CHU DE 6. GOC VA KHOANG CACH
A. KIEN THUC CO BAN
I. GOC:

1. Géc giiva hai mit phing.

Goc gitra hai mat phing (P):Ax + By + Cz + D = 0, (Q): A'x + By + Cz + D’ = Oduoc ky
hiéu: 0° < ((P),(Q)) <907, xac dinh boi hé thirc

|44'+ BB'+CC'|

JA+B +C2 a2 +B? +C?
bac bict: (P) L (Q) < AA'+BB'+CC'=0.

2. Géc giita hai dwong thing, géc giita dwong thing va mdt phdng.

cos((P),(Q)) =

a) Goc giita hai duong thing (d) va (d”) ¢6 vecto chi phuong U= (a;b;c)va u'= (a';b";c')la o
|aa '+ bb'+ cc '|

\/a2 +b’ +cz.\/a'2+b'2+c'2

bac biét: (d) L (d') < aa'+bb'+cc'=0.

cos¢p = (0 <@<90%).

b) Goc giita dudng thing d cb vecto chi phuong U= (a;b;c) va mp(a)cd vecto phap
tuyénn = (A; B;C).
|Aa+Bb +Cc|
\/A2 +B? +C2.\/a2 +b% +c?
bac bi¢t: (d)//(a) hodc (d) < (o) & Aa+ Bb+Cc =0.
II. KHOANG CACH
1. Khodng cdch tir mét diém dén mit phing, khodng cdch giita hai mdt phing song song.
a) Khoang cach tor  M(x,,;2,) dén mat phing (a)cd phuong trinh
Ax + by + Cz + D = Ola:

(0° < <90°).

sin@ = ‘cos(ﬁ, l_,{) =

|Ax0 + By, +Cz, + D|
NAL+B+C
b) Khoang cach giira hai mp song song 1a khoang cach tir mot diém thuoc mit phang nay dén
mat phang kia.
2. Khodng cdch tiv mét diém dén mot dwong thing - khodng cdch giita hai dwong thing.

d(M,(P)) =

a) Khoang cach tir diém M dén mot dudng thing dqua diém M,co6 vecto chi phuong u:

[MOM; u}

dM,d)=

2

b) Khoang cach giira hai dudng thing song song la khoang cach tir mot diém thudc duong
thang ndy dén duong thang kia.

¢) Khoang cach gitta hai dudng thing chéo nhau:
ddi qua diém M va co vecto chi phuong uva d’ di qua diém M’ va c6 vecto chi phuong u'
la:

|:;t; ;'}.MOM

d(d,d") =

Trang 1/31



d) Khoang cach tir giita dudng thing va mit phing song song 1a khoang cach tir mot diém
thudc duong thing dén mit phing hodc khoang cach tir mot diém thudc mit phing dén
duong thang.

B. KY NANG CO BAN
- Nhé va van dung duoc cong thire tinh khoang cach tir mpt diém dén mit phang; biét cach khoang

cach giita hai mat phang song song.

- Nhé va van dung duoc cong thirc tinh khoang cach tir mot diém dén mot duong thang; biét cach

tinh khoang cach giita hai duong thing song song; khoang cach gitra hai dwong thang cheo nhau;
khoang cach tu duong thang dén mit phang song song.

Nhé va van dung duoc cong thuc goc gitra hai duong thing; goc giita dudng thang va mit phang;
goc gitra hai mit phang.

Ap dungduoc goc va khoang cach vao céc bai toan khac.

C. BAI TAP TRAC NGHIEM

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 6.

Cau 7.

Trong khong gian Oxyz, khoang cach tu diém A(1;2;2) dén mit phang ():
x+2y—2z-4=0 bang:

A. 3. B. 1. C.E. D. l

3 3
Tinh khoang cach gita hai mat phang song song (@): 2x—y-2z-4=0 va
(P):2x—y-2z+2=0.
A. 2. B. 6. C. E D. i

3 3
Khoéng cach tu diém M (3; 2; 1) dén mat pha“ing (P): Ax+Cz+D=0, AC.D=0.Chon khéng
dinh dungtrong cac khang dinh sau:

34+C+D| |A+2B+3C+D)|
A. d(M,(P))=—F—m B. d(M,(P))= .
A*+C? NA*+B*+C?
34+C| 34+C+D|
C.dM,(P))=———. D. d(M,(P)) ="—F——.
NA*+C? 32 +1°
x=1+¢
Tinh khoang cach gitra mit phang («): 2x—y—2z—4=0 va duong thang d: < y =2+4t .
z=—1
A. l B. i C.0. D.2.
3 3

Khoang cach tu diém A(2; 4; 3) dén mit phang (@): 2x+y+2z+1=0 va (B): x=0 lan
luot la d(4,()), d(A4,(f)). Chon khang dinh dung trong cac khang dinh sau:
A. d(4,(a))=3.d(4,(B)). B. d(A,(a))>d(A4,(B)).
C. d(4,(a)) = d(4,(B)). D.2.d(4,(a)) = d(4,(B)).

Tim toa d6 diém Mtrén truc Oy sao cho khoang cach tu diém M dén mit phang (P):
2x—y+3z—4=0 nho nhat?

A. M (0;2;0). B. M (0;4;0). C. M (0,—4;0). D. M(O;%;Oj.

Khoang cach tu di€ém M (—4;-5;6) dén mit phang (Oxy), (Oyz) lan luot bang:
A.6va4. B.6va5. C.5va4. D. 4 va6.
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Cau 8.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Tinh khoang cach tu diém A(xo; Vo ZO) dén mat phang (P): Ax+ By + Cz+ D=0, voi
A.B.C.D # 0. Chon khang dinh dungtrong cac khang dinh sau:

A. d(A,(P))zAxO+ByO+CzO. B.d(A,(P))= |Ax0+By0+CzO|.
Ja4+ B +C
Ax, + By, +Cz +D| |Ax + By, + Cz, +D|
d A,(P) | 0 0 0 d A,(P) 0 0 0 '
( \/A +C2 ( \/A2+BZ+C2

Tinh khoang cach tu diém B(xo; yO;zO)dén miat phang (P): y + 1 = 0. Chon khang dinh
dungtrong cac khang dinh sau:

+1
A. Y. B. |y,|. C. % D.|y, +1.

Khoang cach tu diém C(-2; 0; 0) dén mét phiang (Oxy) bang:

A. 0. B.2. C. 1. D. 2.
Khoang cach tu diém M (1;2;0) dén mit phang (Oxy), (Oyz), (Oxz). Chon khang dinh saitrong

cac khang dinh sau:

A. d(M,(Oxz))=2. B. d(M,(Oyz))=1.

C. d(M,(Oxy))=1. D. d(M,(Oxz))>d(M,(Oyz)).

Khoang cach tu diém A(xO; yo;zo)dén mit phang (P):Ax + By + Cz + D = 0, voi
D = 0bang 0 khi va chi khi:

A. Ax,+ By, +Cz, #-D. B. A4¢ (P).

C Ax,+ By, +Cz, =-D. D. Ax,+ By, +Cz,.= 0.

Khoang cach tu diém Odén mit phang (Q) bang 1. Chon khang dinh dungtrong cac khang
dinh sau:
A@©@:x+y+z-3=0. B.(Q):2x +y + 2z -3 =0.
C.(Q:2x +y—-2z+ 6 =0. D.(Q):x +y+z—-3=0.
Huwong din giai
Dung cong thuc khoang cach tu 1 diém dén mat phang, sau do tinh khoang cach lan luot trong
mdi truong hop va chon dap an dung.
x=1+t¢
Khoang cach tu diém H(1;0;3) dén duong thang d:qy=2t , teR va mit phang
z=3+t

(P):z—3=0 lan luot la d(H,d,) va d(H,(P)). Chon khang dinh dungtrong cac khang dinh

sau:
Ad(H,d,)>d(H,(P)). B. d(H,(P))>d(H.d,).
C.d(H.d,)=6d(H,(P)). D. d(H,(P))=1.
x=2+t
Tinh khoang cach tu diém £ (1;1;3) dén duong thang d :{y=4+3¢ , t € R bang:
z=-2-5¢
A%. B. % C. % D. 0

Cho vecto ;(—2; -2; 0); ;(\/5, \/5; 2) . Goc gitra vecto ;t va vecto ; béng:
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

A.135°. B. 45°. C. 60°. D. 150°.

x=2+t x=1-1

Cho hai dudng thing di:yy=-1+tvad,:qy=2 . Goc giita hai duong thing d) va da
z=3 z2=—2+t

la:

A30°. B. 120°. C. 150°. D.60°.

