 =52 -2
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Hog 88 khing djnh minh : IERUD — oInn ooc naeng-aaian { L3p-1)

Xét AABE vudng tai A, dudmg cao AH ,tacd

‘Loai x=a vi x=a= AE=2a> AB=a,viy AB=2a.

1 1 1 i 1 5

+ = = +—=
AE?  AB* A4H? 54 -x' X 44
x=a

o x =54 +44° =0<:>[
x=2a

S BH=NAF—am = gy BH__4a
Js tan BSH /5
s . : IR 1
Xét AABC vubdngtai B, dudng cao BH = ——+—=——- = BC=r————=4
_ ~ 4AB* BC* BH - AB?-BH?
- 1 1 4a 322°5
- Thé tich V:S'.ABCD =§‘SH'SABCD =§$2a4a ZT . Chgn B.

Vi du 11: Cho tr dién ABCD ¢6 AC=AD=a«[??, BC=BD=a, khoang chch tir diém B
dén mit phing (ACD) bang % Tinh goc gifta hai migt phing (ACD) va (BCD), biét thé

&5

27 ,
A. 90° B. 45° C. 30°. D. 60°.

tich tir dién ABCD béng

Loi gidi

Goi M 12 trung diém ciia CD.

Xét AACD cantai 4 vi ABCD cantai Bnén

{ﬁj i gg = CD L(4BM)= ((4CD);(BCD)) = AMB
Ké BH vubng goc v AM tal H = BH L AM .

Ma CD _L(ABM)# CD.LBH = BH 1 (4CD).

1 o3

=V ey = 3BH Spuco Ve d (B;(ACD))=BH = =5

3 2 .
o Sy =238 15:'“*/37="‘E.Bsucr_)=2x.
BH 21 3 3 _
2 z 2_ 2 1 22 az\/g
Suyra AM =JAC? —MC* =~2a* —x :>SMCD=5.AM.CD=x.\/2a ¥ =
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Hot 44 khing inh minh

Tios O xivioe G o PRO S — Hinh Hoc Khong Gian (Tap )

j_::»C’D_j_zBM—-JBcz ~CM? =

sin B~ PH V2 a0, WF)) =45°. Chon B.
BM 2
IIL[TT6028] BAI TAP LUYEN TAP |
Céu '1: {511435] Cho hinh chép S.4BCD c6 diy ABCD 1a hinh chir nhi,
AD=2a,AC =3a. Goi H 13 trong tAm tam gidc ABD, SH vudng goc véi mit phing da:.
Tinh thé tich khéi chop biét goc gitra SA va day bing 45°. o
3 3
C. 2a \/g . D. a \/g _
3 3
Ciu 2: [511436] Cho hinh chép .S.4BCD c6 d4y ABCD 13 hinh thoi canh a, tAm O, ga:

A. d. B. 24°.

BAD =120". Hinh chiéu ciia § trén mjt phing (4BCD) Ia trung diém H cta dogn 40. Géo
gilta SO va mit phing (ABCD) bang 60°. Tinh thé tich khdi chép S.4BCD.

3 3
A. @3 B, 24 ‘E. c.3 p. L.
3 | 8 | 8
Ciu 3: [511437] Cho hinh chép S.ABCD cé diy ABCD la hinh thoi canh 2a, tim O, g
ABC = 60°. Hinh chiéu cia § trén mjt phing (4BCD) 1a didm H thubc canh AB sao cho

AH =2HB. Géc gitta SC va mat phing (ABCD) bing 45" Tinh thé tich khdi chop
S.ABCD. )
3 3 3
A. . B. 4“9“/2_1. C. 2“;@. D. £ f

Céu 4: {511439] Cho hinh chop S.4BCD c6 ddy ABCD 13 hinh thang vudng tai 4 va B.
Hai mit phing (S4B) va (SAD) cing vudng géc véi ddy. Biét AD=2BC=2a v

BD = a/5. Tinh thé tich khdi chép S.4BCD biét géc gita SB va mit phing day bing 30°.
3 k} kS 3

@3 B V3, ¢ 2@V2. p, V2,
6 2 3 3

Céu 5: {511440] Cho hinh chép S.ABCD ¢b diy ABCD 14 hinh thang vuéng tai 4 va B.

Hai m#t phing (S4B) vi (SAD) cing Vubng goc voi ddy. Biét AD=2BC=2a vi

BD = a+/5. Tinh thé tich khéi chép S.4BCD biét géc gifta SO v& mit phing day bang 45°,
véi O 14 giao diém ciia AC va BD.

3 3 3 3
a\@;. B.Zaxfl_’. C.ﬂ. D.aﬁ.

3 3 3 2
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bepanidi

Hoc ab khing dinh minh LOVU O — U KPS DUIUNE il (Lap 1)

Ciun 6: [511443] :Cho hinh chép S.4BCD cb diy ABCD 13 hinh thoi canh a, goc

“BAD = 60°. Goi_I 12 giao didm ctia hai dudng chéo AC va BD. Hinh chiéu vubng géc ciia

S trén mit phing (4BCD) 1 diém H, v6i H 14 trung diém cita BL. Géc giita SC va mit
phéng (ABCD) bing 45°. Thé tich khéi chép S.4BCD 1a:

3 ' 3 3 3
A LV e L ) p. &4
12 48 . 24 36
Ciu 7: [511445] Cho hinh chép S.ABC ¢b diy ABC la tam gisc déu canh a, gbc gita

dudng thing S4 va mit phing (4BC) bing 45°. Hinh chidu vudng goc cia S trén mit

phing {ABC) 12 diém H thudc BC sao cho BC = 3BH. Thé tich khéichép S.4BC 1a:

A V2L g, £Y21 C.Dipénkhic.  D. a2l

18 36 27
Ciu 8: [511446] Cho hinh chép S.4BCD c¢é diy 4BCD la hinh chit nhat tim
1,48 =2a3,BC =2a. Chin dudng cao H ha tir dinh S xudng ddy tring véi trung didm

cia DI. Canhbén SB tao véi day mét goc 60°. Thé tich khéi chop S.ABCD la:

A. 362°. B. 184°. S C 124 ~ D. 244
Ciéu 9: {511449] Cho hioh chép S:ABCD c6 diy ABCD 14 hinh thang vudng tai 4 vi B va
SA L (A4BCD), biét AB=BC =a;4D =2a. Canh bén SD = a5 va H 1 hinh chiéu cda 4
1én SB. Thé tich hinh chop S.4BCD vi khodng céch tir H dén mit phing (SCD):

A 3¢ 54°V6 B 3d° a6 & 506 D @ a6
T2 v 27127

6 —
7 2 276 . 2 _
Céu 10: [511455] Cho hinh chép S.ABCD cé diy ABCD 13 hinh vuéng canh a. Hai mit
phing (S4B) va (S4AD) cing vudng goc v6i mit phing (ABCD). Pudng thing SC tao véi
day mot gbc bang 45°. Goi M, N 14n luot 14 trung diém ctia canh 4B, AD. Thé tich ciia khéi

chép S.MCDN 1a bao nhiéu? _ -

5(136 542 Saa-\E Saax/i_l.

. B. . C. . D. .

12 6 8 24

Cau 11: [511458] Cho hinh chép S.4BCD ¢6 diy ABCD 13 hinh thoi canh 4, tim O, géc

ABC = 60". Hai mit phing (SAC),(SBD) cing vudng goc véi mit phing (4BCD). Canh

A,

bén SC =§. Thé tich hinh chép S.4BCD vi khoang céch tir 4 dén mit phing (SCD):
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A& adsT a3 2a57
A, va —, - Ce e B. va .
12 19 . 6 19
@3 [ ays7 23, 2a57
C. va . D. va .
6 19 12 19 :

Cau 12: [511460] Cho hinh chép S.4BC c6 day ABC 13 tam giac déu canh 4cm. Canh bin

SA4 vudng goc véi day va SA=4cm. Liy diém M trén canh 4B sao cho ACM = 45° Goi
H 14 hinh chiéu clia $ trén CM. Goi 1, K theo thir tu 13 hinh chiu ciia 4 trén SC,SH. Thé

tich ciia khéi tir dién SAIK tinh theo cm® bing:

A. E B. 9. C. 3. D. E

3 9
Céu 13: [511463] Cho hinh chop S.4BC ¢6 day la tam gidc cin, 4B =A4C = a«fg, BC =4y,
dudmg cao 12 S4 =a/3. Mot mit phing (P) vudng géc v6i dudng cao AH ctia day ABC
sao cho khoang c4ch tir 4 ¢én mit phing (P) b?arig x. Dién tich thit dién cta hinh chép i
cat bdi mit phing (P) la: B
A. #/15x(a=x).  B. 43x{a-x). C. 2v5x(a-x).”  D.2415x(a~x). _
Ciu 14: [511464] Cho hinh chép S.4ABCD c¢b6 ddy ABCD la hmh vudéng canh ¢,
SA=a,AB =a. Hinh chiéu vudng géc cia S trén (4BCD) 1a diém H thudc canh AC sso
cho AC =44H. Goi CM 13 duwong cao cha tam gide SAC. Tinh thé tich tir dién SMBC.

3 3 , 3 - 3
A Y2 B. £, c, Ylda p, Ylda
15 43 15 43

Cau 15: [511467] Cho hinh chép S:ABCD cb day ABCD 1a hinh chit nhét c6 canh
AB=qa, AD =2qa. Diém I thudc canh. 4B vi IB=2J4. SI vudng géc v6i mit phing

{(4BCD). Géc gitta SC va (ABCD) bing 60°. Thé tich ciia khi chop S.4BCD la:

3 3 ) 3 3
A. 2‘/19_5“_. B. ‘/f“ . C. 4‘/39_0“ . D.-Jf“ .

Céu 16: [511471] Cho hinh chép S.4BCD cé ddy ABCD la hinh chit nhit tim O, 4B =q,
AD =a\3,50 1 (ABCD). Khodng céch giita 4B va SD bing ?—;E. Thé tich khéi da dién

'S.4BCD biag;. -

3 ' 3 3 |
A."‘/E B.‘“[g c.‘“/5 D.“‘E.

30 8 37 6

220



tioe b kndng gjnk wink : FEOU-D — DA H9C KOOME Widl (138D 1)

Céu 17: [511473] Cho hinh chép S.ABCD cb iié}y_ ABCD 13 hinh vudng, AB:an,

AD=a\3, 841 (4BCD). Khoang cach giita BD va SC bang 9—2\/—5— Thé tich khdi da dién

S.ABCD bing: _
s .
A B. 24°\3 c. 2 \E. D. &*f6
N 3 .
Can 18. [511475] Cho hinh chép S.4ABCD 6 day ABCD Ii hinh chit nhat tim O,

I

AB=g, 4D =av3, SAJ_(ABCD) Khoang céch tir O dén mit phang (SCD) bang

Thé tich khéi da dién S.BCD 1a
3 3 ’ . 3
a3 p. 22 ¢. &l D; '3
6 3 10
Céu 19, [511476] Hinh chép S.4BCD ¢6 diy ABC 14 tam gidc vudng cén dinh B . Canh
AB=a . Biét S4=SB=S5C = a. Thé tich khéi chép S.4BCD bing:’
. ) _
A. la3 B. 2 V2 C. la3 D. 1a3
2 6 6 3

Céu 20. [511477] Cho hinh chép S.4BCD 6 ddy ABCD 14 hinh chit nhdt, S4 L (4BCD),

AB=S84=1,4D=+/2. Goi M,N 1in luot 1 trung didm cia AD vi SC,I 12 giao didm cia
. BM va AC . Tinh thé tich khoi tir dién ANIB la:

L Z & Yo

,, g Ba - : C- el . D. _
36 12 18 36

Ciu 21. [511479] Cho hinh chép S.ABC cb diy ABC 13 tam gisc déu canh a, mit bén S4B
14 tam gi4c vudng cén tai S va nim trong mit phing vudng goc véi mit phing d4y. Thé tich
khdi chép S.4BC la:

Céiu 22, [511480] Cho hinh chép S.4BC co dhy ABC 13 tam gide vuong tai B voi
AB=a,BC=av2,54=2a vi SA L (ABC).Biét (P) 1d mjt phing qua 4 va vudng goc véi
SB . Tinh di¢n tich thiét dién c4t b&i (P)va hinh chop.

A 4q° \/12 4a* 8a2-\/ﬁ 4a2x/g

B. C, == D. ,
35 503 25 15
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Céu 23. [511481} Cho hinh chép tam gidc S.ABC ¢b6 4B =5a,BC =6a,C4d=7a. Cic mit
 bén (S4B),(SBC), (SCA) tao véi day mot gée 60°. Tinh thé tich khéi chop.
A. 8/34° B. 634° C. \f3d D. 5v34

Céu 24: [511482] Cho hinh chép S.ABC, ddy ABC c6 AB=10cm,BC =12cm, AC =1l4cni,
cac mit bén cling tao v6&i mit phing ddy cic gbc bing nhau va bing a véi tana = 3. Thé tich
cfia khdi chop S.ABC 1a:

A. 228cm’. B. 576¢cm’”. C. 192¢m’. ~ D.384cn’.
Chu 25: [511483] Cho hinb chép S.ABC c6 diy ABC 1A tam gidc cén
AB= AC=a, BAC =120°, cic canh béri bang nhau va cing tao véi day cdc gbe 30°. Thé tich
khbi chép S.4BC la:

3 3 3 3
V3 B 2. c. @ . &
12 4 4 12

Cau 26: [511484] Cho hinh chép S.ABCD co diy ABCD Ia hinh vubng canh 10cm, céic

miit bén cling tao véi mit phing day cac goc bing nhau va bing a véi tana =%. Thé tich
khéi chop S.ABCD 1a:
A.600cm®. ~  B.300cm’. C. 900cm’, D: 1200cm’.

Cau 27: [511487] Cho hinh chop S.4BC c6 diy ABC la tam gidc ddu canh a, cic canh béa
bing nhau va ddu bing ‘g\/i. Thé tich ciia khdi chép S.4BC 1a:

Ciu 28: [511488] Cho hinh | chop S5.4BCD c6 diy ABCD 1a hinh chir nhit cana
AB=a,AD =2¢. Pinh S cach déu cic dinh 4,B,C,D cia mijt diay va SB = a~f5. Thé tica
khéi chép S.4BCD 1a:

@15 B.. “3‘[1?. _ c. &V15. p, V15,
8 6 _ 4 - o 3
PAP AN TRAC NGHIEM

01.C |02.D. [03.B |04.A [05.C |o06.C 07.B |08.C 09.D [10.D

11.B |12.D [13.B [14.D (15.C [16.A |17.D {18.B {19.B |20.B

21.C [22.A 23 A |24.C |25.D |26.B |27.C [28.D
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Chu dé 14
[TV6029] THE TICH KHOI LANG TRU DUNG

1. LY THUYET TRONG TAM VA PHUONG PHAP GIAT
1. Ly thuyét '
Hinh ling tru dimg 13 hioh c6 d4y 13 mot da giéc va canh bén vudng gbc véi mit phing day.
béy 1a tam gidc, hinh vuéng, hinh thoi, hinh thang, hinh binh hanh ..
Phlrong phap giai

s -——Céhg thirc tinh-thé-tich kiiéi lang try dimg V=S v6i S 1o dién-ticl da giscday vaH A
chiu cao ciia khéi lang tru. Dign tich da gidc ddy d3 duoc gun thigu & thé tich khéi chép. Va

- sir dung kién thirc v& géc cling nhw khoéng cach d tim c4c yéu td lién quan 13 chidu cao va
dién tich day.

IL VIiDU MINH HOA

Vi dg 1: Cho hinh lang tru dimg ABC.A'B'C' ¢6 day ABC 13 tam gidc véi
AB=a, AC=2a BAC =120, canh Ad'=a-/5. Tinh thé tich khéi lang try ABC.4'B'C’,

3 3 3 3
Ay o215 B. V:“;/E. C.V='53—‘E. D.V=“2‘E’.

Loi gidi
Ap dung dinh 1y Sin trong tam gidc 4BC, tacé

a3
2

Spize = %.AB;AC. sinBAC = _21_'a_2a_5in 120° =
Thé tich clia khéi ling try ABC.4'B'C" 14

a3 B 215
2

Viscape = A4Sy = as. 5

. Chon A.

Vi du 2: Cho hinh ling try dimg ABCD A'B'C'D' ¢6 day ABCD 14 hinh vudng canh 2a.
Tinh thé tich khéi ling try ABCD.A'B'C'D" theo a biét A'B=2a2.

A V=4a3JE. B. V=8a3J§. C.V =24\2. D.V =84".
Loi gidi '
Trong tam gidc vudng ABB', tacd AA'= m 2a.
Dién tich hinh vuéng 4BCD 13 S,,, = ABAC =2a2a=44>.

Thé tich khdi hop ABCD.A'B'C'D’ 1a VABCDHCD =A4'S pop =8a°. Chon D.
223
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Vi du 3: Cho hinh ling tru dimg 4BCD.4'B'C'D’ cb day ABCD i3 hinh thoi canh a,
BAD =60, Brromg chéo 16n cda day ABCD bing dudng chéo nbd ciia ling tru. Tinh thé tich
ciia khéi ling try ABCD.A'B'C'D".

3 ) 3 3 3 [z
A.V=an. B.V:“‘/g. C.V:“‘/g. : D.V:“‘/g.
6 2 3 12
Lo gidi '
Tam gidc ABD cintei A, cé BAD=60° = A4BD d&u = BD =a.
B o4

Goi O 13 tim ciia hinh thoi ABCD => BO =% .

= A0 = J ~BO* = :>AC a3

Theo baira, tacé BD'= AC=a"/3.
Xét ABDD' vubngtai D, taco

DD =\BD"~ BD? =.f(a 3)2—a2 —avZ.

Thé tich cta khéi lang tru 14

azﬁ_a:K/E
2 2

V =DD"S pep = a2,

. Chon B.

Vi du 4: Cho hinh ling tru démg ABCD.4'B'C'D", d4y ABCD 1 hinh thoi, goc BAD = 60' .-
Goi M 14 didm thudc midn trong ciia hinh thoi ABCD, biét 4'M tao v6i mit phing (4BC)
mét goc 60° VA A'M =4 . Thé tich ctia hinh l4ng tru bing 12. Tinh AB.

A. AB=2. B. AB=2./3. C. AB=4.  D.AB=43.
Loi giai _ ' '
— BD=x 2 A’ D
Pit AB=x, BAD = 60° = :>SABCD=£. : \
AC=x3 2 N A
Ta o6 AA'L(ABCD)=> AM 1a hich chiu cia A'M wén | g\ L N
mp (4BC) = (4'M;( ABCD)) = (4'M; AM)) = A'MA=60". At
: . S ]
e AA" sl
Xeét Ad' AM vudng tai 4, ¢6 sin A'MA=—1"r=> A=23 AN T AN
Thé tich khéi ling trg ABC.A'B'C' 1A Vjpe ypce = AA' S 150 - el Y
xzf

=238 .0, =122 8,50 =243 = & x=2=> AB=2. Chon A.
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Bai todn twong ty [Ban doc ty gidi]: Cho hinh lang try dimg 4BC.4'B'C" c6 day 4BC la

- -tam-gidc vudng tai B, BA=BC=1. Canh A'B izo voi diy (4BC) gbéc 60". Tinh thé tich

ling tru ABC.A'B'C"..

A V= | 3 3 L

B. V= ‘ C.V=—. D.V=-
6 2. 2

Vi du 5: Cho hinh l#ng tru dimg ABC.A'B'C' cb day ABC; la tam giac co

AB=a, AC=2a, d5 dai dudmg trung tuyén AM = % v d6 dai dudmg chéo cita mit bén

BB'C'C bang 3a . Tinh thé tich khéi chép 4.BC'4'.

3 .3 ' 3 3
Av=%, B. V=32 c.v=4 p. v =22
3 T3 3 3

Loi gigi

. 2
Xét AABC,c6 AB* +AC* =5a" = 4.[#] =4 AM?.

2
= AABC vudng tai 4= S, 50 = IABAC—aza .

Xét ABB'C' vubng tai B', cd B'B=+BC"?~B'C" =2a.

1 12
Ta co VA BC' A" VB.M'C' 3 VB Arce = '5 g VABC.A'B'C'
1 1 1 . 2a

= S'VABC.A‘B'C' =§'AAI‘SMBC =§.2a.a' = T Chqn D.

Vi da 6: Cho hinh ling tru dimg 4BCD.A'B'C'D" ¢b day ABCD 1 hinh vuéng. Biét ring
hai mit chéo BCD'A', ADC'B' vubng gbc voi nhau vi dién tich ciia méi mit cheo nay la

2 2. Tinh thé tich ctia khdi ling tru &3 cho. _
A V=4d. B. ¥ =2V24" C.V=a. D. V=84’

Lo gidgi _
Hai mit phing (BCD'4'"),(ADC'B') vudng goc v&i nhau suy ra 4'BLA'B vi
CD'LC'D. '

Ma ABB'A' 14 hinh chir nhét két hop véi 4'B L 4'B
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=> 4BB'A' 1a hinh vudng. Dit AB=BC=x. B ..
Tacd A'B=xv2, BC=x=> S,p0 = 2=a2\/5.
Viy thé tich ciia khéi ling tru ABCD.4'B'C'D' 1a

. 1 W33
Viscoapon = AA"S yop =x° =a’. Chen A.

Ché ¥: Ban chit ABCD.4'B'C'D" 1a hinh lap phuong

1
canh @2V pep open =4,

A

Vi du 7: Cho hinh ling tru dimg -ABC.A‘B 'C' ¢b day 1a tam giac déu canh 1, khoédng céch bir |

tam clia tam gidc ABC dén mit phing (4'BC) bing 1. Tinh thé tich ctia khi Hing tru.

A2 B. —‘/l—_z C. 3‘/_ D. ﬂ
16 16 16 8 B

Lvi giai
Goi 7 13 thm tam gidc ABC, M 1A trung diém cua 4B.

d(A (4'BC)) am 3 572 7 P
4
M
. B I,’
d; I

_ M
(4BC) 7

Xét 1l dign A'.ABC cb A'A L(ABC).Ké AH LA'M ().
Ta b {AM_LBC

= BC L(A4'M)=> BC L AH (2).
A'M 1L BC

Tir (1), (2)= 4H L(4'BC)=> 4H = d(A (4'BC))=

Xét A" AM vubng, ¢ 12= 12+ Iz A'd=
. AH® AM® 4'A

V6 3_32
4

h]& NI’_'

—=-—— Chon C,

Vay thé tich Ve ype. = A4™S, 1o = T
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Vi du 8: Cho hinh ling try dimg ABC.4'B'C" cG'dédy ABC la tam gidc déu canh a. Goi N,

-I twong g la-trung diém cla cic canh 4B, BC . Goc gilta mit phing (C'AI) va mat

phing (4BC) bing 60°. Tinh thé tich ciia th dién C'ANI.

3 . 3 3 3
Av==L, B. v=%, c.v=2 D. V=2
4 8 16 32
Lai gidi : '
Tacod AI L BC va AI 1 CC' :>AI_L(BCC BY). A’ _ C
= Al 1.C'T=((C'AI);(4BC))=C'IC = 60°. | ' /,:,’r'
e
e e D-ACLIC-vubng tai C nén CC'= CLtan C'JG = “;/3_ . A s ’_/-’-7--’--\-
. B.l’ /’ fl
2 2 s 7
Lai 6 S, =8, 50 = .2 @B a3 o A1 7
4 474 16 XL
S 4
1 141\/3T aZJ‘_a S VL SN SR
V8 Ve =3 CC S =5~~~ =55 Chem D. AN /c
1 ] %3
—d(1;,(4B N
Hodc S"“m =2 ( ( )) =l:>SMM=SM3C !
: :
2d(ci(4B))-a8 * B

1 ¥ 1 ' V ‘ .n '
Khi 86 Ve =V 3.CC .‘S'AMr :E_CC S = AB(;;BC )

| goc 30° vi A4'=a+f3. Tinh thé tich khéi hop.

Vi du 9: Cho hinh ling tru ddng ABCD.A'B'C'D’ ¢b ddy ABCD 14 hinh chir nhat. Mt
phang (A BC) hop voi day (ABCD) mét goc 60°. Canh 4' C' hcrp voi day (ABCD) mit

A. V=246 B. V= Za?/d. C.V=a3. D. V=6
L giai '
Tacd 30° =(W=M=m Fr g
Tain giac vudng 4’48 ¢6 AB =L:-__.za. ;
tan 4'BA Sl e —{ D’
Tam giac vuéng 4'AC cb AC'—"——'J#A,:-.H—=3a. | \‘,:E_._::::::I: 2nn
| tan A'CA J /e
Tam gidc vudng ABC, c6 BC = AC*— AB® =2a/2. S _/,x"'
Dién tich hinh chit nhét S ,,, = 4B.BC = 2a*V/2. p £ D

Vay ¥ pep agep = AA'S o = 2a°\J6. Chon A.
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Vi dy 10 [THPT THANH CHUONG — NGHE AN]J: Cho ling tru ding ABC.A'B'C' ¢5 |
canh BC =2a, goc gitta hai mit phing {4BC) va (4'BC) bang 60°. Biét dién tich cta tarn |
gidc A'BC bing 24, Tinh thé tich clha khéi ling tru ABC.A'B'C".

3 k}
AV =3d B. V =a’3. C. V=ZTH. D. V=“3‘/§.
Lo gidi B
Goi H 13 hinh chiéu ciia 4 trén BC = AH 1 BC. A ' C
' ~ (44'L BC
Taco A4' L (ABC)= = BC L{4'4H).
AN AH L BC

(iremtesne s - Gaeyieae)- e

2'SM'8C — 4_‘12

BC 2a

Lai 6 S, p0 =%.A‘H.BC:> A'H = =2a..

Xét Ad'AH vudngtai 4, co

sin A' HA z% = AA'=sin 60°22 = a-/3.

Va AH VA H A A =a=> 8. . =L AHBC=d.
AABC 2

Viy thé tich lng tru 13 Vs ppc. = A4S, g = aa’\3 =a"V3. Chon B.

Vi dy 11 [THPT CHUYEN SU PHAM — HA NOIJ: Cho hinh ling try dimg ABC.A'B'C |
c6 déy la tam gidc vudng cén dinh A, mit bén BCC'B' 14 hinh vudng. Khoang cach giita ha.
dudng thing AB' va CC' bing a. Thé tich cia khéi lang tru 4BC.4 'B'C’ bing
3 3
a \[5 a \/i C. a3\/§.

A. . B. .
2 3

D. &°.

Léi gii
Tacé BB'||CC'= CC'||(4BB"). _
=d(A4B'CC")=d(CC(4BB")) = d(C;(4BB")).
Tam gide ABC vudngtai 4= AB 1 AC (1).
ABC.A'B'C" 1a hinh lang try dimg = BB' L AC (2).
Tir (1),(2)= 4C 1(4BB") = d(C;{4BB"))=AC=a.
AABC vudng cantai 4 = AB= AC=a= BC=av2.
BB'C'C 14 hinh vuéng => BB'=BC =a+/2 .

a2

' Viy thé tich 3 ¥V, iy = AA'S, e = — - Chon 4.
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Vi du 12 Cho hinh lang try dimg ABCD.4'B'C'D’ ¢b ducmg cao &, mit phang (4'BD)

tao voi mat bén (ABB A ) gbc 60°, day ABCD 14 hinh vudng. Thé tich cia khéi ling tru da
cho bang 16. Tinth d6 dai 4. -
A h=2. B. k=22. C. h=+3. D. h=4.

Lé&i giai

Ké AT L A'B.C6 AD L mp(4A'B'B)=> AD 1 A'B.

Do A'BLAD va {'BLAl nén c _F

A'B L mp(4ADI)=> 4'B L DI. | /
’ |

Vay = DIA=((4 BD);(ABB )= 60".

Xét AADI vubng tai Azcotazﬁi@AI=£Q. P o ok

AD NE) ’ T R

R . 1 1 1 ! <
Xét AA'AB vubngtai A= — =——=+——. ’

AI* 44" 4B 14>

3 1.1 el 2 2 '

AD* B oAD' T B AD*

Do 6 ¥ pep ppicpy = A4S jpop = A AD? =21’ =16 = h=2. Chgn A.

< AD? =242,

Vi du 13: Cho ling try dimg 4BC.A'B'C" day ABC 1a tam giac vudng cin tai 4. Goi E 14
trung diém B'C", B'C cht BE tai M . Tinh thé tich ¥ ciia khéi tir dién ABCM biét d6 dai |.
céc canh AB=3a, A4'=6a.

LAV L B 2d% L - G362 - . Do6d
Loigiai ,
Goi H 12 trung diém cia BC = 4H 1 BC. N S

Ma BB' L AH  (4BC)=> AH L(BB'C'C).

1
Viscw = E-AH Ssncns 14 S -
Suyra = —ABCM . Dascy (1) 3

1 V
. 488C'8 VBgcs
| — 3 AHSppc0

BC_BM _1
B'E EM 2’

Tacd ABMC ~ AEMB'=

;d( M;(BC))== (B (BC))=——BB'

= Sppen = %d (M;(BC)).BC =

BB [.BC =' SBB'C'C (2)-
3 3
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, 1, 1. | .
Tu (1)’ (2) =Vipon = EVA.MQ:-C = 'j'(pasc.a'g'c- - VA‘.A'B'C')’ 5 B

1 1 2
= E[VABC.A'B'C' _'?',' VABC.A'B'C‘J = E'VABC.A’B'C"

2 ., 4B 2 1 2
= Vipou = 9 —.A4' — 5 _3-60:5(30) =6a’. Chon D,

Vi du 14: Cho hinh lang try dimg ABC.4'B'C' c6 ddy ABC la tam gidc cn tai C, AB=a.
AA'=a. Géc tao bdi dudong thing BC' va mit bén (4BB'4") bang 60°. Tinh theo a th:

tich ciia khéi lang tru 4BC.4'B'C".

3 3 3 -3
V15 B. % c . D. Z..
4 4 12 3
Loi gidi
Goi H latrung diém A'B'. Tacé C'H 1 A'B'. A C

Ma A'AJ_C'HC(A'B'C') nén C'H _L(ABB'A').

Do d6 BH 14 hinh chiéu ctia BC' 1én mit phing (4BB'A4")

Hay {BC';(4BB'4"))=(BC",BH )= HBC"=60".
Tacé B'H="— A'B =2~ pH=VB' B +B' H* =f-\/§.-. S S 5 B |
2 2 2 AN P v
tanHBC'=tan60°—ﬂ:>CH tan60°.BH=£a H
BH 2 7
2 : B’
Nén S, pc =o.C'HA'B' =1 “‘/_ Ve
2 2 4
2J_ J_S
Vez.yVmcmC = AA'S, jpoe = A —— 2 a’. Chon A.

Vi du 15: Cho ling try démg ABCD.4'B'C' D' ¢6 déy 14 hinh thoi canh bing 1, BAD =120°.
Géc gira duong thing AC" va mét phing (ADD'4") bang 30°. Tinh thé tich cia khdi ling
tru ABCD.A'B'C'D’.

V6 o DV =4

A. V=46 B. V=", C. V=2,
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Lo gidi
~ Hinh thoi ABCD 6 BAD =120°, suy ra ADC = 60" Do d6
tam gidc ABC v& ADC i cic tam gidc déu.

NG

Vi N latrung didm 4'D' nén CN LA'D' va CN = >

: ) Suyra30°=m)=M=ﬁN.
" Tamgidc CAN, c6 AN=—SN_ -3,
tanC'AN 2

Tam gidc AA'N, c6 A4 = AN? — AN* =2.
J6

Dién tich hinh thoi $ ;.p, = AB.sin BAD = % V8Y ¥ sco.ecrr = A4'S sacp =~ Chon C.

Vi du 16: Cho hinh ling tru dimg ABC.4'B'C' c6 ddy 4BC la tam gidc vudng tai B,
AB=2a, AA'=4a vi A'C=6a. Goi M 1 trung diém chia 4'C", I 1a giao diém cha AM
va A'C. Tinh thé tich cia khi tir dién L4BC.

a2, 1682 . 4d' 2 2,

| A V= .. B.V= . c.y="21E D. V=
3 3 9 9
i Lo'tguu o
' Ké IH 1 4C, HeACthuHi(ABc) N . i
| r
‘ Do d6 [ 14 dwdng cao ciia tit dién IABC. AN
.
Taco-—l-A—-AM l11c‘=,1:1-(—:1=2-. ‘ I/f\ B
IC AC 2 c4' 3 - S
£ 3 "\
; ‘
VilH||A'A nén —— H _ gsuyralilr{:g—a. . ; :
A4 CA' 3 3 !
3

Va AC=A4'C -4 4 =|(6a)' ~(4a) =25a. A

" BC=AAC* - AB? =~/20a* - 4a® =4a.

. 1 1 8a
Dodd .V, 5o = 3MSABC 373

— 4a* = 392 . Chon D.
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Vi dy 17: Cho hinh lang tru tam gidc déu ABC.4'B'C' ¢b AB=a vi AA'=b. Biétring gic |
gitia hai dudmg thing AB' va BC' bing 60°. Tinh thé tich cia khéi ling tru 4BC.4'B'(C"
theo a.

3 . 3 {7 3 3
Ay=EP ) c.y-2¥6 p.y=&V6
2 2 3 _ 4
Léi gigi : o
Ké dudmg thing BD || AB' ¢t A'B' tai D. 4 c

Nén (4B',BC")=(BD,BC")=60° < DBC' = 60°.

Tacé BD = AB'=BC' nén BD=BC'=~Ja’ + b7 .

Vi AB'C'=60"= DB'C'=120°.

Ap dyng dinh 1V ham sb Cosin ADB'C ', ta duoc

DC®=B'D*+B'C*-2B'D.B'C'.cos120°.

Hay DC'=a+3. Vi DBC'=60" thi ABDC' 14 tam gidc

déunén BD=BC'=>Ja’+b =a3 <= b=a2.

V3 _ a6
4

. Chon D. D
4

V&Y Ve imer = A4S 0 = a2,

Vi dy 18: Cho khéi ling tru ding ABC.4'B'C", déy la tam gide ABC c6 BAC = 60°; AB =i
v AC=4.Goi M 12 trung diém ciia B'C", biét khoang cach tir M dén mit phing (B'ACH

6415
5

. Tinh thé tich ctia khéi lang tru ABC.4A'B'C".

bing

A B2 . C4 . D.1 -

1
"3

Loi gidi

Dién tich S, = %AB.A C.sin BAC =343

Ké BE | AC; BF L B'E.Khid6 BC 1 B'B va BC L BE

Suyra BC L BF = BF 1(B'AC)=>d(B;(B'AC))=BF .
343

Do d6 BE = AB.sin BAC = 3.sin 60° ==

Ma d(M;(B'Ac))=-;-d(c;(B'A'c)) =~;-d(B;(B’AC)).

315

- %BF == Xet ABB'E vuong tai B, ta duge

Ly L pp BEBF _ | = Ve owe = BB'S ;e =1. Chon D.
BB BE" BF° JBF-BE* 33 ' -
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III. [TT6030] BAITAP TU LUYEN C LTyt

“Céul. [512910] Cho kh01 lang try dimg ABC.4 B, C, c¢b diy ABC 1a tam gidc vudng cén ta1
B v&i BA=BC=2a _(A,C) hop véi day mdt goc 60° . Tinh thé tich khéi lang. try

) ABC.ABC, 1a:
A . 4a3 JE
_ A Ve, ABC 3 B. VABC.A,B,Q =4a3-\/g
4a3«f5 4a3\/§
—_ C. VABC ABC, T 9 D. VABC.A,B,Q =T

Ciu 2. [512911] Cho khdi ling tru dtmg 4ABC.4B,C, cb diy ABC 1a tam gidc vudng cén tai

B b BA=BC=2u, bift AM=3u véi M 1 trang diém otia BC—Tinh thé-tich khéilang—

try ABC.4.BC, la:

' 4q°
A Viscanc =4d’ B. Viscane = 3
43 ' |
‘ C. VABC.AlB,C, = 3 D. Ve use, =4a*\f3

Ciu 3. [512912] Cho khéi ling tru dimg ABC.A4B,C, c6 ddy ABC la tam giac vudng cén tai
B, biét BA=BC=2a vi (4BC) hop voi diy mdt géc 30°. Tinh thé tich khéi lang try

ABCABC, 1a:
4’3
AV e 4BC, =6a’ B. Viscusg = o
_ 4a3x/§
C VABC,{‘BC “4a3\/— B D. VABCA,B,Cl

Cau 4. [512913] Tmh thé tich ¥ clia Kkhéi lap phuong ABCD.A'B’ C D', biet AC'—a\[_

3\[—a
4

A V=4 B. V= C. ¥ =334° , D.V=§a

Cau 5. [512915] Cho khéi ling tru déng ABC.4B,C, co day ABC 13 tam gidc vudng cén tai
A, canh BC=a2, AB=3a . Thé tich khi ling tru ABC.4,B,C, 1a:
a’\2

A. VABC ABGC T B. VABC.A,B,C, =‘13‘/§

C. P:!BC ABG = =6q’ D. VABCAB,C =24’
Ciu 6. [512916] Cho kh01 Iing try ddu ABC.4B,C, c6 canh d4y bing a, mit phang (4,BC)

hop véi day mét goc 450 . Tinh thé tich khéi ling tru ABC.4 B,C, 1a:
3

. a ) 3a3
A. VABC‘ 4nc =g B. Visc.ase, =g .
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&3 . a3
C. VABC.A,B,C} = g - R ) VABC.A,B.C. _="“4|_

Céu 7. [512917] Cho khéi ling try dimg ABC.AB,C, ¢b ddy ABC véi AB=a,AC=2a vi
BAC=120°, mit phing (4,BC) hop véi dy modt goc 60°. Tinh thé tich khéi ling tra
ABC.ABC, 1i:

2’21 30’21
A. VABC.A,Bic, =T . B. ABC.ABC, =T

a7 a7
C. VABC.AlB,Cl =T : D. VABC.A,B;C, =“?

Ciu 8. [512918] Cho lang tru dimg ABCD.ABCD, c¢b day ABCD 13 hinh chit nhit véi
AB =2a,AD =a va dudng chéo B,D cia ling tru hop véi ddy ABCD mot gboe 30°. Thé tich
khoi lang trg ABCD.4,B,C,D, 1a:

2a° 15 2815
A. VABCD.A,B,C,Q = B. VABC‘D.Al.B,Cll'), =
9 3
> \/g 2 \/5 .
C. VABCD.A,B,QD, = 3 Df V:wco.dls,c.a, =‘9_

Ciu 9. [512919} Cho lang tru tr gisc ddu ABCD.ABCD, o6 canh ddy bing a vi ms
(DBC,) véi déy ABCD mot goc 60°. Thé tich khéi ling try ABCD.4,B.C,D, 1a:

a2\3 @3
A. VABCD.A|B,C,D[ =‘T B. VABCD.AIB,C,D( = 9

6 ‘ , R
€. VABCD.A,B,C[D, = 5 D. VABCD.AIBIQD[ =-._g._

Céu 10. [512920] Cho khéi J3ng try dimg ABC.ABC, cédiy ABC 14 tam gidc vudng cn tai
- 4, canh BC=aV2, 4C tao v6i iy mdt goc 60°. Thé tich khéi ling try ABC.4B,C, 1a:

3cz3x/3T .
A. VAFC-AIBaC'I :T B. VABc‘.A,s,q '—‘3‘13‘\/5

3

@3 .
C-Viacane, =5 D. Ve gz, =62°\3

Céu 11: {512923] Déy cta ling tru dimg tam gidc ABC.4'B'C" 14 tam giéc déu, Mat phing
(4'BC) tao véi déy mdt géc 30° va dién tich tam gidc A'BC bling 8. Tinh thé tich ling try.

A. 843, B.Dipankhic.  C. 443, D. 16+3.
Cau 12: [512924} The tich ciia khéi ling tr dimg tam gidc d&u cb tht ca c4c canh déu bing a 1i:
3 3 3 ) 3
AL B. 2 ‘E. C. ﬂg_, p. ‘/5.
2 2 4 12
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Céu 13. [512925] Cho kidi ling tru dimg ABC.4,B,C, ¢6 ddy ABC 1A tam gidc vudng cén tai
A, canh BC=av2,(4BC) hop v&i mit day mdt goc 30°. Thé tich khdi ling tru
ABC.4BC, 1a:

V3 &3

A. Ve ABC = 6 B. VABC.A‘B,CI =?
26 ' a6
C. VABC.AlBiq =_3"6— D. Ve ABG T

Chu 14: [512926] Cho binh ling try dimg tam gidc ABC.4'B'C" co ddy ABC 14 tam gidc
vubng tai 4 v6i AC=a,4BC =60°. Biét BC' hop v6i (44'C'C) mdt gbc 30°. Tinh thé

A. 6. B. Pap an khac. C. 24°\2. D. a*/5.

Cau 15: [512927] Cho hinh ling tru dimg ABC.4'B'C". Py ABC 1 tam gidc déu. Mt

phing (A'BC) tao v6i ddy gbc 60°, tam gidc 4'BC cb dién tich bing 24/3. Goi P,Q 1an
It 13 trung diém cia BB' va CC'. Thé tich khéi ta ditn A'4PQ 1&:
A. 243, B. /3. G 4B, D. 83.