Cho duong thing A: % = LZ =§ va mit phang (P): 5x + 11y + 2z — 4 = 0. Goc giita duong

thang A va mit phang (P) la:

A.60°. B. -30°. C.30°. D. - 60°.

Cho mit phang (a):2x —y+2z—-1=0;(8): x + 2y — 2z — 3 =0. Cosin goc giita mat phang
(o) va mat phang () bang:
Al B. 2. ct 4

9 9 33 33
Cho mit phiang (P):3x + 4y + 5z + 2 =0 va dudng thing d 1a giao tuyén ciia hai mit phang

D.

(@):x—2y+1=0;(f): x—2z—-3=0.Goi ¢ la goc giita duong thang d va mit phang (P).
Khi do:

A.60°. B. 45°. C. 30°. D. 90°.

Cho mit phing (a):3x —2y+2z—5=0. Diém A(1; — 2; 2). C6 bao nhiéu mit phang di qua
A va tao v6i mit phang (o) mot goc 45°.

A. Vo sb. B. 1. C.2. D. 4.

Hai mit phang nao dudi day tao voi nhau mot goc 60°

A . (P):2x+11ly=5z+3=0va (Q):x+2y—z-2=0.

B.(P):2x+11y—-5z+3=0va (Q):—x+2y+z-5=0.
C.(P):2x—11y+5z-21=0va (Q):2x+y+z-2=0.

D. (P):2x -5y +11z-6=0va (Q):—x+2y+z—-5=0.

Cho vecto ;t(l; 1;-2), ;(1; 0; m). Timm dé gbc gitra hai vecto ;t, ; ¢ s6 do br:ing 45°,

Mot hoc sinh giai nhu sau:

Budce 1: Tinh COS(;, ;) __1-2m

B \/g.\/mz +1

Budce 2: Goc gitta u, v ¢6 s6 do bang 45° nén

S 1-2m=3m>+1) (%

Budc 3: Phuong trinh (¥) < (1 - 2m)* =3(m” + 1)

1-2m 1

\/g.\/mz +1 ) ﬁ

m=2—\/g
m:2+\/g.

em—4dm-2=0&

Bai giai dung hay sai? Néu sai thi sai & budc nao?

A. Sai ¢ budc 3. B. Sai ¢ buoc 2. C. Sai ¢ bude 1. D. Dung.

Cho hai diém A(l; — 1; 1); B(2; — 2; 4). C6 bao nhiéu mat phang chira 4, Bva tao voi mat phang
(a): x =2y +z—7=0 mot gbc 60°.

Al B. 4. C.2. D. V6 s6.
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Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Goi o la goc giita hai duong thang AB, CD. Khang dinh nao sau ddy 1a khiang dinh ding:

E.C—D‘ S
A.cosag =————:. B.cosa:-%.
‘ABHCD‘ ABHCD‘
‘AB cD [E.C—D]
C. cosa = D.cosa = —F——.
‘[AB CDJ‘ ‘ABHCD‘

Cho hinh lap phuong ABCD.A'B'C'D' ¢6 canh bang a. Goi M, N, P lan luot 14 trung diém cac
canh BB',CD, A'D'. Gd&c giita hai duong théng MP va C'N la:

A. 30°. B. 120°. C. 60°. D. 90°.

Cho hinh chop 4.BCD c6 cac canh AB, AC, AD d61 mot vudng goc. AABC can, canh bén bang
a, AD = 2a. Cosin goc giita hai duong thing BD va DC 1a:

Al B - . c. . D.

5 Vs NG s
Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, AB =2, AC = \/g . ASAC vudng can
tai 4. K 1 trung diém cta canh SD. Hiy xé4c dinh cosin goc giita dudng thiang CK va AB?
A2 B. = c.—=+. D.—Z

V17 Vit V22 V2

Trong khong gian voi hé toa dd Oxyzz cho bén  diém  diém
A(-3; —4;5); B(2;7;7); C(3; 5, 8); D(-2; 6; 1) . Cap duong thang nao tao véi nhau mdt goc 60° ?
A. DB va AC. B. AC va CD. C. AB va CB. D.CB va CA.