Céu 16: [512928] Cho ling tru tr gidc déu ABCD.A'B'C'D' ¢6 canh diy bing a, dudng

chéo' AC" tao véi miit bén (BCC'B') mdt goc a0 <a<45°). Khi 6, thé tich ciia khéi king -

tru bang:

A d’Jeotla+l,  B. a’veos2a. C. dvoot’u—1. - D.o’vtan’a-1
Céu 17: [512929] Hinh hop diing ABCD.A'B'C'D' c6 diy 1 hioh thoi thoi c6 dién tich S,.
Hai mit chéo (ACC 4 ) Vi (BDD B ) c6 dién tich 1in lugt Iz Sz,S Khi d6 thé tich cia

o 'hmh hop fa:

L VBSE L, 5s, _, Jss—ss‘ | JTSS_S
3 ) ,
Ciu 18: [512930] Cho mét hinh hip chit nhét ABCD.A B C.D' ‘¢6 ba kich thuéc 13
2cm; 3em; 6cm. Thé tich khéi té dién ACB'D' 1a: ‘
A, 6cm’. B. 12cnr’.  C. 68amt’. D. 4cn’.
Céu 19: [512931] Cho ling tru dimg ABC.4'B'C' ¢6 day ABC la tam gidc vudng tai 4 v6i
AC=a; ACB=60". Biét B'C hop véi (ACC'4) mdt goc 30". Thé tich clia khdi ling tru
ABCA'B'C'la: - ' '
A. Jea® B. V24* C. f3a* D. 2434

Cau 20: [512932] ABCD.A'B'C'D' 1 hinh 13p phuong ¢6 canh bang a. Thé tich ctia khéi
tir dién 4'BDC’ 1a:

3 3 3
A. £ B. & ' c. D. %
2 2 3 3
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Ciu 21: [512934] Cho lang tru dimg ABC.A'B'C'. Biét AB=AC=AA"=4 va day ABC 1
- tam giéc vudng tai 4. Thé tich tir dién CBB' 4" 1a: .
3 3 3 .
AL B L c.L p. 2%
2 3 6 _ 3
Ciu 22: [512939] Cho hinh ling tru tam gidc déu ABC.A'B'C’ ¢6 géc gitta hai m3t phing

(4'BC) va (4BC) bing 60°, canh 4B =a. Thé tich khéi da dién ABCC" la:

A B3 C. é_\éda D, ﬁas
Céu 23: [512940] Cho hinh l8p phuong ABCD.4'B'C'D' ¢6 canh bing a. Tinh thé tich
khbi tir dién ACB'D' theo a. . |
3 ’ 3 3 . 3
AL B. L c. L p. &
6 2 4 3
Céu 24: [512941] Cho hinh ling tru dimg ABC.A'B'C' ¢6 AC = a,BC =24, ACB=120" va
dudmg thing A'C tao véi mit phing (4BB'A") géc 30° . Thé tich khdi ling tu
" ABC.A'B'C' 1a: ' '
£V15 2105 _ 215 a*~105
B. C. D.
4 \ 14 14 4
Cau 25: [512942] Cho hinh ling try dimg ABC.4'B'C' ¢6 AA'=a . Tam gidc ABC déu
canh a.Goi [ 1a trung diém cia A4'. Tim ménh dé dang.
1 1
A V! ABC 2 VABC.A'B'C‘ B V! ABC 3 V:&BC‘.A'B'C'

I 1
C p:’ ABC 12 VABC.A'B'C' D' VI.ABC ZEVABC.A'B‘C’
Céu 26: [512943] Cho hinh ling tru dimg 4BC.A'B'C' ¢6 dby ABC tam gidc vudng tai

A,ACB=60",AC=a, AC'=3a . Khi 6 thé tich khéi ling try bing:
A. 2’6 B. %—a’ﬁ C.a*\3 D %;BJE

Ciu 27: |[512944] Cho hinh hdp chir chit nhit ABCDA'B'C'D' véi

AB =10cm, 4D =16cm . Biét ting BC' hop véi d4y mdt géc ¢ vi cos g =%, Tinh thé tich

ichdi hop.
' A. 4800 B. 3400 © . 6500 D. 5200

PAP AN TRAC NGHIEM

0l.B |02.A [03.D |04.A |05B |06.B [07.B [08.B |09.C |10.C |
i1.A |12.C |13.D (14.B {15.B [16.C |17.D [18.B [19.A [20.D

2.C [22.D [23.D [24.B |25.D |26.A {27.A
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 CHUDE 15
[TV6031)THE TICH KHOI LANG TRU XIEN

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAl
1. Céng thikc giai todn
.. Xét hinh Iing tru ABC.A'B'C’, ké B'H 1 (ABC) tai H.

Khi d6 thé tich khéi ling tru ABCA'B'C' duge tinh

60 GO1E ST ¥ g, ppe: =B H Sipe
Luru ¢:
B'H =d(B'(4BC))=d(43(4BC))= d(C,(4BC)).

Tuong ty nhu vy, véi H 14 hinh chiéu vuéng géc cia B' trén mit phing (4BCD) thi thé
tich khdi lang try ABCD.A'B'C'D" dugc tinh theo cong thic: ¥ pep gpop = B HS gep-

Lwu : B'H =d(B'(4BCD))=d(4%(4BCD))=d{C(4BCD)}= d(D"(4BCD)).
Vardrang Vop ppon = Wascawe |

2. Chd y quan trong

. T ’_ P R 1
Tacd Vy ipc =Veann =5VC.ABB'A"

l.

y
C.ABB A"
2

V

wace =Veass =

1 AT t 1 l 1
Voo =Veppe =§a’(C;(A B'CY).S ppe :gd(A 2(ABC)).S ae = Vg ac-
N vay ¥, soe =Visee =Vawcoe M Vpase +Vises ¥V awce =Vascasc
1
=Viasc = VA‘_.BCB' =Vepce= EVABC.A'B‘C"

Thong qua h thirc trén, d& tinh thé tich khéi Ling tru thi ta c6 thé quy v tinh thé tich khéi
chop. : '
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II. Vi Dy MINH HOA

Vi du 1: Cho hinh Hng try ABCA B'C' ¢6 d4y ABC 1a tam gidc déu canh bing a. “Tim |
gidc A'BC vudng cin tai 4" va nim trong mit phing vudng goc v6i mit phing day. Tiah
theo @ thé tich ¥ cua khéi lang tru ABC.A'B'C". '
3 3 3 3 [
@3 B y-2¥ cy-2¥ oy, a6
24 8 4 12

A V=

Lai gidi:
Ké 4'H 1 BC (H e BC), tacé:

(4'BC) 1.(ABC)
(4'BC)N(4BC)=BC = A'H 1(4BC).
A'Hc(PCA"),A'H LCP

BC _

Baira A4'BC vudng cén tai A':>A'H=——:-z-—

a
>

=, = - - R ]. 5 . -0
Dodd V=A"H.S 4 =A'H.EAB“ sin 60°

a Jg—alﬁ

_al
22 2 8

.Chon B

Vi dy 2: Cho hinh Iing try ABC.A'B'C' ¢6 84y ABC 13 tam gi4c déu canh bing 2a, canh |

bén A4'=a-/6. Hinh chiéu vuéng géc cia A’ trén mit phing (4BC) tring véi trung diém

ctia canh BC. Tinh theo a thé tich ¥ cua khéi ling try ABC.A'B'C".
347

. R . ) 3
A. V=34 B.V="". C. V=3 D. V=“;/§.

Loi gidi:

Goi H 13 trung diém cia canh BC.

Biiracod 4'H L (ABC).

Tam gidc ABC déuco H 1a trung diém cia canh BC

e

= AH L BC = sin60° =

= A'H=vA4' 4 — AH? =J6a* —3a* = a-/3.

Dodbé V=A'HS .= A'H.-;-ABz sin 60°

= ax[i.%.liaz;? =34’. Chon A
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'Vi du 3: Cho hinh ling try ABC.A'B'C’ c6 d4y ABC 13 tam gidc vudng cin tai 4, caph |
BC-=2q. Hinh chifu vudng goc cta 4' trén mit phing (ABC) tring véi trung didm cia
canh BC. Géc gita dudng thing 44" va mit phéng (4BC) bing 60°. Tinh theo a thé tich
V cia khéi ling tru ABC.4'B'C".

a*\6 a3

A V=" B. V' =a*/6. C.V="0 D. ¥ =a*3.
L gidi: ‘
Goi H 1a trung diém ciia canh BC. oy o

BalfacoH'H—_L(ABC)zmsm””* AL

Ma (A" 4;(ABC))=60° = 4’ AH = 60°
= tan60° =L — B = 4'H = AHAS3.
AH
Tam gidc ABC vudngcintai 4 va BC=2q
- , 4
£=ax/§_ va AH=§£=a
V2 2

= A'H = AH\3 = af3.

=S AB=AC=

Dodé ¥ =A'HS,,, = A'H.%AB.AC = a*\3. Chon D

| Vi du 4: Cho hinh ling tru ABC.4'B'C’ cb day. ABC 14 tam gidc vudng cin tai 4. Hinh

chiéu vudng géc clia 4' trén miit phing ( 4ABC) tring véi trung diém céa cank BC. Canh bén
AA'=a~/3 vi tao v&i mit phing (4BC) mét goc bing 60°. Tinh theo a thé tich V' ciia khéi
ling tru ABC.A'B'C". '

3 3 3 3
A V=22 B y=3% cr=22 D. V=%

g " 8 4 4
L& gigis '
Goi H A'Iz‘i trung diém cia canh BC.

Biiraco A'H L(ABC)=>{A'4;(4BC))=4'4H.

Ma (4'4,(4BC))=60° = 4' AH = 60°
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sin 60° = AH \/_ H_3_a

- A4 2 2

cosﬁoozﬂ—_—_l_:AH:&
A'A _2 ' 2

Tam gidc ABC vudng cén tai 4

a6

= AB = AC = AHJ_—a

Dodé V=A"HS,,. = A"H. ABAC._% Chon A

Vi dy 5: Cho hinh ling tra ABC.A'B'C' ¢6 ddy ABC la tam gidc déu canh a. Canh bé1
bing a3 vatao v6i day gbéc 60° Tinh theo a thé tich ¥ clia khéi Hing'tra ABC.4'B'C".
&3 N 3a°3 3 a3 : 383

. B.V= . c.v="2 D.V=
8 8 4 4

A V=

Léi gidi:

Ké C'H L (4BC) tai H = (CC%(4BC))=C CH.

Bai ra {CC';(4BC))=60" = C'CH = 60°

= sin60? =2 J— =C'H= ﬁcc'=3—“.
cct 2 2 2
; c
, . Ve 1 . Adb—r-f-—-noz
Dodé ¥V =C'HS,,.=C H--z—AB.ACsm 60° ﬁf—/ 3
3
ELI i— a’V3 Chon B
22 8

Vi du 6: Cho hinh lang tru ABC.A'B'C' ¢6 day ABC l1a tam gide vuéhg cén tai C, canh
BC =2a. Hinh chiéu vudng goc cla A' trén mit phing (ABC) tring véi trung diém cu.
canh BC. Khoang cach tir diém B dén mit phing (ACC'4") bing av/2. Tinh theo a the:
tich ¥ ctia khéi ling try ABC.A'B'C".

Av=2. B. V=2 cr=2%2  py=Z
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. Goi H 14 trung diém ctia canh BC.

M2 d(B;(4'AC))=av2 = d(H;(4' AC))=

Loi gidi:

Biiraco 4'H 1(4BC).

d(B;(4'AC)) _BC_

Ll 0 (a4 Ac) HC

a

=

Ké HP L A'C (Pe4'C).

ACIBC o
Tacé{ '=>AC 1{4'BC)=> AC LHP.

ACLA'H
HP L AC a
Nhu v = HP1({A'ACV=> d(H;(A'AC))=HP= HP =—.
Cah HC=2Cc Lo L L 2 o pH-a

A H. HP HC® & a

SV =AHS 5= A'H.—IZ—AC.BC = a.%.Za.fa =24*. Chon B

Vi du 7: Cho hinh ling tru 4BC.A"B'C' c6 mit bén ABB' A4’ 12 hinh thoi, vdi canh AB'=4
via A'B=6. Dudmg thing BC' vi B'C ct nhau tai diém P, khoing cach ¥ P’ dén mit
phing (4BB'A") bing 3. Tinh thé tich ¥ clia khdi ling tra ABC.A'B'C".

e AK=36 - - B,V =42, e GV =24, .- DLV =320 0

Loi gigiz ,
Tt gidc ABB'A' 1a hinh thoi v 4B'=4, A'B=6
=S ipprg =%AB'.A'B=12 = 8 5 =6.

Taco P li trung diém ctia canh B'C

a(c(4mB' ) _ca'_
d(p;(48B'4")) PB'

Baira d(P;(4BB'4"))=3=>d(C;(4BB' 4'))=6.

Lai €6 ¥V ype ppc =W anm

2V peape = 3-%d(c_§(ABB')).SABB, =36. Chon A
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Hoc dé Khing ginh minh

Vi dy 8: Cho hinh ling tru ABC.A'B'C" cb ddy ABC 1 tam gidc déu canh bing 2. Hish |
chiéu vudng gbéc ciia A' trén mit phing (4BC) tring v6i trung diém H cia canh Bi.

Khodng cich gifta hai dudng thing AC va 4'B' bing 3. Tinh thé tich ¥ ctia khéi ling tu

ABC A'B'C". '

A. V=33, B V=3, C. V=6 p. V=2

Léi gidi:

Taco AC//A'C'=> ACI/(A'B'CY)

=d(AC;4'B")=d(AC;(4'B'C"))=d(4;(4'B'C"))
=d(4(4BC))=A'H.
Biira d(AC;A'B')=3= A'H =3.

Dodb Ve ype = A'H.S 0 = 3.%.22 sin 60° =34/3.

- Chon A 4

Vi dy 9: Cho hinh ling tru ABCD.A'B'C'D" c6 dhy ABCD 13 hinh vudng, Hinh chid |
vubng géc clia A’ trén mit phing (ABCD) tring véi giao didm céa AC va BD. Khoan;
céch tir diém B’ dén mit phing (4'BD) bing —;. Dudng thing 44" tao v6i mit phing dav
mit goc bziang 60°. Tinh theo a thé tich ¥ cta khéi ling try ABCD.A'B'C'D".

3 . -3 3 . .
“‘E. i “‘E. c.V=“‘E. D. V= .
2 4 2 4 J

AV =

LA gidi:

Goi 0=ACNBD = 4'0 L(ABCD).

Tacé B'C//A'D= B'C//(A'BD)

= d(B(4'BD))= d(C;(4'8D)).

CO L BD |
Lai ¢6 = CO L (4'BD)
Co14'0 |

= d(C;(4'BD))=CO= d(B"(4'BD))=Co0.

Baira d(B'(4'BD)) =%:> co:%;;,g;c:.%_
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Tir 4'0 1 (4BCD)=>(4d(ABCD))= A'40 => 4' A0 =60"

o otmer =20 o a0-045 =003 =25, e
7 od - 2
m/?: _\/_ a’x[?; -

T.BC’2 = = .Chon B

. ' 2
Do @6 ¥V pep ppcp = A'OS pop = 2 ? 2

Vi:dy 10: Cho hinh ling tru ABCD.A'B'C'D' ¢6 day ABCD 12 hinh vuéng. Hinh chiéu.
vubng goc cha A' trén mit phang (ABCD) trung voi giao didm cia AC va BD. Khoing

cach tir dlem D' dén mit phing (A AC) bang -5 Du'ong thang AA' tao v6i mat phing day

mot goc bing 60°, Tinh theo o thé tich ¥ cha khéi lang tra ABCD.A'B'C'D".

a3 PA/) PRV PANG)
V= . B. V= . V= ; V= .
2 2 4 4

Goi O=ACNBD=> A'0 L (4BCD).
Taco DD//AA'=> DDl /{A'AC) = d(D%(4' AC))=d(D;(4' AC)).

DO A
Laicé{ ¢

oL 4™ 2041440104 40)-00= (4 4) 00

Bira d(D'(4'4C))=7 = DO= =>AD=-j—§._

d
2

Tir 4'0 L (ABCD)=>(44%(4BCD))= 4 40

=>AAO 60° = tan 60° = ‘:); =3

J’

= A4'0=043 =0D3 =22

Do 86 Vysep ypep = A'0S e

_aPB e a3 & a3 Chon C
2 2 2 4
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Hoe ab khing djnh minh

| Vi du 11: Cho hinh ling try ABC.A'B'C' ¢6 day ABC la tafn giéq_ vudng ¢én tai C, canér
BC =2a. Hih chiéu vudng géc clia A trén mit phing (4BC) trung véi trung diém cia
canh BC. Géc gitra mat phing (ACC' ") va (ABC) bing 60°. Tinh theo a thé tich ¥ cin
khéi lang try ABC.A'B'C".

' 3
A V=22 B. V =24". c.y=22 \/g' D. ¥ =24°3.

3 | 3

Loigidgi:
Goi H 13 trung diém cia canh BC.

Biiraco 4'H 1 (ABC).

AC 1 BC
Lai ¢ { = AC L(4'BC)=> AC L A'C.

1¢0
ACLA'H
(4r4C)n(48C)=aC
Nhuviy S AC 1L A'C, AC LBC
A'C<(4'AC), BC < (4BC)

= ((4'4C);(4BC))= 4'CB => 2'CB =60°

A'H BC [~
tan 60’ =~ =i A H=""3=43
= tan e \/__:> 5 V3=ay3

SV =A'HS, . =4 ’H%AC.BC = aﬁ.%.za.za =24’+/3. Chon D

Vi du 12: Cho hinh ling tru ABC.A'B'C" c6 ddy ABC 1A tam gidc déu, goc 4'AC' =30".
Canh bén bing a3 va tao véi ddy goc 60°, dudng thing AC" tao véi ddy goc 30° Tinh |-
theo @ thé tich ¥ ciia khéi ling tru 4BC.4'B'C".

| _93 94’3

3 3 :
:M =§£I_£. C_ V . D_ V: .
4 8 4 . 8

AV B.V

Loi gidi:

K¢ C'H L (4BC) tai H =(CC",(4BC))=C'CH.

Baira (CC'(4BC))=60° = C'CH = 60°

— sin60° =§-€="/§:>C'H=lgcc'

V3 _3a
cc'. 2 )
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Tacd (C'4;(4BC))=C"4H. 4' ¢
e T T o ' B ,/’;'
Biira (C' 4;(4BC))=30° = C"4H =30° .
. _ _ . ;
1 J,( i
:>sin30°=ﬂ=l:>C'A=2C'H=3a. : c /
Cc'4 2 _ - /
e e — C/;
Laicé A'AC'=AC'C ma A/ AC'=30" = AC'C=30° A &==zfooorroads
H
3 _

SACT=CTATCTTIICAC "caossof’fmci"=‘9d‘2'¥3a'2‘:2'.35:&'\'/?,;%= 3

’ 3
Dodbé V=C'H.S . =§29-%AC’ sin 60° =3—“.3a2.i2§-=ﬂ§-. Chon D

Vi du 13: Cho hinh ling try ABC.A'B'C' ¢6 ddy ABC 1a tam gidc vudng tai 4 va goc
ABC =30°. Pidm P thudc canh AB sao cho PA = PB. Tam gidc PCA' d&u canh @ va ndm
trong mit phing vudng- gbc v6i mit phing day. Tinh theo @ thé tich ¥ cia khéi ling tru
ABC.A'B'C". ' ’
3 3 3 3
A T{'=§—?— _ _a 3a Jg . 23 ]

. B.V=%. C.V= D. V=
7 7 7 7

Loi gidi:
Ké A'H LPC (HePC), tach

(PCA") L(4BC) 7
(PCAYN(4BC)=PC = A'H L(4BC).
A'Hc(PCA"), A'H LCP '

Ma APCA' déu :’>HP=HC=%=-;-.
Lai cb sin60°=fi-£=£=> A'H=“—‘§—.
A'C 2 2

Biira A4BC vudng tai A va ABC =30’

AC 1 AB 24P
AB 3 NN
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2 2
:>AP=———AC‘/_ P6’2 ACZ+AP2 AC2+3A¢=7’iC
2PC 24 3
24022 =2 = 4B =AC3=2a /—-
N it 7
a3 1 34

Do 6 Vescame =A' HSABC=—2——ACAB=T Chon A

Vi dy 14: Cho hinh ling tru ABC.A'B'C’ ¢6 diy ABC 1a tam gidc vabng tai C vi.
BAC =60". Canh BB'=ga va tao véi mit phang (4BC) mét gbe bing 60°. Hinh chiéy.
vudng gbc ctia B' trén mit phing (4BC) tring véi trong tAm cia tam gisc ABC. Tinh thec.
a thé tich ¥ cia khéi lang tra ABC.4'B'C".

3 3 3 3
Av=22 B.v=2% cr=22. py3E
104 208 527 104
Loi gidi:
Goi P la trong tim clia AABC = B'P L (AEC) [ p

= (BB*(4BC))=B'BP = B'BP = 60"

sm60°=—-—B'P=£ pp=2¥3
- BT,
cos60°=—£-=— pp=2
{ BB' 2
3 3a

© Goi K=BPNAC = BK = EBP"T

Tam gidc ABC vuéngtai C c6 BAC =60°

= tan60° = 2 _f:>Bc ACN3 =2CK3 = ck = B
AC 23

Ma ABCK vudng tai C = BC? +CK* = BK® = 91‘;
2 2
= e+ BC =9—“~=>Bc=ﬂ3—9- AC——B—C—3aJ_
16 26 326
a«/_13a\f— 3a\/_ 9°
D0 dé ¥ ey = B’ PSAEC—BPZBCAC- e 2 =05 ChmB -
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Vi du 15: Cho hinh ling tru 4BC.A'B'C' c6 ddy ABC 14 tam giac vubng cén tai B, voi
| canh AC = 24. Hinh chifu vudng-goc cia A’ trén mit phing (4BC) tring véi trung diém
H cta canh AC. Pudng thing 4'B va B'C vubng gbc v&i nhau. Tinh theo a thé tich ¥
cita khdi ling tra ABC.A'B'C".

A V=3 By=%. C.V=d. p.V=%

Li gidi:

Tam gidc ABC vuﬁﬁg-cz‘m tal B coé canh AC=12a

" Tacéd E_'_C'.=;9—.C—E’—JB”=(H_§3.—HH§)fﬂ'

~C - FIB - F' - FA) = (Fi+ HC) - HB - HA =~ HB ~ .

M AB=HB-HA vt A'BLB'C 4 B
= (FB - FlA")(~FB - ) =0 |
:>—_HB’+HA'2=0:>HA'=HB=a.
Do d6 Ve gope = AHS 3¢

= a%AB.BC = a%lac2 =a’. Chon C

Vi du 16: Cho hinh ling try 4ABC.4'B'C" c6 day ABC 1a tam giac vudng tai 4, canh
AB=a va AC =a+/3. Hinh chiéu vudng gbc clia 4' trén mit phing (4BC) tring v6i trung
diém cia canh BC. Pudng thing A4' va B'C" tao v4i nhau mét géc a, véi cos =%. Tinh
theo a thé tich ¥ clia khi ling tru ABC.4'B'C".

34’ 3a°3 2 B PN

A V=22 B.V= . . . . :
2 4 2 4

Loi gigi:
Goi H 13 trung diém ctia canh BC.
Bairacé A'H 1 (ABC).

Canh BC = AB* + AC* =\a* +3a* =2a
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e emy e o
- Hec @& khidng dinh minh

BC

= HA=HB = HC:T—a. c

AAYV BB ——
Lai ¢6 Y B'C'Y=(BB%BC) (1
ai ¢6 {B'B’//BC:)(AA’ ) (BBLBC) (1)

Taco B'H? :A'ﬁ'2+A'H2=a2+(AA'2—AH2)
=a2+(AA|2_a2)=M12:?B|H:AA|:>B1H=B,B

= AB'BH céntai B'= B'BH <90".

Két hop v6i (1) = (44" B'CY) = B'BH =& ma cosax =%:> cos B'BH =

K& B'PLBH (PeBH):>PB=PH-§2£—§.

Ta ¢b bo‘sm=l:>£=i:>BB'=4BP=2a
47 BB' 4

S A A=2a AH = A' 4 - AH = 40" —a* = A'H = a3,

3
Dodé V'=A'HS,,. = aﬁ.%a.aﬁ = %‘3— Chon A

Vidy 17: Cho hinh ling try ABC.4'B'C’ ¢6 ddy ABC I tam gidc cén tai 4, canh AB =
Tam gidc 4'BC vudng cén tai 4' vi nim trong mit phing vudng gbc v6i mit phing dav.

Khoang cich giita dudng thing BC va A4’ bing % Biét BC > \/_ tmh the tich ¥ cua

kh01 lang tru ABCA B'C. .
A V=3 B. ¥ =2./3. C. V=1 D. ¥ =+f3. i

Léi gidi:
Goi H 14 trung diém clia canh BC=> A'H L (4BC).
Tam gidc ABC cantgi A ma HB= HC => AH 1 BC.

BC L AH
Ta cé = BC L(AHA").

BCLA'H
Khidoke HP L A'4 (Pe A'4)= BC L HP.

HP L A4
Nhu vy {HP Lrc > d(A'4;BC)= HP.

\/— a+/3

=>Hgp=502
2

Biira d(A A BC)=

248



MY o XR3ng afn minn LT s .- o \ oam o

L HA AP 3

Tam gidc AHA' vudng tai H =

Tam gidc A'BC vudngceintal A'=> A'H=

2
Mém2=ABZ—BH2=4—BC - 12+ ]. 2=i
' 4 BC BC® 3

4

4 4
2 . t=1=BC=2
- Détt:BC >0:>1+L=i:>t(4—_t)=3:>_
t 3 | t=3=BC=23

P -—-MQ—BCS—JE-B?C;Q;E;WI "Hzfﬁk‘v'aw A e e e s

NG

3
- D0 a6 Ve ppe = A HS o =3 %AH.BC = 7.1.2\/:‘1 =3. Chon A

Vi dy 18: Cho hinh lang tru A4BCD.4'B'C'D' ¢6 ddy ABCD 1 hinh chit nhdt véi canh
AB=+[3, AD=+/7. Canh bén BB'=1, mit bén (4BB'A’) vi (ADD'A4") lan luot tao vsi
day goc 45° va 60°. Tinh thé tich'V cia khéi ling try ABCD.4'B'C'D".

AV=3  B.V=6 C. V=T D. ¥ =+21.
L gidix

Ké A'H 1 (4BCD) i H.

LEP
Ké HP L AB tgi P, taco " = AB 1 (A'HP)= AB-L A'P.
T T T 4B AH ST

(4BB' 4')(4BCD) = 4B
Nhw viy { 4B L A'P, AB L HP
A'P=(4BB'4"), HP c(4BCDY

= ((4BB' 4');(4BCD)) = 4 PH.

Ma ((4BB' 4');( ABCD))=45" = 4'PH = 45".
_ Ké HK L AD tai K, twong ty nhu trén, ta cb
- A'K L AD v A" KH =60".

Djt HP= AK =x >0, HK = AP=y>0

- AP+ AP = 44 =1
A'K*+ AK? = 4' 4* =1
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Hgc dé khing djnh minh

Laico 4'P=HPV2=x2 va cos60°=%=%:>A'K:2HK=2y

.7; _3 Xx= 3 ‘
2% 1y =1 =7 P .
=>{ Yy el z: ! S A H=HP=x= /%

4y’ +x* =1 2

Dodé V=dA'HS ., = \E.\/E.«ﬁ =3. Chon A

IL{TT6032] BAI TAP TU LUYEN
Ciu 1: [509955] Cho ling tru ABC.4,B,C, c6 ddy ABC 1 tam gisc déu canh a. Hinh chitu

2a\/§

3 -

clia diém 4 1én (ABC) trung véi trong tim tam giac ABC, canh A4 = . Tinh thé tich

khdi lang tra ABC.4BC,.

as\/g 03\[6—
A. VABC.A,B,C, =—'i§—. B. VABC.A,B‘C[ =T.

aaﬁ : , a3J§
C. VABC.A.B,C[ =?- D. -VABC.A,B,C. ="“4_‘

Cau 2: [509959] Cho ling tru 4BC.4B,C, ¢6 diy ABC 13 tam gidc déu canh av/3, canh béa
bing 2a. Hinh chiéu cia diém 4, lén (4BC) tring véi trung diém caa canh BC. Tinh thd
tich khéi ling tra ABC.4,BC,. '

3421 221
A. Vuc.qaiq = . B. VABC.A(B,C, == .
- 8 24
a4 : a4
C. VABC.A,B,C, =T- : D. VABC.A,B,C, =T-

Céu 3: [509962] Cho ling tru ABC.4B,C, c6 déy ABC 13 tam gisc du canh bing av3.
Hioh chiéu ctia diém 4 1én (4BC) tring véi trung didm cita canh BC. Canh bén hop v6i
d4y mot goc bang 60°. Tinh thé tich khéi ling tru ABC.ABC,.

283 3a3,\/§
A, VABC.A,B,C’, =—15—'. B. VABC.A,BIC, =—8-“—.

oa - 274°
C. VABC.A.B,C, 2—8_—- D. VA.BC.AlElC, =T .
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Céu 4: [509967] Cho Ling tru ABC.4B,C, ¢6 diy ABC I tam gidc déu canh béng a3,
 Hinh chiéu ciia.diém 4-1én (4BC) tring véi trung diém clia canh BC. Mt phing (4, 4B)

hop véi mit day mot goc @ véi tana = ~§— . Tinh thé tich khéi ling tru ABC.4BC,.

AV g p =203 S PR o
¥ ABC.ABC, —7- » VaBC.4BC, —_—8—‘-

a’+\f6 7 a6

C. VABC.A,B,_C, =7 b. V;[BC.A,BlC, =_9_'

Ciu 5: [509973} Cho ling try ABC.4,B,C, co day ABC 1a tam gidc vudng cén tai B vdi

g,

"BA=BC=a . Hinh chiéu cia diém 4, 1én (4BC) tring v6i trung diém ciia canh AC. Dign

tich tit gidc gidc 44,C,C bing a*~2. Tinh thé tich khéi ling tru ABC.4,B,C,.

3

3
a
A. VABC’.A(Blc‘, =“2_- ' B. VABC.A,BICI =_6—'

C. Ve

ARG 3 : ABC.4BC 6
Cau 6: [509979] Cho ling tru ABC.4,BC, cb diy ABC la tam gidc vudng cén tai B voi
BA=BC=ga . Hinh chifu ciia diém A4, 1&n (4BC) tring voi trung didm cia canh AC. -
Pudng thing 4B hop véi ddy mt goc bing 45°. Tinh thé tich khéi ling try ABC.4B,C;.

aa\E asﬁ

a2 22
C. Viscang 76 - D. Visc anc, T4

Cau 7: [509985] Cho ling try ABC.4B,C, c6 diy ABC la tam giic vudng cdn tai B véi
Bd=BC=a . Hinh chiéu ctia diém 4, 1én (4BC) tring v6i trung didm cia canh AC. Mit
 phiing (4,4B) hop véi mit diy mot goc bing 60° . Tinh thé tich khéi ling tra ABC.4BC,.

a3 ' a3

A Viscape, = 2 B..Viscasc, i

a6 a6

C. Visc.anc =76 - D. Vpac 4nc, T

251



Hoe d4 khing dfah minh A AERAS 24 ARANIAL DAY ammmvaLE wFESEL | L ts]r oy

Cau 8: [509991] Cho ling tra ABCD.4B,C,D, c6 diy ABCD 14 hinh vuéng canh a. Cadn
dudng vudng goc kétir 4 18n (4BCD) tring véi giao diém cia hai dudng chéo hinh vudag.
Mit phing (A4B8) hop véi mit day mot goc 60°. Tinh thé tich khéi ling tru
ABCD.ABCD,.

3 3
23 23
A Visco.ascn, =_3""- . B. VABCD.A.B_lc,D, :T_
3 ”
2’6 26
C. Viscoapco = D. VABCD.A,qc;D, =—ni,
2 6

Cau 9: [509997] Cho Iéng tra ABCD.4BCD, ¢6 ddy ABCD 13 hinh thoi canh a va
BAD =120°. Biét 4.4BC 1a hinh chép déu va 4D hop véi mit ddy mét géc 45°. Tinh hé-
tich khéi ling try ABCD.4BC.D,.

3
2’3
A ¥ ABCD.ABCD, = 3 B. VABCD.A,E,C,D] =a’.
3 : 3
a a*\J6
C. V,:acox,e.,qo, '—'?- D. VABCD.&,B,C,D; = 12

Ciu 10: [510000] Cho ling try tam gidc déu ABC.A'B'C’ ¢6 canh day a =4, Dién tich tem
gidc A'BC bing 8. Thé tich khéi ling tru ABC 4'B'C’ bing ?

A. 43 B. 83 23 D. 1043
Ciu 11: [510005] Cho lng tru dimg ABC.A'B'C' ¢6 day 1a tam gidc cin tai ¢ ,
AB=AC =2a, CAB=120". Géc gitta (AB'C) va (4BC) 1a 45°. Thé tich khi lang try 1a:

3 . N 3

A 283 B. "‘6. C. 32, D.“‘E.

Ciu 12: [510009] Cho ling tru tam gidc déu ABC.4'B'C" ¢6 canh day bing 2a, khoang cach

tir 4 dén mit phéing (4'BC) bing “—‘2/~_§ . Khi d6 thé tich lang tru bing:

3 3.
A. 32" p ©V3, C. 3. p. OB
3 2
Céu 13: [510013] Cho ling try ABCA'B'C’ c6 @iy ABC 13 tam gidc déu canh 2e, hirh
chiéu clia 4' Ién (4BC) tring v6i trung diém cia 4B . Biét goc gifta (44'C'C) va mit

day béng 60°. Thé tich khdi lang tru bing:

3
A. 283 . B.32\3. c.3“‘/§. D. a*+3.

2
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Cau 14: [510031] Cho hinh Igp phu'cmg ABCD.A'B'C'D" canh a tim O. Thé tich khcu tir
~ dién 4.4'BO bang‘? o o
3 o i 3 fy 3
AL B. L c. 732 - p. L
8 9 3 12
Ciu 15: [510047] D4y cla mdt hinh hop dimg 13 mét hinh thoi ¢6 dudng chéo nho bing d vi
goc nhon bing «. Dién tich ciia mét mit bén bing S. Thé tich hinh hdp d3 cho la:

A, dSsin %. ‘B. dSsina. : C. la'S sin a. D. ds cosg—.

Ciu 16: [510050] Cho hinh ling try tam gisc ABC.A'B'C' ¢6 thé tich 13 V. Goi I J 14n luot
- Ja-trung diém-canh-44" v&- BB Khi'd6-thé tich-cha khbi-da-dign- ABGLIC" bang

A, —V. B. iV. C. EV. D. —~V.
5 5 4 3
PAP AN TRAC NGHIEM

01.D |02.A {03.D |04.B [05.A |06.D [07.A |08.B |09.B - |10.B

1.C |12,A |13.C |14.D (15D |16.D
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Hec 44 khdng dfnh minh

FIXU D — HInn mge KAong wian (1ajp 1)
- A
Cha dé 16

TY SO THE TICH KHOI LANG TRU
'L LY THUYET TRONG TAM VA PHUONG PHAP GIAI
DE lam bai todn vé £y sb thé tich clia lang try chiing ta cdn nhé.
Néu 4'B'//(ABCD)=> d(4';(ABCD)}=d(B'(4BCD))
Do do VA "ABCD T VB‘.ABCD'

Néu (4'B'C")//(ABCD) ta lhy didm M bit ky thudc mit
phing (4'B 'C') thi ¥y spcp =V 4 a8c0

nhiéu khéi khic nhau d& tinh toan.
1. ViDU MINH HOA -

Vi du 1: Ki higu ¥ 1a thé tich cia khéi hop 4BCD.A'B'C'D', goi ¥, thé tich cia khéi tit
dién B'D' AC. Ménh d& nio saun ddy 14 ding.

A V=3, B. ¥, =2y C.v=1i
3 T

Loi gidgi:
Goi & 14 chiéu cao ciia khéi hop. Ta ¢
1 i 1

-1 1
Vo ase = gh-sﬂc = Eh'ESABCD = gh'SABCD = EV

V=V -4V, = V—4%V =—;—V. Chon D.

Vi dy 2: Cho kh6i ling tru 4BC.A'B'C' ¢6 thé tich 13 ¥ =24 (m®). Thé tich ¥ ctia ti diin
A'B'BC la: -
A V=8n’ B.V=6m . C.v=12m D. V=16’
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Moc 34 khdng dinh minh PR Amnmsns mayy mmastrmag, wessdas g s oge -

Do A4/t (B'BC) suyta Vpep =V, ppc

Lai giai:

1

c = ”_,; VABC.A e

Mt khic 7,

Do 6 ¥,pep =V, apc = %: 8m*. Chon A.

Vi du 3: Cho khéi ling tru tam gidc ABCA'B'C'. Goi I va J theo this tw I trung didm cua. —

BB' va AA': Goi ¥ 1a thé tich khéi Bing tra ABC.A'B'C' va V' 13 thé tich khéi ling tru |
ABC.C'IJ . Ménh d& ndo sau day 1a ding.
1 2 3 : 5

. quat Gid sir ling try 14 lang try démg day 1a tam giac deu
va duong cao bing Ad4'=

A.V'=-§-V B V'=§V C. V'=-§V b. V’=§-V.
Lot gidi: o 7
- Cach 1: Taco: V. ¢ =%:> Vewssa =V —Voane 7
i

V N , :
Ve pn=—7-Doviy V'=V - Versy = VAEC.C'{F =

Cich 2: Do bai todn mang tinh chit tbng quat nén ta s&
1am trong truémg hop dic biét rdi suy ra trudng hop tdng

Khido V=Sh=

2
2 3

1
Veeny= S h=

o
B

nu

&

w|»—-

Suyra V'=%. Chon B,

Vi du 4: [CHUYEN PAI HQC VINH LAN 2 - 2017] Cho hinh liing tru démg 4BC.4'B'C"
c6 thé tich bing ¥. Cic diém M, N, P lén lugt thujc céc canh Ad', BB', CC' sao cho
AM 1 BN _CP 2

= =Z. Thé tich khbi da dién 4B bi
VR BB' cC' 3 g tic 0i da dién CMNP ang:

A 2y B. Ly c. 2Dy p. 1y
"3 - 16 27 18
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Hoc &% khdng djnh minh

L gidi:
“Goi K 12 hinh chiéu ¢ia P trén A4'.

Ta cé: MK=MA‘—KA'=%AA'—%AA'

. s 2 1
Khi d6 VABC.KPN = EV, VM.KPN = EMKSKNPV

1(1 1
=—|=—=]dA'S
3(2 3) 4 71
. 1o 11
Do &6 VABC.MNP 3V_.]§V=E_S_V ChQHD

Vi du 5: Cho hinh ling try tam gidc A4BC.A'B'C'. Goi M,N,P lan luot 14 ttung diém cia
c4e canh A'B', BC, CC'. Miit phing (MNP) chia khéi ing try thanh hai phén, phin chia

diém B c6 thé tich ¥,. Goi ¥ 1a thé tich ctia khéi ling try. Tinh ti sb -T;—l

Ly B. L. c 2. - p 2
144 144 T 144 144

Loi giai:
Goi E va F lin luot 1 giao diém ciia NP va cic dudng thing
B'C'vi B'B .Goi I=MFNAB; K = A'C'nME .

Goi V=V e gpcs Vo =Virper

Tacod: V, =¥y per :%VA'.B'EE' Mt khac.Sg.gr ='§'SB‘C‘CB

Khido ¥, =V pr "% %VA B'C'CR —%-%%V:%V

Laico: Vg gpe —% %%Vz —-%Vz

| Venin :gé'”;'yz 217 Vo=V =Vygxppp =Vo — 118V “2'1:;]’—2 5

49V2_£§V_£V:>E=-‘-4—9-.Chgnn
54 % 54’8 144 vV 144
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"Tinh chit: Hinh hop ding c6 2 day 13 hinh binh.

] Y S B _
Pinh nghia. Hinh hop chit nhét 12 hinh hop du‘ng 6. e D

HQC Te KNang Ginn minn

Chi dé 17
* KHOI HOP - KHOI LAP PHUONG
. LY THUYET TRONG TAM VA PHUONG PHAP GIAI

1. Hinh hép

Dinh nghia: Hinh hop la hinh lng tru ¢d day 13 hinh binh hanh
Hinh v& bén 1a hinh hop ABC’D A'B'C'D’

AF
Tinh chit: : ' / ' A
ez . , \ /
-»-Hinh -hép-eé-6-mat-1a-hinh-binh hanh; hai-mat-déi—— B Y T S B
' . . X ,
dién cfia hinh hp bang nhau. 1 \

> Hinh hop ¢6 12 canh chia Iam 3 nhém mAi nhém 4 Loy

. Ay L\ .
canh song song va bing nhau. ' ! \ D
» The tich hinh hop bang dién tich day nhan chidu S

cao: V=5, B c

2. Hinh h{p ddng

Dinh nghia: Hinh hdp ding 12 hinh hép c¢6 canh A

DP
bén vudng gbc vii mit day.

Cl

huh, 4 mit xung quanh 14 4 hinh chirnhgt. 5 ,
3.Hinh hdp chit nhat ' - i

déy 12 hinh chir nhat. . /

Tinh chit: Hinh hop chit nhat co 6 mit 13 6 hinh B
chir nhét. :

Thé tich hinh h@p chit nhét bing tich 3 kich thudc déi rong cao.

4. Hinh 13p phuong. 7

Dinh nghia. Hinh 13p phwrong 14 hinhk hip chiy nhit 2 déy va 4 mit bén déu 1a hinh vudng
Tinh chit: Hinh 1ap phwong c6 6 mit du Ia hinh vuéng.

Thé tich hinh 14p phwong canh a bing &’ . Pd dii dudng chéo cda hinh 13p phurong canh a

A a3 .
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II. Vi DU MINH HQA

1. Céc bai toan co ban

Vi du 1: Tim ménh @& dtng ﬁong cic ménh 4 sau:
A. Néu hinh hop c6 2 miit 13 hinh chit nhét thi n6 13 hinh hdp chit nhit.
B. Néu hinh hép ¢6 3 miit 13 hink chir nhét thi n6 13 hinh hp chir nhat.
C. Néu hinh hdp c6 4 mit 1a hmh chit nhét thi né 1 hinh hép chit nhit.
D. Néu hinh hdp c6 5 mit 14 hinh chif nhjt thi n6 12 hinh hop chit nhét.

Loi gigi:

Pap an C sai vi hinh hop dimg c6 day 12 hinh binh hanh thi 4 mdt bén cla hinh hép dimg 14
c4c hinh chif nhit tuy nhién né khong phai 14 hinh hép chit nhét ( vi day 12 hinh binh hanh ) tir
d6 ta cling suy ra A va B 1a cic dap an sai. Chon D. ‘

Vi du 2: Tim ménh dé sai trong cic ménh dé sau:
A. Hinh hp dimg c6 day 1a hinh chit nhat 12 hinh hp chit nhit.
B. Hinh hop chit nhat ¢6 6 mat bing nhau thi né 1 hinh 1ap phuong.
C. Hinh kép chit nhit ¢6 3 mit chung mdt dinh 14 hinh vudng thi n6 14 hinh 14p phuong.

D. Hinh ling tru t& gisc déu 12 hinh hop chir nhat ¢6 day 14 hinh vudng,

Loi giai: _
Pip 4n B sai vi hinh hdp ding c6 3 kich thirée 14 a, b, a ¢6 6 mit 1 céc hinh chir nhat béng
nhau tuy nhién né khéng phai 14 hinh l4p phrong. Chon B.

Vi dg 3: Cho hinh hép ABCD.A'B'C'D'. Khing dink nio sau diy 13 sai.

A. Tt dién AB'CD" c6 cic canh ddi bing nhau thi hinh hp dd cho I3 hinh hdp chit nhat

B. Tt dién 4B'CD’ 12 tir dién du thi hinh hdp d4 cho 1a hinh lap phwrong.

C. Tir dién AB;C’,‘D' I3 tir dién ¢6 céc canh dbi vudng goc thi hinh hop da cho 12 hinh hip
thoi { Hinh hép cé 1AL ¢4 cac mit 4 hinh thoi )
D. Tir didn AB'CD’ ¢6 chc canh d6i vudng goc voi nhau thi hinh hp d4 cho 13 hop dimg.

Léi gidiz
Tacd: A'C'// AC va A'C'=AC

+) Néu AC =B'D' suy ra cic mijt ddy ABCD vi A'B'C'D' @u 14 hinh chir nht twong ty
suy ra 6 mit cta khdi hop déu 13 hinh chir nhit nén ABCD.4'B'C'D"' 13 hinh hop chit nkét
do d6 A dting. '
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+) Tir dién d&u co céc canh dbi diénbing nhau va vodng

_ gbc.voi nhau. Néu AC = B! D' va ACJ_B D' suyra2 /AE Vl 7
day ABCD vi A'B'C'D' 1 hinh wong twong ty nhu ; ’/'
vay suy ra 6 mjt ciia hinh hdp 14 hinh vudng, do dé B : ~ 5 o
ABCD.A'B'C'D' 12 hinh 13p phirong hér B déng. i::f’_’_h_-__ A
Tuwong tir suy ra C dng. Chon D. d \\\
B - : fof

Vi du 4: Mbt hinh hop chif nhét c6 dién tich 3 mat lin luot bing 30 cm®; 18 cm?® va 15cm”.

| Tinhthé tich toan phan clia khbi hop dacho: e

AV =60em’ B.V=90cm’ C. V=120 cm® D. _V=60J§cm3

Loi gidi:
bit 3 kich thudce cla hmh hép d3 cho tén luot I3 4 (cm) b (cm) ( )
Khi do ta co:

ab =30

bc=18 = (ab).(bc).(ca) =30.18.15=>V =abc= 1/(ab).(bc)(ca) =90 (cmg). Chon B.

ca=15

Téng quat : Khbi hop chit nhat c6 dién tich 3 mit lin lugt 13 S,; S,; S, thi cb thé tich Ja
V=(55,5, .

Vi dy 5: Cho hinh hop dimg ABCD.4'B'C'D’ c6 déy 14 hinh thoi, canh bén A4"=+/7 (cm) ,
‘céc duimg chéo AC'=3(em) vi BD'= 5(cm) . Thé tich khéi hop da cho 1a:

A. 647 () B. 3(cm’) C. 21{cm*) D. 37 7 (em?)
Loi gigi ; T
| Tacé: AC=ACT_CCT =0T =2 .
Lai 06 BD=JW=J25——7=3J§ 2 : L
' '
i

Do ABCD 14 hinh thoi nén S, = -;—AC.BD =3

1 .7
Apdl s e
e ' 5 S
Khi 46 ¥ jpcp, yprcp = Sapcoh =347 (Cm, ) . Chon D. S
[ - e
B C
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Moe @8 khing dinh minh

L Vi du 6: Mot tAm bia hinh vudng, ngudi ta cit bo & mbi goc ciia thm bia mét hinh vudng 6 |
| canh bang 12 cm rdi glp lai thanh mot hinh hop chir nhat khéng nép. Tim d6 dai cia canh cia
hinh vudng @& dung tich ctia khéi hop bang 4800 ¢m’. :

A.38cm B. 36cm C. 44cm D. 42cm

Loi gidi:

__H_,.—'-"r'_-—— s
—~ -

- -

. o .-""f(‘-

Do ciit bd & mbi goc mét hinh vudng cd canh 12 cm, nén hinh hép s& c6 déy 1a hinh vudng ¢
canh x—2.12=x-24(cm), chidu cao h=12 (cm)

Goi x 13 canh hinh vudng ban diu

Theo gié thiét ta cé: ¥,,, = S.k=(x—24)".12 =4800 = x = 44 cm . Chen C.

Vi dy 7: Cho hirh hdp chir nhit ¢6 d6 dai dudng chéo cua mét ddy va 2 mit ben lan hegt 12
@, b; c. Thé tich ¥ cta khéi hép di cho 1a:

AV =—--1—~—»abc

242

at+b* - b +¢? —al)(az+c2 —b2)

v=2
C. Vzm—\[(az +b° --cz)(b2 +ct --czz)(a2 +ct ——bz)

D.V= \/EJ(QZ +5° —cz)(bz +c —az)(a2 +cz.—b2)

Li gidgi:
2 +yt=a’
Go1d dai 3 canh ctia khdi hop 1an hrot 13 x; iz khido tacéd: {y* +2° =47
Z+x’=ct
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z_b2+c1—a2 _
2
. 2 2 2 .a.z'l"bz'f'cz W a2+b2;.c:2 -
Suyra x*+y 42 =— ey =—————
' 2 . 2
x_a2+cz__b2
2

:>V=xyz=.21$\/(az+b2.—cz)(bz+cz—a")(az+c2 —bz) ..Ch(_m-C.

| ay bling ., géc nhon gifta 2 dudmg chéo clia diy bing B. The tich cla khdi hop dé Ia:

Vi du 8: Pudng chéo cia mot hinh hp chit nhat bang d . Goc giita dudng chéo va mit phing

A. %d’ cos? osinausin B B. %d’cas2 asinosinp

C. d’sin’ acososin D. Ea” sin” a.cosasin B

Lo gidi:

D§ dai dudmg cac khdi hop 14 A=dsina

D$ dai dudng chéo cha hinh chit nhét day 1a dcosa ' E
. . . }
Dién tich mit day cia khéi hop 1a S = —;—(d cos Ot)z .sinp — E
) SN
. ' T
Do 86 thé tch ki hdp 14 ¥ =S = 2 &° cos” asinasinp A
| 1 P
Chi j: Dign tich ths gide ABCD 13 § = AC.BD sin(AC;BD}  |/f:-7" N,

Khi ABCD 12 hinh thoi thi S = %AC,BD _Chon A.

Vi du 9: Cho biét thé tich ciia mot khdi hop 13 ¥, day 14 hinh vudng canh 4. Khi d6 dién |-

tich toan phan ctia khdi hép bing: .
A. 2[Z’+f12] B. £+2a2 ’ C. 2[£2+a] D. 4[£2+a)
E a a @ a

Loi gidi:
Ta co: Dién tich ddy ciahdp Ja S=a" = Chiéu cao hopla k= 12
a

Dién tich toan phén cia khbi hop 1a: S, = Z(az +ah+ ah) = 2(0:2 +z) . Chon B.
a
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Vi du 10: Che hinh hp ABCD.A'B'C'D' ¢6 diy 13 hinh thoi va 2 mit cheo |
ACC' A", BDD'B' déu vudng gbc voi mit phing day. Hai mat ndy c6 dién tich l4n hrot 4
100 cm”, 105 cm® va ct nhau theo mét doan thing c6 45 dai bing 10 em . Khi d6 thé tich cia
hinh hop 43 cho la:

A. 2255 em® B. 425 cmt® C. 2355 com* D.5250m |
Lot gidgi:
Goi I;J 14n lwot 14 tAm hinh thoi 4'B'C'D" vi ARCD A D
(ACC'4") L(4BCD) ANV
b: = 1J 1 (4BCD) ;
(BDB'D'} L(4BCD) )
B L !
1 T cr
100 o
Khidé h=17=10; S ,cc., = ACh=> AC =~—=10(cm) .
10 A ’&___——:———-l ————d I
_,"’ \\\: ‘,,”t
Lai cé BDH%S»—IO 5(cm)S =8 pen ——AC BD_% ;
Dodé ¥V =Sh=525¢m’. ChonD. , B c

Vi dy 11: Cho hinh hdp dimg ABCD.4'B'C' D" ¢6 day 1a hinh thoi ¢b dién tich 1a 12 (cm?)
Hai mat chéo ACC'A' vi BDD'B' c6 dién tich lin hrot 14 15 (em?) va 20 (cmz) Khide |
thé tich ciia khéi hop da cho 1a: '

A. ¥ =60(cm’) B. ¥ =30(cm’) C.V=20(cw’) 1 D.V=3042(cm)

Loi gidi:
Gidsir AC=x; BD=y; AA'= hkhldoSABCD—IiZ-%xy:xy 24

Laicd: xh=15;yh=20.

1 1
Mt khac ¥, pop = SAm,h Exyh—i,/(zy) (xk).(yh) = 30~/_(cm ) Chon D.
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IIL. Vi du vén dung cao

Vi de 1: Cho hinh hép ABCD.4'B'C'D’ cb tht ca céc canh bing a. Biét ring ABC =120°
va 4'AB = 4" AD = 60°. Thé tich khéi hop d cho 1i: N
a2 a*\2

3 3
_aV3 B.V:‘“E C.V= D.V=
2 _ 3 4 2

AV

Léi gidi:

Ta ¢b: ABC=120"= BAD = 60° suy ra tam giac
ABD latamgidc deucanh a.

LT L

DE rang chimg minh dugc cic tam gidc A4'4B va
A'AD 14 céc tam giac déu canh . Suyra A".4BD
13 tir dién déu canh a. Nhw vy hinh chiéu vuéng
gbc clia A' 1én mat ddy trimg véi trong tAm tam
giac ABD

Ta cb: AH=§:>A'H=\/AA"—AH2
a6 1 a2

= A'H:T:’ Vg azo =§A'H‘SABC =T

V2

D0 6 Vi, =3V 1 spc0 =¥ s4sp =—, - Chon D.

a\2

Chi ¥: Cong thirc tinh nhanh th8 tich khéi t&r dign déu canh ¢ B ¥ = Tl

Binh lugn: Diy 13 mét bai todn khong qua kho, tuy nhién chiing ta cin phai quan sit mot
céch tinh té dé c6 thé nhin ra tr dién A'.ABD 13 ti dién déu canh a. -

Vi dy 2: Cho kbdi hop ABCDA'B'C'D' o6 déy 1o kinh chi nhat o6
AB=2(cm); AD = 4(cm); c4c canh bén bing nhau va bing V21 (em). Biét ring céc mit
phéng (4BB'A") va (ADD'A') 1an luot tao véi ddy cac goc 45° va 60°. Thé tich khéi hop
dd cho la.

AV =24cm’ B. V =48cm’® C. V=243 em® D. ¥ =247 cm®
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CI0U D — BN 09C DMIVRE Widn (1ap 1)

Loi gidis

Goi H 14 chin dudng cao ha tir A’ xubng mat -

day (ABCD). Lan luot dung cic dudng
HE | AB; HF 1 AD suyra (A'EH) 1 AB v
(A'FH)1 AD = 4'EH =45°, ' FH = 60°

h

N

Dé thiy HEAF I3 hinh chit nhit nén cé:

Pit A'H=h= HE=hHF =

) 2
H4* = HE’ + HF* :h2+h3

1,2 2
Lai c6: A'H? + HA’ =h2+h2+%=ﬂ

Do d6 ¥ =243=24{cm’). Chon A,

3 =VAA'2 = h=3'(cm).

Vi du 3: Cho hinh hép dimg ABCD.A'B'C'D' ¢6 chu vi day 1a 20 cm, 46 dai dudng cao cia
khdi hop 12 A=+/3 (cm), biét 46 dai 2 duomg chéo AC' v BD' lin luot 12 V31 (cm) va |

79 (cm). Thé tich ¥ ciia khéi hop da cho.la:

A.V=3em’ B. ¥ =203 cnd?

C.V=24¢m’ D.V=36cm

Loi gidi: . o
Tacod: AC=AC?—CC? =/31-3=/28
Laico BD=+BD?—h =793 =76

bat AB=x; BC=y; m=a,tac6: x+y=10

Khidé x> +y* —2xycosa =28 ; x* +y" +2xycosa =76

2, 0.2 2 _ —
X +y -—52:> (x+y) 2xy 52:>

Dodé{
xycosa=12

xycosa=12

Suyra sino. =£ =V =8 yep-h = xysinouk = 36cm’

Chen D,
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. Hgc ab kning dinh minh U D — I DOC Baony Widn (1ap 1)

| Vi du 4: Mot hop gidly co dang hinh hdp chit nhét c6 thé tich 12 80 em’ . Néu ting do dai cac
| canh ciia khbi hép thém 1cm thi thé tich khdi bdp 14 150 em®. Néu giam d6 dai cic canh cia
“ " | khéi hop di 1 cm thi thé tich khdi hop 12 36 em® . Dién tich toan phin ctia hép gidy ban déu 1a.

A. S =112(cm2) B. § =224 (cmz) C.56 (cm?) p. 987(c}rz2)

Loi gidi:
Gii sir 3 kich thudc ciia khdi hop 1a .a; b; ¢ (em), ta co: abe =80

Dign tich toin phén ctia hop gidy 14 S, = 2(ab+bc+ ca)

ST Theo i thiérbaitosn ta'edt (a+ 1) (B (cFI)=150 o

< abc+ab+bc+cata+b+c+i=150 < ab+be+cat+a+b+c=69(1)
Tuong ty (a—1)(b-1)(c—1)=36=abc—ab—bc—ca+a+b+c—1=36

Do do ab+bc+ca—-(a+b+c)=43 (2) Tir (1) va (2) suy 12 2(ab+bé+ca)z112=Sw.
Chon A. ‘ ‘
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snwwics v PRO S — Hinh Hoc Khéng Gian (Tdp _)

Hec 34 kbdng dinh minh

Chi dé 18
[TV6033] MAT CAU - KHGI CAU

X LY THUYET TRONG TAM VA PHUGNG PHAP GIAI

1. Miit ciu ‘

Tap hop cac diém trong khdng gian cich didm O cé dinh mét khoang R khong dbi rg-gi JE}
mit cAu ¢6 tAm 14 O va béan kinh bang R . Xihiéu: S(O R {Ml OM = R}

2. Khéi ciu

Mgt ciu S(O;R) cing véi che didm ndim bén trong né duge goi 14 mot khéi clu tim O , ba1
kinh R. Kihiéu: B(O;R)={M|OM < R}. |

Néu OA, OB li hai bén kinh cia mat ciu sao cho A O, B thing hang thi doan thing AF

201 14 dudng kich cla mit cau
Pink H: Cho hai diém cb dinh 4, B. Tap hop cic didm M trong khéng gian sao cho
AMB =90° 12 mit chu dudmg kinh 4B

¢ AeS(O;R) <> 04=R.

e 04, < R <> 4, nim trong mit cAu,

® O4, > R <> A, nim ngoai mit ciu.
3. Mit chu ngoai tiép khéi da dién
Dinh nghia: Mit chu di qua moi dinh cfia mét hinh da dién
(H) goi 12 m3t cBu ngoai tiép hinh da dién (H) va khi d6
(H) dugc goi 1a ndi tiép mit chuds.
Ditu ki¢n cin va d& dé mot hinh chép c6 mit cAu ngoai tiép

13 day ctia né 12 mot da gidc néi tiép mot dudng tron.

Moi tir dién ddu ¢6 mit ciu ngoai tiép.
x= As 4ok A =A
4. Mt ciu ndi tiép khéi da dién
a. Mit cau ndi tiép hinh chop 13 mét cdu ndm bén trong hinh chép va tiép xic véi véi tht céc
- mdt cta hinh chép.

b. Tam mit ciu ndi tiép hirth chdp cach déu tht ca cac mit cia hinh chép.

266



Hoc ol khdng dichminh . FRU D — HIAN E0C Boong uian (1ap 1}

5. Vitri tlrdmg dbi gifta it chu va mjt phing
~ Cho 'mt cau' S(O;R) va mit phing (P), goi d 1a khoang cach tir O dén (P) vi H I hinh
chiéu Vuong goc ciia O trén (P). Khi dé: -

A el ,,,1;{, - /_ e
[{7]

e Néu d <R thi m3t phing (P) cét mit cdu § (O;R) theo giao tuyén 14 dudng tron nim

trén mit phing (P) o6 tim 13 H va c6 ban kinh r=vR —d” .
Khi 4=0 thi mit phing (P) di qua tim O cia mit ciu, mit phing d6 goi 1a mit phing

kinh; giao tuyén ciia mijt phéng kinh véi mit ciu 1 dudmng tron c6 t3m O va ban kinh R,
dudng tron d6 goi 13 dudng trdn I6n cia miit cAu.

* Néud =R thi mjtphing (P) va mit cAu S(O;R) cé mét diém chung duy nhét A .

Khi d6 ta néi ( P) tidp xtic v6i S(O R) tai H va {P) goi 14 tiép dién ctia mit cdu, H goila
tiép diém.

Chit y:. Cho H- 12 médt dlem thudc mit cdu S (0, R) vi mat phing (P) qua H . Thé thi- {(P)
txep xtic véi S(O R) e OH 1 (P

e Néud>R thi mét phing (P) va mit cdu § (O;R) khong cé diém chung.

6. Vi tri twong @6 gira mit chu va dwdng thing

Cho mt chu S(O;R) v dudng thing A . Goi H 1a hinh chiéu vudng gc ciia O trén A va
_ d = OH lakhoang cich tir O dén A . Khi d6:
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Hoc #& khing djnh minh

o Néu d <R thi A cit S(O;R) tai hai diém 4, B .va H li trung diém cla 4B .

; Néu d=R thi A va S(O,R) c;hi c;é .II-l.(T)t diém-éh;ﬁé_g ,- t;ong trudng hop ndy A gQi- 14
tiép tuyén cﬁé mit cdu S(O;R) hay A tiép xtic voi S{O;R) va A 14 tiép diém.

e Néu d>R thl A va S(O;R) khéng c6 diém chun{g. -

7. Dién tich mit ciu va thé tich khoi cau

Goi R 12 bén kinh ciia mit ciu thi:

« Dién tich mit chu; § =4zR".

e Thé tich khéi ciu: V' = %ﬂRz'. .

8. Phwong-phap xﬁc dinh mit cAu ngoai tiép tir dién 4BCD.

Bai todn 1; Tt dién ABCD c6 hai dinh nhin hai dinh con lai duéi mét géc vudng, ching
han ¢6 ABC = ADC =90°. Khi dé, miit chu ngoai tiép hinh chép ABCD Ia mit cia
dwimg kinh AC, tim I3 trung diém cia 4C .

Bai todn 2; Tir dién ABCD ¢6 mdt canh vudng géc véi mot m:‘it, ching han c6 dwimg
thing 4B vubng goc véi mit phing (BCD).

Dung tim. Dyng truc d cia tam gidc BCD, thi d//AB.
Trong mit phéng (4B,d), dung dudmg trung tryc A cha 4B.
Tam I clia miit chu 13 giao diém ciia d va A .

Tinh bin kinh R cia mitchu. |

Goi O 1a tim dudng tron ngoai tiép ABCD.

Goi E 14 trung diém ctia 4B .

Xét ABOI vubng tai O, cd

2
R*=BI*=0B*+0I* =0B* + BE? =032+AB -

V6i OB 14 ban kinh dudng trdn ngoai tiép ABCD.

Céng thirc tinh nhanh. Goi k 1a chidu cao- cla tir dién ABCD, r 13 ban kinh dudng tron

£ 3 Y 1 . ara - h2
ngoai tiép ABCD . Khi @6, ban kinh mit ciu ngoai tiép & dién 4BCD 13 R=, }rz +7 [CT1]
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Bai todn 3; Tit dién ABCD c¢6 cic canh di qua mdt dinh bing nhau, ching han cﬁ cac
canh bén AB=AC=4D. -

Dung tim. Goi O 13 tm'dudng tron ngoai tiép tam gidc BCD
thi ta 6 40 L(BCD). Trong mit phing {4BO) dung duimg
trung fruc cha 4B cit AO tai 7 thi 7 13 tAim mit cAu ngoai
tiép tir dién 4ABCD.

Tinh ban kinh R ciia mit ciu.

Goi E 1a trung diém ciia 4B

Hai tam gidc vudng A0B va AEI dong dang.

2
Suyra -@:ﬁ:R:AIZ AB.AE = AB .
AE AT A0 240
Céng thirc tinh nhanh. Goi 46 dai canh bén AB=AC=AD=x va h la Chiéu cao clia tir

x2

dién ABCD . Khi d6, bén kinh miit cdu ngogi tidp & dién ABCD 13 R=2[cT2).

Bai todn 4; Tt dién ABCD c6 hai mit nim trong hai mit phing vudng goc, ching han
cé mit phiing (ABC) vudng gée véi mit phing (BCD)..

Dyng tim. Goi G, O, 1in luot 12 tim clia dudng tron ngoai ti€p c4c tam gisc BCD va ABC,
E 13 trung diém ciia BC, ta cb

O LBC= OF 1 (4BC).(do(4BC)L(BCD)).
O,E | BC = O,E 1(BCD).

Qua O, dung dudng thing d, vudng géc véi (BCD) thi d, 1
truc cia tam gidc BCD va d,// OF .

Qua O, dung duong thing d, vudng goc véi (4BC) thi d, 12
truc clia tam gidc ABC va d,//OE.

Tam ] ciia mit ciu li giao diém cia 4, va d,.

Tinh b.. kinh R cda mit cin.
Té gidc EO,I0, 13 hinh chit nhét, suy ra JE* = O, E* + O,E.

Goi R, R, 14n huot 14 ban kinh dudng tron ngoai tiép tam gisc BCD, 4BC.
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Mot 84 khiing djnh minh

2 2

Tacéd OLE2 =01C2—-EC2 =R12_BC 502E2 =02C2'—EC2 =R22"£.
2 2
SuyraIEZ:R5+R§_%:>M=IEZ+EC2=R3+ z_Bf _

Céng thirc tink nhanh. Goi R, R, 1in luot 12 ban kinh dwdng tron ngoai tiép ABCD, AABC
va I 1 d6 dai giao tuyén cia hai m3t phing (4BC), (BCD). Khi d6, ban kinh mjt cAu ngoai

’ 2
tiép it dién 4BCD 12 R=, /Rf +R; —% [cT3].

II. ViDU MINH HQA

Vi du 1: Cho dudmg tron (C) dudng kinh 4B va dudng thing A . Dé hinh trdn xoay sinh
béi (C) khi quay quanh A 12 mdt mét cAu thi cin ¢6 thém didu kién nao sau day:

(1) Pudmgkinh 4B thudc A.

(I) A cb digh va dudmg kinh 4B thudc A.

(I} A cb dinh va hai diém 4, B cd dinh trén A.

A. Chi (D). B. Chi (1), |
C. Chi (IIT}. D. Khéng cin thém diéu kién nao.
Léi gidi:

Theo bai ra, ta cé A cb dinh va hai diém 4, B cb dinh trén A. Chen C.

Vi du 2: Cho mit cdu (S) tim O, bankinh R va mét phing (P) c6 khoang céch dén tAm ¢
bing R. Mot didm M tdy y thude (S). Duong thing OM cit (P) tai N . Hinh chiéu cia O
trén (P) 1a 7. Ménh dé ndo sau ddy ding?

A. NI tiép xic véi (S).

B.ON=RJV2o IN=R.
C. Ca A va B d8u sai.
D. Ci A va B déu ding.
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Lo gidi: N

< L

Vi I 14 hinh chiéu cda O trén (P)'nén;d'(o,(P)) =0l ma d[0,(P)]=R.

Neén 7 1a tiép diém ctia (P) va (S) Duorng thang OM cit (P) tai N nén IN vubng géc
véi OF tai T. Suyra IN tiép xiac voi ($). ~ '

Tam gidic OIN vubdngtai / nén ON =R\/_ 2&IN=R.ChonD,

Vi du 3: Cho mit chu S(O;R) vé mdt diém A, biét O4=2R. Qua A ké mot tidp tuyén tiép

Ixbe Ve (S) tai BKhi dd d6 dai dodn AB bing:

A R. B.g. C. BRV2. D. RV3.

Loi gidi:

Vi 4B tiép xiic véi () tai B nén 4B 1 OB.

Suy ra 4B =+/04*-(0B* _='\/4R2 ~R*=R\3. ChonD.

Vidy 4: Cho mit c3u S(O;R) va mét didm A, biét 04 =2R. Qua 4 ké mdt cat tuyén cit ()
tai B va C sao cho BC=R3 . Khi d6 khoéng céch tir O dén BC bing;

A R, B.%. . C.RV2. D. RV3.

“LoigigisT
Goi H 13 hinh chiéu cia O 1én BC. |
BC RI

Taco OB=0C=R,suyra H 1a trung diém ctia BC nén HC = P

Suyra OH =JOC*~ HC? =—§-. Chon B.

Vi du 5: Cho hinh ciu dudng kinh 44'=2r. Goi H 1a mét &iém trén doan A44' sao cho
AH =% . Miit phéng () qua H vA vudng goc véi 44" cét hinh ciu theo dudmg tron (C).

Tinh dién tich cia dwémg tron (C).

‘ 2 2 2
A Sirl_ B. Sxr _ C. 4y . D. 2xr _
9 3. 9 9
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Hge d& khing gink minh

Lé’i giéi.'
Theo gia thiét, ta cé AH —2 Ta suy ra OH = E

2 2
Goi r' 12 ban kinh ciia dudmg trdn (C). Taco r"” = —OH=r* —%=§;—'—.

Vay dién tich cta dudmg tron (C )1a S=zar 2= %—— Chon A.

Vi du 6: Dién tich hinh tron 16n cia mot hinh ciu 1a p . Mét mit phing (&) cét hinh clu they

mét hinh trén ¢6 dién tich 14 P Khoing cach tir tim mit ciu dén mit phing (@) bing:
> p g

A2, B L. c. 22 |
pie T Fie 27

Loi gidi:

Goi khoang céch tir tim ciu dén mit phing 14 d, tacé d> = R* —r’.

Hinh tron 16n ctia hinh cdu S 14 hinh tron tao boi mat phing cét hinh ciu v di qua tim ctia
hinh ciu. Goi R 12 bén kinh hinh chu thi hinh tron 16n cfing ¢6 bankinh 14 R .

g

Theo gia thiét, ta ¢6 m’Rz=p@R=\/E varnrt=Ler= .
4 2 2x

Suyra d =VR* -7’ = JEP— Chon D.
: T

Vi du 7: Cho mit cdu S{O;R) va mit phing (). Biét

khodng céch tir O dén (a) bang g. Khi d6 thiét dién

o
\"Q

tao boi mit phing (o) v6i S{O;R) 12 mdt dudng trén

dudmg kinh bang
A R. B. Rf3. c R D.fﬁ.
: 2 2
Loi giai:
Goi H 14 hinh chiéu cia O xubng (). Taco d( ( )) ia-<R nén (a) cit

S(O;R) theo dudmg tron C{H;r). Bén kinh dudng tron C(H;r) A r=vR* ~0H* =£—f .
Suy ra dudmg kinh ctia dudng trdn ¢n tinh bing RS3. ChgnB.
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Vi dy 8: Cho miit ciu § (O;R) , A 14 mot diém & trén mg“i.t;czj“a_.u (S ) va (P) 12 mit phing qua
- A sao cho gbc gilta O4 vA mijt phing (P)

bing 60° (nhu hink v& bén). Dién tich cia
dudmg tron giao tuyén bing:

-4 oo
JTRZ . . S S '1

A, ﬂRz_ B. . | 1 /
2 - 2 <\ b

. 2 2

c. & p, =& -

4 8

Lai gidi:

Go1 H hmh chleu vuong goc cia O trén (P) thi:

« H 13tmocia duong tron giao tuyen cta (P) va ().
o (04;(P))=(04; AH) = 60°.
Ban kinh ctia dudmg tron giao tuyén » = HA = O4.cos 60° =~

. 2 2
Suy ra dién tich dudng tron gi'ao tuyén zr® = :r(i;) = f% Chen C.

Vi du 9: Cho mit cAu S(I;R). Mit phang (P) cit mit cdu(S) theo giao tuyén 13 mot

dudng trén tam O. Hai diém A, Be (0) sao cho tam glac OAB d&u va gbc giira hai mit
phéng (L4B) va (OAB) bing 60°. Biét dién tich AL4B béng 3-2@ em” , tinh bén kinh R .

NE

A.R;%cm't B.,_R=__\/__5—___cm.___. , C.R=?cm. | D. R=-/6 cm.

- mit phing (IAB) trén mit phing (P).

. Loi gidi:

bit OA=08B=x. Tam giac OAB la tam gidc ddu

X

= 8,05c = . Mt phang {(04B) la hinh chiéu ctia

= Sy = Saup-C08 @ V6i @ = (14B);(OAB) = 60",
Sma:ﬁ:.}xz\/g_ﬁ x=1

m—3x=].
2 4 4 4 &

= Saous =

Goi M 1a trung diém ciia 4B = IMO = 60° = IO = i

VayR IA_\/IOz+A02 J —Ch C.
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Vi du 10: Cho mit cdu (S) thm I , ban kinh R . Ba mit phing (F), (@), (R) qua diém 4
khéng nim trén miit cAu, d6i mét vuéng goe v6i nhan cht mit cau (S) theo thiét dién 1 ba
hinh trdn ¢6 tng dién tich bing 127 em®. Biét L4 =~/3 cm |, tinh 6 dai ban kinh R chia mit
cau (S). |

A.R=2cm B. R=+/5 em. C.R=3cm. D. R=~2 em.

L gidi:

Goi a, b, ¢ 1in Lrgt 14 khong céch tir I dén mat phing (P), (Q), (R).

Goi 1, 7, r, l4n Iugt 12 ban kinh dudmg tron giao tuyén clia mit cAu (:S) véi (P), (), (R)
Khidé R* =a’+7"; R* =b"+71; R* =c’ 4+l = 3R =c12+b2+c2+(rf+rgg2 +1-"32) (*)
Ma a®+b%+c = 1A% S, + 8, + 8, = x( +1] +77).

S, + 8, +5,

Suyra (*} < 3R =4 +
n

=3+12=15= R =+/5. Chon B.

Vi du 11: Cho mit ciu (S) ¢6 tim O bén kivh R=2 . Tam gidc ABC véi 3 canh i
AB=3; AC=4 vi BC =5 Trong d6 3 canh d&u tiép x(ic v&i mit clu . Tinh khoang cach 1ir
O dén mit phing (ABC).

Al B. 2 C.0 D.f3
Loigidi: e '
Gia sit AB,BC,CA tiép xic véi mit chu tai céc didm
N,M,P = ON L 4B; OM L BC; OP L AC.

-

~

Ké OH_L(ABC):;>HNJ_AB; HM 1 BC; HP 1 AC

Hay H 14 tim dudmg trdn ndi tiép tam gide ABC.

6 r = Sassc , # 14 ban kinh dudmg tron ndi tiép A4BC. p '
r _ B N~y 7 C

Ma A4BC vubng tai 4 = S, ;0 = ABfC =6.

Khi 46 p=&%g—-t—q£=6:>r=1=OM.Véy d(0;(4BC))=vE —7% =\3. ChenD.
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Vi du 12: Cho hai mat phé"mg (P) va (Q) vudng goc¢ véi nhau c6 giao tuyén 13 dudmg thing
AV VTI:én A léy hai diém A B v0i AB=a. Trong mijt phing (P) lﬁ',); diém C, trong miit
.| phing (Q) My diém D sao cho AC, BD cing vudng goc véi A vd AC=BD=A4B. Tinh
ban kinh mit cau ng0a1 tiép t& dién ABCD.

A, -\—Ea. B. ﬁa‘ C. ﬁa. b. ﬁa.
6 -4 3 2

Loi gidiz

Vi(P)L(Q) va CALA nén CAL(Q)=>CALAD. =

Tuong tv BD L BC nén céc diém B, 4 cing nhin doan
CD dud6i mdt goc vudng, do d6 miit chu ngoai tiép tir dién

ABCD c6tim 1a tmng diém ctia CD va R= %

Ap dung dinh 1y Pitago cho c4c tam gidc 4ABD, ACD tacb |

2 - 2 2 2 2
sz/AC;AD =\/AC +AzB +BD =af.Ch9nD.

Vi du 13: [THPT THANH CHUONG — NGHE AN] Cho khéi chop S.4BC c6 d4y 13 tam
gidc vudng tai 4," AB=a, AC =2a. Biét SBA=SCA=90° va khoang cach-giita hai dudng

{ thing S4 va BC bing 33"— Tinh dién tich S cta mit ciu ngoai tiép hinh chép S.4BC.

A. 8 =67, B. S =dzd. C. § =974’ D. S=8zd’,

L gidi

Theo bai todn 1, ta ¢6 SBA=S5CA=90°= Tam mit ciu ngoal tiép hinh chép S.4BC 1a
trung diém 1 cia S4..

Goi D trén mjt phz'mg (ABC) sao cho ABDC 13 hinh chit nhit, khi 86 AD=BC=a+5 va
SD L (4BDC).

K¢ duong thing d diqua A song song véi dudmg thing BC.
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Tac6 BC//(S4d)=> d(S4;BC)=d(BC;(SAd)). ]
'=%d(b';(5ﬁd)):> & =d(DzSAd)=4—a -

Ké DH | Ad (H € Ad) = DH = z.é(A;(Bc)) =%.

Theo bai todn khoang céch, c6

311)2 +5;{—2=%:>SD=2¢:.
:>SA=W=3¢1:>R=£;=%“.

Viy dién tich 13 § =47R* =9za’. Chon C.

. _ A
Bai toan twong tw: Cho hinh chép S.4BC, tam gidc ABC vudng tai 4, AB=1, AC=+3.
Hai tam gisc SAB, SAC lin lugt vudng tai B va C. Khoang cach tr B dén mit phing
X 3 s A 1 (1% |
(SAC) biang § . Dién tich mit cdu ngoai tiép hinh chép bing:

Sz
1

Al Tm. B. C. 20x. D. 5z.

Vi du 14: Cho hinh éhép S.4ABCD, ¢6 ddy ABCD 13 hinh vudng canh a. Canh SA4 vuéng |
g6c véi mit phing day (ABCD). Goi M 1a trung diém SB . Goi H 12 hinh chiéu cia 4 lin-
mit phing (MCD). Mt phing (MCD) tao véi ddy mét goc bang 45°. Tinh ban kinh mit
cau ngoai ti_ép tr dién MHBC..

3a 3a

A. R=22 B. R=22%. c.r=2%2 . D .
2 4 T2 4

Loi gidi:
K& MI song song v&i 4B, I € S4.
K& AH vudng géc véi DI véi HelD.
Tacé CD L(SAD)= CD L AH = 4H 1 (MCD).
———— SA=2a
Do d6 ((MCD):( ABCD))=IDA=45"= .
o dé ((MCP)i(45CD)) {AI:AD:a

Ma BC L (SAB) nén BC 1 SB => AMBC vubngtai B.

2 2
Xét AADI vubng tai A, cé AH =YD _ @
2 v2
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=S HC= \/ AH’ va SB= \ISAZ + ABZ —a\/—

2 2 2 ' e
Khi = d6 -MC:JSC +BC* B _3a_ op_ a3 e vubng  tai
| 2 4 2 2 _

H = MHC=90°. ‘ _
Theo bii todn 1, ta 06 MBC = MAC = 90° = Tém mit chu ngoai tiép ctia khdi chop MEBC |

chinh ld trung diém ciia MC . Viy ban kinh R = MTC = 54‘5 Chon B.

Vi du 15: [PE SO GP — PT — HN] Cho hinh chép S.4BCD cb day ABCD 14 hmh vubng

--“canh 94/2 canh-bén -S4 -yudng - goc-vai mat-phang day va -SA=3:-Mat-phing-qua- Ava
vudng goc SC voi cét cac canh. SB, SC, SD 14n luot tai cic diém M, N, P . Tinh thé tich ¥V

ciia khéi chu ngoai tiép tr dién C MNP.

Al V=E4£7Z. - B. Vzﬁ.m : C. V=£7£. D. _V=£$ﬁ"
3 ' 6 3
Léi gidi:

Tacé SC L(AMNP)=>SC 1. AM ma AM 1 SB.

‘= AM 1 MC = AMC =90". Twong tw APC =90°.
Mat khac ZI\—FE’ =90" nén theo bai todn 1 thi tim mit
c¢&u ngoai tiép tir dién CMNP 1a trung diém cia AC.

Suyra R-—AZ—C—Z::V—% R = 3 2. Chon C.

Bai toan twong tyr: [Ban doc tw gidi] Cho hinh chép S.ABCD c¢6 ddy ABCD ‘la hinh vubng -
canh a. Pudng thing 54 =a+/2 vudng gbc v6i mit phing ddy. Goi M 1 trung diém ca
SC , wit phing (o) di qua hai didm 4, M ddng thdi song song véi BD cét SB, SD lin lugt
tai E, F . Bén kinh mit cdu di qua niim diém S, 4, E, M, F bing:

A. R=a\/2. B. R=a. C. R=-‘3‘2/_—3. D. R=%.

Vi dy 16: Cho hinh chép S.4BCD véi diy ABCD li hinh thoi canh 24, gbe BAD =120".
| Canh bén S4 vubng vai day. Blet khoang céch giita hai dudng thing 4D va SC bing 3_a'
Tinh ban kinh miit ciu ngoai tiép hinh chop S.ABD . .

Sa 3a

A. R=3a. B. R=—. C. R=—. D. R=2a.
2 2
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Moc aé khing dinh minh IR 5~ nn ogce Rnong wian (L1ap .}

L gidi: .
Tacé ABCD 13 hinh thoi = AD// BC => AD //(SBC).
= d(AD;SC)=d(AD;(SBC))=d( 4(SBC)) = 3;

Goi M 12 trung didim clia BC = AM L BC (A4BC ddu).
SA1BC

= BC 1 (SAM).
AM 1 BC

Ké AK_LSM(KGSM) {

= BC L AK = AK 1 (SBC)=> d(4;(SBC))= 4K n%"

Xét ASAM vudng tai 4, co 12+ 12= 12.
S4° AM® 4K

’ 2
= 4= AM.AK f’“‘/_ ———3a.

NAM? - 4K* 2 4
Dyng hinh: Goi H [a tam d‘u’cmg tron ngogi tiép AABD . Goi E Ia trung diém ctia SA.

Ké (d) L(4BD) tai H va (d) cdt méit phing trung truc ciia SA tai I .

Khids Jd=1IB=ID = IS = I ld tdm mdt cau ngoai tiép khéi chép S.ABD .
, 2 .
Xét khéi chop S.4BD c6 SA L (ABD) thuge bai todn 2 nén sir dung R =, /rz +h? [CT1]

Véi b =84 1a chidu cao cta khdi chép, r= R, s 13 ban kinh dm‘mg trong ngoai tiép AABD .

. BD BD
Ap dung dinh i sin tr AABD ,tacd 2.R ——=>R =— =
pamed nons MED = BAD M T 1200
’ - 2
' Vay bén kinh chn im 12 R = (ch)%%:%‘i Chon B.

Vidy 17: Cho tir dién SABC 6 canh S4 1 (4BC), hai mit phing (S4B) va (SBC) vudng
g6c véi nhaw, Biét SB=av3, BSC=45", ASB=a (0<a< 90°) Ban kinh hinh ciu ngoai

tiep tir dién SABC la: _
A a B. 2a. C. 3a D. 4a.

Lot gidi:

Dit 458 =60°. Ta co S4 L(ABC)=> S4 L BC

Ma (S4B) L (SBC)=> BC L(S4B)=> 4B L BC, SB 1 BC.
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Xét ASBC vutngtai B, c6 BSC =45 = SB=BC=a2.