Trong khong gian voi hé toa d Oxyz, mat phang nao dudi day di qua A(2; 1; — 1) tao voi truc
Oz mot goc 30°7?

AN2(x=2)+ (y=1)=(z=2)-3=0. B.(x -2) +2(y =) = (z+ 1) =2 = 0.
C2(x-2)+(y-1)—(z-2)=0. D.2x-2)+(y-D-(z-1)-2=0.

Cho mit phang (P):3x + 4y + 5z + 8 =0. Duong thing d 1 giao tuyén cia hai mit phing
(@):x=2y+1=0;(B): x—2z-3=0.Gobc gilta d va (P) la:

A. 120°. B. 60°. C.150°. D. 30°.

Goi « 1a gbc gitra hai vecto AB, CD . Khang dinh nao sau day 1a dung:
(4505 ] WD

A. COSO; =—F——. B. COS = ——.
‘ABHCD‘ ‘ABHCD‘
AB.CD| AB.DC

C. sina:r. D.COSO[Z__..—_C_.

‘ABHCD‘ ‘ABHDC‘

Cho ba mat phrfmg P):2x—y+2z+3=0;(Q):x—y—z-2=LR):x+2y+2z —2=0 .
Goi a; a,; a, lan luot 14 goc gitta hai mit phiang (P) va (Q), (0) va (R), (R) va (P). Khang dinh
nao sau ddy 1a khang dinh déng.

Aa >a >a,. B.a,>a >a,. Ca>a >a. D.a >a,>a,.

Trong khong gian véi hé toa d0Oxyz, cho mat phéng(a) (X+2y+2z4+m=0 VéldiémA(l;l;l).
Khi d6 m nhan gid tri ndo sau day dé khoang cach tir diém 4 dén mit phing (e ) béang 1?
A.-2. B.-8. C.—-2 hodc -8 . D. 3.
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Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Trong khong gian véi hé toa dOxyz, mit phing () cit cac truc Ox, Oy, Oz lan luot tai 3
diém A(-2;0;0),B(0;3;0),C(0;0;4). Khi do khoang cach tir gbc toa 40 O dén mit phang

(4BC) 1a
A.%. B.4. C.liﬁ. D.3.

Trong khong gian v6i hé toa do [y Oxyz cho diém M (1;0;0) va N(0;0;-1),

2x—y—-2z-2=0
mit phang (P) qua diémM,N va tao véi mit phang (Q): x—y—4=0mdt goc bang 45°.
Phuong trinh mét phang (P)1a

y=0 g|Y=Y
12x—y-2z-2=0" N2x—y-2z+2=0"
2x-y—-2z+2=0 2x-2z+2=0
C. . D. .
2x—y—-2z-2=0 2x-2z-2=0
Trong khong gian Oxyz, cho diém A(-2; 0;1), dudng thang d qua diém Ava tao véi truc

Oy g6c45° . Phuong trinh duong thing d 1a

_x+2_i_z—1 x—2_L_z+1
A. 2 vl B. 2 gl
x+2 y z—1 x-2 'y z+l
2 5 - 2 5 -
_x+2_L_z—1 _x+2_ y _z-1
2 -1 2 - -1
C. Vs D. Vs
x=2 'y z+l x=2_ 'y _z+l
2 J5 -1 2 5 -l
Trong khong gian Oxyz cho mit phang (P):x+y+z-3=0 va mit

phéng(Q) :x—y+z—1=0.Khi d6 mit phang (R) vudng goc véi mat phang (P) va (Q) sao
cho khoang cach tir O dén mit phang (R) bang 2, ¢6 phuong trinh 1a
B.x—z-232=0.

x—z+242=0

x—z-22=0 .
Tap hop cic diém M (x;y;z)trong khong gian Oxyz cich déu hai mit phéng
(P):x+y—22—3=0 va (Q):x+y—22+5 =0 tho4 man:

A2x-2z-2J2=0.

C.x—z+2J2=0.

Ax+y-2z+1=0. B.x+y-2z+4=0

C.x+y-2z+2=0. D.x+y-2z-4=0.
Tép hop cic diém M (x;y;z)trong khong gian Oxyz cdch déu hai mit phéng
(P):x—2y—-2z-7=0vamitphing (Q):2x+y+2z+1=0 thoa man:
B{x+3y+4z+820
3x-y—-6=0
D.3x+3y+4z+8=0.