" TXét AIHA vubng tai H cb L=

S N . ' ) ) 7 3
 Sidymg cong thic ta o6 [CTIJ:R=fr* + 5

Hoc dd khing dginh minh . Vs D — UL JAUC DaUIUvUy wFrall (L ap 1y

a2

SA =cos60°.5B = —

AB =sin 60°.SB =a—2‘@

Xét AS4B vudngtai 4,cd

Goi H 1a trung didm ciia AC, M 13 trung didm ciia S4.
Ké dudng thing (d) L(ABC) tai H va cét mat phing trung
tryc ciia SA tai ] = IS=I4d=1B=IC=R.

T+ Al =a ChonA.

Vi du 18: [PE THI THU NGHIEM — BGD] Cho hinh hop chit nhat ABCD.4'B'C'D" ¢6
AB=a, AD =2a vi AA'=2a . Tinhbankinh R cia mit chu ngoai tiép tir dién ABB'C'".

A. R=3a B. R=—. C.R=—. D. R=2a.

Lai gigi:

Xét hinh hop chit nhit ABCD.4'B'C'D".

Ta ¢6 ABCD 14 hinh chit nhit = 4B L BC mit khic
AB 1 BB' Suyra AB 1 {BB'C'C), khi d6 bén kinh mit
cAu ngoai tiép tlr dién ABB'C' thudc bai tean 2.

Véi h=A4B=a va ABB'C’ vubdng tai B'

BC' VBB +B'C? A A +AD? . 5
> = > = 5 =av2.

z 7
= R= Jr2 -l—k? = \/(a\ﬁ)z .-t—-% :3_;_. Chon C.

= r=

Bai todn tuong tw: [THPT LUONG THYE VINH — HA NOI|[Ban doc ty gidi] Cho hinh
hp chit nhat ABCD.A'B'C’' D" ¢6 AB=3, AD=4, AA'=5. Tinh dién tich § cia miit ciu
ngoai tiép khéi chop ACB'D". '

A S=50z. B. S =80r. C. §=1007. D. S =1207.
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Hogc 04 khdng dinh minh

e 6 Karkog St i . PRO 5 ~ Hinh Hoe Khong Gian (Tdp )

Vi duy 19: [DE THI MINH HQA — BGD] Cho hinh chép S.4BC c6 ddy ABC 1a tam giic
déu canh bing 1, mat bén S4B 14 tam gidc ddu va nim trong mit phing vudng gbc voi miit
phing ddy. Tinh thé tich ¥ ctia khéi ciu ngoai tip hinh chép d3 cho.

A.V:S‘h—s”. B.V=5‘/1_5”. C. V_i‘@i p. v =>F.
18 | 54 27 3
Loi gidi:
Hinh vé bén: | s

e O latdmcia A4BC, (d,) L(4BC)=0.

-

e E litamcia ASAB, (d,)L(S4B)=E.

’—-—-1-5—-
¢ I

* (d)n(d,)=1 1a thm mit cdu ngoai tiép chop S.4BC.

- -

Nhén xét: Ta c6 (S4B) L (ABC) € bii toén 4.

St dung R—JRZ+R2 - [CTB] v6i R =R, =£ lan Tugt

B ¢
12 ban kinh dwdng tron ngoai tiép AABC va ASAB. '
Va (S4B)n(ABC)=AB=1=AB=1 :R=ié_£.
Thé tich ¥ ctia khéi chu ngoai tiép 1a ¥ = ;;:RJ = 5—\/51;5—75 Chon B.

Bai toan twong ty: [THPT XIM LYEN — HA NOQI} Cho hinh chép S.ABCD c6 ddy ABCL _
13 hinh chit nhdt, 4B =a, 4D =2a. Mijt bén S4B 1i tam giéc déu va nam trong mit phiny;
vudng goc véi mit phing day Tinh ban kinh R cha mit cdu ngoai tlep hinh chiéu hinh chép
S.ABCD.

Zaﬁ B 3a\f§ C 3aJ§ D 2a«[§ '

3 2 2 3

Vi du 20: [THPT CHUYEN NGU - HN] Cho tir dién ABCD ¢6 canh AB=CD=BD=2a.
AC =2a; AD = BC = a+/2 . Tinh ban kinh R ciia mit ciu ngoai tiép tir dién 4BCD.

A R=ﬂ B. R=ay2 C. R=av5 B.R=£

2 ' 2
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Fige b khing dinh mich . : .. KOO — AN 09 DOung Wi (1ap 1)

Loi gidi: T
" Xay dyng bai toan tdng quat véi tir dién ABCD,taco
AB=CD=a, AC=BD=b, AD=BC=c
Suy ra ban kinh mit cu-ngoai tiép tir dién 4BCD 1a

=~?\/a2+b2+cl =§JA32 +AC* + AD?.
Ap dung bai todn trén voi 4B = AC =2a, AD = a2 , ta duge
...._.__.__.__R—J— \/4;1 +4a%+24% .,_\/_‘ O—E_\_/.:..Ch nhD——— - .

Hoiic ta cé thé xdy dung bai toén téng quét vé’i tir dién ABCD A
€6 hai canh dbi ¢6 chung mdt dieong trung tryc, chang hgn co
AB va CD cé dogn trung truc la EF .

~ ‘ 1 2 bz“az
Dit AB=x,CD=y, EF=d=t=—5|d"+ .
R 2d 4

Biét ¢ ta xéc dinh duoc tim I cfia mjt chu ngoai tiép tir dién

] 2
ABCD . Khi 6, ban kinh R:Ja'zru%.

Vi bai todn trén: Goi E, F 13n luot 12 trung diém cia 4B, CD .
Chimg minh dugc AF = BF; CE = DE = EF 14 trung tryc clia

J‘

hai dogn thiing 4B, CD. Ta c$ AF = BF = a

e

Sd=EF=BF* +BE* =% v x=4B=24, y=CD=2a.

223 - 2 2 2
=t= 12 a2+ L= =l:>R=‘/d2t2+f—=‘/za—.l+4a ALY Chgn D.
- 2d 4 2 4 4 2

Vi du 21: Cho khdi chép S.ABC c6 ddy ABC 12 tam gidc vudng cin tai 4, AB=a+2, cc
canh bén S4=SB=SC. Géc gitta dudmg thing S4 va mit phing (4BC) bing 60°. Tinh

bén kinh mt ciungoai tiép khéi chép S.4BC.

2a 2a . 2a . 2a
A — B. —. C. —. D. —.
J6 3 V3 NZ)
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 enwwsse v es PRO S — Hinh Hoc Khong Gian {1ip 1 -

Hgc dd khing Sjuh milnh

Léi gidi: | )
'Goi H 13 trung diém cia BC = HA=HB=HC. ' : S
Két hop vé6i gia thiét S4 =SB = SC nén SH L (4BC). '

Tacé SH L(ABC)=> (SA(ABC))=(S4; AH)= S4H = 60"

M A4BC vudng cintai 4 = BC=2a=> AH =a.
Goi O, R lan lugt 13 tAm va bén kinh clia mt cau ngoai tiép ~~_ A&
hinh chép S.4BC. Suy ra O thudc dudng thing SH nén O ™

thudc mét phang {SBC).
Do d6 R 13 ban kink dudng tron ngoai tiép tam gidc SBC. ' A

Xét tam gidc SHA , tacd SA4= AHU =2a=> ASBC la tam
cos 60 :

2a___2a
- 2.sin60° 3

2 x=S4=2a
Hojc sir dung [CT2]:R= Z_ véi =R= 40’ _2a
h=SH=a3 23 B

gidc déu cb 46 dai canh ba.ng 2a = R =

Chon C.

Bai toan twrong ty:

Bai todn 1: Cho ba tia Sx, Sy, Sz khong dong phéng va %8y =120°, Sz = 60°, z8x =90°.
Trén céc tia Sx, Sy, Sz 1iy l4n lugt céc diém 4, B, C sao cho S4=SB = SC =a. Tinh ban
kinh R cia mjt ciu ngoai tiép tir dién S.4BC.

A.R=%. B. R=a. ' C.R=a2.  D.R=a.
Léi gigi: Str dung dinh 1y cosin, ta c6
ASB=120"= AB=aV3.
ASC=90° = AC=av2, BSC=60"= BC=a.
= AABC vudng tai C. Ma SA=SB=SC= hinh chifu ctia
S trén mit phing (ABC) la tim dudng tron ngoai tiép A4BC -
hay tring v6i trung didm cita AB.

Viy SH L{A4BC), S4=SB=SC nén st dung [CT2]: R =-;—

: e
Véi x=8S4=a, h= SH:—isuyraR——ma Chon B,

NIQ
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Hoc d kndng dinh minh - KU S — Hink Hoc Khong Gian (13p 1)

Bai todn 2: [Ban dgc ty gidi] Cho ti dién ABCD c6 hai mt phing (ACD), (BCD) vubng
goc v&inhau, canh AB=BC=BD=AC=a, “dD= av2 . Tinh dién tich xung quanh cfia mit
ciu di qua bén diém 4, B, C,D.
2 2
A. S, ==ma’. B.S =4ra’. - -G S, =2na’. D. S, =8za".

Vi du 22: Cho hinh chép tam gidc déu S.4BC cd canh diy bing 1 va chidu cao bang % . Bi&t
ring béan kinh mit ciu ngoai tiép khéi chép R = -%33 va k 1a s6 nguyén. Khing dinh n&o duéi |
. ¢l .
ddy 12 khing dinh dtng v& méi lién hé giira a, . _
A k=a B. h=3a. c.*&;2+4ah—3h2=0. D.a:h=1:2.

R T e
Goi H 1ahinh chibu cia S trén mit phing (ABC) thi H
13 tim dudng tron ngoai tiép tam gise d4y. Trong mit
phéng (SAH) dyng trung trec MI ciia canh SA cit SH
tai I thi I 13 tim mit ciu ngoai tiép cta hinh chop.

Hai tam gidic SMT vA SHA ddng dang nén 2L _ 5L
_ SH 854
Ban kinh mit ciu ngoai ti€p hinh chép S.4BC la
pS4 _SH’+HA
- 2SH 2SH
2 2
TacoAH——AE-i nén R=23
3 6h _
, 2, 932 s
TheogiéﬂﬂétR=—-a: nén & +3h =-2—a—<:>a 2 Aah+3kt =0 |®T .Chon A.
3 oh a=3h

- M3 rgng véi b todn hinh chop tam gidc déu. Néu thay gié thiét duomg cap SH = h, bing :

NEY.

o Canhbén SA=b thi R=——"___,
: 243 - a?

V3

* Canh bén S4 hop voi déy mét géc o thi R = — a.
3.5t 2a
V3 (4 +tan?
* Mt bén tgo voi mdt ddy géc B thi R = (——-—i)a.
12tan g

Ba

4 f~cos@.cos3p

VBa

4‘/sin1.sinﬂ,-
2 2

Géc SAB=o thi R=

Géc ASB=y thi R=
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e 8 ke et vt : . PRO 8 — Hinh Hoc Khong Gian (Lép 0)

Hoe &b khing &jnh mink

Vi du 23: Cho tir dién ABCD c6 céc canh AB, AC, AD d6i mdt vudng gbc va AB=c,
AC=b, AD=c. Tinh ban kinh mit cau ngoai tiép tir dién ABCD.

Nad+b +c?

5 C. x(a2+b2 +cz)2. D. 4;r(a2+b2+c2)

A, x(az +b° +cz). B.

Loi gidi:

Goi M 13 trung diém ciia CD. Khi 46 M 1a thm dudng
tron ngoai tlep tam giac vudng 4CD.

Tir M dung dudmg thing d song song véi 4B .
Trong mit phing (4B;d) dung dudmg thing trong trye

cha AB cit d tai O.Khid6 O 13 tAm mit chu ngoai tiép
cia khéi chép.

Tacod MA= mCD—IJ 24+ AD® = Nb e

Va AMOI lahinh chitnhdt = OM =1d=

Do viy OA=OM® + MA® =—;—Ja2+b2 +¢? =8, =47k =7 (a* +5* +¢*) . Chon A.

Hodgc: Tir ba canh AB, AC, AD ta dung duwoc hinh hip chit nhit nhin AB, AC, AD ld ta

canh xudt phét tir dink S . Khi d6 tdm ciia hinh hop chit nhdt I tdm ctia mdt cdu phdi tim va

bdn kinh mdt cau bang % duong chéo hinh hip chit nhit d6. Ta suy'm:

=-;—JAB2+AC‘2+AD2 =%\/a2+bz+c2.

Tong qudt: Tie dién ABCD, AB, AC, AD d3i mjt vudng géc vé AB=a, AC=b,AD=:

Nai+B et

thi bén kinh mdt ciu ngogi tidp ti dign la R = — (*)

Bai toan twrong ty: _
Bai todn 1: Cho hink chép S.4BCD c6 ddy ABCD 14 hinh thoi canh a, BAD = 60° va cés
canh bén S4 =SB =SD, BSD =90°. Ban kinh mt cAu ngoai tiép hinh tir dién SABD 1

6 - V6 V3 V2

A. R=-‘I-a. B. R=~-a. C.R="Za D. R=""a.



Hge a4 khing gjnh minh FAFL LV N AARAAZ AATFN RARAAVARD LAESLAR | RS} A §

Léi gidk: Vi S4=SB=SD vi AABD déucanh a = S.4BD 13 hinh chép tam gidc déu,

Mit khc BSD =90° = SB L SD = 54, SB, SD d6i mot vudng goc va bing E{E '

' 2 2 2
Bin kinh mit chu ngoai tiép tir dién S.4BD 1 R= V54 +S23 S0 "‘f. Chon A.

Bii-tedn 2: [THPT PANG THUC HUA - NGHE AN] Cho ba tia Ox, Oy, Oz d6i mdt
vudng goc v6i nhav. Goi C 1a didm cb dinh trén Oz, dit OC=1; cic diém 4, B thay ddi trén
Ox, Oy sao cho OA+OB=0C. Tim gi4 tri bé nhit clia ban kink mat cfiu ngoai tip ti dign

COABC. o e

V6 | */E. C. R=46. - V6

AR, =—ou:. B.R,=— D.R, =—.
Rﬂll-ﬂ 4 Rﬂlll’l 3 min 2
Loi gidi: Dat Od=a, OB=b vl a,b>0 suyra OA+OB=0C <= a+b=1.

Bén kinh it cu ngoai tiép tir dién 0430 ( 04, OB, OC i mét vudng goc ) 1a

-2 2 73 2
r_NO£ +0B +0C \/a 15241 _ W‘ oy,

2

1)2+3 3 VB_ .. V23 V6
473 2 22

D& thiy az-—a+1=(a-5 Zrxi=Jagt-a+lz—=R>——,

1 G ieeing g 2 o V6

Déu béng xay ra khi va chikhi a=4 =5 Viy gi4 tri bé nhit can tim [a % Chon A.

Vi du 24: [THPT CHUYEN PH VINH - NGHE AN] Cho ling tru dimg 4BC.A'B'C",
canh AB = AC =a, BC = a3, AA'=2a. Bén kinh mit ciu ngoai tiép tit dién AB'C'C bing

A. R=a. B. R=a4/5. C.R=a«f§. . D.R=a\/§.

Léi gidi:
Dé thay tm mit ciu ngoai t1ep tir dién AB'C'C ciing 13 tim mat ciu ngoai tlep khdi ling tru
ABC.A'B'C" hay 1a tm mijt ciu ngoal tiép khéi chép A'.4BC.

. ) o , B AA2
St dung eong thitc tish haoh [CT1]:R= "+ = Ryppe) +—— 2

o 2 2 2 2,2 2.2 o
Tacd cos BAC = 4B ;jBCACBC =2 +; - 3a =—%:>BAC_:120°.
. . a
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LI 3 — i YC DUUNE Ialk (Lap L)

Hge di ikhing &jnh minh

= Ryjpc = BCA‘" a3 =a nén R= (R )ﬂ.ﬂ.. .’a2+a2—.a\/5
M T osinBAC  2sinl20°0 L (\Tweel Ty

Chon D,

Bai tip twong ty:

Bai tean 1: [Ban doc tu gidi] Cho hinh ling tru ddu 4BC.A'B'C' ¢6 day 1A tam giic déu -
canh a. Mit phing (4'BC) tao véi ddy mét goc 60°. Bén kinh mit cdu ngoai tiép khéi ling

tru d3 cho 1a:
A.R:“—‘E. B. =122 c. =13 p. R=2YB3
2 12 6 6

Bai tean 2: [THPT KIM LIEN ~ HA NOI] Cho hinh ling tru déu 4BC.4'B'C" cb d6 déi
canh d4y bing 34 va chidu cao bang 8a . Tinh ban kinh mit ciu ngoai tiép tir dién AB'C'C.

A R=4a. B. R=5a. C. R=a19. D. R=2a19.
Bai todn 3: Cho hinh lang try tam gidc déu ABC.A'B'C’' c6 canh dy bing a. Goi M i
diém trén canh A4" sao cho AA'=34M . Biét gbc BMC'=90°. Goi ¥ 13 thé tich khéi ciu
ngoai tiép ling tru ABC.A'B'C', tj s6 aKJ gén véi gid tri nio sau day nhiit ?

A. 3. B. 4. C.s. D. 6.

Léi gidi: Dit AA’=3x= AM =x, A'M =2x.

Xét AAMB vudng tai 4, co BM = AB? + AM? =x* + 2.

Xét AMA'C' vudng tai 4", 06 MC'=vA'M? + A'C? = J4x* +a*.

Xét ABB'C' vubng tai B',c6 BC'=vVB'B +B'C? =J9x* + 4.

Tac6 BMC'=90° = BC™? = BM? + MC"” < 4x* = a* @x=§.

. R , . K 2 A4
Sir dung cdng thirc [CTH]: R=,/r i (Rusze) L

2 2 X
Véi Ry e =-‘3£; A'A=§=>R=J“—+%—=a“129
3 077 316 12

3 3
:>V=§er3 =g-x.(-—"11:9J a° :szg.n.[—“gs}} z3,55:>ﬂ3 gin 4 nhit. Chen B.
a
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ngc oe rnang sinR minn . Rt bl ey & 'f"f;"'\‘,:fi'r -7

Vi dy 25: Cho hinh chép S.ABC cb d4y ABC 14 tam gidc du canh a, hinh chiéu vusng goc

1 cia dinh S trén mat phing (4BC) 14 trung didm H cfia canh BC . Géc giita durdmg thing

54 va mit phing (ABC') bang 60° . Goi G 14 trong tAm tam giic SAC, R 13 ban kinh mei't

cau c6 tim G va tip xiic véi mit phing (S4B). Ding thirc ndo sau day sai ?

Tacé 60° =(54;(4BC))=(54; HA) SAH . Va AMBC déu canh a = AH~5-‘/—_-

Goi K 1 hinh chiéu vudng goc ciia H tién SE, suyra HK L SE (1).

A. R=d(G;(S4B)).  B.3J13R=128H. o B 48 p. 23
. Sasc 39 a
Loi gidi: "

2
Trong tam gidc vudng SHA , ta c6 SH = AH tan SAH = 3?“ .

Vi miit chu 6 thm G va tiép xtic v6i (SAB) nén ban kinh mit chu R =d (G,(S4B)).
Tacé d{G; (SAB)) (c (54B)) = 3 d(H;(SAB)). |

Goi M, E l4n luot I3 trung didm 4B va MB.

CM | AB HE 1L 4B
Suy ra va , . Y
| CM = af 1 a\E

HE=—CM=—+
2 4

A
THE B o
Taco{ -~ =>ABL(SHE)= ABLHK (2)
ABLSH | |
Tir (1) va (2), suyra BK L (SAB) nén d(H;(SAB))= HK .
Trong tam gidc vuéng SHE , ta b HK =——DLE__ . 32 cpon,

JSHE+HE? 2137

Vi du 26: Cho hink chép S.4BCD 6 d4y ABCD 14 hinh binh hanh, 4B = a2, BC=av6

va d6 dai céc canh bén bing av/5. Goi H 1a giao diém cia AC va BD. Tinh thé tich khéi
ciu ngoai tidp tir dién SHAB .

3 3 3 ' 3
A.V=25a 7?.'. B.V=3J§a}r. C.V=5J§a zz' D.V=97m .
3 2 6 4
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Hec 5 khiing djnh minh TN O — LR RAYC OUIUIRE \FAALL L1 apr af

Li gidi:
Goi H 1a giao diém ctia AC va BD.

Vi S4=SB=SC=SD nén H 14 hinh chibu cia §
trén mit phing (ABCD) vi H 1 thm dudng tron
ngoai tiép hinh binh hanh = ABCD 1a hinh chit nhit.
Tt dién S.HAB ¢6 SH 1(HAB) nén s dung cong
thirc tinh nhanh, ta dwoc: |

2 2
[CTI]:R"—_\/’"Z +h? :J(RAHAB)z +§I_{_

o AHAB vuéngtai H = R, =%'=7“_2—.

2
o SH=~JS4*—AH* = SAZ—fg—in.

. Chon C.

. 2
2
3 a (a\@) a5
Suy ra ban kinh mit ciu ngoai tiep R=4j] — | + =—=V=
SRR, PN

sVsa’x
6

Vi dy 27: Cho hinh chdép S.ABCD c¢6 day 13 hinh thang vuéngtai 4 v D, AB=AD=qa v&
cgnh CD =2a. Canh bén SD vudng goc v6i miit phing ddy va SD=a. Goi £ 13 trung diém
clia DC . Tinh ban kinh mit ciu ngoai tiép hinh chép S.BCE .

a\/ﬁ axfl_l avlil a-\/l__f

. B.R=""" C.R=2 p. R=2
8 4 6 2

A.R=

Léi gidi:
' Vi AB=DE=AD=a nén ABED 12 hinh vuéng.

Tam gisc BEC vudng tai B nén trung diém M cia BC 1 m
duong tron ngoai tiép tam gidc EBC .

Dung A 13 truc dué'ng tron ngoai tiép tam giac EBC .

Thi dudmg thing A song song v&i SD. Dung mit phing trung
tryc clia canh SC , mit phiing @6 cit A tai 7.

Piém I 1a tm mit cAu ngoai tiép hinh chép S.BCE .
Ké SN//DM cat MI tai N, tacé SDMN 12 hinh chit nhat voi.

DB*+DC* _ BC?

SD=g va DM*=
2 4
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_AB+4D*+DC* EC’+EB® _5a’
22 , 4 . 2

Ta b SI* = SN* + NI* = SN* + (MN - IM )’ =%a2 +(a—MY.
2 2

Ma IC=IM*+MC* =IM* + ey — VAR=IC=IS nenza +(a IM) —IM2+?.

. :IM—%a V3iy bén kish mit ciu cén tinh 12 R~1’IM2 6; aé_ Chgn}).

Bai-toan turong tir : [Ban doc tw glal] Cho hinh chép S.ABCD ¢b day ABCD 1 hinh vuéng:

—————""tcanh 4, SAD datam glac -déuvinam trong Tt phang vadng goc vOi miat phang day Ki hleu— o

M, N 1an luot 13 trung diém céc canh BC, CD. Tinh ban kinh mat clu ngoai twp khdi chop
S.CMN, : .
o a7 _ad3 a3 503

. B. R= } C.R=222 - D.R= :
6 12 8 ST 12

II1. [TT6034] BAITAP TU LUYEN
Cau 1: [510228] Mot khéi chu tip xiic véi tht ca cac mit céa hinh 1ap phuong. Ti sb thé tich
gitta khéi ciu va khéi iap phuong dé bing: 7
AZ B.Z. ¢ ™2 p. 2.
3 6 3 3

Ciu 2: [510229] Mt cBu ngogi tiép hinh 13p phwong canh q thi c6 dién tich bing:
AL @ . 7@

. '3 _
Céu 3: [510233] Cho hinh lap phuong canh a ndi tiép trong mdt it ciu. Ban kinh dudng
tron 16m ciia mit ciu d6 _b:"ing:

A, a\/g. B. a\/i.- ) C.%. D.a;[_g-.

2

LC.3rd®. D 127za*3.

Ciu 4: [510236] Cho miit cAu (§) 6 tAm A dudng kinh 10 om va mit phéng (P) cich tam

mét khodng 4 cm . Két ludn ndo sau ddy sai 7

A.(P)cit(s) B. (P} cét (S) theo mot dudng tron bén kinh 3cm
C. (P) tiép xtic véi (S) D. (P) va (S) c6vd sb difm chung.
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Céu 5: [510238] Ti s6 the tich giita khoi 1ap phuong va khéi cu ngoai tiép khéi 1ap phuong
déla: 7 _ _
2J_ : 3 3 71'\/5
A. . B.— . C.— , ——.
£ 2\/5 a2 3
Céu 6: [510240] Mot hinh hdp chit nhit c6 3 kich thude 20 cm, 20\@ cm, 30 cm . Thé tizh
khdi cdu ngoai tiep hinh hgp do béng:

A 32T7r dnt® B. 62,357: dn C. 6252007: A D. 32(;072' o

Cau 7: {510241] Hinh hop chit nhit ABCD.A'B'C'D' cé BB'=2\/§cm , C'B'=3em, din
tich miit day bing 6cm” . Thé tich khdi cu ngoai tiép hinh hop trén bang:

A, @gi(cmf’) B. %( ms) C. 1007 (cm’) D. lofﬁ(cms)'

Cau 8: [510243] Cho mit ciu (S) thm O ban kinh R va diém 4 nfm trén (S). Mit phirg
(P) qua A tao véi O4 mdt goc 60° va cit (S) theo mdt dudmg tron ¢6 dién tich bing:

Z 2 2 2
3zR B. R C. 3HR D. 7R .
4 2 2 -4

Céu 9: [510247] Cho hinh chép S.ABC ¢6 day. ABC 1 tam gidc vudng cén tai B, S4

A.

vudng goc voi mit phfmg ( ABC‘) va canh SA = 4B =10cm . Dién tich mit ciu ngoai tiép hinh
chép bing

A. 12z dm. B. 1200z dm . C. 12007z dm? . D. 12z dm*.
Céu 117 [510250] Hinh lang tru dtmg 4BC.4'B’ C’ c6 diy ABC 14 tam gide vudng tai B,

canh A4’ = AC=a2 . Dién tich miit cAu ngoai tiép hinh Ying tru bing:

A. 87a°, B. 4zd’. C. 12za>. . D.10zd?,
Céu 12: [510252] Cho hinh chép S.4BCD cb déy ABCD 12 hinh vudng, S4 vudng goc vei
miit phing { ABCD) vi S4 = AC =242 . Dién tich miit ciu ngoai tiép hinh chép bing;

16wa® B 32na’

3 3 : _ _
Cau 13: [510254] Cho hinh hop chit nhat ABCD.A'B'C'D' c6 dién tich cic mit ABCD.
ABB'A', ADD'A’ lén huot bing 20cm?, 28cm?, 35cm® . Ban kinh mit ciiu ngoai tiép hinh hdp
chir nhjt bing:

.3‘2_0@1. B. 6J10cm . C.310em. ~ D.30cm.

A. C. 167a’. D. 8xa”.
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C#u 14: [510260] Cho hinh chép S.4BC cé ddy ABC 14 tam giac déu canh a=3 om, canh
‘bén S4 1 (4BC) vi §4=2a. Tinh thé tich khoi cén ngoai tiép hinh chop bing:

ii};r cm’. D. Ama’ cm’. _
Ciu 15: {51(}271].Ch0 hinh chép §.4BC cé tam gidc ABC vubng tai 4, canh BC =3m,
Sd=33 va canhbén S4 1 (ABC). Thé tich khéi cau ngoai tiép hinh chép bing;

A. 327z3cm’. B. 167+/3cm’ . C.

A 18zm’. - B. 36m’. | C. 167rm3 127:«/_ m.
Ciu 16: [510274] Cho hinh lang try ddu ABC. A’B’C' c6 ddy ABC 13 tam gidc déu canh

bang a, canh bén Ad'= 35, Tha tich khéi cdu ngoai uep tir dten ACB'C’ bang

327za’ . B. 4za’ - C. 4za’ . D. 167a’
81. 27 ‘ 9 27

Ciu 17: [510283] Hinh hdp chit nhat ABCD.AB'C'D' ndi tiép trong mét céu ban kinh
R=3cm. Tam gidc ABC' can va cé dién tich bing 2 cm®. Dién tich todn phan ctia hinh hop

A

do6 bling: \ ‘
- A. 8cm?. B. 24cm®. C. 8/28cm’*. D. 8 (1 +4/28 ) em’” .

Cau 18: [510287] Cho hinh chép tir gidc ddu S.ABCD c6 tit ca cdc canh déu bing a. Ban
kinh ciiz m3t ciu ngoai tiép hinh chép noi trén bang:

R=E—ZJ2. B. R=a;/§. C.R:a;/i. D. Rz%g-.ﬁ

Cau 19 [510291] Mot mat ciu co duong kmh bang 2a thl co d1en tich bang

47ra
T

Céau 20: [510295] Mot dudng thing cdt m3t ciu tAm O tai hai diém A4,B sao cho tam gidc
OAB vudngcintai O vd 4B = a~/2 . Thé tich khéi chu la:

A. 8za®. B. C Aza®. D. 16za”.

A. V=4na’. B. V=na". C. V=-§—7ra3. ' D. V=§-7za3.

Ciu 21: [510302] Cho mit ciu (S) c6 tdm / bén kirh R= 5 va mjt phing (P) cét (S) theo mot
dudng tron (C) ¢6 ban kinh r =3. K&t Inan ndo sau day 13 sai ?

A. Tam ciia (C) 13 hinh chiéu vubdng goc cha I trén (P). -

B. (C) 14 giao tuyén cta (S) va (P).

C. Khoang cach tir ] dén (P) bing 4.

D. (C) I4 dudng tron giao tuyén 16n nhit cha (P) va (S)
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Céu 22: [510337] Cho tif dién OABC ¢6 04, OB, OC 361 mdt vubng gée nhau vi 04 = a, IB
=2a, OC= 3a. Dién tich ciia mit ciu (S) ngoai tiép hinh chép S.ABC bing:

A. S=14ma’. B. §=8xra°. C. S=12na". D. §=10na®.
Céu 23: [510338] Thé tich ¥ clia m6t mit cdu ¢6 ban kinh R duge xéc dinh bdi cong thirc
nao sau diy

) 3 3
A. V=R, B. ¥V =4zR>. C. V:%. p. y =3k

Céu 24: [510339%] Cho t1 dién ABCD ¢ DA =Sava vudng goc v6i (4BC), AABC vuéng -ai
Bva AB = 3a, BC = 4a. Bén kinh clita mit ciu ndi trén bing
Saf . SH;E . C. R

B. R: -.R=

A. R= 5“‘/5._ D 5“\/5.

_ 3 2

Céu 25: [510340] Cho hinh chép S.ABC ¢6 déy 13 tam gidc ABC vudng tai 4, SA L (4BC),
SA=a,AB=b, AC =c. Bén kinh mt cdu ngoai tiép hinh chép S.4BC Ia:

A.'R=2v'a2+b2+cz. B. R='3(%§'ﬁ-
C. R=Va*+p* +c*. 7 D. R=%\fa2+bz+é2 .

Cau 26: [510341] Cho hinh chép S.ABCD c6 ddy ABCD 13 hinh chit nhjt , S4 vudng gdc viii
mit dy . Bén kinh R c@a mit ciu ngoai tiép hinh chép S.ABCD bing:

A. R=%AC. B. R=%SB- C. R=1sc. D.R=?12uSA.

Ciu 27: {510343] Trong c4c khdng dinh sau, khing dinh nao sai ?

A. Mit phang (P) tiép xac véi mit ciu (S) tAm O tai diém H thi OH la khoang cich ngéa
nhét tir O dén mot diém bit k¥ nidm trong mit phéng (P).

B. Chi co duy nhét hai mat phing vudng goc véi mit phing cho trude va tiép xiic vi
mit ciu (5). .

C. Mit phing cit mit cAu (S) theo dudng tron (C), tim cla duong tron (C) 13 hinh chiéy
ctia tim mit ciu (S) xudng mét phing (P).

D. Ta1 diém H nim trén mt ciu Chl cé 1 tiép tuyen duy nhat
Ciu 28: [510344] Trong cic ménh dé sau day, ménh d& nao sai?
A. Bét ki mot hinh tr dién nao cfing c6 mit ciu ngoai tiép
B. Bit ki mét hinh hép chir nhit ndo cling c6 mdt mit clu ngoai tiép
C.Bitki mét hinh hop nio ciing c6 mdt mit ciu ngoai tiép.

D. Bét ki mét hinh chép déu nao cling c6 mgt miit ciu ngoai tiép
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Céu 29: [510345] Mot mat clu c6 ban kmh RJ— Dién tich mt ciu bang:

A. 87R%. B. 122K, C. 4zR*. 12[ 2R
Cau 30: [510346] Miit ciu c6 ban Kinh 7 thi cé dién tich 1a:
A. 4xr, B. 4nr?. C. g'n:rz. D. %nrg.

Cau 31: [510347] Khéi céu c6 ban kinh 7 thi c6 thé tich 1a:

Ad’. B awt foRutrey . 2.
3 3
___Cau32: [510348) Xhdi chu cb ban kinh3emthicothétichla: .
A. 9n(cm®).- B. 36n(cm’). C. 27n(cm’). D. 2n(en’).
Ciu 33: i510350] Miit ciu c6 ban kinh 4em thi c6 dién tich 1a:
A. 64n(cm’). B. 16n(cm?). C. 6—;'n(cm2). D. %‘Sn(cmﬁj.

Cau 34: {510351] Mat cu (S) ¢6 dién tich bing 100n(cm”) thi cb ban kinh 1a:
A. 3(cm). B. 4(cm). C. 5(cm). D. \/5(cm).
Ciu 35: [510353] Khéi ciu (5) c6 thé tich bing 288n(cm’ ) thi ¢6 bén kinh la:

A. 6/2(cm). B. 6(cm). C. 6:/6(cm). " D. J6(cm).
Ciu 36: [510354] Khbi chu (S) c6 dién tich bing 16ma®, (a>0) thi c6 thé tich 1a:
oA 32 a3 a3 3N L o 33y L 16 g 4
A 3 ma {cn’). B. 32na’(cm’). - - - -C.oléra’{em’) . D. 3 fta (cm ).
7Cau 3T: [510355] thn cu (S )b thé tich bang 36n(cm’) va cd béan kinh gip 3 14n ban kinh
khdi chu (S,). Thé tich cua khbicdu (S,) & 7
A. 4n(cm’®). B. %n(cm ). C. 297xn(cm’). D. 324n(cm’).

Cau 38: [510356] Cit mit ciu (S) bing mét mit phiing di qua tim dwge thiét dién 12 mdt hinh
trdn ¢6 chu vi bing 4. Dién tich va thé tich ca (S) lan luotla:

A. 167 va %n. B. 16m va 32r. C. 8% va %n. D. 8z va 32x.

Ciu 39: [510358] Cét mit cu (S) bing mt mit phing cich tAm mt khoang 4 cm dugc thiét
dién }a mot hinh tron c6 ban kinh bang 3 cm. Ban kinh ciia mjt chu (§) 1a:
A . Sem. B. 7.cm. - Co12¢m. D.10cm.
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Can 40: [510359) Cit mat cdu (S) ¢ ban kinh 10 cm bing mdt mét phing cich tam 10dt
khoang 6 cm duoc thiét dién 14 hinh tron (C). Dién tich cua (C) 1a:

A, 167 (cm? ). B. 32n (cm?). C. 64xn (cnm”). D. 128= (sz)k.

- Céu 41: [510360] Cit mit cdu (S) bing mot miit phing cich tam mot khoang 4 em duoc thibt
dién 1a hinh trén c6 dién tich 9n(cm?). Thé tich cia (5) la:

A. ?n (cm®). B. %%TE (cm®). C. 2304x (cm?). D. -?%?t (cm ).
Céu 42: [510361] Mat ciu ngoai tiép hinh 1ap phuong canh 2a cb thé tich 1a:

A. 3na’ (em®). B. i;:—naa (em?).

C. 3na® (cm). - D. 43nd® (cm?).
Cén 43: {510362] Mt céu ndi tiép hinh 13p phwong canh a c6 thé tich 1&:

. ma’ na’ _ dnad® 4

A —. B. —. C. . .

3 6 : , 3 9

Ciu 44: [510363] M3t cAu ngoai tiép hinh chép tir gide déu cé tat ca céc canh Béng 2q thi 6
ban kinh 1a:

A.“—‘E. ‘B. a2, D.-“—zﬁ.

C.a,
2

PAP AN TRAC NGHIEM

0LB |02.C [03.C 04.C [05.A (06.B |07.B [08.D {09.D |10.B

1LC |12.A [13.A |14.A |15.B [16.A [17.D |18.B |19.C {20.C

21.D [22.A [23D |24.A [25.D |26. C (27.D |28.C {29.B |30.B

3L.D [32.B |33.B |34.C |35B |36.A [|37.B [38.A [30.A |40.C B

41D (42.D (43.B |44.B
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_ Chiidé 19"
[TV6035] MAT TRU-HINH TRU-KHOI TRU TRON XOAY

I LY THUYET TRONG TAM VA PHU'O'I\_{G PHAP GIAX
1. Mit tru trdn xoay: Trong mit phing (P)
cho 2 dudng thing A 14 / song song voi nhau,
cich nhau mdt khoing bang r. Khi quay mit
phing {P) xung quanh A thi dudng thing / sinh
© tamdt mat tron x6ay dugc goi 1A matew Ngudita ™ - |
thwong goi tat mit try tron xoay 12 mit try. Pudng
thing A duoc goi 13 truc va dudng thang ! duge
goi 1a dudng sinh ciia mit try §6.

2. Hinh tru tron xoay va khoi try trdn xoay.

» Khi quay hinh chit nhat ABCD xung quanh dudng thing chira mdt canli (ching han canh
AB), thi dudmg gép khiic ADCB tao thanh mét hinh duge goi 13 hinh try tron xoay, hay con
duge goi t4t 14 hinh tru.

» Khi quay quanh 4B, hai canh AD va BC s& vach ra 2 hinh tron bing nhau goi 1a 2 day clia
hinh try. P dai canh CD dugce goi 14 45 dai dudng sinh cla hinh try, phén mit tron xoay

__ dugc sinh ra béi céc dicm trén canh CD khl _quanh quanh 4B goila mit xung quanh cBa hinh

tru. Khoédng céch AB gita 2 mat phing song song chira 2 day 14 chiit cao ciia hinh tru

" 5 Khi tru trdn xoay 12 phin khong gian dugc giéi han béi mot hinh try trén xoay, durge goi
tat 13 khidi try. '

» V&i r 13 ban kinh dudng tron ddy cia hinh try, 2 la chidu cao cia hinh try, / 14 6 dai
dudmg sinh cha hinh try ta c6: A =1 ’

Dién tich xung quanh ciia hinh tru trén xoay: S, =2xrh
Dién tich 2 d4y ciia hinh fru: S, = 2w’
Dién tich toan phin ciia hinh try: S, =S, +S, =2nrh+2ur’ =2 (h+7)

Thé tich khéi tru: V =8, h=nr’h
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Hee 44 khdng dinh minh

1L VIDU MINH HQA
1. Vi du ce ban.

Vidu 1: [TRI’CH PE THI MINH HOA THPT QG 2017]

Trong khéng gian cho hinh chit nhit ABCD c6 AB=1vi AD=2. Goi M viA N lanlugr 13
| trung diém cia 4D va BC. Quay hinh chit nhit ¢6 xung quanh truc MN, ta dwge mot hinh
try. Tinh dién tich toan phin S, cia hinh tru do.

A. 5, =4n B. S, =2 C. S, =6n D. s, =10n
Lot gidi; .
Khi quay hinh chit nhit ABCD quanh truc MN ta dugc hinh .
tu c6 chidu cao h=MN=AB=1 vi bin kinh dy ml.

r=MA= % =1. Khi d6 di¢n tich toin phan cta hinh try

tao thénh l4: S, = S, +, = 2w + 2mrh

=2n.(1)’ +2m.1.1=4x. Chen A.

Vi du 2: Trong khéng gian cho hinh chit nhét ABCD ¢b AB=4a; AD =2q. Ggi M VAN En]
lugt 14 trung diém ciia 4B va CD. Khi quay hinh chir nhit d6 quanh MN ta dwgc mét hinh
try tron xoay. Tinh dién tich xung quanh ciia hinh tru trén xoay da.

| A.S, =16a’ B. S, =16na’ C.S,, =8nd’* . DS, =12na® B

Loi gigi:
Khi quay hinh chit nhiat ABCD quanth truc MW ta dwoc
hinh try ¢6 chiéu cao & =MN = AD =2 va ban kinh diy

r=Md= % = 2a Klu d6 dién tich xung quanh cta hinh

™
':D
by

] g

tru tao thanh 1: S, = 27rh =8na’. Chen C., 7 . - Tl

Vi du 3: Trong khong gian cho hinh chir nhat ABCD ¢6 BC :k.AB; quay hinh chit nha:
quanh AB thi dugc hinh tru c6 thé tich ¥, quay hinh chit nhat quanh BC thi dugc hink tn.
co thé tich ¥, ¥, . Khing dinh nao sau déy 1a ddng.

AV, =V, B.V,=kV, C.V,=k¥, D. ¥V, =k,

296



Ll .