A.x+3y+4z+8=0.

C.3x—y-6=0.
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Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Trong khong gian Oxyz cho diém M thupc truc Oxcach déu hai miat phang
(P):x+y—2z-3=0 va (Oyz) Khitoa do diem M la

o) (F0) (o) ()
St ol

Trong khong gianOxyz cho diém A(3;-2;4) va duong thing d: 25 Y 3_1 =Z_22.
DPiém M thudc dudng thang d sao cho M cach 4 mot khoang br:ingx/ﬁ . Toa d6 diém M 1a
A.(51;2)va (6;9;2). B.(51;2) va (-1;-8;-4).

C.(S;—l;2) Vé(l;—5;6). D.(5;1;2) va (1;—5;6).

Trong khong gian Oxyz cho tir dién ABCD c6 cac dinh A(1;2;1),B(-2;1;3),C(2;-1;1)

va D(0;3;1). Phuong trinh mit phing (P) di qua 2 diém A, B sao cho khoang cach tir C dén

(P) bang khoang cach tir D dén (P) la
4x - 2y+7z-1=0

A [ yriEmE

. B. 2x+3z-5=0.
2x+3z-5=0

4x+2y+7z-15=0
C. 4x+2y+7z-15=0. D .

12x+3z-5=0
Trong khong gian véi hé truc toa d§ Oxyz, g(_)i(P) la mat phing chia duong thing

d :XT_Izy—Jrf:i2 va tao véi truc Oy goc cd s6 do 1on nhat. Piém nao sau day thudc
mp(P)?
A.E(—3;0;4). B. M(3;O;2). C. N(—l;—2;—1). D.F(1;2;1).

Trong khong gian vé6i hé truc toa do Oxyz, cho diém M (0;-1; 2),N(-L 1;3). Goi (P) 1a
mit phing di qua M,N va tao v6i mit phang (Q) 2x—y—2z-2=0 gbc c6 s6 do nho nhat.
Piém A(1;2;3) cach mp(P) mot khoang 1a
A3 B >V3. iy .43
3 11 3

Trong khong gian vdoi h¢ truc toa d6 Oxyz, cho (P):x—2y+2z—1=0 va 2 duong thing

x+1 y z+9 x-1 y-3 z+1

. === ; A, = = .
1 1 6 2 1 =2

Goi M 1a diém thudc duong thrfmg A, M c6 toa 4o la cac sb nguyén, M cach déu A,va
(P). Khoang cach tir diém M dén mp(Oxy) 1a
A.3. B. 21/2. C.342. D. 2.
Trong khong gian véi hé truc toa d Oxyz, cho 2 diém A(1;50);B(3;3;6) va duong thing

d :XTH = y_—ll = % Goi C la diém trén duong thang d sao cho dién tich tam giac ABC nho

nhat. Khoang cach giita 2 diém 4 va C 1a
A.29. B.~/29. C./33. D.7.
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Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Trong khong gian v6éi hé truc toa dd Oxyz cho diém A(10;2;1) va duong thing

d: x2—1 = % = 23_1 . Goi (P) la mit phang di qua diém A, song song v6i duong thing d sao
cho khoéang c4ch giita d va (P) 16n nhat. Khoang cach tir diém M (-1;2;3) dén mp(P) la
NCLLCR . 76V79%0. e 2 p. 32,

15 790 13 29
Trong khong gian v6i hé truc toa do Oxyz,cho diém A(2;53) va duong thing
d: x;l =%= Z;Z . Goi (P) 1a mit phang chira duong thing d sao cho khoang cach tir 4
dén (P) 16n nhat. Tinh khoang c4ch tir diém M (1;2;—1) dén mit phang (P).
A8 B2 c VL p?

18 18 3
Trong khong gian véi hé truc toa dd Oxyz, cho mit phing (P):x+y—z+2=0 va hai dudng

x=1+t x=3-1
thing d :{ y =t ;d'y=1+t".
z=2+2t z=1-2¢

Biét rang c6 2 duong thing c6 cac dic diém: song song véi (P); cit d,d’ va tao voi d goc
30°. Tinh cosin goc tao boi hai dudng thing do.

1 1 2 1
A —. B.—. C..|—. D.—.

NG Np 3 2
Trong khong gian véi hé truc toa d Oxyz,cho 3 diém A(1;0;1); B(3;-2;0);C(1;2;-2). Goi
(P) 12 mat phang di qua 4 sao cho téng khoang cach tir B va C dén (P) 16n nhét biét rang
(P)khong cét doan BC . Khi d6, diém ndo sau day thudc mat phang(P)?
A. G(-2;0;3). B. F(3;0;-2). C. E(1;3;1). D. H(0;3;1).
Trong khong gian véi hé truc toa d0 Oxyz, cho céac diém A(l;O;O),B(O;b;O),C(O; 0;c) trong
d6 b,c duong va mit phing (P):y—z+1=0. Biét ring mp(ABC) vudng goc véi mp(P) va
d (O,(ABC))z%, ménh dé nao sau day ding?
A.b+c=l. B.2b+c=1. C.b-3c=1. D.3b+c=3.
Trong khong gian vi hé truc toa do Oxyz, cho 3 diém A(1;2;3);B(O; 1;1); C(l; 0;—2) .
Diém M e(P):x+y+z+2=0sao cho gid tri cta biéu thitc 7 = MA® +2MB’ +3MC* nhé nht.
Khi d6, diém M cach (Q) :2x—y—2z+3=0 mot khoang bang
A2 B4 25 p 100
54 3 54

Cho miat phang (a):x+y—2z—1=0;(8):5x+2y+11z—3=0. Goc giita mat phing

(o) va mat phang ( £ bang
A. 120°. B. 30°. C.150°. D.60°.
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Trong khong gian v&i hé truc toa d6 Oxyz, cho mit phang (P) c6 phuong trinh x + y —3 = 0.
Diém H(2; 1; 2) 1a hinh chiéu vudng goc cua gbc toa dd O trén mot mat phang (Q). Goc giira
hai mit phang (P) va (Q) bang

A.45°. B. 30°. C.60°. D. 120°.

- - T r e R -7y
Cho vecto ‘u‘ =2; v‘ =1 (u, v) = 3 Gocgitra vecto v va vecto u — v bang:

A. 60°. B. 30°. C.90°. D.45°.

Trong khong gian v6i hé truc toa dd Oxyz, cho dudng thang
— - 2x-3y-3z+9=0 . . ,

d: > T ! == 1, Ty . Goc gitra duong thang d va duong thang
9 5 1 x—2y+z+3=0

A bang

A.90°. B. 30°. C.0°. D. 180°.

Trong khong gian véi hé truc toa do Oxyz, cho mit phing (a):2x —y — 2z — 10 = 0; dudng

x—-1 1-y z+3

thang d : 5 3 Goc giita dudng thang d va mit phiang («) béing
A. 30°. B.90°. C. 60°. D.45°.
Trong khong gian v6i hé truc toa d6 Oxyz, phuong trinh cac dudng thang qua A(3; — 1;1), ndm
i . -2
trong (P): x — y + z — 5 = 0va hgp véi duong théngd:%zyngmét goc 45° 1a
x=3+t x=3+3t
A A:qy=-1+t,teR A :qy=-1-2t, teR.
z=1 z=1-5¢
x=3+2t x=3+15¢t
B.A:jy=-1+2¢t,teR, A, :{y=-1+38t, teR.
z=1 z=1+23¢
x=3+1 x=3+15¢t
C.A:qy=-1+t,teR, A :qy=-1-8t, teR.
z=1 z=1-23t
x=3-1 x=3+15¢
D.A:yy=-1-t,teR A :qy=-1-8t, teR.
z=1+1t z=1-23¢

Cho hinh lap phuong ABCD.A'B'C'D' ¢6 canh bang 1. Goi M, N, P lan luot 1a trung diém céc
canh A'B', BC, DD'. Goc giita dudng thing AC’ va mit phang (MNP) 1a
A. 30°. B. 120°. C. 60°. D.90°.