Hoe a& kg diah o "~ PRO S — Hinh Hoc Khéng Gian (Tdp 1)

Loi gidi:

Khi quay hinh chit nhit ABCD quanh 4B ta dugc hinh try c6 ch1cu cao hl AB va ban kinh

day r, = BC. Do dé thé tich khéi try sinh ra 13 ¥, = wr?h = n.BC? AB

Khi quay hinh chit nhit ABCD quanh BC ta dugc hinh tre co chleu cao h, = BC va ban kinh
day r, = AB. Do d6 thé tich khdi tru sinh alal,= wr’h=n.AB*.BC

Khiddtach: —- 4 Bc—k Chon B.
. vV, 4B

2

Vi du 4: Trong khdng gian cho 2 hinh chir vhit ABCD va EFGH c¢6 cic canh AB=3;

~BC=4"va~EF =127 FG=2 "Cho hinh thir nhit quay quanh cdnh 4B, hinh tha 2 quay |”

quanh canh EF . Goi ¥;; ¥, 14n luot la thé tich cia hinh thit nhét va hinh tht 2. Chon khéng
dinh ding.
A V=20, B.V=V, ~  CV=% D. ¥, =87,

Loi gidi:

Khi quay hmh chit nhit 4ABCD quanh canh AB ta duo'c hinh try c6 chiéu cao h1 AB va
bén kinh day % = 4D do d6 V, =nr'h =AD" AB=n.BC* 4B = 48n

Khi quay hinh chit nhit EFGH quanh canh EF ta dwgce hinh ty cé chidu cao h=EF vi
bén kinh ddy 7, =FG do d6 ¥, = nrt.h, = xFG* EF =n.2%.12 = 48x |

Do dd ¥, =V, =48x. Chon B.

| Vi du 5: Cho hinh try 6 2 déy 1a céc dudmg trén thm O vi O' ban kinh R=+10,, biét thng | _

tn tai mdt diy cung AB = 6 clia duong tron (O) sao0 cho tam giac O AB 1a tam gnac deu
Thé tich khéi try d cho la:

AV =51476 B.V=10m/3 = C.¥V=10n/26 D. V=513

Léi gidi:
Goi H 13 trung diém ctia AB .. Khi 46 OH | 4B

Tacd: OH =N R* —HA* =J10-9 =1

f
Laicb 0H=iﬁi\—r—— 33 : ' FyoN
L N
oy \
] LY
Suyra k=00"=\O'H? —OH* =27-1=+/26 44 3_ %
R LT
Vay V=Sdk=7rR2.h=10ﬂ"\/26.ChgnC. Y
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e rane v an - PRO S — Hinh Hoc Khong Gian (Tap 1)

Vi dy 6: Cho mit ciu ban kinh R va mdt hinh try ngogi tiép mit cdu di cho. Goi S, 12 disn
tich xung quanh ciia khéi tru va S, 14 dién tich ciia khéi cAu. Khing dinh nao sau déy Ia ding;

A. S =5, B. §,=5,42 C.S,=5v2 D. 5, =25,

Lai gidi:

Ta c6 dién tich mit cAu 13: §, = 4nR’

- Dién tich xung quang cia khdi tru a: S, =2nrh
Trong d6 » = R;h=2R . Do viy S, =4nR’

. Véy §, =5,. Chen A.

0

Vi dg 7: Mot hinh try ¢6 dién tich xung quanh 14 x (m’) v& dién tich todn phin i
y(m*) (»>x>0). Thé tich khéi try d& cho la:

A—2 __  p I 2 % p b
2,2z (y—x) 22z 1/21vt(y—x) : N
—
Loi gidi:
Dién tich hinh tron day Ia S, = —x— (mz)

Bén kinh d4y cta khdi try 1a: r—\/7 ,’ .

Chiéu cao chakhbitru la: A= S = =
' 2nr 2q (22X JZn(y—x)

Do db thé tich khéi tru dd cho 13: ¥ = S, h= Y X Iy oX Chon B.

2 J21r,y x) N

Vi dy 8: Cho hinh tru ¢6 2 ddy 1a cic dudng trén tim O va O'va cb ban kinh déy 13 R. Liy
diém A thudc dudng tron (O) . Bibt ring 0" 4=2R, thé tich khéi try 1a:

AV =nR*\2 B. V =212R°\2 C. V =2k’ D. V=gR3
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< L& gidi:

© gidc vubng 0'04 ta co:

O A=K +Ro>h=JAR -R =R3

e khing lah minh FOW O = 00U OYE DAUIE W L LEP 1)

™~
Q>
S

e
~
-l
.
) Lt
i
s R

Ta cd: 00'=h. Ap dl_ing dmh l)’meytago trong tam

Do vy th tich kbdi tru 14:

V,=8,h=nRh=nR3. ChonD.

Vi du 9: Cho hinh tru c6 2 day 1a cdc dudng trdn tAim O va O'va c¢b ban kinh ]a R=5.Trén

|-dudng tron-(©) 1éy 2 diém-4;B-sao cho-AB =8 -va-miit-phing-(O*4B) “tao véi day mot-goe {——

60°. Thé tich khdi try d4 cho la:
A V=153 B. ¥V =253 C.V=12513 D. ¥ =751/3
Loi gidi: '
Goi H 14 trung diém clia AB khi @6 H la trung m
diém clia 4B .Tacd: HA=HB=4 : *
Dovay OH =JOA4*—HA? =R 42 =3
Mitkhac OO’ L 4B =5(O'HO) L 4B

Do d6 0" HO = ((0" 4B);(04B)) = 60"
Khi d6 0O'=O0H tan60° =343
Vay ¥V =S, h=nR*=75z3. Chon D.

[ Vi dy 10: Cho hinh try 6 2 a4y Ja céc dudng tron tim O va O'va co ban kinh Ia R . Hinh

hop chit nhit ABCD.A'B'C'D' ndi tiép trong hinh try. Biét 4BCD 1i hinh vudng va
B'C=4R. Thétich ¥ cia khbi hop chit nhat ABCD.A'B'C'D' tinh theo R la:

A. V=—§-'R3sz B. V =2R*14 C. vV =2aRJ14 D. ¥ =R\14

Léi gidi:
Do ABCD 14 hinh vuéng nén O 14 tdm hink vudng.

Khi @ AC=2R=> AB=BC=R2
Suyra B'B=+B'C?*—BC* = R\14

D0 86 ¥y ppop = Sapept = 2R~/14 . Chon B.
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by fviphiieind ' PRO 5 — Hinh Hoc Khong Gian (3p 1)

Vi dy 11: Cho hinh ling tru ddu ABC.4'B'C" c6 dy 12 tam gide déu canh a. Biét 4'B a0 |
voi ddy mdt gée 60°, tinh dién tich toan phan S,, cia mit try trén xoay ngoai tiép hinh liag
tru d3 cho. .

87r r3 ' 4z ,

A. S, B. S, =—a". Cs =10—ﬁa2.- D. S, =2n
3 . ip 3 i
: _
Loi gidi: |
Ta ¢6 ban kinh dudng tron ngoai tiép’ tam giac B
¥
t v "
ABC 1a: R=OA—E-£ Mit khac A'B tao véi A OT =€
1
déy mdt goc 60° nén A4'= ABtan60° = a3 = LAl
T 1
Tacé: S, =C,h=22Rh=2ma’, Dl
| - S Ny
Dién tich déy la: S, =2.(zR?)= T" Voo ;il‘.:::)l: o
: ) vl Lo e -
Viy S, = ~3—a2 . Chon A. 4

Vi dy 12: Cho mét hinh tru ngi tiép trong mét hinh chu ban kinh R . Biét chifu cao ctia khii
tr bing RV2 . Dién tich xung quanh cda khéi tru tinh theo R 1:

2 ' _ 2
A. S, =nR B. §,, =2nR* C. S, =nR*2 D. S, =4nR

Loi gidi:

Goi r 14 ban kinh ddy cia khéi tru va £ 1a chidu

)

caokhmtm Khi d6: R? =/* +[hj h= R\F

[ 'Yy EE——

2
®R2=r2+£—<:>r= R,

2 2%
Do ds S, =27Rh=xR*. Chon B.

N Ray

Vi du 13: Mot hinh tru ¢6 bén kinh ddy bing R . Mét mat phéng di qua truc 00" cit hinh tr1 |
theo mt thiét dién 14 hinh chit nhat c6 dién tich bing dién tich hinh tron d4y cta hinh try. Thi
tich khéi try 3 cho 1a: .
53 253 3 3
R B TR R 7R

A V= .
6 2 4 2
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Heoc 34 khing dinh minh A EIWVF LT T ALEILIR ug\; I\.l.l.Ullg Uriad \l'q.l.l .I.}
Léi gigi:
" Ta'ch dién tich hinh tron day 1a: S, = ZR? ' 4

Dién tich hinh chi nhat 13> S, , = AD.CD =2Rh \L\_>V
- . . . - 1
- : ' ;
Khi 46 theo gi thiétta cé: 2RA=7zR* = h= ”—2}2 | :
_ | ‘ ;
, f 7R} Di: """"" l:' ‘‘‘‘‘ -
The tich khoi tro khi 6 1&: ¥ = zR*h = > T s
o ‘ [ %
C

Chon B.

Vi du 14: Mét hinh tru ¢6 chiu cao bing bén kinh d4y. Biét ring dién tich toin phan caa
khéi tru 12 x. Thé tich ¥ ciia khéi tru d3 cho la:

x B,y =X c.y-2x u

¥~ RN 8vn " sn

A

Léi gidi:

9x

Tacéd: S, =2nr’ +2mh=x & dmr’ =x Sr=h=—7

2Jn

Do vay thé tich khi tr 1a: ¥ = S,.h = wh =nr* =% . Chon C.

N

Vi du-15: Mt mit phing song song v6i truc v cach truc cia khoi tru mdt khoang 1a.3 (cm)
cht khdi tru theo mdt thiét dién 14 hinh vudng ABCD canh 8 (cm). Tinh thé tich clia khdi tru
dd cho. !

A. ¥ =100n (cma) | B. ¥ =200 (cms) C. ¥y = 400r (cm:‘) D. ¥y = SOn'(cnf)

Lo gidis
1. OH 4B D
‘Goi A 14 trung diém cia AB khi d6 i
OH =3 Lo C
T T
.. 7 :
Tacod: AB=8=> HA=4 = 04 =R=+HA* +OH? i
Vo
=13 =5 _ P
, SATTH ~
Laicé AD=AB=h=8 suyra V(T)=7|:R2h=200n(cm3) RS

Chon B,
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Hoe 6 Kk iy o YKU 5 — HInA #¢c Khong Lian (1ap )

Vidg 16: Cho m§t hinh tru ¢6 hai day 1a hai duémg tron tim Ovi O', ban kinh R, chié;i ée.g"
ciia hinh try 13 /. Trén hai dudng tron (O) va (0'), ldy 2 didm di dong 4 va B sao cho géc
gitta duomg thing O4 va O'B bing 90°. Tinh db dai doan thing 4B theo R va h.

A AB=R* + 1 B. AB=\2R*+1*  C. AB="2R*+21 D.AB=\/R2+2h2J

Lai giii: : 7
Tacd: OA L O'B, mitkhic 04 L 00" B
Do d6 04 L OB suy ra tam gidc OAB vudng tai O. E”'
Taco: 4B* = 04" +OB* = 04" +{00%+0'B*) = 2R* + B 3
vyl
Do viy AB=~2R*+# . Chon B. R
: L___..E.-i:.j.o.______\
. Al -

. Vi du vin dung cas.

Vi dy 1: [TRICH PE THI MINH HOA THPT QG - 2017 CUA BO GD&DPT}

Tir mBt thm t6n hinh chif nhat ¢6 kich thude 50cm x 24cm, nguoi ta lam cac thing dung mré:
hinh try ¢6 chiu cao bing 50cm, theo 2 cich san { xern hinh minh hoa dudi diy )

Cich 1: Go tAm t6n ban dhu thanh mit xung quanh cia thing,

Cich 2: Cit tAm t6n ban dAu thanh 2 tdm tén bing nhau , r6i go mdi tAm d6 thanh mat xung
quanh cia mot thimg.

Ky hiéu ¥, 1a thé tich ciia thing gb duge theo cich 1 va ¥, Ia tdng thé tich cia hai thing go

duge theo cach 2. Tinh ty 50 -IE:—'-

2

>
S
1l
ro | =
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Hoa & khing dinh minh : 00U D — L FLYC DUMURE Wldn (LA 1)

Lo gidi: .
Ban diuban kinh ciia khdi tru 13 R, sau khi cét dbi va g 2 thm t6n nho thanh 2 thing ta duge
2 Kb try o6 bin kiah déy bing nhau v bing &

Chiéu cao ciia céc khéi try 13 bing nhau va bing &.

7 2
Ta co: I—’=——'":—}L=2.Ch‘1_m C.

" lz.[n(g)zh] -

Vl du 2 Cho mét hmh tru tron xo0ay va hmh vudng ABCD canh a co hai dinh lién tiép 4,
B n3m trén dudng trdn dsy thi nhét cta hich try, hai dinh con lai nim trén dudmg tron day

| thit hai cita hinh try. M3t phing( ABCD) tao véi ddy hinh try mét géc bing 45°. Tinh thé tich
ciia hinh 4y di cho.

3 3 3 3
AV = 3V2na BV~ 32na C.V= 3\/3Tna D. V= 3na
16 8 16 18
L3 giii: |

Goi M va N theo thi tir 14 trung diém cia AR va CD.
Khi d6 OM L AB va O'N L CD. Goi I 13 giao diém cia
MNva O0'. Dit R=04 va h=00"

Ta ¢6: AIOM vudng cén tai O

IM AD - h ho_a o, .2
Znk 22k

'Suyra OM =0l ==

2 N2 2
Lai co: R? = 04 = AM* + MO* = (] ( J 3
22

?aa2 a2 _ 3\2na’

Dodd V=nRih=n—. =
8 " 2 16
Cich 2: Goi C' 12 hinh chiéu ctia Ctrén O.
Khidé:
CBC'= 45°:>cc' = Bcsm45°=—’/—_ AC'=2R=JAC* -1 = ]2a* —?
3
=>R=5£:>V nRZh_Nfg" . Chon A.
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Froe g8 Kivbrng A i _ KU D — 0inn ryc Duoig Wnian (Lap Ly

_ | Vidu 3; {325060][Trich de thi thit THPT chuyén Hung Yen] Cho hinh tru ¢é ban kinh dity
v chidn cao ¢6 d6 dai bang nhau. Hinh- vudng ABCD ¢6 hai canh 4B va CD lin lugt 14 d. y
“cung ctia hai dudng tron day {cac canh 4D, BC. khong phai Ja duo*ng sinh cla hinh tru) Tivh

a6 dai ban kinh day va chidu cao ciia hinh tru biét rang canh hinh vudng c¢é 46 dai bang a.

A. a. B. “‘?_0. C. aV2. D. a\/5.
Lai gidi:
Cich 1. Dat 00'=0C =2x A o o
. o, -
Suyra CD=2CH =24/4x* -OH?> : )
\
) ' I
Lai ¢6 AD =21H = 2JJOH? +OI* = 24JOH? + »* N ¥
A
Y I\
: ' 2 Ly
Cho CD=AD:4x2—OH2=OH2+x2::>OH2=3% oD
: 1}- —————— -}—/ - —‘-—‘—""

3; ]=10x2=a2:>xz

Khi d6 AD* = 4(4;:2 -

&Ia
<

oD
5

Ciich 2: Goi C' 14 hinh chiéu ctia C xuéng (0" 4B)

2
Khidé BC'=2d{0% 4B)=2 ‘RZ—(%J .

Mit khéc BC?+CC? =BC? < 4R ~a* +R* =a’ <> R=

av10
5

. Chon B.

Vi du 4: Trong khéng gian cho hinh chit nhit ABCD ¢c6 AB=a vi BC=2a. Trén dm‘:mr‘;_
thing AB va CD Iin hrot ldy céc didm O va O' sao cho 00'|| AD va cich AD mil khodn;
13 x. Biét ring OB > OA va khi quay hinh chit nhat ABCD quanh tryec 00" ta dugc khbi tron
xo0ay c6 thé tich 14 4na®. Gid tri coa x 1a:

"A.x=a B. x=2a C.x=

Loi gidis
Khi quay hinh chit nhit OBCQ' quanh truc OO'ta duge khéi tru véi ban kinh dav
r=OB=a+x, chiducao h=AD=2a suyra ¥ =w’h=n(a+x) 2a
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rigc Oa Knang Qinn minn

Khi quay hinh chir nhét OADO' quay tryc” 00" ta duge ) )
khdi i véi bin kinh day r=04=x, chidu cao 7 O~ N
b= AD=2a.Do &6 ¥, =tk = 2max’ A /

Khi quay hinh chit nhit ABCD quanh 00" ta dugc khbi tron

1 4 [
s 5 R 1
xoay c6 thé tich 1a ¥, =V — ¥, = n{a+x) .2a~2nax’ R TR S
I R A E
’ ‘ /f ],“_l_.‘\l;' 7.-_‘\‘\‘
=2na(a2+2ax)=4na3:>a2+2ax=2a2:>x=3. SRR AP A b C
2 o ~ QLoD
- ﬁx-‘“"'”—n—“__,,-'—e—ﬁ"_/
Chen C. '

Vi dy 5: Cho hinh try trdn xoay ¢6 day 14 hai hinh tron tim O vi O' vi ¢6 chidu cao gip doi
ban kinh d4y. Trén dudng tron 4y tim O liy diém B, trén dudmg tron day tam O lay diém |
A sao cho goc gifra 2 dudng thing O4 va O'B bang 2, biét 4B =a. Tinh ban kinh day
ctia khéi trp 43 cho.

a a
AL R=———— hofic R=wp——=== B. R=————— holic R=—F————
\/Sm o+l cos’a+1 2\/sm o +1 2+cos’ o +1
= —————== holic R = D.R=——2 — hoic R——a—%
\/sinza-t- x/cos a+1 Asin®a+1  4ycosPa+l
Loi gidi: '
Goi B' 12 hinh chiéu ciia B trén mit phing chira dudng tron . 3 N
(O) Khi 46 O'B//OB'. Pjt Od=R=h=00'=2R /ﬁ'_\ ~N
Tacé: (O'B;04)=(0B504)=30° . =~ Sl ot
e
I
Khids 4OB'=2a hofe AOB'=180° 20 S
3 1
Dung OH 1. AB' suy H1a trung diém cita 4B" | \ “\ :
B i_,}——rl“----_
1 ,""*‘%1 $l' 5"\
Taco: AB'=2HB'=2.R mﬂ AN Y )
2 \ H‘n”;ﬁo /
. ., AT
Xét tam giac vudbng AB'B tacd: AB”+ BB = AB’ x‘*—j’—«_——*—f”
< 4R sin’ —AgB Y PNy S —
21’51'n2 408 +1
2
Khi d6 ta cb: R =~ hoic R= a e 2 ChonB.
2sin® a+1 2 sin2(90°—a)+1 2Jeos? a+1°
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A amne s ALALLEE AERTFN MERAVFARL ALl )| A &SR A )

Hec a& knang dinh minh

1L [TT6036] BAI TAP TU LUYEN
Cau 12 [510255] Cho hinh tru (7) ¢6 chidu cao %, ¢ déi dudng sinh /, ban kinh ddy r. Ky hidu
S,, la dién tich xung quanh ctia (7). Cong thirc ndo sau ddy 13 ding ?

A. S, =mrh B. S, =2mr! C. S, =2nh D. S, =wl
Ciu 2: [510257] Cho hinh tru (7) ¢6 chiéu cao , d6 dai dwdng sinh /, ban kinh day r. Ky hiéu
5,14 dién tich toan phin ctia (7). Cong thirc nao sau ddy 14 ding ?

A S,=wl ~ B.S,=wl+2w  CS,=wlew’  D.S,=2wl+2n0

Cau 3: [510261] Cho hinh tra (7) c6 chidu cao 4, 46 dai dwdng sinh /, ban kinh ddy ». Ky h:éu
V12 thé tich khéi tru (7). Céng thirc nio sau day la ding ?

1 | -
A. Vi =g rh B. Vg =nr'h C. ¥y, =nrl® DV =2nrh

Ciu 4: [510263] Mot hinh try ¢6 ban kinh day r =Scm, chiéu cao /= 7cm. Dién tich xung
quanh clia hinh tru nay la:

A. 35n(cm?*) ' B. 70%(cm?) C. 7?Orc(cmz) D. —33—51t(cm2)

Cau 5: [510264] MOt hinh tru c6 ban kinh ddy r =a, 46 dai dudng sinh /=2a. Dién tich
toan phan cia hinh tru nay la:

A. 6na’ B. 2nd* C. 4na* © D. 5na*
Ciu 6: [510266] ‘Quay hinh vubng ABCD canh a xung quanh mdt canh. Thé tich ciia khbi trp
dugc tao thanh la: ' oo T e et

A. %mf B. 2nd’ C. na’ D. 3rd’

Ciau 7: [510268] Cho hinh vudng ABCD canh 8 cm. Goi M, N 14n luot 13 trung diém ciia-AB 73
CD. Quay hinh vudng ABCD xung quanh MN. Dign tich xung quanh ciia hinh try tao thanh 1a:

A. 64n(cm®) B. 32n(cm®) C. 96r(cm®) - D. 1267 (cm”)
Ciu 8: [510270] M6t hinh tru (7) ¢6 dién tich toan phin 13 120m(cm?) va c6 ban kinh diy
béng 6 cm. Chiéu cac cba (7) 1&: -

A. 6cm ' - B.5em C.4cm D. 3cm
Ciu 9: [510272] Mot khdi tru (T) c6 thé tich bing 8lm(cm’) va dudng sinh glp ba Iin ben
kinh dy. D6 dai dudng sinh ctia (7) 1a: '

A.12cm B.3cm C.6cm D.9cm
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Hge 4% Khang dinh minh _———— — g - e =t A wa

Ciu 10: [510276] Cho hinh chit nhit ABCD ¢b AB=a va goc BDC =30°. Quay hinh chit
nhét nay xung quanh canh AD. Dién tich xung quanh cia hinh try dugc tao thanh la:

A. 3’ B. 2\3nd’ c 2 D. 7id?

] 2

a
L3
Céu 11: [510278] Cho hinh lap phuong ABCD.A’B’C’D’ ¢b canh bing a. Goi (C) va (C?) lin
luot 13 hai dudmg tron ngoai tiép hinh vuéng ABCD va A’B’C’D’. Hinh try c6 hai déy 13 ()
va (C7) cb thé tich 13

A, %mﬁ B. 2na® C. na’ D. -‘{t—;——

..Céu 12:.[510279] Cit hinh try- (T)_bang .mdt_mit phing di qua tryc dugc. thiét dién 13 mot .

“hinh, chit nhat c6 dién tich bing 30cmi® va chu vi bing 26 cm. Biét chidu dai cliz hinh chit nhat
16n hon dudng kinh mét ddy cna hmh tru (7). Dién tich todn phén ctia (T) 1ar

A @i( 2) B. 697(cm?) C. Bn(cm?) D. -23—"( om?)

Céau 13: [510281] Cit hinh tru (T) bing mét mit phing song song véi truc va cach fruc mit

: -khoang bang 2 cm dugc thiét dién 12 mft hinh vuong c6 dién tich bing 16cm?®. Thé tich cia

(T) 1a:
A. 32n{cm®) B. 16n(cm®) C. 6dn(en®) . D. 8n(om’)
Ciu 14: [510284] Mt hinh tru cé ti sb giita dién tich toan phén va dién tich xung quanh bing

-4, Khang dinh ndo san diy la dimg:

A. Pudmg sinh bing ban kinh day.

B. Bén kinh déy bing ba 1An duong sinh.
C. Dudng sinh bing ba Iin ban kinh day.
~D. Dudng sinh bang bbn 14n ban kinh day.

Cau 15: [510286] Trong khong gian, cho hinh chit nhat ABCD c6 AB=1 v&d AD=2. Gei
M, N 13n lwot 13 trung diém clia 4D va BC. Quay hinh chit nhit a6 xung quanh tryc MHN,

ta duwge mot hinh tru. Tinh dién tich todn phin §,, ¢ha hinh tru d6.

A. S, =4r B. 5, =27 C. S, =6r D. S, =10z
Cau 16: [510289] Khi quay hinh chit nhit ABCD quanh dudng thing AB thi hinh chit nhat
ABCD tao thanh hinh tron xoay la: :

A. Hinh try B. Khi tru C. Mit tru D. Hai hinh'tra
Cau 17: [510290] Khéi ném c6 chidu cao A =3cm va ban kinh ddy r=2cm thi ¢ thé
tich bing:

A, 4n(em®) B. %n(cms) C. 16r(cm?) D. 4n(cm®)
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Hec 82 khdng djnh minh

Ciu 18: [510292] th")_i try 6 chiéu cao h =3cm va ban kinh dy 7 = 2cm thi ¢ thé tich bing: _
A. 127(cm®) B. 4n{cm®) C. 6m{cm’) | D. 12r{cm®)
Céu 19: [510294] Dién tich xung quanh ciia hinh tru ¢6 ban kinh bing 7 va chidu cao bing 9 la
| A. 627 B. 63n C. 126z D. 128xn

Céu 20: [510298] Hinh tru c6 ban kmh bing 5, khodng cach giita ha1 day bang 7. Dién tich
todn phén ciia hinh tru bang

A. 10 : B. 85x C. 95% D. 120z

Céu 21: [516300] M6t hinh fry ¢é dién tich day bing 4n(m?). Khoang cach gilra truc va
duong sinh ctia mit xung quanh hinh try d6 bing: :

A.4m B.3m C.2m o Dilm o

Céu 22: [518301] Bén trong mét fon sita hinh tru c6 dudng kinh day bing chidu cao va b g
1 dm. Thé tich thuc cia lon sita dé bing: -

A, 2n(dm®) R - (dm) C g(dm3 Y D.ox{dm®)
Cau 23: [510303] Mot hmh vudng canh a quay xung quanh mét canh tao thanh mot hinh trén
~Xoay ¢0 dién tich todn phin bing: -

A. da’n B. 6a’n . & 2a’n D. 3a*n

Ciu 24: [510304] Cho hinh vuong ABCD ¢6 canh 2 cm, biét O va O’ 13n lugt 1a trung dién
ctia 4B va CD. Khi quay hinh vuéng ABCD quanh tryc OO’ thi khdi try trdn xoay duge tzo
thanh cé thé tich bang:

A, 2n(cm’) B. 41t(cmj) C. 6n{cm’) - D. 8n(cm?)

Cau 25: [510305] Mot khéi céu ban kinh R, mét khéi try cé ban kinh R, chidu cao 2R. '} i
s6 thé tich giira khdi cdu va khéi tru bing:

A 8. 2 c: - pa
2 - : 3 2
Cau 26: [510307} Cho hmh lap phuong ABCD.A'B'C'D’ canh a vi mit hinh tru c62 day
ndi tiép trong 2 hinh vubng ABCD va A'B'C'D'. Ti sb gitta dién tich xung quanh hinh try

va dién tich toan phén ctia hinh 14p phuong bang

AL B = c.z D. x.
2 2 i 6
Cau 27: [510308] Mt hinh tru c6 dudmg kinh day bing chilu cao ndi tiép trong mit chu ba
kinh R. Dién tich xung quanh cia hinh tru bng:
A. 2ﬂR2\/§ B. zR*\2 C. 27R? D, ©k*
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 hinh vudng. Dién tich toén phin cia hinh try bing:

- Céu 28: {510310] Cho ldng tru tam gidc ddu c6 tht ci cic canh bf'mg a . Mot hinh tru trdn
" xoay c6 hai ddy 14 hai hinh trOn ngoai tiép hai ddy cha ling try. Thé tich clia. khdi try trdn

xoay bing:
3 . ’ 3
A. nd B. 22 C. 3zd° p. 22
) 3

Ciu 29: [510311] Mét hinh tru c6 dién tich xung quanh bing 4z va cé thiéf dién qua truc 12
hinh vudng. Thé tich khéi tru twong tmg bing:

A, 2xn ' B. =z C. 3% D. 4rx .
Céu 30: [510312] Mat hinh try ¢6 dién tich xung quanh bing 47 vacd thiét dién qua truc 1a

A L2n B. 10 C.87 7
Cﬁu 31: [510315] M4t hinh tru c6 ban kinh day béng 4 cm, thiét dién qua truc 12 hinh vudng.
Dién tich xung quanh cia hinh tru bing:

A. 16z cm’ ‘B. 64rem’ C. 32zem’® D. 247 cm’ _
Cau 32: {510316] Mot hinh trg c6 ban kinh day bang 2 cm, thiét dién qua truc 12 hinh vudng. .
Thé tich ctia khéi tru tuong @mg bang: o

A. 127 (em?) B. 167(cm’) C. 207 (em?) D. 247 (cm) .
Céu 33: [510318] Hinh ttu ¢6 bén kinh day R, thiét dién qua truc 1 hinh vudng. Thé tich clia
khéi lang tre tie gide ddu c6 hai ddy ni tip trong hai dudng tron d4y ciia hinh try bing:

A. 2R B. 38° C. 4R~ 'D.5R’.

Céu 34: [510320] Trong mdt chiéc hop hinh try ngudi ta bd vio d6 ba qua banh tennis, bit ‘
ring ddy chia hinh tru bing hinh tron 16n trén qué banh v chiéu cao cia hinh try bing 3 lin

“dudmng kinh cia qud banh. Goi 5, 14 tdng dién tich clia ba qua banh va S, 14 dién tich xung

quarh cita hinh try. Ti s % biing:
. | ,

A1 B.2 .3 D.1/2.

Cau 35: [510322] Khéi try c6 chidu cao 2a+/3, ban kinh déy a3 . Thé tich khbi chu ngoai
tiép khbi tru bing: , _ ‘

3
4jm3\/6 . D. 4za’ \/5
Ciu 36: [510324] Mot hinb t& dién déu ABCD canh a. Xét hinh try c6 1 ddy 12 dudmg tron
ndi tidp tam gidc ABC va c6 chidu cao biing chifu cao hinh tir dién. Dién tich xung quanh
ctia hinh tru d6 bang: ,

xa*\3 ra*d? a2 za*3

A. . B. . - C. . D. .
3 2 3 2

A. 87’6 . B. 67a°/3. C.
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Cau 37: {510325] Mot hinh tru ¢6 ban kinh dy béng a, chidu cao 00'=a+3 . Hai diém
A,B lan Ivot pdm trén 2 day (0), (0) sao cho géc gifta 00" va 4B bing 30°. Khoang
céach gifta AB vi OO’ bang.
asB o gafi c. V3 D. a3,
3 2 3 )
Cén 38: [510327] Mot hinh‘tru ¢6 bén kinh dy bing chiéu cao va bing . Mot hich vudnig
ABCD c6 4B, CD lan luot 13 2 day cung ciia 2 dudng tron day va mit phang (ABCL')

khong vubng géc véi day. Dién tich hinh vuéng 46 b‘é‘.ng:
2 2 .
A. % B. 54°. C. 5"2‘5 : D. 5442 .

Cau 39: [510329] Hinh try ¢6 ban kinh ddy 3cm va khoang céch giita hai day bing 10cm thi
¢6 dién tich toan phin 1a:

A. 78z (cm?) B. 607 (cm”) C. 187 (cm?) D. 697 (cm*)

Céu 40: [510330] Cho hinh 1ap phirong ABCD.4'B'C'D" c6 canh bing a. Goi S 13 diéa
tich xung quanh cta hinh try ¢6 hai dudng tron day ngoai tiép hai hinh vubng ABCD vi
A'B'C'D'. Diéntich § Ia:

2
A. mad® B. 7a*\2 C. 72’3 ~ D. 7[02\6

PAP AN TRAC NGHIEM

0I.B |02.D |03.B [04.B |05.A [06.C |07.A |08.C [09.D |[10.C

11.D |12.A |13.A |14.B {15 A [16.A |17.A [18.D |19.C |20.D

21.C [22.C [23.A |24 A |25.B |[26.C | 27.C [28.D |29.A |[30.D
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-  Chudé20
[TV6037] MAT NON - HINH NON — KHOI NON
1. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
1. Mdt sb kién thirc mé diu
Xét tam gisc SOA vudng tai O, khi quay tam gidc s
S04 xung quanh SO thi tao nén mdt hinh, hinh nay
dugc goi I3 hinh nén troén xoay (hay hinh nén). Canh

0OA-vach thanh-hinh trdn d4y, con canh S4-vach- -~ - -
thanh mét xung quanh cia hinh nén.

1
t
|
[
]
.
i
i
1
|
|
|
i
L

Hinh nén trén 6 SO 1a dudng cao (hay truc), S 1
dinh, dudng sinh S4=SB v& ban kinh day

R=OA=OB=I42—B.

Oe--

Thiét dién qua dinh ctia hinh nén 13 mt tam giéc can.

Thét vay, thiét dién qua diﬁh chia hinh nén 13 ASCD nhw hinh v& dudi diy.
Tacé SC? =SO*+0C? va SD? = SO + OD".

Ma OC=0D=R= SC=5SD= ASCD cantai S.

Hién nhién thiét dién vubng gbc v&i truc 13 hinh trdn tim O' nhw hinh v& trén.
2. Céc cong thire gidi toan

+) Dién tich xung quanh ciia hinh nénla S, = zRI
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TP tunidivin . FRO 5 — Hinh Hoc Khong Gian (Y'ip 1)
+) Dién tich toan phan cia hicshnén 1a S, =S, +5,, =zRI+zR*.
+) Thé tich ctia khdi nén 1a ¥ = %ﬁth.

Trong d6 R ia ban kinh day, ! 14 dudng sinh va & .S

14 dudmg cao. _ /
. 1
Cu thé hoa dbi véi hinh v& sau th /i
| AB - Py
R=0A=OB=7,I=SA=SB,}1=SO. : : \\
. !
5 : ! i
Ngoai ra, ta cin lwru y thém dwomg sinh - JAE \
I=+h + R? , g0c & dinh 13 ;ITS"B va dién tich xung !/ _j__ \
quanh cita hinh nén cfing chinh 1a dién tich xung o T
quanh ciia khéi nén duge gidi han bdi hinh nén dé. 4 - S ) ]

,
I viDU MINH H0A

Vi du 1: Cho hinh nén (N) cé ban kinh dy bing 3 v& dudng cao bing 4. Tinh dién tich
xung quanh S, cia hinh nén (N).

A S, =15z, B. S, =127 C. S, =20z D. S, =377

Lo gidi:

Tacd R=3, h=4=1=\1 +R’ =5= 8, =zRI=15z. Chgn A.

Vi dy 2: Cho khdi nén (N) c6 ban kinh déy bing 3 va dudng sinh bing 5. Tinh thé tich
cita khéi nén (™).
A. V=367 B. ¥V =45x. C.V=12r D. V =157

L gidi:

Taco R=3, I=5=h=+P-R* =4 V=%er2h=127r. Chen C.

Vi du 3: Cho hinh nén (N) ¢6 duong cao bing 4 vi dudmg sinh bing 5. Tinh dién tich xuny;
quanh S, cia hinh nén (N).

A. S, =12z B. S, =157 C. 8, =3m/7. D. S, =20r.

Léi gidi:
Tach h=4,1=5=R=/ -k =3=S, =zRI=157. Chon B.
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e Vl du 4 Cho khm non (N ) cod ban kmh day bang 3va d1en tich xung quanh bang ‘15. Tinh

thé tich ¥ cia khcu ndon (N )

A,V =36x. B. V=457 . C.V =15z D. V =12z,

Ldi gidi:
Taco R=3 va S, =aRl=7nRVA' + R’ =157

=3P +9=15=h=4> V=%7rR2h-—~127r. Chon D.

-1 Vi du 5: Cho khéi non(V) c6 dudmg cao bing 4 vidién tich xung quantbing 157 Tinh |-
| thé tich ¥ ctia khéinén (N).

A,V =36 B. V =12r. C.V=45z. D.V =15z

Lévi gidi:
Taco h=4 vi S, = nRl=7RVK +R* =157

::alre2(1224r116)=152 = R? =9:>R=3:>V=%ﬂth=l2m Chen B.

Vi du 6: Cho khéi nén (N) 6 dudng sinh bang 5 va dién tich xung quanh bing 157, Tinh|
thé tich ¥ ctia khdi non (N).

AV =12z B.V=36m C. V=157 D. ¥ =45

Loi gidiz

- Tac6l=5va S, =zRl=15x

=5R=15=>R=3=h=I"-R’ =42V=-'1;-7rth=127r. Chon A.
aJ

Vi dy 7: Cho khéi nén (N) ¢6 ban kinh day bing 3 va thé tich bing 127. Tinh dién tich
xung quanh S, cia (N). -

A S, =12z, B. S, =371  C.5, =157 D. S, =20z

Loi gidi:
Tacé R=3 va Vz-;;rrth:lZ:r

=3h=12=>h=4=1=vR +h* =5= S, =zRl=157. Chen C.
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Hoc 8 khdng dinh minh

Vi dy 8: Cho khi nén () c6 dudng cao bing 4 va thé tich bing 127z. Tinh dién tich xun3
quanh S, cia (N).

A. S, =20z B.S,=3z/1.  C.S,=15z.  D.S =12z

Léi gidi:

Tacod h=4 va V¥%szh=127r

:>§R2=12:>R=3:>1=JR2+}:2 =5::>SIq'=7er=15;r. Chen C.

Vi du 9: Cho khéi nén (N) c6 dudng sinh bang 5 va thé tich bing 127. Tinh dién tich xung:
quanh S, cda (N), biét (V) c6 dudng cao Iém hon 2.

A. S, =15z B. S, =127 C.S,=20m. ' D.S,_ =3z7.
Loi gidgi:
_J3? 2 _
Tacd 1 R
V=§7rR2k=l2fr R*h=36

.—_>(25—h2)h=36:>h3—25h+36=0:>h=4 théa mén k> 2

= R=VI - =3= 5, =Rl =157. Chen A.

Vi dy 10: Cho khéi nén () c6 thé tich bing 127 va dién tich xung quanh bing 157. Tinh |

V210
5

Bé.n kinh ddy R cta (N), véi R>

A R=4. B. R=5. C. R=6. D. R=3.
Léi gidi: '

V=2 rRh=127 (h=28
Ta cod 3 = R

S, =mRl=aRIK +R* =15z  |R'(W*+R*)=15"

2 2
332(%+Rz)=152.—.>§t6—+:2=152 (¢=R* >8,4)

= ~225:+1296 =0 =>¢ =9 théa mdn => R =3. Chon D.
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Vi dy 11:.Cho hinh nén (N) ¢6 bén kinh déy bang 3 va dudng cao bang 4. Tinh dién tich |
toan philn S, céta hinh nén (V).

A.S,=24z. = B.S_ =2z C. S, =297, D. S, =27x.

Léi gidi:
Taco R=3, h=4=1=JI +R =5=5§ =5, _+S, =7Rl+zR*=24x. Chon A.

dién tich xung quanh §,, ciia hinh nén (V).

Vi dy 12. Cho hinh nén (N) ¢6 bén kinh d4y bing 3 va dién tich toan phin bing 24z. Tinh

A. S, =157 B. S, =127 C. 5, =20z D. 5, =37+/7.

Loi gidi: 7 :
Tacd R=3vd S =S8 _+S, =#RI+rR’ =aRVK' +R* + 7R’ =24r

SWE+9+9=24h=4= =W +R* =5= S, = xR/ =157. Chon A.

Vi du 13: Cho hinh nén (N) ¢ dudng cao bing 4 vi dién tich todn phin bing 247. Tinh

dién tich xung quanh S, ciia hich nén (N).

A. S =127 B. 5, =157, C.5,=20m . D. S, =327,

Loi gidi:
Taco h=4vaS =S +S, =aRI+7R*=aRVW*+R* +7R* =24rx
P = ? - .‘_. B RO

— RVR? +16 + R? =24

Véi R>3=> RVYR? +16 + R? > 24.

V6i 0<R<3= RJR*+16 + R? < 24.

Dodé R=3=>1=k*+R* =5=>8, =R =15z. Chen B,

Vi du 14: Cho hinh nén (N) c6 dudng sinh béng 5 v2 dién tich toin phén bing 247. Tinh
dién tich xung quanh S, cia hinh nén (V).

A. S, =127 B. S, =3J/7.  C.§, =20z D. S, =15

Lai gidiz
Tacé [=5vd S, =S5, +S, =zRI+7R*=5zR+7R* =24z
xg y )

= B +5R=24=>R=3=>1=\1* + R =55, =Rl =15z. Chgn D.
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ARVWIA. VIR PRO S - Hinh Hoc Khéng Gian (Tip 1)

Vi dy 15: Cho hinh nén (V). ¢4 bén kinh bing 3 va dién tich xung quanh bing % dién tich

todn phén. Tinh dién tich xung quanh S, ciia hinh nén (V).

A. S, =15z B. S, =377. C. S, =20r. D. S, =127

Loi gidi:
, o 5. .5
Taco R=3v& S, =5, -g(qu +5,,) =38, =55,

=37Rl=5zR* =1=5= S, =7RI=157. Chon A.

Vi dy 16: Cho hinh nén (N) 6 dudng cao bang 4 va dién tich xung quanh bing % dién tich
toan phan. Tinh dién tich xung quanh S, , cta hinh nén (W),

A S,=3z/7.  B.S, =151, C. s, =12z D. S, =207,

VL&’igi-&i:

o 5 5
Taco h=4 v& S, =25, =§(qu+sdé_‘,):>3s_w =55,
= 37RI = 5zR* = 3Wht + R? =5R:>9(42+R2)=25R2

=>R=3=[=vF+R =5=S, =7Rl=15z. ChonB.

Vi dy 17: Cho hinh nén (N) c6 dudng sinh bing 5 va dién tich xung quanh bing -g- dién tic2

‘toan phén. Tinh dién tich xung quanh S, ciia hinh nén (N).