Trong khong gian voi hé truc toa dd Oxyz,goi(P) 1a mit phang chira duong thing
x=1+2t

d:{y=2—t va tao v61 truc Ox goc co s6 do 16n nhat.Khi do, khoang cach tu diém
z=3t

A(1;—4;2) dén mp(P)la

12+/35

Al p 4B c. 206 p. 206

35 3 9 3
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Trong khong gian véi hé truc toa dd Oxyz, cho diém M (2;1,-12),N( 3;0;2). Goi (P) la mat
phang di qua M,N va tao véi mit phiang (Q):2x+2y—3z+4=0 gbc c6 sb do nho nhat. Diem
A(3;1;0) cach mp(P) mot khoang 1a

NER Y2 c. ¥ p_L .
13 11 2 J22

Trong khong gian v6i hé truc toa doOxyz,cho (P):x+y—z—7=0 va hai dudng thing
x-1 y-1 z-2 = x-2 y-3 z+4
A=t = TN T e R T
1 1 1 2 3 -5
Goi M 1a diém thudc duong th'fmg A,, M co toa do la cac sb duong, M cach déu A, va

(P). Khodng c4ch tir diém M dén mp(P) la

2
A.243. B. 2. C.7. D. 5
Trong khong gian voi hé truc toa dd Oxyz,cho 2 diém A(1;—4;3); B(1;0;5) va dudng thang

x=-3t

d:{y=3+2¢.Goi C la diém trén duong thang d sao cho dién tich tam giac ABC nhé nhit.

z=-2
Khodng cach gitra diém C va gbc toa do O 1a
A. 6. B. 14. C. V14, D. 6.
Trong khong gian v6i hé truc toa doOxyz,cho diém A(2;53) va dudng thiang

x-1_ y z-2

d: SRS .Goi (P) 12 mit phang di qua diém A, song song voi dudng thing d sao
cho khoang c4ch giita d va (P) 16n nhat. Khoang cach tir diém B(2;0;-3) dén mp(P) la
A 12 B 32, 1 p, V18,
3 3 18
x=4+3t
Trong khong gian vé6i hé truc toa dd Oxyz, cho diém A(4;-3;2)va dudng thang d :{ y =2+2¢.
z=-2—t

Goi (P) 1a mit phing chtra duong thang d sao cho khoang cach tir 4 dén (P) 16n nhét. Tinh
khoang céch tir diém B(—2;1;-3) dén mit phang (P) do.

A.2:/3. B.2. C.0. D. /38.

Trong khong gian véi hé truc toa dd Oxyz, cho 3 diém A(L; ;—2); B(-1; 2;1);C(-3; 4;1). Goi
(P) 1a mit phing di qua 4 sao cho tong khoang cach tir B va C dén (P) 16n nhat biét ring
(P) khong cit doan BC . Khi d6, diém nao sau ddy thudc mit phiang (P)?

A. F(-1;,2;0). B. E(2;-2;1). C.G(2:1;-3). D. H(1;-3;1).

Trong khong gian véi hé truc toa do Oxyz, cho cac diém A(a;O;O),B(O; 2;0),C(0; O;C) trong

d6 a,c dwong va mit phang (P):2x—z+3=0. Biét ring mp(ABC) vudng goc v6i mp(P) va
2 \
d(O,(ABC))=———, ménh d¢ nao sau day ding?
(0.(4BC))=—— u ddy ding

A.a+4c=3. B. a+2c=5. C.a—c=l. D.4q—c =3.
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Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

Trong khong gian vé6i hé truc toa dd Oxyz, cho 3 diém A(-2; 2; 3);B(1;,-1;3);C(3; 1, -1).
Diém Me(P) :x+2z-8=0 sao cho gia tri ctia biéu thiuc T =2MA* + MB*> +3MC* nho nhit.
Khi d6, diém M cach (Q):—x+2y—2z—6=0 mot khoang bing

A.%. B.2. C.i. D. 4.
3 3
Tinh khoang cach tu diém H(3; — 1;— 6) d&én mit phang («): x+y—z+1=0.
A. # B.9. C. 33. D.3.
Tinh khoang cach gitra hai mat phang song song (P): 2x+ y+2z=0 va (Q)2x+y+2z+7=0.
A. Z B.7. C. Z D.2.
9 3
Khoang cach tu diém K(1;2;3) dén mit phang (Oxz) bang
A. 2. B. 1. C.3. D. 4.
x=1+5¢t
Tinh khoang cach giwra mit phang (a): 2x+ y+2z+4=0 va duong thangd: {y=2-2¢ .
z =—4¢
A. § B. 0. C. i D. 4.
3 3