A. S, =3z7. B. S =12r. C. S, =157 D. S, =20z

Lot gidi:
, s o 5. .5
Taco I=5va §,, =25, = g(qu #8,,) =38, =55,

:>15R=5R2:>R=3:>S =7zRI =157. Chon C.

Vi du 18: Cho khéi nén c6 ban kinh d4y bang 10 va gbc & dinh bang 60°. Tinh dién tich &
ciia thiét dién di qua hai dudng sinh.

A. §=200. B. S = 20043, C. S=100. D. S=100J§.
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Loi gidi:

“Tach ASB=60° ma ASAB cintai § S - g
= 450 =30 :—O—é;l'zSA=2034'=20.
S4 2

Do db S=%lz.sin 60° =%SA2.sin60° ~100+/3. Chon D.

Vi dy 19: Trong khong giah, cho tam giac ABC vudng tai 4, canh AB =5, AC=2. Tinh d6
dai duomg sinh / cda hinh nén nhin dugc khi quay tam gidc ABC xung quanh truc AB.

A. I=+21. B. =5 C.l=2. D. [=+29.
Léi gidi: o
Khi quay ABC vubng tai 4 xung quanh truc 4B thi B

dudng sivh cia hinh nér chinh 12 canh BC.
Tach [ =BC =+ AB* + AC* =25+4 =~/29. Chon D.
> Nhin xét

Ta x4c dinh dugc R=AC=2, [=BC=+/29, h=AB=5. _
- Khi 46 dua vao céc cong thitc d4 biét ta hoin toan tinh. 5, /.
duoc qu, S, V.

ip*

!
1
i
1
1
i
|
[
i
1.
1
I
+
A

Vi du 20: Trong khéng gian, cho tam giac 4BC vubng tai 4, canh AB=4, AC=3. Tinh

thé tich ¥ ciia khéi non, nhan duoc khi quay tam gidc 4BC xung quanh truc BC.
_ 807 ' 437

D.V=—.
3 5

A V=12x. B.V=16x C.Vv

Loi gidi:
Ké # 1 1L BC (H e BC), khi quay A4BC xung quanh tryc BC ta duge hai khéi nén N, va

N, chung d4y c6 tdm la A va ban kinh R=HA=HD=%.

Khdinén N, cb6 dudng cao k = BH, khdinén N, cé dudng cao &, =CH.
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Hec ak khdng dinh minh

B

Thé tich ctia khéinén N, I3 ¥, =%:rR2h'l =%:r_4H2.BH_. N
Thé tich cia khinén N, 13 ¥, = %;:R% = %zAH’.CH

=V =V+V,= %n’AHQ (BH +CH) =%n’AH2.BC.

Canh BC =~J4B* + AC* =/3? +4? =5,

ABAC 34 12

Canh AH = _ .
BC 5 5

, ) ‘
Do do V=—1-7r(1—2j .5=£8—£. Chon D.
3 LS5 5

Vidy 21: Cho hinh nén (N), day ciia (N) c6 bén kinh bang R. Thiét dién qua truc clia Wy

1a mét tam gidc vudng. Khdi nén dwge tao nén béi (V) cb thé tich bing ?

A. %M’. B. 7R’ C. %x}?. D, 27R

Lai gidi:
Thiét dién I3 tam gidc vudng SCD. -

Hon nita canh SC = 8D = ASCD vubng tai S
=>h=80=0C=0D=R

>V= %:rth = ;—;:-R? Chon A.

» Nhién xét _
+)Tacé thé tinh S cia (N) nhw sau:

Pudmg sinh I = SC =VOC? +50* =R* + R* = R\/2

Do dé S,, = zRlI=xR*2.

+) Néu thay gid thiét day cia (V) c6 bén kinh bing R thanh gia thiét thé tich ctia khéi nér
duoc tao nén béi (V) bing %xﬁ thi khi 46

V=§7TR2h=%TFR3:>h=R:>I=\’h2+R2 =R\2.
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+) Néu thay gia thiét day cia {N) co. bén kinh béing R thanh gia thiét dién tich xung quanh

“clia (N) bing #R*2 thikhi d6

S, =Rl =xR2 = [=Ry2=>h="P—R =R

+) Néu thay thiét dién qua truc cfla'(N) 12 mdt tam gidc vudng thanh thiét dién qua truc cta
(V) 12 mét tam gide c6 mdt goc bing 60° thi khi 46 ASCD ddu

=> tan 60° ;%=\/§:>SO=R\/§.

+) Néu thay thiét dién qua truc cita (V) 14 mét tam gidc vudng thanh thiét dién qua trac clia
(V) 12 mt tam gidc c6 mot goc bing 120° thi khi 46 CSD =120°

:~>E?f'>'7€)=6o°:>tanﬁo°=g—g=\/§:>so=i

N

+) Néu thay thiét dién qua truc ctia (N) 1a mot tam gidc vudng thanh thiét dién qua truc ciia

2

(N ) 12 mot tam gic ¢6 dién tich bing R? thi khi d6

2 2 2
m_—socz)-ﬁ-:so 2R _2R R
3 3D 32R 3

+) Néu thay thiét dién qua trizc cla (N ) 12 mdt tam gidc vudng thanh thiét dién qua truc cia
(V) 1 mt tam gic c6 chu vi bang 8R thikhi 46 SC+SD+CD =8R

- =2SC+2R=8R= SC=3R=>§0=SC* ~OC? =JIR*~ R* =2R2.

Vi dy 22: Cho hinh nén () ¢6 dudmg cao bing 32‘1; d4y ctia (N) c6 bén kinh bing a.
Thiét dién qua dinh cia (N) la mt tam gide ndm trong mit phing tao v6i mit phing day
mdt goc bing 60°. Tinh theo a dién tich S cfia tam gidc nay.

azﬁ aZ\/E—& 3a® 3a*

B.S= C.8§=—-. D S=—m.

A §=222 ALy
3 T2 2" 4

Loi gigi: ‘
Thiét dién qua dinh ciia (N) 14 ASCD nhu hinh v&.
Ké OP 1 CD (PeCD), tacb:

cD 1.0P '
{ = CD 1 (SOP)=>CD L §P.

CD 1L SO
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(SCp)n(0CD)=CD
Nhu vdy {CD LSP, CDLOP
SP <(SCD), OP = (0CD)

:(W)%%3%=600

-:>tan60°=g=\/§z>op=£=ﬁ
OP -2
2 - ,.-"‘-
:>CP2=OC"—OP3:az—?’%::»CPzgsCD=2CP=a. ‘4‘Z ______
.
Lai 6 sin60’ =50 V3 L 5p 20 _ ;3
S SsP 2 3
2
Khi d6 tir CD L SP= Sy, :%cp,gp':-;-a.a«/_: = f Chon B,

Vi dy 23: Cho hinh nén (N) c6 dudng cao bing 2a, day ctia (N) c6 ban kinh bing a. Thié
dién qua dinh cta (N} 1& mdt tam gidc c6 mdt géc bing 60°. Tinh theo a dién tich S cha

tam gidc nay.

2 2 2 2
A §=22 ‘E. B. 522 *E. c. 522 D, 5=
2 4 2 4
Lo gidi:
Thiét dién qua dinh ciia (V) 1a ASCD nhir hinh v&, 5

Tacéd SC*=80%+0C? =4a* +a* = SC =a 5.
SD" = SO +OD* =4a* +a* = SC = a5

= 8C = 8D = a5 = ASCD can tai .

Baira thi ASCD ¢6 mét goc bing 60° = ASCD déu

\/_ 5612\/_

2 4

= Seep = Lscspsingor =152
2 2

Chon B.

Vi du 24: Cho hinh nén (N) c6 dudng cao bing a3, day cia (N) c6 ban kinh bang a.
Thiét dién qua dinh cia () 12 mdt tam gidc c6 chu vi bing 5a. Tinh theo a dién tich S cia

tam giac nay.

B. S= . C. 5= . D.S=
2 4 4

A S=

215 _azxf?; @15 _azx/?:
S .
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“Baira c6 chu vi ASCD béng 5a

S PCipD====So Pt osCt L CP = da t
2 2 4

Loi gidi:
 Thiét dién qua dinh cfia (V) 12 ASCD nh hinh v&. S
Tacd SC* =SO” +0C* =3’ +a* = SC =2a. /B
/

SD* =SO* +0D* =3a*+a> = SC=2a.

-
—-
-

D ek b=l
el

|

|

|

!

by

=S SC+SD+CD=5%=4a+CD=5a=CD=g
Ké SPLCD (PGCD) ma SC=SD=2a

T SR
CD- g : e e e R TTT T AN

2
5
=5, =%CD.SP=‘%a.afg -4 :{1—

a15
2

= SP=

Chon C.

Vi dy 25: Cho hink nén (N) c6 dudmg cao bing 37“ déy cia (N) c6 ban kinh béng a.
Thiét dién qua dinh cta (N) 14 mdt tam gisc ndm trong mit phing céch tim ddy cia (N)
mét khoang bing 95-. Tinh theo a dién tich § cia tam gidc ndy.

a3 3’ a3 3a’

A S= - B. §=—. C.5= D. §S=—.

, 3 2 . 2 4
L&’irgia’i: | S _ 7
Thiét dién qua dinh cia (N ) 1a ASCD nhur hinh vé.

K& OK L. CD (K eCD), OP LSK (PeSK).

 [cDLOK
Ta c6 = CD L{SOK)= CD L OP.
CD1SO _
OP1CD
Nhu viy = OP L (SCD)=>d(0;(SCD)) = OP.
OP 1 SK
. , 3a 3a
Baira ¢ d(O;(SCD)):TﬁOP=T
1 1 2 2 ;
SO SR Izzl_i_izzl_zjw{:ﬁ
OK* OP* SO° 9a° 9a° 9Ya 2
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=>CK*=0C*-0K*=4* ——4~:>CK—5:>CD 2CK =a.
3a a«/?:
e SOOK 75
Laicd 5K = oF - 3a =a-f3.

4

1 a3
2

Tt CD 1 (SOK)=> CD L SK = S,y = ZCDSKHE a3=2"> ChenC.

Vi du 26: Cho hinh nén (N) c6 dudng cao bing 2a, ddy cia (N) c6 ban kinh bing a. Thiit
dién vuéng géc véi truc clia (V) 1a mot dudng trdn (T) cé chu vi bing 23ﬂ. Tinh theo a

dién tich xung quanh S, clia hinh nén c6 dinh 12 dinh ctia {N) va day Ia dudng trdn (T).

2 2 2 fr 2
A. S =’“"/ﬁ. B. S, _2’““/_ C. S =3-’L“£, p.s =" ‘E'
& 9 9 x 9 @ g
L gidi:

Thiét dign vuéng goc véi truc ciia (V) 14 dudng trén (T) c6 tim 1a O' nhu hinh vé.

Ta o 2x.MO' = 2%::»1140' S

21
' ' ' —.2q
me(’)@:‘g—(}"jsoleosoz:; =2_a
AC SO AOC a 3
2 2
o SM = 50+ M0* =381 T g 2 Y5
9 9 3
a a\f— ﬁdz\/g

::>S =aRl=aMO'SM =g — ——
373 9

Chon D.

Vi du 27: Cho hinh 1ap phuwong 4BCD.4'B'C'D" ¢6 canh bing a. Hinh nén (N) codinhI2
tdm cta hinh vuéng 4BCD va c6 dudmg tron day ngoai tiép hinh vudng A'B'C'D'". Tink
theo @ dién tich xung quanh S, cia hinh nén (N).

za’\3 _md*2 za*\J6 ra* 3

A. qu = 3 B'va = Sy C. qu = 5 xq )
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Loi gidi:
Goi § 14 t4m cia hinh vuéng 4BCD. PR D
 Goi O 12 tim cta hinh vudéng 4BCD. '

Hinh nén (N) c6 dudng tron day ngogi tiép hinh-
vubng A'B'C'D' nén day clia (N)‘se”: ¢ ban kinh

Ao oA D
R=0B'va (N) s€ cO dudng sinh /= SB". ,«"‘_\‘ N

Khi @6 S, =#zRI=7.OB'.SB". 7 B ' N ol

 Canhop' =25 _ @

NN

2
= SB® = OB"*+ 80" =%+a2 :>SB'=a\{g

VASO=Ad'=a —

a 3 ﬁazﬁ

Dodd S, =rn—=.a ) . Choa D.

NG
IIL [TT6038] BAI TAP TU LUYEN
Ciwu: 1: [510199] Cho hirth nén (V) c6 chiéu cao k, 46 dai a‘u(mg sinh /, ban kinh day r. Ky
hi¢u S, 1& dién tich xung quanh ctia (¥). Cong thirc nao sau diy la dang ?
2 =
A. S =mh B. §,, =2nrl C. S, =2rh D. S, =mwl
Ciu 2: [510202] Cho hinh non () c6 chidu cao k, 5 dai dudng sinh /, ban kinh day ». Ky
higu §,, 14 dién tich toan phin ciia (N). Céng thitc ndo sau dy 13 ding 2.

A Sy=wrl - B. S, =ml+2nr  C.S,=mil+nr = D. S, =2mwl+m® -

Cau 3: [510206] Cho hinh nén (N).cd chiéu cao 4, d§.dai dudmg sinh /, ban kinh day r. Ky .

higu ¥y, 14 thé tich khéi nén (V). Cong thirc nao sau diy 1a ddng ?
: 1 : 1 1 1
A. T/;N) 37crh B. ¥, =§nr2h C. szgnrl S | N =§7rrzl
Ciu 4: [510207] Cho hinh nén (N) cé chidu cao h¥4cm, ban kinh didy »=3cm. D¢ dai
dudmg sinh clia () bing ?
A. 5cm B. \7 cm C.7cm D. 12¢m

Ciu 5: [510210] Cho hinh nén (N) ¢6 chidu cao bing 4cm, ban kinh déy bang 3cm. Dién tich
xung quanh ctia (V) bing ? :
A. 12n(cm®) B. 15n(cm?) C. 20n(cm2~) D. 30r{cm?)
Ciu 6: [510212] Cho hinh nén (V) cé dudng sinh bing 10cm, ban kinh day bang 6cm. Dién
tich toan phén cia (V) bing 7
A. 60 (cm?) B. 120xn(cm?) C. 96m(cm’) D. 66m({cm®)
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Céu 7: [510214] Cho hinh ndn (N) ¢b du(mg sinh bing 9cm, chidu cao bing 3cm. Thé tica
cita khéi nén (V) bing ? .
A. T2nt(cm?) B. 216n (cr_n3) C. V72n(em®)  D. 27r(cm®)
Cau 8: [510216] Dién tich xung quanh ctia hinh nén dugc sinh ra khi quay tam giac déu 4ABC
canh a xung quanh duéng cao AH bing ?
A. nd® B L C. 2na? . D. na’3
2 2

Ciu 9: [510218] Cho tam gidc ABC vudng cén tai 4 ¢b canh AB =2a. Quay tam gidc niv
xung quanh canh 4B8. Tinh thé tich ciia khbi nén dugc tao thanh.
dna’ B. 4ng’ C. 8na’ D. 8na’\2

3 3 : 3 3
Ciu 10: [510219] Quay mét tam gide vudng cin c¢d canh huyén bing a2 xung quanh mdét
canh goc vudng. Tinh dién tich xung quanh cta hinh nén duge tac thanh.

A N2 B. 2v2nd? C. 2nd* D. na’

Céu 11: [510222] Cho tam gidc ABC vudng tai B cod AB=a va 4 =30°. Quay tam gidc nav
xung quanh canh 48. Dign tich toan phén ciia hinh non duge tao thanh bing ?

A.

A. 31’[{12 B. gnaz C. na’ D. \/?:Tcaz

Ciu 12: [510224] Hinh nén (N) c6 dién. tich xung quanh bang 2011:(cm2) va bén kinh da
bing 4cm. Thé tich ctia khéi nén (V) bing ?

A. 16m(cm’) B. 10n(cm’) C. %'n(cms) ‘ D. -l?on(cms)

Céu 13: [510226) Cht hinh non (V) bing mét mit phing di qua tryc ciia hinh nén duge this:
dién 12 mdt tam gidc vudng cén cb dién tich bing 3a2. Dién tich Xung quanh ciia (V) bing ?

A. 6na’ (cm?) B. \2ra*(cm?) C. 62na* (cm?) D. 3v2na® (cm?)
Céu 14: [510230] Cho hinh chép déu S.ABCD, déy cé canh bing 2a, canh bén bing 3a. Hint:
noén (N) ngoai tiép hinh chép S.4BCD. Thé tich ciia khéi nén (V) bing ?
(cm’) C. 6—7;:]!—3((:1_'1713) (cm*)
Cau 15: [510232] Cho hinh nén (V) ¢6 dudng cao A =20cm, ban kinh déy r =25cm. C&
hinh n6n (V) bing mét mit phing di qua dinh cia hinh nén va céch tdm cila day 12cm. Diér
tich ctia thiét dién tao thanh bing ?

A. 50+/7(cm®) B. 1007 (cm?) C. 150\/7(cm?) D. 200\/" 7(cm®)
Ciu 16: [510234} Cho tam giac ABC vudng tai 4. Khi quay tam gidc 4BC quanh canh AB th:

dudmg gép khiic BCA tao thank hinh tron xoay 13 2
A.Khbinén B. Mitnén C. Hinh nén D. Hai hinh nén

Tna®

D. 2«./21&13

A 7nd (cm®) B.
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Cau 17: [510235] Cho tam gidc ABC vudng ta A Khi quay tam giac ABC quanh canh AB thi
tam giac ABC tao thanh; ,

- A. Khéi nén B. Mit nén C. Hinh nén D. Hai hinh rién

~ Ciu 18: [510239] Cho tam gidc ABC vudng tai 4. Khi quay tam gidc ABC quanh canh BC thi
~ dudng ghp khiic BAC tao thanh: . I

) A. Hinh nén B. Hai hinh nén C. Mitnén D. Khéi rién _
Ciu 19: [510244] Cho hinh nén (N) c6 dinh S v& day 1a dudng tron (C). Thé tich ciia khéi nén
(M) bling 10cm®. Hinh try (7) ¢6 mot day 14 (C), ddy con lai c6 tim 14 S, Thé tich cfia (7) 1a:

A. 10(cm™) B. 20(cm*)- C. 30(cm’)- D. 40(cm®)
Cﬁu 20: [510245] Hinh ndn cb chidu dai dudmg sinh d, ban kmh day r thi ¢6 dién tich xung
§ quanh bang S _— el .
T Al mrd - B.2wd C. nri _ D. 27|:rl

Céu 21: {510246] Hinh nén c6 dudmg sinh 7 =5cm va ban kinh déy r = 4cm thi c6 digén tich
xung quanh bing;

A. 20rn{cm?) B. 40n(cm’®) C. 20(cm®) D. 20n(cm’)
Cau 22: {510248] Hinh noén ban kinh day r =3cm vé chiéu cao = 4cm thi c6 dién tich toan
phén bang:

A. 24(cm?) B. 39(cm’) C. 33(cm?) D. 12(cm®)
Cin 23: [510249] Mot hinh nén ¢6 dudmg sinh bing dudng kinh day va bing 2R. Dién tich
xung quanh cia hinh nén bang:
3 )
A ™ B. nR’ C. 2rR’ D. 4nR’

Ciu 24: [510251] Mét hinh nén duge sinh ra do tam giéc déu canh 2a quay quanh dudng cao
- ¢lia n6. Khoang céch tir tdm cua day dén dudng sinh clia hinh nén bing:

A.? B.al2 .. . . Calf3 S .D-E'[B"

2
Cau 25: [510253] Cho tam gisc ABC vudng tai 4, biét AB=a\3 va ACB=60". Khi quay
hinh tam gidc ABC quanh canh AC thi khéi nén tron xoay dugc tao thanh c6 thé tich bang:
A. nd’  B.3nd’ C. 9na’ D. 6ra’

Ciu 26: [510256] Mot khéi non ¢o ducmg sinh bing dudng kinh day va bang 2. Ban kinh mit ‘
ciu ngoai tiép khdi nén bang:

A3 B. 23 C. V3 D. 23

2 3
Ciu 27: [510259] Thiét dién qua truc clia mét hinh ndn 12 mdt tam gitc vudng cin cb dién
tich 50 ¢m? . Thé tich khéi non 1a:

52 25(;‘\/5”(6’"3)‘ 5042 (em ) D_sst;\/fﬁ(cmg)

A~—(3) B. C~—-—
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Cau 28: [510262] Mot hinh nén c6 dudng sinh bing 3 em va géc & dinh bing 90°. Cét hinn
n6n bdi mit phing () di qua dinh sao cho goc giita (o) va mit day bing 60°. Khi-dé diéa
tich thiét dién 1a:

9\/- 2 27 . 2 . 2
A. T(cm ) B. ?(cm ) C. 6(cm ) D 3\/_2_(cm )
Ciu 29: [510265] Cho hinh.nén dinh S c6 dudng cao bing 6 cm, ban kinh day bing 8 cm.
Trén duémg tron ddy 1y hai didm 4; B sao cho AB=12cm . Dién tich tam gidc SAB bing:
A. 48(cm?) B. 40(cm?) - C.60(cm’) " D.100(cm?).
Cau 30: [510267) Mot hinh tir dién déu canh a c6 mdt dinh 12 dinh ctia hink ndn, ba dinh con
1ai n3m trén dudng trén day cha hinh ndn. Dién tich xung quanh ciia hink nén bing:
2 2
A V3 ' B. a2 c. By V2 p. 2 3 .
3 3 2
Cau 31: [510269] Cho hinh 14p phuong ABCD.A'B'C'D’ canh . Dién tich xung quanh.ci:
hinh nén trdn xoay sinh ra khi dudmg gép khic BB'D quay quanh BD bing:
A. na* 6 . B. 7a*\/3. C. za’\2.  D.zd?5.
Cau 32: [510273] Mét hinh nén dugc sinh ra do tam giac déu canh a quay quanh dudng cac
cia n6. Mot mit ciu ¢é dién tich bang dién tich toan phén ciia hinh nén thi c6 ban kinh bang:
N B, 22 .2 p.af3
4 4 2 2
Ciau 33: [510277] Hinh chép tir gidc déu canh day bing a, gbc gifta canh bén va day bing

60°. Dién tich toan phan cita hinh nén ngoai tiép hinh chop 1a:

2 2 2 _ : 2
Ina - B. 3za . Cny;a . b, 3ma '

Céiu 34: [510282] Mot hinh tir dién déu canh @ 6 mot dinh 13 dinh ctia hinh nén, ba dinh
con lai nim trén dwdmg tron d4y cia hinh non. Thé tich cia khéi non bing;

A,

3 3 3 ’ 3
a3 p, T@V6 c. V3 p, 76
27 27 9 9

Céu 35: [510285] Mot hinh nén c6 dudng sinh bing &, gbc & dinh bing 90°. Mét mit
phéng (P) qua dinh tao véi mat phing ddy mot goc 60°. Dién tich thiét dién bing:
2 2 ’
a2 p. V3. c. X p. 2
3 2 3 2
Céu 36: [510288] M3t hinh nén duge sink ra do tam giéc déu canh a quay quanh dudmg cao
cia né. Mot mit cau c6 thé tich bang thé tich hinh nén thi ¢6 ban kinh bang

A a23 B f‘.ﬁ c 223 D 1_2\/2\/5
- 4 T . s 8 = . ._8——'- -T.

326



nmh

Hge gs kXhang djnh minh . . - — . ea

Cau 37: [510293] Goi /A, R 14n luot 13 46 dii dudng sinh, chidu cao va ban kinh day cta

. hinh nén. Ding thirc ndo sau diy ludn ding ?

A P=r+R 13.-12—=—11,-+L2 C.R=p+"  D.I’=IR
* B R .
Cau 38: [510296] Goi 14, R lin lugt 12 4% dai dudng sinh, chidu cao va ban kinh day cua
binh nén (N). Dién tich xung quanh S, cia hinh nén (N) bing ? -
— - : _ 2
A. S, =nRl B. S, =7nRh C.S,=2zRI D. S, =nR'h
Céu 39: [510299] Goi LA, R 1An gt 13 d6 dai dudmg sinh, chiéu cao va ban kinh day cha
hinh nén (N). Di¢n tich todn phin S, ctia hinh nén (N) bing ? N
~ A, S, =ARI+TR> = o BeS, =2aRl+ DIERE oo e e
C. S, =zRI+27R" . . D.S,=nRh+xR’
Céu 40: [510306] Cho hinh nén c6 ban kinh day 14 4a, chitu cao 14 3a. Dién tich xung quanh
hinh nén bang ? ,
A 20za® - B. 40za* _ C. 24za’ D. 2zad*
Céu 41: [5103091 Cho hiﬂh_nén co béri kinh day 14 3q, chidu cao 14 4a. thé tich clia hinh nén
bing ?

A 12z4d° . B. 36zd’ C. 1574 D. 1224’
Ciu 42: [510313} Cho hinh nén c6 ban kinh d4y 14 4a, chiéu cao 14 3a. Dién tich toan phén
hinh nén bing ? .
A. 36za’ B. 307d’ C. 38za’ D. 3274’

Céu 43: {510317] Cho hinh chép tam giac &8u S.ABC ¢6 canh d4y bang a va gbc gifta mot
mit bén va day bang 60°, dién txch xung quanh cia hinh nén dinh § va day 14 hinh trén n01
tiép tam gidc ABC bing?

;ra - - J_raz,,,, S ﬁa . S:raz

A e - B. C.— D,
6 4 3 6
Céu 44: [510319] Cho hinh hép ti giac d2u S.ABCD cb canh day bang a va chidu cao bang
2a, dién tich xung quanh cGa hinh nén dinh S va déy 12 hinh trdn ndi tiép ABCD bing:

szx/_- : :razx/_ ' c. @ N D za® 17
B. . —% S

Cau 45: [510321] Cho hinh non ¢ thlet dién qua truc 14 mt tam gidc vudng cén cd canh
huyén 2a. Thé tich cita khdi nén bing:

3 3
7a B. 2ra C. za’
3 3

Ciu 46: {510323] Dién tich foan phin cda hinh nén c6 khodng cach tir thm cua day dén

D. 2zd’

duidmg sinh bing /3 va thiét dién qua truc 13 tam gidc déu bing:
A. 127 B. 8= C. 4r D. 16z
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Ciu 47: [510326] Khéi nén (M) c6 chiéu cao bing 3a . Thiét dién song song va cach mit cdy
L P ¢ Py £. . L
mot doan bing @, c¢6 dién tich bing %:mz - The tich ctia khoi nén (V) bang:

A. 16x4° B. Z=»g* C. 48z4° D. ?ﬁas

Ciau 48: [510328] Mot hinh nén 6 thiét dién qua truc 1a mdt tam gféc déu. Ki higu ¥, va v,

18n luot 14 thé tich cia khéi cdu ngoai tiép va ndi tiép khéi nén trén. Ti sb % bing ?
. . 2

A.8 B. 6 C.4 _ D.2
Céu 49: [510332] Khéi nén (V) c6 chidu cao 13 & vA ngi tiép trong khéi ciu c6 ban kinh R v4i
h<2R.Khi d6, thé tich ciia khdi nén (V) theo h va R bing ?

A, %frhz(zR—h) B. gﬁhz (2R~h)  C. 7k’ (2R-h) D. %ﬁh(ZR-ﬂh)
Cau 50: [510333] Cho hinh ling tru tam gidc déu ABC.A'B'C' ¢6 éa_mh day bﬁng a. Goi 7
vd O’ lan luot 13 tAm cia hai ddy 4BC, 4'B'C". Biét gbc gilra dudng thing O’B véi miit
phing (4BC) bing 30°. Tinh dién tich xung quanh vi thé tich cta khéi nén dink 0", day 1a
dudmg tron tim O ngoai tiép tam gide ABC.

a 2Bl sa oy 2 aw 4Bl 4l et
9 727 "9 g 9 g 9 g7
PAP AN TRAC NGHIEM

0LD ]02.C 103.B [04.A4 |05.B |06.C [07.C |08.B |09.C |10.A

1.C [{12.A |13.D [14.D |15.B |[16.C 1774 |18.B [19.C |[20.A

721. A 122.A |23.C |24.D [25.A |26.D |27 B [28.D 129.A |30.A

3LB [32.A [|33.A [34.B {35-A |36.A [37.A [38.A 139.A [40.A

4L.D 1 42.A |43.C |44.A |4s. 46.A |47.A |48.A [45.A {S56.A

328



HEETD,

o AARAEAE mmrw AWRANALE, LFAMAR | R RS AF

‘ripc da knang gipk minh

- Chade21

[TV6039] CUC ;_er;TRONG HINH HOC KHONG GIAN

I. Vi DU MINH HOA

Vi du 1: Cho khdi chop tam gidc S.ABC c6 day 1a tam gidc ABC vudng cén tai B va |
Sd 1L (4BC). Biét ring SB = a, tim gi tri 16n nhét cha thé tich khéi chép S.ABC theo a.

3 [T O~ 3 3 f
AV, _af3 B. Vm:-;ﬂ c.v, =2 V3 .y, =2° 3
9 - C27 18 9
Lot gidi o o S )
Pit Sd=x ta cb: AB=vJa*-x*=BC suy 1
AB* &' -

Siec = 57 T g
Khi dé ¥, o 2

1O =—X =—xla —-=x

A s.48C 2 x( )

Xét him sb  f(x)=a’x-x (0<x<a) t cb

f'(x) @ -3x"=0=>x=

5

Tudosuyfaf{laxf(x) f(%) . _lf[%} T

Chon B.

Vi du 2: Cho hinh chép S.4BCD c6 déy I hinh vudng ABCD vi S4 L (ABCD). Biét ring
khoang chch tir B dén mit phing (SCD) bing k. Tinh thé tich i6n nbét ciia khdi chép
S.ABCD theo h.

3 3 3 3
A. Vm:hﬁ L C. Vm=————3’“/5 D.Vm=———2h\[i
2 3 2 3
Loi giii:
Do 4B//CD nén d(B;{SCD))=d(4;(SCD))
Dung 4H 1 SD=>d(4;(SCD))=h.
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DétAD=x:>~1-=-1—+—l-:‘>SA= X 5

- hz - x,z SAZ . fx2_h2

Khi do V—%SAS

Nhu vy ¥ <> —— 16n nhét
x2 _ h2 . .

‘ 3
Xéthamsé f(x)= S (x> h) taco:
}xz _h2

3
3xIVxr -4 ——,i . -
f‘(x): Xk 2% _3xh =0-—->x=h\/g

K -x _\/(hz__xz)a

i, ) #3
Tir d6 suy ra Vmax="3" f Lh,JE == . Chon A.

Vi du 3: Cho tir dién 4BCD, biét cdc tam gidc ABC vi BCD 1a céc tam gidc d2u canh @ v |
canh AD=x, 0<x< a+f3 . Tinh thé tich 16n nhit cia khéi ti dién . ABCD la

3\/_ & __a3\/—_ ' a_3

AV = B.V, == C.V,_ = D.V, =
12 4 8 _ 8
Lo gigi: '

AH 1 BC
DH 1 BC

f

Goi H 14 trung diém caa BC khi @6 {

Suyra BC L(AHD)vita cb: AH =DH =2
Got E 14 trung didm cia AD do tam giéc AHD can'nén

HE | AD= HE = —AE* = ——-Z-

Ta cd;

Visco =Va.amp +Veun = E'BC'SAHD = "G-EHE.AD
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3a* a’ a& s ) a6

==V ey S — 7 = Vpux =— - Dau bang xdy ra < 3a’=2x <:>x=T.Cht_)n D.

T4 8

2
Ciach 2: Nhan xét ¥, <> S, 16n nhit & 1AIBLDI:’smAHD—?’? 5111AHD<-3—;;—

Vi de 4: Trong mit phing (P) cho dudmg trdn (C) tim O, dudng kinh 4B =2R . Trén

dudng thing vuéng gbe voi (P) tai O 1Ay diém S sao cho SO=R+/3. Goi I 1 diém thudc

doan SO véi ST =28 va ar 13 mét diém thuge (C). H 12 hinh chidu cta T trén SM Tich

V3

| thé tich 16n nhét chatidién ABHM. — ... ool

3 3 3 ’ 3
A.V=R“E B.V=RJ§ C.V=R‘E 1:).V=R‘/5
6 3 4 2
Léi gidi:
SI - SH ' s
Ta cd: ASHI ~ ASOM do dd ——=—— ]
(g-g) dodd —="7 : :
2R
SRS
Ly SIS0 _ 5 -
SM 3R+ R

Do SH =-;-SM nén H 14 trung diém ciia SM.

.’*

-Dung HK /SO vd ML 1 AB = HK = -;-SO— RV3
Khi 86 ¥,y 450, = HKS —{{—é/——_lMLAB—RfM _

Mat khac ML < MO do do ML L MO =

6 .6

RJ3 R3  R3
6

Déu bing xay ra <> MO = R <> MO L. AB hay M 13 trung diém cia 4B. Chon A.

Vi du 5: Cho khéi chép S.ABCD c6 ddy ARCD 12 hinh thoi canh @, S4=S$B=SC =a. Canh
SD thay di. Thé tich 16n nhit cia khéi chép S.ABCD 1a:

3 3 . 3 3
AV =& B-Vm=a—- _ C,szf,__ . m_a \E.
8 4 2 12

max
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Loi gidi:
Dit SD=x>0.Tacb: ASAC = MBC (c—c—c)
Do d6 SO = BO (2 dudng trung tuyén tuong tmg)

Suy ra SO=%:> ASBD vubdng tai S (tam gidc ¢d

dudmg tning tuyén ting véi canh dbi dién bing nira canh
ay)
Khi d6 BD =SB+ 8D* =a* +x°

7 2 2, .2
SuyTa AC:20A=2\/A32—B*;3 =2Ja2—“ :x =3a> - %

1 V3a’—x' SBSD axV3a’-x’
3 -

Lai co ¥, == ACS,, =
2 s.ABCD T 3 $8D 5 6

. . T i 43a it 3a & -
Ap dung BDT AM-GM ta co: xy3a —x s——E————=—2—:>V$I.Ch9nB.

Vi du 6: [325124][THPT Chuyén Hung Yén - Lin 2-2017} Cho hinh chép S.4BCD c5 |

day ABCD 1 hioh vudng canh bing a. Canh S4 vudng gbc véi déy va SA=y. Trén can1

AD iy diém M sao cho AM =x. Bibt ting x>+ y* =4®. Tim gié tri 16n nhit cta thé tica

khéi chop S.ABCM . '
L)

3
A. . B. L. C.
4 - 8

Loi gidi:

. 1 ' 1 AM+BC
Ta ¢d: VS.AECM =§SA'SAMCB =§y.T‘.

AB
=_;i,(x+é)y =V, o [(x_+a)y]m (x e [0;&]).

Céch 1: Xét ham s f(x) = (x-Fa)y = (x+ a)\m2 -x* véi

xe[~a;a] suyra f'(x)=va’ -’ +(x+a).%=0 5
a’-x

xX=-qa 3‘\/5 ’

@ -x-F-ax=0 a DS = =V T
. x=-2~ 4 8
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. o . .- 7
Ciach 2: Dt x =a.smf; y=a.cost voi te [0;5].

suyra (x+a)y=(asint+acost).acost = a* {sint cost +cost) .

A Tde oA . ' sin2¢
Xéthams6 f(7)=sintcost+cost = +cost

. o~ . . 1 ,
T4 ¢6: f'(t)zcosZt—smt=1—2s:n2t—smt;0:>smt=53t=%

Mit khac f(O):l;f(%):O;f[—g]=ﬁ V,,,u:%ﬁ.(;hi)nl).

4. .. .

Céch 3: Cho a=1 I3p bing TABLE cho ham 56 f(x)=(x+1)v1—x* trén doan [-11]

MIN MAX TRONG KHOI TRU

Vi dy 1: Mot cong ty xuit nhip khau mubn sin xuht mdt log: thing hink tra 4% chira xing dau
c6 thé tich ¥ cho trréc. P& tdn it nguyén vt liéu nhét th1 chiéu cao k vi ban kinh R thoa
min ding thitc ndo trong cac ding thirc sau.

A. h=2R . B.h=R C. h=R D. »=R3

Léi gidi:

Thé tich ciia thing 1 ¥ = tR*h = h = V2
R

" "Pétdn it nguyén vat lidu nhit thi dién tich todx phin ciia thing phai tho nhét.

' Tacs s,p':zmm:zn(ﬂzmk):zﬁ[ﬂuﬁ;zﬁ(m_” est]

27R 2R
) . vV
Ap dung BBT AM-GM ta cd: R +
211: 2nR 21tR 2nR V4n
2
DAu bing xay ra or=_op-"" 2 Chor A
2nR 7R

Vi du 2: Ngudi ta dinh 1dm mét c4i hinh tru bang ton ¢6 thé tich ¥ cho truéc. Tim ban kinh
déy - .ua hinh try sao cho t6n it nguyén liéu nhit.

A.r={/f :_r:3£—l C.r=3£ Dr—SZ
n Van \ 20 \’n
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Thé tich ctia hinh tru 1 ¥ =% (Trong d6 k 13 chidu cao cita khéi tru )
Dién tich toan phin ciia hinh try 14 { Dién tich phin 1im nguyén lidu )

S=2ar"+2mrh=2nr* + 2m‘.+V; =271 +z =27 + 4 +K > 3‘3}27:r2.z.£ =327
o

nr r ¥ ¥

. 3 14 ’
Daubing xdyra © 2zrl=— & r= 3—2V-—.Ch9n C.
, r Vs

Vi du 3: [ 331078] [Trich d& thi S& GD va DT Ha Ngi - 2017] Mot cong ty dy kién chi 117 |
déng ¢ san xuét cic thing son hinh try ¢6 dung tich 5 lit. Biét rang chi phi @& lam mat xung
quanh ciia thing dé Ja 100.000 d&/m’, chi phi dé 1am mat d4y 13 120.000 &/m’. Hay tinh 8
thiing son t6i da ma céng ty d6 san xuét duge (gi# str chi phi cho cac méi ndi khéng déng ké)

A. 12525 thung. B. 18209 thing. C. 57582 thing. D. 58135 thing.

Loi gidi:

Goi r v h lin luot 14 bamkinh déy va chidu cao ciia 1 thing son.

Suy ra dung tich thing son 14 ¥ = nr’h = 0,005 ()

Dién tich xung quanh cita thurig 13 S, = 2nrk, dién tich 2day1a S, =2mr’

Chi phi B T=20k100+2w2120 ta  s8  fm T,  khi @ do

T=401r(5rh+6r2) < F=5rh+6r nho nhét

Ik

Tacod F=5.w+6r2 = 1 }L+6r2 23.{} 1 . 1 677 =3d 3 2
bivg 80nr BOxwr 80nr 80mr 3200m

Chi phi it nh4t thi s& san suft diroc nhidu thing nhit.

Khi d6 sb thing t5i da san xuét duge 1a: n= 1.000.000 _ sg135 thing. Chon D.

Vi du 4: Mot céng ty Container cén thiét ké céc thing dung hing hinh hép chit nhat , khéng;
nfp co day 14 hinh vudng, thé tich ¢ dinh 13 ¥ (m3). Héi canh d4y cia thimg 14 bao nhié.

mét dé tong dién tich xung quanh va dién tich mdt m3t ddy la nho nhét?

A.g/-? B. 23V CC Yy D.32v

Léi gidi:
Goi x(m)va 'y (m) lan lugt 12 45 dai ddy va chidu cao cia thing dyung hing.
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Khidotacod: x’y=V.

e Vo

Mt khéc tong dién tich xung quanh va dién tich mdt mit ddy 1& S=4xy+x =4x.—+x
. X

2V 2F

- Xét S(x)——+ ="+ +x*23Y4V? . Dinbingxiyra < x* =20 & x =2
X X

Chon D.

Vi du 5: [Trich d& thi thir chuyén Dai hoc Vinh lin 1 - 2017] Cho nira dudng tron dudng

kith' 4B =2R v diém C thay d6i trén nira dudng tron d6, @it CAB=a va goi H 14 hinh
chidu vudng gbc chia C én AB . Tim a sao cho the t1ch vat the tIon xoay tao thanh khI i quay |

tam gisc ACH quanh truc AB dat gi iri 16n nhéf.

A. o =45° B. a=arctanl C. a=30" D. a=60°

7

. L gidgi:

Pit AH = h;CH =r 14n luot 12 dudng cao va ban kinh ddy cia hinh 4
nén khi quay tam gidc ACH quanh truc AB. ]

Ta cé: V=%m42h. Mit khic HB=2R—h tit CH? = HAHB (hé thye &

Iwong trong tam gidc vudng).

Suyra r* =h(2R-h)= V=%nh.(2R—h).h

DV & [(ZR—h)hz_]

- Cach 1: Xétham sé f(h) (ZR h)h2 (0<h<2R) _ R

3

h_h
Céch 2: Tacd: (2R—k)h* =4(2R~h).—. =<4 ——= = =R
: _ 2°2 3 27
Déubéngxéyra@2R-h=g@R=%h:>h=§R=>r=AH=¥ '
@tana—g——-t:—l-.Dodé a=arctani.
AH k12 V2

Cach 3: Do tam gidc 4BC vudng tai Cnéntacd AC = ABcoso=2Rcosa
Laicé AH = ACcosa= AH =2Rcos’ o] CH = ACsina =2Rcos* a.sin’ a
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Dodd ¥V, <> cos’ a.sin’a=|cos*a{l—cos’a .Pitr=cos’a=(0<z<1
. max max

X6 S(1)=F(1-0)= 1) =3 +2=0 0= o £ ()= 12

Khidécosza:ga 12 =§<:>tan2a+1:§¢>a=arctan~1—.Ch{_mB.
cos‘a 2 2 N

Vi du 6: [Trich tap chi toin hoc tudi tré 1an 5 - 1017] Cho hinh nén tron xoay (N ) co din; :
S va day 12 hinh trdn tim O ban kink » pdm frén miit phing -( P}, dudmg cao SO = h. Diéa
O'thay di trén doan SOsao cho SO'=x (0<x<h). Hinh try tron xoay (T) c6 day thr
nht 14 hinh trén tdm O bén kinh r' (0 <r'<r)ndm trén mit phing (P)dsy thit hai 1a hina
tron tAm O'bén kinh 7'ndm trén mit phégg (Q), (Q) vudng géc v6i SO tai O (dwemg trda
day thir hai ciia (T') 1 giao tuyén ciia Q) véi mdt xung quanh ciia (N)). Hiy x4c dinh gid tij
chax dé thé tich phin khéng gian nim phia trong (V) nhung phia ngoai cia (T) dat gia 6]
1h nhét?

A.x=%h‘ B. x=—5 C.x=£h. D. x=

Lai gidi:

Theo dinh 1y Talet ta c6: %: L (0<x<h)
¥

2
Thé tich hinh tru 14 ¥ = mr? (h*x):n(i;) - (h~x)= (%)
Vi thé tich khéi nén khong dbi nén dé phin thé tich phin
khéng gian ndm phia trong (N)nhung phia ngodi cta (7)
dat gi4 tri nhé nhét thi thé tich hinh try 13 16m nhit.

. 2
- Tacd: f(x)z%xz.(h—ax)

Céch 1: Xét him s6 M (x)=x*(h-x)

X X 3,

xx SIoTATEL ap

Cach2: Taco: M(x)=42% (h-x)<4|2 =
22 3 27

DAu bing xay ra <:>§=h—x¢:>x=§—h.Ch9n C.
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Vi du 7: Cho hinh chép S.4BC déu noi tiép trong m3t chu ban kinh R khong dbi. Hinh chép |
o thé tich 16n nhét c6 chidu cao la:

A h—zR B.h=f§£ c. BB p. o B6

Léi gidiz
42

Ta tinh ditgc R=50= 54
28,

( cdc em xem tai phén mit

chu ) ‘Goi a va h Hin lugt 13 46 dai canh day va chidu cao
cua kh01 chop.

2 2 2
K_hl do SAZ hz T - :> R’i'3h'7:ta77 o TUTTTTTTITT T T T T T o e
3 . 6h
1 J3a*h *\/_ 2
Mitkbhac V, o.=-Sh= 6RI—3h
A Xbac Vs iz 3 2 12 ( )
=l{{3—h2 (2R-1)

3
R P S

Déu biing x&y 1a <> h=4R—2h < k =g va khi d6 S.4BC 14 ti dién déu. Nhu vay néu

khong 1am duoc bai toan nay theo cach thuin tuy chiing ta c6 thé du doan thé tich khéi chép
16n nhét khi n6 14 t dién déu. Chon B.

Vi du 8: Trong tat ca cic hinh nén ndi tiép trong. mot mat cu ban kinh R, do dai duwomg sinh |-
clia hinh nén c6 thé tlch lcm nhét la:

I—M | BI.—RJ_ - c.z=2—"§—/—§— © D.I=R6

rreee

Lo gidi:
Ki hiéu ban kinh déy cita hinh nén 14 x, chidu cao hinh nén
1a y (trong 36 0 < x<2R;0<y < R). Goi 85" 1a dudmg
kinh ctia mit cau ngoai tiép hinh noén thi ta cd:

e i 7

x* =y(2R—y) ( hé thirc lugng trong tam gidc-vudng )

Goi ¥, 1 thé tich khéi non: |4 =~§-x2y=%y.y.(4R—2y)

' 3
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Hec oa kKnang amn minh —_———— e Ay W gy s — A= T -/

Do a5 ¥ <227 din bing xiyra < y = 2R, - RS2 -

3 3
2RJ6

Khi d6 /= x2+y2—— Chen C.

Vi du 9: Cho hinh tru (7') ndi tiép trong mét hinh ciu ¢6 ban kinh 1 R . Hinh try cé thé tich
16n nhét 1a: '

4nR? 4n3R 2R N T
A V= BVy=—"%— CVp=—73— DVy=—3
Loi gidi:
Goi & v3 r 1a chiéu cao va ban kinh day ctia hinh tru d3 cho /,:h

2
Khi d6 ta co: #2 = R? —(g)

Tf-n:- tich l’hrn try A= ‘rrr (4P2 - 112)
‘ 4

Lai o6 7' =2 (4R ~38") =0 = h === (e (0;2R))

SIx

3
Rhidé ¥, 74n~f_R

. Chon B.

1L [TT6040] BAI TAP LUYEN TAP

Cau 1: [328884] Cho hinh chép S.ABCD dday ABCD 13 hinh vudng canh a, canh be1
SB=b wva tam gihc SAC cin tai S. Trén canh AB lay mot_ diém M véi
AM =x (0<x<a) Miit phing (c) qua M song song voi AC vi SB cit BC, SB, 84 lan
lugt tai N,P,Q. Xac dinh x dé Ssmrg lcnnhat

A, a. B. C. D.

(SRR~
w8

a
R
Ciau 2: ([3288893] Cho ttr dién A4ABCD cob AB=CD =2x, 0<x<--—-2-— Vil
AC=AD=BC=BD=1. Goi I,J lin lugt Ia trung diém clia c4c canh 4B va CD. Tim x
@8 thé tich tir dién ABCD 16n nhét.

A L. B 3 e - p B
V3 3 2 4
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Céu 3: [328900] Trong céc hinh nén trdn xoay cling ¢ dién tich toan phén bing = Tinh thé
_ tich hinh nén 16n nhat? S
AZZ pm2 c. =2 p. B2
9 ) 2 3

Cau 4: [328903] Trén canh 4D cia hinh vudng ABCD canh a, ngudi ta [y dién M véi
AM =x (0<x<a), vi trén nira dudng thing Ax vubng gbc tai 4 voi mit phing ctia hinh
vudng, ngudi ta iy diém § véi Sd=y(y>0). Véi gid thibt x>+ y? =a®, fim gid tri 16n
nhét ciia thé tich hinh chép S. ABCM.

""A'. - ru —“"""G: -

42 12 2 R
Ciéu 5: [328910] Cho tr dién 4BCD c¢6 AB=CD =2x vd 4 canh con lai déu c6 6 dai bing
1. X4c dinh x dé dién tich toan phin cia tir dién 4ABCD dat gi4 trj 1on nhét.

L : B. ‘[—2-. S o) : D.
27 . 27 .

Céu 6: [328914] Cho tit dién ABCD saocho AB=2x, CD =2y va 4 canh con 1ai ddu co do

d% bing 1. Xac dinh x va y dé dién tich toan phin dat gi4 tri I6n nhét.

A

| o

1 N
A x=y=—, B. x=y=—o1u. C.x=y=1. D.x=y=—.
¥=32 TEIE g | Y73
Cau 7: [328920] Cho tam dién Oxyz 6 céc gbe xOy = yOz = z0x =0. Trén Ox,0p,07 lin
luot 1iy 4, B, C sao cho 04=0B=0C=x. Tinh « dé dién tich xung quanh cia O.4BC
Cnmnke S i g
. T

Az v: c b,
2 4

w|a
N

Ciu 8: [328925) Hinh chép tit gidc S.4BCD cb canh S4=x, xe (0,\/5 ), tht ca cac canh con
lai c6 d6 dai bing 1. X4c dinh x d8 hinh chép c6 thé tich 16n nhit,
V3 3 J6 V3

A —. B. —. C. —. D. —.
3 4 2 5

“Cau 9: [328928] Trong c4c hinh tru ¢6 dién tich toan phin khong @i 2ra®. Tim thé tich hinh
tra 16n nhit, :

3 3 3 3
Al m/?:a ‘ B n\/ga. C n‘3a_ D 2na

3 s , * T T 33
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Ciu 10: {328933] Trong cic hinh try ¢4 dién tich xung quanh cfng di¢n tich mot day khorg
46113 2na®. Tim thé tich hinh tru 1ém nbét. L
meg ' 71'03\/6 — 27a’\J6 27ra3w[5 '
B. C. ; -D.
3 9 9 : 3
Cau 11: [328936] Trong tit ca c4c hinh tru ¢6 cing thé tich ¥, tinh dién tich toan phén hinh
try nhé nhit.

2 . 2 ’
A. 32712 B. 332 cy=. D. 337

2 4

A,

Céu 12: [328941] Trong tét o4 hinh nén c6 dd dai dwomg sinh 12 @, tim hinh nén c6 thé tich
16n nhét.

A, MaxV = 21’{(!3-\/5‘ B: MaxVﬂf—\Elas;
27 9
CMV—‘@3 DMV——‘E3-
27 9
PAP AN TRAC NGHIEM

01.C |02.B [03.B [04.D [05.B |06.B |[07.A |08.C |09.D .10. C ‘I

11.L.A [ 12.A
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Hgo ga Knang dinh mimnn - e e ———— e ————g ——— w— =

~ lai v6i nhau voi h=_7=._

Khi d6 ¥V, =2V, =2.§7rr2h=

Cha @é 22
MOQT SO KHOI TRON XOAY PAC BIET

Vi du 1: [TRICH BE THI THU NGHIEM CUA BGD VA PT]
Cho 2 hinh vudng ¢ canh bing 5 dwgc xép chdng 1én nhau sao
cho dinh X ctia hinh vudng 14 tAm cha hinh vudng cdn lai ( nhu
binh v& bén ). Tinh thé tich ¥ cha vit the trén xoay khi quay mb
hinh trén xung quanh truc XY '

7,*,,,#7125,(.1_4-_\/5&)1___ 125(5,*23/5,) R o
A V=V 7 7 W _
6 12
125(5+4J5)n 125(2+J’2')4:
Cyv=—— 7 DV T
: 24 4
Léi gigi: '

Khi quay hinh vadéng ABCDtheo truc XY ta dugc hinh tru c6
chiéu cao & =-§- va bén kinh d4y

5:>V =V, =8, h=rnrh= 125z
{r) 4

Khi quay hinh vudng XEYF theo tryc XY ta duge 2 hinh ndn ghép
XY 52 EF 52

2

F=~
91"

2 2

12_53 .

N7

Bay git ta tinh phén thé tich bi kp khi quay ci khéi quay truc XY . _
Phin d6 12 hinh n6n kbi quay tam gidc X4B quanh truc XY véi thiét dién 14 tam gisc XAB

vudng cin canh bang X4="-= AC = 5;/_
Khido r, =28 5= d(XAB)_—:>V—1 2 1125 125
2 37 3 8 24
, X 125(5+4J—)
Do 6 thé tich cAn fim 13 ¥ =¥, + ¥, ~¥, =——~— 2 Chgn C.
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Vi duy 2: Cho 2 hinh vudng c¢6 canh bing nhau va bing 4 duoc
xép chdng 18n nhau nhu hinh v& bén. Biét ring d6 dai doan
thing AB =32 . Tinh thé tich ¥ ctia vit thé tron xoay khi
quay md hinh trén xung quanh truc XY .

1012 372
6

AV = B.V =
6

- 10172 3772

C.V= D.V=
3 3

Loi giGi:
Khi quay 2 hinh vudng di cho quanh truc X¥ ta ducrc 4 khbi

noén cé thé tich bing nhau véi chidu cao # =22 =242 vi

6411\/ 2
3

ban kinh ddy  =2V2 =¥ = 4(3 th

Khi quay hinh vudng AEBF quanh truc 4B ta cling duoc 2
hinh nén ¢6 chiéu cao va bén kinh 12

b =r, < EF 4B _3V2 oy, =21y hzjz%fi
2 2 2 3 2
KhidéV:Vl_szlmgﬁ.ChgnA.

Vidy 3: [THPY CHUYEN LAM SON-THANH HOA LAN 2-2017] Cho hinh thang
ABCD ¢6 AB//CD vi AB=AD=BC=a,CD=2a. Tinh thé tich khéi tron xoay khi quay
quanh hinh thang ABCD xung quanh tryc 13 dudng thing AR

32\/_3
3 .

3

B. za’. 3 > 3.

C. —S-mz .
4
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-/

Loi gidi:
Thé tich khéi tron xoay khi quay hinh thang ABCD quanh truc AR
ta dwoc khbi tron xoay co thé tich ¥ tao bdi hai khéi:

e Khéi try tron xoay c6 chidu cao h=CD=MN =2a v bankinh
dudng tron ddy R=DN =~/ DA* —NA* = J_ (nhu hinh vé bén).

e Thé tich khdi try trén e di thé tich 2V, cia hai khdi nén c6

chiéu cao k, = 5 va ban kinh dudng tron diy R = DN.= ;/—
Vay thé t:ch kho1 trdn xoay cin tinh 13 B
V=V,-2¥,= 7232 2,238 5.5 chnc,

4 3 2 4 4

Vi du 4: Cho hinh chit nhat ABCD va nira dudng tron-dudmg kinh /‘\

AB nhu hinh v&. Goi 1, 1n lwgt 1A trung diém cha 4B, CD . Biét

AB=4; AD=6 Thdtich ¥ cua vét thé tron xoay khi quay m& hinh
trén quanh tryc IJ 1a:

A. V=§7r B. V—1047r
3 _ : 3
cv=2, p.7=2,.
3 3 D

Léi gidgi:

Khi xoay md hinh quanh tryc 1J thinita dudng tron a0 thanh nira mat ciu c& R 2 hinh

chit nhat ABCD tao thinh hinhtru cé =2, =6 .

" = Thé tich nira khéi chu '1;‘1”V1 =%iﬁR3 =£§3£ .

Thé tich khéi tra 1 ¥, = zr*h = 24x :>V=V,+V2=§§3-’5.Chqnn.

Vi du 5: Tam gidc déu ABC va hinh vudng MNP(Q duge i

x&p nhu hinh v& v6i MN 1a dudng trung binh cia tam
gidc ABC. Biét canh ciia tam giac bing 4. Thé tich vét
thé tron xoay khi quay mé hinh trén quanh truc A7 1a: A

A V= [i‘—f-nJ | B. V=(J§+2)Jr

-]

fw]
.y

C.V,= [2-‘{:+2} D.V,= {i{HJ
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Loi gidi:

Khi quay quanh truc AI tam gidc ABC ta dugc hinhnén - - - - A

c6 ban kinh day 13 r =2 va chiéu cao _ \
h=AM—i-2\/§ suyra ¥ —; 2h=87r3\/?:.

Khi quanh hinh chif nhat EFPQ quanh tryc A7 ta duge

hinh tru 6 bén kinh ddy r=fp=?=%:1 va chitu

M H N

y E M F
cao h=MI=HI—HM=MQ—H~2-—=2—\/§ B ¢

[w}
—
8]

Khi d6 V2 =zr*h=r.(2-3)

53

Dovay V=V +¥,= (—+2J7r Chon C.

Vidu 6: {THFT Chuyén Qude Hoc Hué iin i-2017]
Cho tam gisc ABC cb6 AB =3,BC =5,C4 =7. Tinh thé tich ctia khdi tron xoay sinh ra do
hinh tam gidc ABC quay quanh duong thang 4B. :

A. 507. . % c 2hx. p. 127
4 8 8

Loi gidi:

2 2 2
Tacbd: cos ABC = B4 +BC -AC =_—1
2.BABC 2

= ABC =120° = CBH = 60°

sf

suy ra CH = BCsin60° =

Kkhi quay tam gi4c quay AB ta dugc khéi c6 thé tich 1
- 1 ) 1 ) '

V= PEN,) _ViN;} —ETECH AH-;?’ECH BH

(Trong d6 ¥,y ¥y, 13n lwgt 13 thé tich khéi nén tao thanh khi quay céc tam gidc CBH vi
CAH quanh AB)

——KCHZ(AH BH)—— CHZAB—F';—Sn Chon B.
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Khi quay md hinh trén xung quanh truc XY .

. KhmcauvmbankmhR 2:>V -——EER]

Vaythd tichcin tinh 1 ¥ =t

Vi du 7: Cho hinh trdn bén kinh bang 2 va hinh vudng c6 canh
bing 4 duge xép chdng 1én nhau sao cho tim cta hinh trdn tring
voi dinh ciia hinh vudng nhir hinh v&. Tinh thé tich khéi tron xoay

32(J§+1):«r 8(5J§+3)ﬁ

Ay=_V" " By )7
3 3

I . ki)l
3 3
Lofgidi o -

Khi quay hinh v& quanh truc ta dwoc khdi tron xoay bao gdm
32

e Hai khéi non cling the tich c6 thiét dién 1 tam gidc ABD v&i chiéu cao bing ban kinh

32m/_

3

dudmg trdn ddy vabling h=r=22 > ¥V =2V, = Ezrrzh

 Trir di phin giao cia khéi chu va kh6i non c6 thiét dién 1a tam gidc ABD chinh I thé
tich khi quay hinh quat quanh truc X7 .
Ly thuyét: Khi quay mét hinh quat chan béi hai ban kink R thanh mot géc ¢ thi ta dugc

khi tron xoay cb thé tich Ii V,, =V,.sin® (g) = [1-cos(i‘2‘1)].% véi V= %n’R’.

Chqn C,

32 2 32 [ ) (5J5+2)
- 1—005-4" = —_——

3 6 3

[ Goi M 13 tAm cia hinh chit nhat, N 13 diém d6i xtmg véi M qua

Vi du 8: Cho hinh chit nhat 4BCD, canh AB=23, AD=2. 4 L

BC nhu hinh v& bén. Tinh thé tich khéi trdn xoay tao thanh khi
quay t& gidc ABNC quanh truc AC.

AV =33r
B. V=8
C.V=6x.
D. V=637
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Léi gidi
Tam gidc MBC cantai M cb MCB =60° = AMBC déu.

K& BH vubng gbc AC tai H . Ké NK vudng géc AC tai K.
= BH = NK =3 v AH =3, HC=CK =1= HK = 2.

Khi quay tir gidc ABNC quahh truc AC ta duge khdi tron xoay
c6 mit phing thiét dién nur hinh v& bén, bao gdm

 Khéinén ¢b tam giac thiét dién 14 4BB' v6i chidu cao
= AH va bén kinh duémg tron ddy » = BH .

» Khéi tra ¢6 thiét dién Ja BBN'B' v6i chidu cao 4= HK
va ban kinh dwong tron day r = NK .

» Trir khdi nén c6 tam gi4c thiét dién 13 CNN' véi chiéu cao & =CK va bén kinh dudng
tron day r = NK . -

Viy thé tich cin tinh 1a ¥ = %:r.BHZ.AH +m.BH* HK —%mBH’ CK =8z. Chon B.

Vi du 9: Cho mia dudng tron dudng kinh , C
AB=2R,kihidu A 14 dudmg thing vudng gbc véi / '
AB tai B. Trén nira dudmg tron lay diém E di
dong, tiép tuyén ciia nira dudng tron tai E va cét
tia dbi cia tia 4B 14n huot tai C, D (ohw hinh vé
dudi). Khi quay tam gidc BCD quanh truc 4B ta
durge khéi tron xoay ¢ thé tich nhé nhit 12 ?

3 3
A 8zR . B. 87TR .
27 33
Lgigici
Pit 556=a:>ae(45°;90°)=> tana >1 , chl ¥ cong thire tan2a=—L—ta—-£g—-.
l1-tan“

Tam giac OBC vudngtai B, ¢6 tanﬁ':%:ﬁ BC=Rtanea.

Tac BCD =2(%0° ~a)=> BD = BC.tan(180° -2} =~ BC.tan2a:.

Khi quay tam gidc BCD quanh truc 4B ta dugc khdi tron xoay c6 thé tich 13

4 3
V=2 arh =2 BC BD=~" BC’ tam2a = Z g S0 2 8K
3 3 3 3 tan® or—1 3
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_8xR?

Vit 1) o (' a-2) 20 Vee(a5%907). iy v, =22 Cian €

N . 184,
3 : 3
CLDC29,, D%ﬂ' O
HD: Chon hé truc toa 3 nhu hinh v&, )

g

Vi dy 10.[ 516395] Ta v& hai nita dudng tron nhu hinh v& dudi, trong d6 dudng kinh ciia nira

dudng tron 9m ghp d6i dudng kinh ciia nira dudng trdn nho. Biét ring nira hinh tron duong
kinh AB c6 dién tich la 327 v BAC =30" Tinh thé tich cia vit thé tron xoay duge tao
thanh khi quay hinh (&) (phfn t6 d4m) xung quanh dudng thing 4B

Ta co: %nR2=32n:>R.—'_él"

Khi d6 PT dudmg tron dudng kinh AB 13:
(x—8Y +* =64, phwong trinh AC: y=—=
(x-8) +y phuong Y=

Wy

4Cn(G)=C(123443);4C(C,) = M (6;243)
Suj ra khi quay cuilg ACB quanh 4B ta dugce vat
thé ¢6 thé tich gdm 2 phin

Phén 1 lahmhnon 6 chidu cao #=AK =12 vibankinh r =CK = 4J— phan 2 la hmh

" chom ciu.

- KhidS V. %nCKZAKMj'[M (x 8)]

g7, | (4K o] o e

Khiddo V=¥ - V—-'E;i T

" AB quanh 4B.

Cich 2: Khi quay hinh quat CAB c6 CAB = ¢ quanh 4B ta duge khdi trdn xoay c6 thé tich la
¥ =(1~cos* 9) 7. Véi ¥, 14 thé tich khdi trén xoay khi quay nira dwdmg tron dudng kinh
Ap dung ta c6: ¥, (1 cos 30) —n.8%;V, (1-—ccos4 30) :11:43 suyra V="V,~-V,= 7§4
Chon B.
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Hgc a4 khiing dink minh

Chi dé 23
[TV6041] LY THUYET KHOI BA DIEN

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI

1. Kh4i ni¢m hinh da dién va khéi da dién. , ,

Hinh da di¢n: Hinh da dién (goi tit 14 da dién) 14 nhitng hinh khong gian duoc tao bai mét sb

 hitu han céc da gisc. Cac da giac Ay thda mén cic tinh chét.

» Hai da gi4c phan bigt chi c6 thé hoic khéng c6 diém chung, hodic chi c6 mét dinh chung;,
hodc chi ¢cé mft canh chung.

* M®i canh ciza da gidc nio ciing 14 canh chung cia ding hai da giac.

M&i da gidc nhar thé goi 12 mét mit cla hinh da dién. Céc dinh, cdc canh cta da gidc Ay theo

thtr tr duge goi 13 dinh, canh ciia hinh da dién dy.

. ™o
- AR

Canh

Mat

Khéi da dign: Khoi da dién 13 phin khéng gian giéi han bdi mdt hinh da dién, k& ca hinh da
dién 6.

Céc hinh duéi day 13 nhitng khéi da dién.
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Céc hinh duéi déy khéng phai 12 khéi da dién.

2. Khéi da dién 16 va déu.
Pa dién 18i: Khéi da dign (H) duge goi 1a 16i néu doan thing ndi 2 diém bét ky cha
(H)ludn thuge (H). Khi 6 da dién x4c dinh (H) dugc goi la da dign 16i.

Ngui ta chimg minh duge ring mét khéi da dién I3 khéi da dién 161 khi va chi khi mién trong
clia n6 ludn nim v& mét phia dbi v6i mbi mat phfmg chira mdt mét cla nd.

Da dién déu: Khéi da dién déu 1 khéi da din c6 tinh chit sau day:

a) M3i mit cia n6 14 it da gide ddu p canh.”

b) Mai dinh cfia n6 13 dinh chung ciia dfing ¢ mit.

Céc mit ciia khbi da dién déu 13 nhitng da gié-c déu v bing nhau.

Khéi da dién déu nhu vy dugc goi 12 khdi da dién déu loai { 7 q}

Pinh Iy: Chi c6 nim loai khéi da dién déu: P06 14 loai {3;3}, loai {4;3}, loai {3;4}, loai
{53} valoai {3;5}.
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Hec &3 khing dinh minh

Tay theo s mit caa ching, nim loai khéi da dién déu k& trén theo theo thit tu duge goi &
khéi tr dién déu, khéi 1ap phuong, khéi tAm mit déu, khdi mudi hai mit déu, khéi hai mui
mit déu, '

Béng tom tit 5 loai khéi da dién déu.

Khdi da dién déu Sédinh | Sécanh | Sémit | Logi (i}
A2 ® [ ® N
Tir dign déu 4 6 .4 {3;3}
Khéi Hp phuong 8 12 6 {4;3}
Khbi bat dign déu 6 12 8 {3;4}
Khéi 12 mjt déu 20 30 12 {5;3}
Khi 20 mit déu 12 30 20 {3:5}

Vi méi canh ndi hai dinh, m3i canh k& hai mit nén ching ta cé: pF = 2E = gV’

Mt quan hé khéc giira cic gia tri ndy cho béi cong thire Euler: V —E+F=2

350



Hg< 4¢ Khang dlnn minn . _——— B i L R eI L - T ]

II. VIiDU MINH HOA

Vi dy 1: [334806) Vit nao ﬁ'ong céc vat thé sau khong phai khéi da dién.

Lai gidi:

Khéi da dién <6 tinh chit, mi canh cfia da gide ndo cfing 13 canh chung ciia ding 2 da gidc
nén ta thiy C khong phai khéi da dién vi ¢6 1 canh 12 canh chung ciia 4 da gidc. Chen C.

Vi du 2: S6 mit phing d6i xtmg cia ti dién déu 1a:

A3 B.8 C.6 D.9

Loi gidi:

Tir dién d8u c6 6 miit phang déi xfmg d6 14 cic mit phing di qua mdt canh va trung didm cia
canh d4i dién. Chon C.
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Vi du 3: Hinh no dudi day khdng phai 12 mot khéi da dién?

A,

D.

Loi gidi:
Khéi hinh & dap 4n A khéng phai khcn da dién vi khong thda mén tinh chit hai da gidc phéa

biét chi c6 thé hoic khong c¢d didm chung, hodc chi c6 mgt dinh chung, hodc chi ¢c6é mét cann
chung. Chgn A.

Vi dy 4: Khéi 12 mit déu 12 khéi da dién thude loai:: _
A. {43} B. {3;4) c. {35 D. {53}

Khbi 12 mit déu thude loai {5;3}. Chon D.

Vi dy 5: S8 mit phing d6i ximg cta hinh lap phuong 13:
A.8 B.9 C. 10 : D. 11

Lgi gidi:
Hinh 13p phuong cé 9 mit phing d5i xémg. Chon B.

B Sttty mial

?—_.-——.....4-
I
¥
'Y‘L‘-:-"T-"ih'-
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Vi du 6: Trong cic ménh d& sau, ménh df‘f:: ndo 1a sai.
A. Hinh 18p phuong 13 da dien 3. _
B. Tir dién 12 da dign 13i.
C. Hinh hp 14 da dién 16i.
D. Hinh tao bai 2 tir dién déu ghep 1a1 véi nhau la da dién 16i.

Loi gidi:

Liy vi du hmh tao béi 2 tir dién déu khong bang nhau ghép lai voi nhau khong chic chén 1a
da dién 18i. Chon D.

M Vl du 7: [Trich @8 thi thix nghiém ciia BGB&BT] Hinh da dién nao dudi day khong co. tam__ S

A
o ’l;_ 17~ L

A. Tét dién du. B. Bét dién ddu.

C. Hinh 18p phuong. D. Ling try lyc gidc déu.
Lot gigi:
Tt dién déu khong co tm d6i ximg. Chen A.
Vidu8: S& mit phing ddi ximg ciia bat dién deu 1a.

A.5 B.9 C. 10 S D, 8

- Lot gidi:

Hinh bét dién déu c6 9 mit phing d6i xtmg. Chen B.
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IIL [TT6042] BAI TAP TU LUYEN

Céu 1: [511371] Trong cac mit cha cac khdi da dién, s§ canh cing thudc mot mit tdi thiéu 15:
A2 B.3. C. 4. D.5.
Cau 2: [511372] Khdi da dign déu loai {5;3} 6 tén goi 1a: |

A. Khéi lap phuong. B. Khéi bat dién déu.
C. Khéi hai muoi m3t déu. D. Khéi mudi hai mit déu.

Cau 3: [511373] Tdng céc gbc cla tit cd céic mit ciia khdi da dién déu loai {4;3} 1a:

A 4r. B. 87. C. 127. | D. 107.
Cfiu 4: [511374] Téng céc gbc cia tht ci céc mit cla khéi da dién ddu loai {3;3} la:

A 4r. B. 67. C. 8z. - D.10z.
Ciiu 5: [511375] Téng céc goc cia tit i chc it cla khéi da dién déu loai {3;4} 1a:

A 4. B. 6z, C.8xz. D. i0z.
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Céu 10: [511381] S5 canh ciia mot bét dién ddu 1a:

AL 44,

Ciu 6: [511376] Tdng c4c goc cha tht c4 cic mit cita khdi da dién déu loai {5;3} 1a:
A2z, B.36m. . C.18x. D. 24r.
Céu 7: [511377)] Téng cdc gbc cia tht ci che mit cia khdi da dién déu loai {3;5} 1a:

A. 127, B. 167. . C. 207 . D. 247 .

Chu 8: [511378] S6 dinh cia mdt bat dién déu 1a: .
A.6. . B.10. C.8. A D.12.
Ciu 9: [511380] S6 dinh ciia mot hinh mudi hai mit ddula _

A.8. B. 12. - C.16. D. 10.
Cau 11: [511382} S6 canh ciia mdt hinh mudi hai mit déu 1a:
A 12, B. 20. ' C. 30. D. 24.

Céu 12: [511383] Téng dién tich tAt ci céc mit cia hinh tit dién ddu canh a bing:

J3d

A, 5 B. 234", C. \3d". _ D. 4327,
Cau 13: [511384] Téng dién tich tht ¢4 céc mit cha hinh tim mit déu canh a bing:
A 4B B. 634" C. 23" D. 83"

Ciul4: [511386} Tbhng dién tich tit ci cic mit clta hinh da dién déu loai {4;3} canh ¢ béng:

“B. 64", CC. 8. " D.10a?.

. Céu 15: [511387) Tong dién tich tit ci cAc mit clia hinh da dién déu loai {3;5} canh a bang:

A. 5\34%. | B. 6+32°. C.3\3d%. D. 832",
Ciu 16: [511388] Khéi da dién déu loai {4;3} 6 s dinh, s6 canh va sb mit 14n hrot biing:

A.4;6;4. B. 12; 30; 20. C.61%8. D. 8; 12;6.
Ciu 17: [511389] Khéi da dién ddu loai {3;3} ¢6 s6 dinh, 56 canh v s5 mit Jin lugt bing:

A.4;6;4. B. 12; 30; 20. C.6;12; 8. D.8; 12; 6.
Ciu 18: [511390] Khéi da dién ddu loai {3;4} c6 s6 dinh, s6 canh va sb mit lan luot bing:

A.4;6:4. B. 12; 30; 20. C.6;12; 8. D.8;12;6.
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Hge da khing dinh minh

Céu 19: [511392] Tam clia c4c mt ciia hinh tAm mat déu déu 14 cac dinh cia

A hinh lgp phuong. 7 7 " B. hinh tim mit déu.
C. hinh hép chit nhat. D. hinh tir dién déu.

Céu 20: [511393] Trong cic ménh dé sau, ménh d& nio sai ?
A. Tn tai khéi tir dién 12 khéi da dién ddu.
B. Tén tai khéi lang tru ddu 12 khéi da dién diu,
C. Tén tai khéi hop la khéi da dién déu.
D. Tén tai khdi chép tir gidc déu 1a khéi da dién déu.
Ciu 21: [511394] Cé bao nhiéu khdi da dién déu ?
A.2. B.3. . C. 4. , D.5.
Ciu 22: [511396] Céc khdi da dién déu loai {p;q} duoc shp xép theo thir fir ting din s6 mit
la:

A. {3;3},{3;4};{3;5},{4;3},{5;31, B. {3;3},{4;3},{3;4},{5;3},-{3;

)

C. {3;3},{3;4}.{43}.{3;5}.{5:3}. D. {3,3},{4;3}.{3;4},{3,5}.{5;3}.
Ciu 23: [511397] Mot hioh da dign c6 cdc mit 14 nhiing tam gisc thi s mit M va s canh €
cha {a dién d6 thda mén; -

A. 3C=2M. B.C=M+2. C.M=cC. D. 3M =2C.
Cau 24: [511398] Céc khbi da dién déu ma m3i dinh cia né déu 1a dinh chung ciia ba mit th.
sb dinh D va s6 canh C ctia cac khéi da dién d6 lun thda man: o

A.D=C-2. B. D>C. C.3D=2C. D. 3C=2D.
Ciin 25: [511399] Khdi tir dign déu, khdi bat dién déu va khéi hai muoi mit ddu cé sé dint
"D, sbcanh C, s6 mit M thda mén: :

Lh

1.
!

A.C=gg{. B.M=%. - C.M=D. D. C=2D.
C%u 26: [511400] MOi dinh ciia hinh da dién 1a dinh chung ciia it nhét:
A. n3m mit. B. bén mit. C. hai mit. D. ba mit.

Céu 27: {511402] S6 mit phdng déi xtmg clia hinh tr didn déu la:

A. 10. B.9 C. 6. D. 4.
Cér *R: 1511403] S5 mit phing ddi xémg ciia hinh bt dién déu la:
AL B. 6. C. 12, - D9
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Ciu 29: [511404] S$6 mit phing d6i xtmg ctia da dién déu loai {4 3} la:

oA B8 - co D6
Céu 30: [511405] Phép dbi ximg qua mit phing (P) bién duong thang A thanh dudng

thing A’ cit A khi va chi khi: T
A. Ac(P). - B. A cht (P). |
C. A khdng vudng gbc v0'1 (P). D. A ¢t (P)nhung khdng \?ué_ng gbe véi (P).

Cau 31: [511407] Trong céc ménh d& sau, ménh d& ndo sai?

- A Hinh- hOp 1a da dlen 101’ Tt T T T e mm e s T

B. Tt dién 14 da dién 16i.
C. Hinh tzo boi hai tir dién déu ghép vao nhau 13 mét hinh da dién 15i.
D. Hinh lap phwong 13 da dién 1i. _ ,
Céu 32: [511408] Cho mot hinh da di¢n. Trong céc khﬁng dinh sau, khf'ang dinh nao sai?
A. M&i dinh 1a dinh chung cita it nhét ba canh.
B. M&i mit c6 it nhit ba canh.
C. Mbi canh 1 canh chung ciia it nhit ba mit.
D. Méi dinh 13 dinh chung ciia it nhét ba mit. |
Cau 33: [511410] Hinh chép t& gidc déu cé miy mit phéng dbi ximg?
Al B 2. C. 3. . D4
Ciau 34: [511411] Dién tich xung quanh cha high chép tir gisc deu cb tht c& c4c canh déu

béng 2a 1a: 7 . - e
A4 O B.aE . CanB Dosafi
Can 35: [511412] C6 thé chia hinh l4p phuong thanh bao nhiéu khéi tir dién bing nhau?
A.2. B.8. C. 4 - D.6.
Cau 36: [511414] Sb cac dinh hodc sb cic mit cita hink da dién nao cfing
A.l6nhon 4. B. 16n hon hoic bang 5.
C.1én hon 5. D. 16n hon hodc bing 4.
Cau 37: [511415] S6 c4c canh ciia hinh da dién luén luén
A lom hon 6, B. 1én hon 7.

C. 1én hon hoiic bang 6. D. I6n hon hoiic bing 8.
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Hec d& khing djinh minh

FIU D — HIA HOC KNORE Glan {1ap 1)

- PAP-AN TRAC NGHIEM

01.B

02.D

10.B

03.C |04.A |05.C |06.B |07.C |08.A |09.C
1.C |12.C |13.C |14B |15.A |16.D [17.A |18.C |19.A [20.D
21.D |22.B |23.D |24.C |25.B |26.D |27.C |28.D [20.A |30.D
3.C |32.C |33.D [34.A 35D |36.D |37.C
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Chu dé 24
CAC BAITOAN CHON LOC VE HINH KHONG GIAN
TU CAC PE THI THU NAM 2017 |

I KHOI CHOP

Cau 1: [CHUYEN LE QUY PON - BINH DINH] Tim thé tich ctia hinh chop S.4BC bidt
SA=a,5B = av2,8C = 2a vi ¢6 BSA = 60°, BSC = 90",C54 =120".
3 3 fy 3
a6 5 V2 c V3

3
o ) . . D. <.
12 3 6 3

Lot gidi:
" Trén SA, SB, SC ta lin luot 14y c4c diém 4", B', C' sao cho
SA'=SB'=SC'=1.Khidé 4'B'=1; B'C'=+2

A'C =547+ SC? 254" SB'cos C'SA' =+/3 nén tam
giac 4'B'C' vudng tai B'. Mit khac
SA'=SB'=SC'=1 nén hinh chiéu vudng géc cia S
xudng (A B'C ) 13 tAm dudmg tron ngoai tiép tam giac

A'B'C' khi d6 H 1 trung diém cia A'C"
Ta c6: SH =S4~ A'H? = }1_%':%
&
2 .

11
3272 - 12

1 t ' 3
S4' SB' SC' 1. jymﬁi;_,cnon'n;

- Suyra Vsme =

" Mit khac Viase .
Ve asc SA SBSC 2542

Céu 2: [CI-IUYEN LE QUY PON - BINH BINH] ] Cho tir dién ABCD deu ¢ canh bang a
11a®

va trong tdm G . Tép hop céc diém M théa mén MrA2 +MB* + MC* + MD* =

-A. 5(G;a). B. S(G;2a). C. S(B;a). 4 D. S(C;2a).

Loi gidi: - :
Tac6: MA* + MB* +MC* + MD* = (MG +GA) +(MG+GB) +(MG+GC) +{MG+GC)
=4MG2+ﬂ?§(@l+@+ﬁ'+G_D')~;-C;?A’+GJ;?1-:—GC%GFD2 -

2
=4MG* + GA® +GB® + GC? + GD"* =1—1—2‘5’—.
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YKU D — HInD Hoc Knong Gian (14p 1)

- Miit khac xét tir dién déu hinh v& ta ¢6: AH = EAM; “;r
DH =D4? - AHZ = ADGK ~ ADAH = DG _ DK
DA DH
Suyra -
DA a6

= =GB=GC=GD=>MG*=a"=>MG=a
2DH 4 -

Viy S(G; q). Chgn A.

Céu 3: [CHUYEN LE QUY PON - BINH PINH] Cho hinh chép S.4BCD cé ddy ABCD |
12 hinh vuéng canh a {a>0). Hai mit phing (SBC) va (SCD) oling tao véi mit phing

(ABCD) mét g(’)c' 45°. Biét SB = va hinh chiéu cfia S trén mjt phing (4BCD) ndm trong

3 3 3
N p. V22 o . p
3 6 4 ’

L gidi:
Goi 14 hinh chiéu cia § 1én (ABCD), I va J
14n lwot 12 hinh chiéu cua H lén CD va BC.
= IH = HJ (= SH)=> HICJ 14 hinh vuéng,
Pit B/ =x=>CJ=a-x=HJ
Tacd: BS*=BJ*+8SI* < a’ =x* +2HJ?

x=

a

<:>a2:x2+2(a-x)2<:> a
X=—

3

Vi H ndm trong hinh vudng ABCD nén x=§
= SH = Hf =q-2=22
3 3

Thé tich khdi chop S.4BCD 1a: ¥ = —;:SH S sep =
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Cau 4: [CHUYEN LE QUY PON - BINH PINH] Cho hinh chép S.4BCD ¢ S4 vudng

-1 gbc vl mit p_héng_ {ABCD) v& ABCD 1a hinh vudng canh a, goc gitta SC va mit phing
(ABCD) biing 45°. Mt phing (@) qua 4 vudng géc v6i SC va chia khdi chép S.4BCD
thanh hai khéi da dién. Goi ¥, 12 thé tich cia khdi da dién c6 chita didm S va ¥, 1a thé tich |

3 . L. [ 2 - 2 s A V
cna khoi da dién con lai. Tim ti s6 7

Al B.

___ngta: L

Vi SC.L(AMNP):>SCJ.AM

DC L(SAD)=> PC L M4

=AM L (SDC)=> AM 1 5D

ASAC vubng céntai A=> SA=AC=a\2

AC=~a* +a® =a2:SD =S4 + AD* =& + & = s

SM _SA* 24
SD  SD* 2a*+d*

Ta co: SA* = SM.SD =

W

SN _ sS4 24 1

sS4 =SN.SC & e
= "SCSC* 4d® 2

Do d5 T’s._um;&_ﬂ:l,.
Vsac SD SC 3

Do tinh chét aéi

mmg::,VSMP= l lz;’ﬂ___ Vs_AmrP :_]f__
S.4BCD 6 3 Vz K-iBCD.MNP 2

Chon C,

Cau 5: [THPT NGUYEN KHUYEN- -2017] Cho tir dién déu ABCD c¢6 canh bing 3. Goi
M, N ln luot [a trung diém céc canh 4D, BD. Liy diém khong @i P trén canh AB (khac
A, B). Thé tich khébi chép P.MNC bing

A2 - 8\/_

272
i B. 22 C. 33 D, 21¥2
16 3 12
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Heo A khing dinh mink

Lo gidi:
“Tach d(P(MNC)) = (D(MNC))= Ve = VD.W;.

1 1 33~/5

= Ve swe =Voume = I_Z-d (A; (BCD))'SABCD = Z'VABCD =a -

1
=V ame = g.a' (M;(BCD)).SM,

48

Chi y: Thé tich ti dién ddu canh a 13 ¥ = . Chon A.

V2
12

Céu 6: [CHUYEN KHOA HQOC TU NHIEN LAN 4-2017] Cho hinh chép S.4BCD c6 déy
ABCD 12 hinh thoi tim O, 4B = a, BAD = 60°,50 1 (4BCD) va mit phing (SCD) tao véi
mit ddy mdt goc bing 60°. Tinh thé tich khéi chép S.4BCD .

3’ V32
A Vs apep = 2 B. Vs sscp =— 24
) \/5 P J?: &
C. Vs iacn =_8—' D. ¥ sseo ="'Z‘é“'
Loi gidi:

Hinh thoi ABCD canh a, BAD = 60°
= AC=a~3, BD=a

Ké OM L CD, M <(CD) ma

SO L(ABCD)=> SO LCD.

Suy ra
CD 1 ($MO) = ((SCD);( ABCD))=(SM;0M) = SMO .

A D
Xét AOCD vuéng tai O, 06 OM =290 _ a3,
Joc’+opt 4

Xét ASMO vudng tai O, ¢b

SO = a3 tan 60° a«/?::}_fz_

tanSMO-—::>SO tan SMO— .
oM 4 4

1 \Eas

Thé tich khdi chép S.ABCD B ¥, ;ep =§.so.sm, =g Chen C.




Hoc o khing dink minh LWL D — CRR CRUC DU Lyladl (L ap 1)

Ciu 7: [CHUYEN KHOA HOE TU NHIEN LAN 4-2017] Cho mét mit ciu c6 ban kinh
-bang 1. Xét cac hinh chop tam gidc déu ngoai tiép mit chu trén. Hoi thé tich nhé nhit cia
ching bing bao nhitu?

A miny=4J3, B.min?=8/3. C.min¥/=93.  D.minV<16/3.

Li gigi:

Goi O 1 tim tam gifc ABC, M 1a trung diém 4B, tia
phin gisc SMO cét SO tai 1, ta c6 I chinh 13 tAm mit
ciu ndi tiép hinh chép S.4BC.

PatAB=a=om =L a\/_’IO LSMO=2x
OMtanx=10=1:>tanx=L=3‘£
: oM a
43
=tan2x= 2tanjc =4
I-tanx 12
7
, a
2 2
p=Lso @B B o1 iinne @ 3.“J§.i“‘5
37 4 12 12 7 6 a*-12
B . \ # ;
:>V=Vsm=?xa2_12 v6i a® >12 . Xét f(t)=;—_-~—(t>12)
t{t-24
( )—'0<:>t 24:>Mmf(t) 48=7,, =83 . Chon B.

SOy

Cau 8: [CHUYEN KHOA HQC TV NHIEN LAN 4 - 2017]
Cho hinh chép S.4BC cbé day ABC 13 tam gidc vudng cin,
AB=AC=a, SC L(4ABC) va SC=qa. Mjt phing qua C,

vudng géc voi SB cit S4, SB 1an lugt tai E, F. Tinh thé tich
S.CEF.

3 J‘ : 3
a2 a
A Vscor = 36 B. Vs cer =£-
. 3 3 J_
a a2
C“VS.CEF =E- D. Vscer = 18
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Li gidi:

Tacé SCL(ABC)= SC.LAB ma AC L AB :>ABJ_(SAC):>ABJ.CE (1)

Ma SBL(P)=SBLCE (2). Ti(l),(2)=>CE L(S4B)=>CE LSA.

Mit khac ASAC vudng cin tai C nén E 1 trung diém clia S4=>SE:S4=1:2-

SC.BC a6 a3

Xét ASBC vudng tai C, ¢6 CF = == = SF === SF:5B=1:3
Jsct+BC* 3

2 3
2.2 -2 ChenB.

V. 1
= Vscer = SEBC =53

U.J])-—-o

2 36

Cau 9: [CHUYEN KHOA HQC TU NBIEN LAN 3 - 2017] Cho hiih chép S.4BC co |
(SAB),(SAC ) cling vudng goc véi day; canh bén SB tao véi ddy mét goc 60°, ddy ABC I
tam gigc vubng cén tai B véi BA=BC=a. Goi M,N Hin luot 14 trung diém caa SB,SC
Tinh thé tich cia khéi da dién ABMNC? _

3 3 3 ' ) 3
a3 g, 3 c &3 u“f.

4A. "6 g

Loi gidi:
Ta ¢6 (SAB), (SAC) L (4BC)=> SA 1L (ABC)= AB 14 hinh
chiéu ciia SB trén mit phang (4BC).

Khi d6

(5B;(4BC))=(5B; AB) = 5BA = 60° => tan SB4 =%.

= SA = tan 60°. 4B = a~/3 . Lai cé:

12 SM SN 1 1 3 ' _

I/Z '::: SBSC 4 Vs aar = Z-.Vs.,wc 2V ine = Z'VS.ABC ' W
. ) ' B

3
Miit khéc ¥, ¢ = 1.SA.SWC Laples a3
' 3772 6
=7V _3 alf V3
ABMNC 4 6 8 .
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Ciu 10: [CHUYEN KHOA HQC TU NHIEN-LAN 3 - 2017] Xét c4c hinh chép S.4BC
thoa mén S4=a,88 =2a,5C =3a véi a l& h%ég-sé cho trudc, tim gia tri 16m nhét coa thé
tich khéi chop S.4BC ? N

A. 64’ B.22. - C. o’ D. 3a°.

” Métkl';ac CH=5C.sine nén suyra ¥ o= %.SA.SB.SC. sin ASB.sine .

lac {sm ASB <1

Loi gidi: &
Goi H 13 hinh chiéu ctia C 1én mijt phing (54B).
VA & 1a goc gita dudng thing SC va mit phang (S4B).
Thé tich ciia khéi chép S.4BC 13 ¥y 4 = %.CH.SMAB = %.CH.SA.SB. sin ASB.

=V oo S~ SASBSC=d.
sin <t 6 :

Déu bing xay ra khi va chi khi S4, B, SC déi mot vudng goc. Chon C.

Ciu 11: [CHUYEN KHOA HQC TU NHIEN LAN 3 - 2017] Cho chép S.4BC c6 ddy
ABC 13 tam gidc vudng can tai C véi CA=CB=a; Sd=a+3, SB=a/5 va SC=a2.
Tinh ban kinh R clia mit cdu ngoai tiép chép S.4BC .

"Ma ACL BC suy ta AC'L(SBC). Goi £ 14 tam

Lol e c afil o, il
' 6 2 3 4
Loi gidi:

Tacd SC*>+AC* =S4> = 8SC L AC

dirb‘ng tron ngogi-tiép tam gisc SBC, tir E dung
dudmg thing song song v6i AC ct mit phing trung
truc chia AC tai I, khi d6 7 13 tAm mit céu ngoai

tiép khdi chép da cho.
Tacé:
— 2 2 _ op? —
cos BCS = B +5C" —SB =—£:>BCS=135°
2.BCCS 2 _

SEB =ax/§_a~/§_ax/ﬁ
2snC , 1 2 2
2

G
2 2

Suyra 7y =r

Dodé R=IC= .Chon B.
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Ciu 12: [THPT CHUYEN HUNG YEN - 2017] Cho hinh chép S.4BC co
SA L(ABC); AC=b, AB=c, BAC=a. Goi B, C' lin lugt 14 hinh chiéu vuéng goc clia »
1én $B, SC. Tinh ban kinh mit ciu ngoai tiép hinh chép 4. BCC'B’ theo b, c, & .

VB +c* —2bccosa

\./b2 +c?—2bccosa

A R= . . B. R= :
2singa sin2a
2 2 _
C. R=2JP* +¢* - 2bccosa. D. R=2"/b +C' 2‘5“05“_
. : sin &
Laoi gidi: ‘
Goi M vi N lin luot 12 trung diém cha ABva AC. L

Khi @6 M va N 13 tim dudng tron ngoai tiép cic tam gisc vudng
AB'B va AC'C. Dung cic dudmg thingd, qua M vudng gbc-
v6i (ABB') va dudmg thing d, qua N vudng goc véi (4CC').

Khi 46 O=d, "d, 1 tam dudng tron ngoai tiép tam gidc 4BC

4
va 14 tm mit cau ngoai tiép khdi 4. BCC'B'

BC VB +¢? —2becosa
2sin A 2sino

Khi d6 R,op=R=04=

Chon A,

Ciu 13: [THPT NINH GIANG - BAC GIANG] Méf hinh hop chir |
nht kich thuéc 6x6x /4 chira mt khéi cu 1on ¢6 bén kinh béng 3 va

FYRY s 1 Lr y 3 a s . Ao A ax oL,
8 khoi ciu nho ban kinh bang > Biét rang cac. khoi ciu déun tiép xic

| nhau va tiép xic véi cdc mit cia hinh hop (nhv hinh v8). Thé tich clia
hinh hép 14

A. 64437, B. 108+36+/7.
C. 108 +1084/7. D. 32+324/7.
Léi gigi:

Goi tam ctia khdi cdu 1ém 12 § va 4, B,C,D 1 thm ctia bdn khdi cAu nho phia trén.
Khi 36 S.4BCD 14 hinh chép tir gidc déu cb canh ddy 1a AB=3 va canh bén S4= %-.

37

Suy ra chifu cao ctia khbi chop S.ABCD lak= -5 = Chidu cao cta hinh hop 13
2.(h+3)=3(1+ﬁ).

2
Thé tich ciia hinh hop 13 ¥ = .S =3.(1+7 .6 = 108+108+/7.Chon C.
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Ciu 14: [SO GIAO DUC VA PAO TAO HA NOI] Cho hinh chép S.4BCD cé day ABCD

| 14 hinh vudng canh 22, canh bén S4 vubng goc véi mit phing day va S4=3. Mit phing

qua A va vudng goc SC véi cét cac canh SB, SC, SD lan Iuot tai céc diém M, N, P. Tinh
thé tich ¥ ciza khm cdu ngoai tiép tir dién C.MNP.

62z - o 125% cy3m DI‘,“10383

A V= .
3 6 3

Loi gidi
Tacod: SC L AM , mit khic AM L SB.
Do d6. AM L MC.

Nhu vy AMC = 90°'tu0'ng tr APC =90

Lai c6 ANC =90° viy tim mit ciu ngoai tiép tr dién
CMNP la trung didm chia 4C suy ra

R:%CL"Z:V— R = 32

Chon C.

II. KHOI LANG TRU

Céau 1: [CHUYEN HUNG YEN - 2017] Cho ling try tam gidc déu 4BC.A'B'C’ ¢6 caah |
‘daybing a v4 AB’ 1 BC'. Tinh thé tich clia khéi ling try.

3 3 3 o .
V:——\{ga e - B. V_.lq.... . V= -\/ga ) DV =6
_ 4 8 8
Loigigi:. .7
Dung hinh ling tru ABCD.A'B'C'D' suy ra ABCD 14 hinh 4

thoi ¢6 tam gitc ABC déu.

Khi @6 BC'//AD" suyra AB' 1. AD'=> 4B+ AD" = B'D"
Dit BB'=h= AB'=A'D="Ja*+#* : B'D=BD=a\3

Suy ra 2(q2+h2)=3a2 S h=—1t

V2

23» a3~/_

Khido ¥ = .Chen C.

Nk
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Ciu 2: [THPT CHUYEN LE QUY PON - BINH DINH]} Cho t& dién ABCD <o
AD = BC =6 (cm); AC = BD =+ (cm) va 4B =CD=3(cm). Thé tich khi tir dién Ia:
310 , 2410 J10 J1o
A. — (sz) B. 5 (sz ) —_— (sz) | (cm2 )

C. D.—
2 3

Léi gidi
Dung hinh chép A.B'C'D' sac cho B,C, D lin
lugt 12 trung didém cia C'D" B'D'; B'C' khi d6
AC=BD=%B'D‘ suy ra tam gidc AB'D’ vudng
tai A hay AB'1 AD". -
Tuong tu suy 1a AB', AC", AD' d6i mdt vudng goc.
Taco AB'=h; AC'=c;AD'=d thi:

B2+t =B'CP=44D" (p=22

F+d*=C'D?=44B* = Jc=4

lb2+d2 =44C? [d=2\/§

1 A | 2J_
Suyra ¥V 4 scp =ZVA.B'C'D' =£-AB AC.AD'= ﬂb cd =~ 3

Ciu 3: [CHUYEN LE QUY PON - BINH DINH] Cho hinh hop d&ng o6 chu vi d4y bang
20cm, d9 dai 2 duong chéo ciia hinh hop BD' =35 (cm) va AC'=87 (cm), canh bép
biing 2v/2 (cm). Khi d6 thé tich khéi hop da cho I

A 23(cn)  B2WE(ew’)  C.2WZ(ew’) D213 (ew’)
Loi gidi: T |
Taco: BD=-BD"—h* =458 =[37, AC=~87-8=4/79.

Dit AB=a,AD=b va BAD=a suy rta BD'=da’+b’-2abcosq Vi

CAC* =4’ +b* +2abcosa

) :
g +b* =58 (4B ~(a* +87)

Suyra 21-Laicd 2a+2b=20=2a+b=10=ab= =21
abcosa-; 2

Do d6 cosa=—;—:>sina=§:V=Sd.h=2hfg. Chon B.
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Céu 4: [ THPT PANG THU'C HUA] Cho ling try deu ABC.A'B'C’ c6 canh day bang a

| va cb thé tich bang 3—-—— Tinh khoang cach d gifra hai dwing thang AB va 4'C:

A. a_f’i B. d:"‘h_s. C. dza‘[l—s. D, d=’“‘/1_5.
15 3 15 5

Loi gidi:

. 3 '
- Thé tich ling tra ¥ = 44'.5, ,. =3%:> A4'=a 3.

Tach ABIAE S iBI(ABC) S d(amAc)=a{an(amcy. T
=d(4(4'B'C))=d(C%(4'B'C))= d(4B;4'C)=d(C(4'B'C)).

Goi M i trung diém chia A'B' = MC' L A'B" (1). 4 ¢

Mi CC'L(A'B'C)=CC' L 4'B' (2).

Tix (1),(2)= 4'B" L{CC' M)

Ké C'H LCM ma
A'B'LC'Hc(CC'M)=C'H L(4'B'C).

CcC'MC' - af15
JCC'2+MC'2 5

J_

Xét ACC'M vubngtai C', 6 C'H =

a\/—

:>d(AB t c) . Chon D.

| :>d(c (A B c))

Céu 5: [SO GIAO DUC VA PAO TAO HA NOI] Cho hinh ling tru ABC.A'B'C' c6 diy
1a tam giéc déu cenh a. Hinh chiéu vudng goc ciia diém A' 1én miit phing (4BC) tring véi

J‘

trong tAm tam giac ABC Biét khoang céch gifta hai dudng thing 44' va BC bing ——
Tinh thé tich ctia khéi lang tm ABCA'B'C'

3 3 3 3
A.V=“‘/§. B.V:“‘E. C.V=‘“E. D.V:“‘E.
3 24 12 -6

369




rige e Knang ann minn - MmLEAAR A A AARLI ARG oFateEs \ R A pr

Léi gidi: L
Goi M 1a trung diém ciia BC khi d6 ta c6 4'G L BC vi AM L BC dodé BC 1 (A'AM).
Ta M dung MH L A4 suy ra MH i doan vudng géc B c

a3

chung cia BC va AA' suyra MH =T

2a\/§ a\/z
34

Suy ra d(G;AA’)=§d(M;(AA')) == =——=d

111
&Gl 4G
B 2 3£-a3_\/§

4 3 12

(do M:%GA}: — =4 G_E

. Chen C.

Vay ¥ pc oper =S aac-

Ciu 6: [CHUYEN PH VINH LAN 2 - 2017] Cho ling tru dimng ABC.A'B'C' ct
AB = AC = a,BC = a+/3. Canh bén A4'=24. Bén kinh mit cAu ngoai tiép t& dién 4B'C'C
bing:

A. a. B. an. C. a\E. D. a\@.

Lot gidi:
Dé thay tam mit chu ngoai tlep tr dién AB'C'C cung la 4" ] .
tAm mit ciu ngoai tiép khéi lang try dimg da cho.

Goi O 1a tAm dudmg tron ngoai tiép tam gidc ABC.
Duéng thing qua O vudng géc véi (4BC) cét mit phing

tnmg truc clia A4 tai L Klu d6 113 tam mit chu ngoai
tlep

. 2 2 pev
 MitKkhdc cos g =22 *AC-BC _ 1
2.ABAC 2

B¢ a3
2sind  2.sin120°

Ta ¢6: R.=
R=14=OI* +04*
=vJa* +a* =ay2 . Chon D.
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Céu 7; [THPT LE QUY DON - NINH THUAN] Cho ling tru tam gidc déu 4BC.4'B'C':+..
cO AB=a; goc gilta hai mit phing (4'BC) va (4BC)1a 60°. Tinh thé tich khéi chop

1. KHOI TR(‘)N XOAY

ABCC'B’.
3 3 3 3
' E B. 2% .2 p. 33,
8 4 4 8
Li gidi:
Goi M 12 trung diém cha BC, AABC ddunén AM 1 BC. A C'
Tamgiéc A'BC ddunép AiM LBC= BC’J.(A'AM). ‘\\\\
e YO i
e (A AMYA(ABCY= AR T w0
Tacd 3 )A(4'BC)= :>(A BC‘) (ABC) , NN :
(4'AM)Y(4BC) = AM RN £
. . A \\
=(A'M; AM) = 4'MA S
. o ) kY \\
Xét AAA'M vubngtai 4, ‘ ‘:;:::::.. __x:_— c
. ""-.,_.1\ :
cb tan 4" M=£=:>AA' tan 60°. 22 “‘F 3a. M
AM 2 o
T& gisfc BCC'B' 1 hinh chit nht' c6 dién tich '
Spccp = BB’ BC:%’—
AM 1 BC a3
AM L (BCC'B")=d(4;(BCC'B M=
{AMJ_BB AL peR)S daeem)ar=Sr
1 a’ﬁ
Thé tich khéi chiép ABCC'B' W ¥ ey =3 d(A (BCC'B'))Specs ==, ChenC

Ciu 1: [THPT LUONG THE VINH - HA NQI LAN 1- 2017}
M&t céi phéu ¢ dang hinh nén. Ngudi ta d6 mdt
luong nudc vao phéu sao cho chidu cao cha lwgng
nyée trong phéu bing % chiéu cao cita phéu. Hoi

néu bit kin miéng phéu 1di ddo 1on phéu lén thi
chiéu cao ciia nudc bing bao nhitu ? Biét ring
chiéu cao ciia phéu bing 15 cm .

A. 0,3 (cm). B. 0,5 (cm). C. 0,216 (cm).

D. 0,188 (cm).
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Hoc d¢ khdng djnh minh

Loi gidi:
e o W (Yt
Goi V' 14 thé tich cua phéu. Khi do thé tich mréc trong binh 1a V| = 77\ %) T va thé
. 3
tich phén khéng chua nuéc 13 ¥, = 226—7V. Ta cé: V = %nth ; 1;% - (%] (v6i &, 14 chidn cao
cén tinh)
3 . .
Suy ra 3—2 =(%) =>h,=h} % = h,=h-h,=0,188 (cm) (v6i &, 12 chidu cao cin tim) .
Chon D. |
Chu 2: [CHUYEN DH VINH LAN 2 - 2017] 13, 2em
M6t xudng sdn xuét mudn tao ra nhimg chiée déng L P — i
hé c4t bing thity tinh ¢6 dang hinh tru, phin chéa cét | ;'
J4 hai nia hinkh cu bing nbau. Hinh v& bén véi cc
kich thuéc dd cho 13 ban thiét ké thiét dién qua truc R ia o
. 3 + \ 3 - 3, den

ciia chige dong ho ndy (phan khdng t6 mau 1am bing e
thity tinh). Khi d6, Ivong thiy tinh 1im chiéc dong /
hd cat gAn nhét véi gid tri ndo trong céc gid tr sau Lem] e — B

A. 711, 6¢em’. B. 1070,8cm’. T C. 602,2¢m’. D. 6021,3cm’.

Loi gigi: .
Thé tich clia hinh try 12 ¥, = zr’h = 7.6,6.13,2 cm® =1806,39 o’

Thé tich hinh ciu chira cat 13 ¥, = %;:RS = iz.[

13,2-2
2

3
3 ) =735,62 cnr’.

~ Viy lugng thiy tinh cén phai lam 1a ¥ = V-V, = 10’?0, 77 ¢m*. Chon B.

Ciu 3: [THANH CHUONG 1 - NGHE AN - 2017} Cho hinh thang vudng ABCD (vuc‘m;-;.
tai 4 va D ) cb dd dai cac canh 14 AD=a, AB=>5a, CD=2a. Tinh thé tich ¥ cta vit ths
| trdn xoay khi quay quanh hinh thang trén quanh truc 4B.

11,

A V=512, B. Vz%:ms. C. V=3 D. V:?mz )
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Léi gidi

" Goi H. 14 hinh chiéucta C trén 4B .

= ADCH 14 hinh chit nhét = AH =2a, BH =3a.
Khi quay hinh thang AB&D quanh truc 4B, ta duge;
o Khéi tru thé tich ¥;, c6 chidu cao b, = AH =2a.
bén kinh duwdng tron ddy r = AD=a =V, =2za’.

o Khbi nén thé tlch V,,co chJeu cao ki, = BH 3a.

_bankm.hducmgtronday r—CH a=V,=nd.

Vay thé tlch kh01 ron xoay cin t1m la V V + V 37m .

Chon C.

-

-

Cau 4: [TBPT PANG THUC HUA LAN 1 - 2017]

|| Mét chiéc thing dung nude c6 hinh ctia mot khdi lap

phuong canh 1 m chira ddy nuéc. dit vao trong thing
46 mét khdi ¢6 dang nén sz0 cho dinh tring véi tim mét
mit ctia 13p phuong, dy khi nén tiép xdc véi cc canh

“clia mit d6i dién. Tinh ti sb thé tich cua hrong nuwde con

lai & trong thing va lwgng mrde trdo ra ngoal.

AE B.,l.
B v - 12—-x

Léi gidi:

Khdi nén c6 chibu cac h=1m vi bin kinh dudmg tron day 14 r=0,5m

=V, -----—l—zrr2}1.=E m.
3 12

Lugng nudc trao ra ngoai chivh be‘“_mg thé tich khdi nén = Lurgng nuée con lai trong thing 13

V=V-V.

Véi ¥, =1m’ 13 thé tich cha thimg hinh 14p phuong

:y:1_£:>£= 1-Z= ;.£=12—”_ Chon C.
12 Vv 12 4
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~ Moc 88 khing djnh minh

Cau 5: [THPT PHAN BOI CHAU - LAN 1 - 2017} Cho hinh chi nhat 4BCD 6 |
AB=2a,BC=3a . Goi M, N lin luot 1a cic diém trén canh 4D, BC sao cto
MA=2MD, NB=2NC . Khi quay quanh 4B, céc dudmg gip khiic AMNB, ADCB sinh ra cic

hinh tru ¢6 dién tich toan phén S,S,. Tinh ti sb % 1a:
2

A 12 B.S_2 c.5_4 p 5.8
s, 21 , 3 'S, 9 5, 15
Lo gidi:
Hinh try khi quay dudmg gip khic AMNB quanh AB ¢6 4 B
bén kinh déy 14 1, = AM =2a; b = AB=2a.. '
Tuong ty r, =AD=3a; h, = AB=2a.
, My . N
Knido St = 222w _ 8 oyonp.
S, 2mnh +2wr 15 I _ (o

Cau 6 [THPT PHAN BOI CHAU - LAN 1 - 2017] Cho tam gidc ABC vudng tai A, bidt|
AB=3a; AC =4a. Goi M 14 trung diém AC. Khi quay quanh 4B, cic dudng ge“'lp khiic AME,

ACB sinh ra c4c hinh nén c6 dién tich xung quanh ln luot 13 S,,.S, . Tinh ti s6 -;l 1a:
2

A SV A L c. 5.2 p. a1
Léi gidi:

Khi quay dudng gip khiic AMB quanh 4B ta dugc

4
hink nén c¢6 bén kinh ddy r, = AM = 2a; dudng cao :
h=AB=3a. N

Khi 46 S, =nrl, = n.2a.4/(2a)" +(3a)’ =2xa13

Tuong tw khi quay dromg gip khitc ACB quanh 4B B
ta duoc hinh ndn co
rn=AC=4a;h, = AB=3a=§, =mrl, =20a"

Do do i=£ Chon A,

2
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Céu 7: [THPT PHAN BOI CHAU - LAN 2 - 2017] M&t chiéc x4 hinh nén cut dung hoa
chit & phong thi nghiém c6 chidu cao 20cm, duong kinh hai ddy lan gt 14 10cm va 20cm.
(9 gido giao cho ban An son mit ngoa1 clia x6 (trir day) Tinh dién tich ban An phai son (lam
tron dén hai chit s sai ddu phiy).

A. 194297 cm?. B. 561;250m2., C. 971,48 cm®. D.2107,44 cm?.

* Dién tich xung quanh cta hinh nén lom 13 S, =7zb.(} +1,).

Loi gigi:

Ki higu myit phiing thiét dién qua truc nhu hinh v&.

=1 = 2
2 b—a_ L

e AAO'C vi AAOB ddng dangnén —2 =2
| 1+l b
* Di¢n tich xung quanh clia hinh nén nhé 13 S, = r.al,.

e Di¢n tich xung quanh cta hinh nén oyt 12
Srane =Segt —ﬂb(l +l) Jral

Ap dung bai todn trén, véi a=5 em, b=10 cm va [ = 517 om.
Dién tich ban An cin phéi som 1a:
8 =7.1025J17 —7.5.517 = 75217 em?.

Chon C.

| Céu 8: [THPT PHAN BQX CHAU - LAN 2 - 2017] M0t cbc nuéce hinh tru c6 chidu cao
Scm, duong kmh 6cm, mat day. phang va day lem, thanh coc day 0 2em. Do vao coc _
' 120ml mréc, sau d6 tha vio cbe Svién bi ¢6 dutmg kinh 2 cm. Hoi midt nuée trong cbc cach

mép cbe bao nhidu (Jam tron dén hai chir 56 sau déy phiy)?

A.3,6Tcm. B. 2,67 cm. C.3,28¢m.  ~  D.2,28cm.
Léi gidi: _
. 20w,
Thé tich cGa 5 vién bi cé ban kinh R =1 cm 1Ay, 5— AR =——cm.

Téng thé tich ma cbe nuée chira du:gc la ¥ =120+ 207 _360+207 s

3
Chidu cao ciia khéi mue sa khi tha 5 vién bild h=— v6i r=2,8 om.
: nr .
Vay mit nudc cich :ﬁép cbc mot doan bang 8~ =8 —-36(2;% ~2,28 em .Chen D.
: 3.(2,8) &
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Cau 9: SO GIAO DUC VA BT HA NQI 2017] Cho mit cdu (S) ban kinh R . Mot hioh |
| tru ¢6 chidu cao £ va ban kinh day rthay d8i ndi tiép mdt chu. Tinh chidu cao & theo Rsao
cho dién tich xung quanh cta hinh tru 13 lom nhét, :

A n=2 B. k=R C. h=R2 p. 5BV
2 2
_
Loi gidi:
h 2
Ta co: r? +(5] =R? . Dién tich xung quanh cia -
trus,, = 2nrk |
2 2 S
Laico r2+fl—22 J"z.h—=rh=i:>2ﬂ:1‘?22.5',r
4 4 2% d
. . I h 2 kz ’
Do dé §,, lon nhdt & r="= R ="-=h=RV2 .

Chon C,

Cia 10: [CHUYEN KHOA HOC TU NHIEN LAN 4-2017]
M§t nit chai thiy tinh 12 mét khdi tron xoay
(H), mot mat phing chita truc (H)cét (H) theo
mdt thiét dién cho trong hinh v& bén. Tinh thé tich

2em

cia (H) (don vi: cm’)
=Cm
417
A. KH) =-—§"’. B. Vi”) =13 7
C. Yy = 23. D. Vi) =17x. o
Léi giii: ,
Xét mit céit va dit tén c4c diém nhu hinh v&: _ 4 0 B
Thé tich cha khéi tru 1a: ¥, = zrh, = 7.(1,5) 4=97% A 7
Tacé:c—Dzﬁ—Kz;‘»OK=4=>HK=2 _ 4 D
AB OK =
2 2
Thé tich khéi nén cut lay, = HO.A OK =CH HK = 147
3 3 3
171: : ¥4
Thé tich cta (H) 13 : V.+V, = 5 . Chon A.
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Cén 11: [CHUYEN KHOA HOC TU NHIEN LAN 4-2017]
Cit mot khéi try béi mot mit phing, ta duge mdt khdi (H } nhu Y

AL
hinh v& bén. Biét ring thiét dién 1a mét elip cd do dai true lém ~ \"‘
bing 10, khoang cach tir diém thude thiét dién gan mit ddy nhét ’

vi diém thudc thiét dién xa miit day nhét tGi mit day lan lugt 14 11 14
8 v 14 (xem hinh v&). Tinh thé tich cta (H).

8 1.
=1767 ' B.V, . =275z . "N
(H) , (#) B v v
C. V(H) =192 D. VE ) =704x _ )
Lo gidi:

Ki hiéu mit phing thiét dién ¢i qua truc va vudng goc v6i mit
phing day 1a phin t6 mau nhw hink v& bén, ta thay AM =10,
MQO=8va AP=14,

= MN:JAMi—AN%\/AMZ-_(AP—AN)z:s 2 duomg

kinh cia dwdmng tron d4y clha khdi try = ban kinh R =-]‘§V— =4.

‘Goi (P) 1 mit phing vudng gbc véi truc khéi try, di qua MV, ta

duge

-« Khéi (H,) c6 thé tich bing % khbi tru ¢6-chidu cao AN vé'bén—kiqh dudmg tron ddy1a R

D Vyy==aRh, =—74°.6=48x.
(H,) 2" Tl

* Khéi (H,) <6 chidu cao NP vi bén kinh dudng tron day 1
R =V, =7R’h, =7.4*8=1287.

Vay thé tich cia khdi (H) cintim 14 ¥ =¥, +¥, =487 +1287 =1767. Chen A.

Ciu 12: [THPT NGUYEN KHUYEN - 2017] Cho doan thing 4B cb d6 dii bing 2a, vé
tia Ax vé phia diém B sao cho diém B ludn c4ch tia Ax mét doan bing a. Goi-H 13 hinh
chiéu cia B 1én tia, khi tam gidc AHB quay quanh truc 4B thi dudng gip khiic 4HB vé
thanh mit tron xoay c6 dién tich xung quanh bing:

2+\/5 rd® 3+~J§ zmz- 1+x/§ na’ - 2
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Loi gcaz
Ké HN wvudng goc AB va M- dbi ximg voi H qua N .

o

Tach AB=2a, BH=a= AH = a\/_:>HN——

Khi quay tam gidc AHB quanh truc AB ta duge hal khéi non:
o Khéi nén v6i mit cit qua truc 1a AAHM c6 46 dai
dudmg sinh ] = AH va ban kinh dudmg trdn day
r=HN.

= Dién fich xung quanh

a3 J—_.37m

S, =nrl, _71'———

» Khéi nén véi m,at cit qua truc 13 ABHM c6 86 dai

duong sinh I, =BH va ban kinh dudng tron day
r=HN. .~
=> Dién tich xung quanh S, = 7rl, = 7. a_z\/; = 2\/_ .
. 2 2 3+ \/5 na*
Viy dién tich cin tinh 14 § = S, + S, = 3’;“ + ”“2‘5 = ( 2) . Chon B.

Cau 13: [THPT - QUANG XUONG 1 - THANH HOA -2017] -
M{t binh dung mréc dang hinh nén (khéng day) dung diy nudc.
Biét riing chidu cao cha binh gip 3 lin ban kinh ddy cha né. Ngudi -
ta tha vao d6 mot khdi tru va do duoc thé tich nudc tran ra ngodi Ia
1—6—75~dm3. Biét ring mot mit cha khdi try nim trén mit trén cha
hinh nén, cdc diém trén dudmg tron day con lai déu thude cac
dudmg sinh cda hinh n6n (nhu hish v&) va khéi tru cé chidu cao

biang dudmg kinh day clia hinh n6n. Dién tich xung quanh S, cua

binh nudc la:
as, 20 g s canflGdnt. | C.S,=dndnt.  D.S,-2Fdm

2 ) o2
Loi gidi: B
Xét hinh nén: h=SO=3r , r=0B,1=SA4 . Xéthinhtru: b =2r=NQ , r =ON =0I
asgr~aspo 2L 1T

BO SO 3 3
2m'3__1_§_7_r_

= Thé tich khdi tru 13V, = zr’h, = =r=2=h=6

9
= 1=\I +r* =210 = §,, = 7rl = 47+/10 dm’ . Chon B.
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Ciu 14: { CHUYEN LE THANH TONG - QUANG NAM - 2017} -

Tir mdt miéng tdn canh bing 8 dm, ngudi ta cit 1a mcf)rt: e B
hinh quat tim O ban kinh O4=8dm (xem hinh). Pé cusn =~
Iai thanh mét chiéc phiu hinh non (khi dé 04 tring véi
OB). Chiéu cao chiéc ph&u d6 c6 sb do gin ding (lam tron
dén 3 chir sb thip phan) la:

A, 7,748 dm B. 7,747 dm
C. 7,745 dm D. 7,746 dm 4 ‘o
| Loigiai: ) e

Chu vi ctia ¢4y hinh non c6 49 dai bing cung AB.
D6 dai cung 4B la: 1= %.(ms') =4z,

Suy ra ban kinh dudng tron déy hinh nén 1 : =:—“ =2
¥4

D¢ dii dudng sinh ciia hinh ién 13 I =8 dm = h =~ ~7* ~7,746 dm . Chgn D.

Céu 15: [THPT NGUYEN BINH KHIEM - QUANG NAM - 2017] Cac ban kinh ddy cta
mét hinh nén cut Iin luot 14 x v& 3x, dudng sinh 1a 2,9x . Khi d6 thé tich khéi nén cut 1a:

777x° : ax c 7’2 D 9lxzx’

A. . - 3 i
10 3 943 T 10

L gidi:

Céch 1: V= %-.h.(B+B'+J /BB") (v6i B va B' 14 dign tich

che mit ddy).

Lai ¢6 b=yl (-1, )" = (2,95 —(3x-x) =2,1x.

9lnx’
10

Cich 2: Cho céc dudng sinh cit nhau tai § ta iy V, =Py,

Khidé B=9m*;B'=m? =V =

L, =4,35x
Khids A-h_L 1a.ce L—1=1=2,9x=1"
‘ n L 3 : 1 =1,45x
. 3
Do a6 V=§1—n(52Jl§—52 -52\/1,2-112) = 911’(‘)" .Chon D,
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Céu 16: | SC)’ GiAO DUC- PT GUANG NINH-2017] Cho hinh chop $.4BC cb day ABC
13 tam gi4c déu canh a, mit bén S4B 13 tam gisc ddu va nim trong mit phing vudng goc vé:
mit phing dy. Tinh thé tich cva khéi chu ngoai tiép hinh chép di cho

sra’\15 sra* 15 4za* 3 5za’

. B C. . D.
18 54 27 3

A.

Loi gidi:
Goi I,J 14n Lot 14 tAm clia cac tam gidc ABC va SAB.

Putmg thing qua / vi song song véi SJ giao véi dudmg thing qua J va song song song vé:
CI tai O. Khi d6 O 1 tam khéi cAu ngoai tiép hinh chibp.

) -

Ta co: OJ——lCIm

L)J|t\)

1
2
2 1, (a]z _ a«/-?:
T —_
Ban kinh mit cdu ngoai tiép hinh chép Ia:

roso- (] [ -2

6 6

Thé thé tich cta khéi ciu ngoai tiép hinh chép la:

4 2R = (ax/’—J sea* 15
3 4

3 6 5

V= . Chon B, -

Ciu 17: [CHUYEN THAI BINE-LAN 2-2017] Mot cong ty du kidn lam mot dudmg ng |
thoat nueGe thai hinh tru dai 1km, duong kinh trong cia ong (khong ké 16p bé tong ) bing 1m;

‘| &6 day ciia 16p bé tong bang 10 cm. Biét ring cit mot kho1 bé tong phai dung 10 bao xi mang

S6 bao xi ming cong ty phai ding dé xay dung duong & ong thoat nudc gin dimg véi sb nio
nhét ?
A. 3456 bao. B. 3450 bao C. 4000 bao. D. 3000 bao.

Loi gidi:
Bin kinh ctia dudng tron. ddy hinh tru khéng chira bé tong bén trong dudmg éng 1
(100—10.2):2=40cm.

. _ 2
Thé tich ctia dudmg dnh thodt nuéc 13 ¥ = zr’h = z[%) 1000 = 2507 m’ .
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- “Thé tich cita khdi tru Khong chi bé tong (rdng )i

- s
V.= zFih = E(SJ 1000 =160x m°.

Vdy s6 bao xi ming cdng ty cin phai ding dé xay dung duomg éng
1a 3456 bao,

Chon A,

Céu 18 [CHUYEN THAI BINH-LAN 2—2017]________ S

-Cho Imeng ton tron tim O ban kinh R. &
Cit miéng t6n mét hinh quat O4Bva gd
phin con lai thanh mét hinh nén dinh O
khong day ( OA tring véi OB ). Goi
S,S"13n hrot 14 dién tich caa miéng ton

hinh tron ban dau va dign tich ciia miéng AB
t6n con lai. Tim ti sb -g— -dé thé tich khéi
nén 16m nhét,
A. %.. B. ?. C. g D. %
 Léi gidi: N

Goi‘géc AOB =a rad , suy 1a 46 dai diy cung 4B 1A' L, =aR.

Nén do dai day cung con 131 la L 27rR aR= R(27r a) la chu vitla dudng tron day cia

hinh némn. ' =
Ban kinh dudmg tron day hinh nén 1a:

R(Zﬂ'—a) 1 2( )2
=————2a=R|1-— :‘.>V-—— h=-zR*|1-2.] 1.
R 2 [ 271'] ER" 37: I
2 2
Mit khac k= \/O4® - R} :JRz__l:R(ZJT a)] _R 1_[2x—cz} .

v 1 o1 (2r—a 2r—a ¥
Khidd V=eaR h=—nR | ——  (l- .
. 3 3 2 2z
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Voi ¢=2Z;a:%,ta xét f'(-'f)-;—-r". 1-£ .
Tacéd f'(t)= f;i f(z) O@r—\ég f(—"g—g-] dat gi4 trj I6n nhit.

Dién tich xung quanh clia hinh nén 13 S, =S, = 2/ = zrR, R.

_R _ J“

52 R

Dién tich miéng tén ban déu la S = =nR* suyra =L . Chgn B.

Ciu 19: [CHUYEN THAI BINH - LAN 2 - 2017] Ngudi ta mudn, x4y mét bé chira nudo
dang hinh hdp chit nhat khong nip co thé tich bing 5—29-m3 day bé 13 hinh chit nhét c6 chiéu
dai gip d6i chifu rong. Gia thué nhan céng xay bé 12 500.000 ddng/m’. Chi phi thué nhan
cbng thip nhét 1a; |
A.150 triéuddng  B. 75 triéu dong C. 60 tridu dong D. 100 tridu déng

Loi gidi:
Goi chiu rong ciia hinh chit nhdt ddy bé 14 x (m) suy ra chiéu dii ctia hinh chit nht 1a 2x (m).

Goi & 1 chidu cao ctia bé nén tacé ¥ = Sk =2x2.h=50T0:> b= 220 h=-§iq.
x

Dién tich ciabé1a S =2.hx+22hx+2x" =2x" +6.hx=2x" + e.ii?.x =ox2 2%

X X
Ap dung bét ding thitc AM - GM, tacé: - -

2
22+ 20 o 250+@>313’2 2 250 250155,
X P X - X x
B X . A2 250 3 - s as ok A A ya A 1a 1.
Déu = xdy ra khi 2x* =—— <> x =125 = Chi phi thdp nhét thué nhan cong 12 1505:75
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triéu déng. Chen B.

Ciu 20: [CHUYEN THAI BINH LAN 3 - 2017] Mot qua bong ban va mét chiéc chén hinb
tru ¢ cing chidu cao. Ngudi ta @it qua béng 1én chidc chén thiy phin & ngoai ciia qui bong

c6 chiéu cao bfmg % chidu cao ctia n6. Goi V..V, ldn huot 13 thé tich cia qua béng va chiée
chén, khi dé 7 _
A 9V, =8V, B. 3V, =2/, C. 16V, =97,. D. 27V, =8V,.
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- » Thé tich ciia qua bong ban Ia V= §ER3 =—

Loi gidgi:

Goi chiéu cao-ctia chifc chén binh tru 14 2/ va ban kinh dudng
tron ddy cia hich tru 13 . Bdn chdt cia bai todn chinh lg bai
todn mdt phang cdt mdt edu theo mét thiét dién trong foa dp
Oxyz . '

Got O 14 thm clia qua bong ban, khi 6 khoang cach tr O dén
mit phing thiét dién bing ﬁ . Ban kinh dudmg tron day hinh tru 13
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e Thé tich cia chiéc chén lav,=x=nr h -—n'[
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Vaytisb ¥,:¥, =
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= 9V, =8¥,.

Chon A.
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