Khoang cach tu giao diém A cua mit phang (R):x+y+z-3=0 voi truc Oz dén mit phang
(@): 2x+y+2z+1=0 bang

A.Z. B. é C. i D.0
3 3 3
x=1-3¢t
Cho hai mit phang (P):x+y+2z—-1=0, (0):2x+ y+2z=0 vaduongthingd: < y=2+1 .
z=—1+t

Goi d(d,(P)), d(d,(Q)), d((P),(0)) lan luot la khoang cach giua duong thang d va (P), d va
(0), (P) va (Q). Trong cac ménh dé sau, tim ménh dé sai:

g. C.d((P),(0)=0.  D. d(d,(Q))=0.

x=1+¢

A.d(d,(P))=0. B.d(d,(0)) =

Khoang cach tu diém C(-2;1;0) dén mit phang (Oyz) va dén duong thang A: < y=4+¢ lan
z=6+2t

luot la d, va d,. Chon khang dinh dung trong cac khang dinh sau:

A. d, >d,. B. d =d,. C.d =0. D. 4,=1.

Khoang cach tu diém B(1;1;1)dén mit phang (P) bang 1. Chon khang dinh dungtrong cac

khang dinh sau:
A (P):2x +y—-2z + 6 = 0. B.P:x+y+z-3=0.
B.(P):2x +y +2z -2 =0. D.(Prx+y+2z-3=0.

Trong khong gian Oxyzcho mit phing(a):2x—y+2z+1=0 va mat phang
(,8) :22x—y+2z+5=0. Tap hop cac diém M cach déu mat phang (a)vé (,B) la
A2x—y+2z+3=0. B.2x-y-2z+3=0.
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C2x—y+2z-3=0.

Cau 79.

Trong khong gian

Oxyz

cho

mat

D.2x+y+2z+3=0.
phing

(a):x=2y+2z+1=0

va mat

phang(f):2x—y+2z+1=0. Tap hop cac diém cach déu mit phang () va () la

o
c|

x—-y+2=0

x-y+2=0
3x-3y+4z+4=0

3x+3y+4z+4=0

B.

D.

D. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

I1-DAP AN 8.5

[x—y+2=0
3x-3y+4z+4=0
[ x+y+2=0
3x-3y+4z+4=0

1|2

3

4

5

6

7

9

10

11

12

B|A

A

B

D

C

A

D

A

C

C

21|22

24

29

C

41 | 42

44

49

A

61 | 62

64

69
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Cau 1.

Cau 2.

Cau 4.

Cau 5.

11 -HUONG DAN GIAI
Trong khong gian Oxyz, khoang cach tu diém A(l; 2; 2) dén mat phiang (a):
x+2y—2z-4=0 bang:
A. 3. B. 1. C.E. D. l
3 3
Huwong din giai

lx,+2.y,—2.z,-4
d(A,(a))=| — [
" +2°+(-2)

Tinh khoang cach giwa hai mit phang song song (a): 2x—y-2z-4=0 va
(P):2x—y—-2z+2=0.
A. 2. B. 6. C. E D. i
3 3
Huwong din giai
Khoang cach giwra hai mit phang song song bang khoang cach tw mot diém bat ky cua mit
phang nay dén mit phang kia.
_ [22-1.0-2.0+2] 5

22 (1) (-2)
Khoang cach tu diém M (3; 2; 1) dén mit phing (P): Ax+Cz+D =0, AC.D #0. Chon khing

Ta ldy diém H(2; 0; 0) thude (a). Khido d((a),(8))=d(H.,(B))

dinh dungtrong cac khing dinh sau:

34+C+D| |A+2B+3C+D)|
A. d(M,(P))="—F—cr" B. d(M,(P)) = :
A+ C? NA*+ B +C?
C. d(M(PY) = 34+C]| D. d(M (P))_|3A+C+D|
- JL&+c o P+
x=1+t¢

Tinh khoang cach gitra mit phang (¢): 2x— y—2z—4=0 va duong thang d: { y=2+4¢ .
z=—1
1

A —. B. i C.0. D.2.
3 3

Hu’(‘r'ng d?‘}n giai , q

Puong thang d song song voi mdt phang («).

K}loéng cach qgiﬁ’a fiu:d'ng théng va mit phang song song bang khoang cach tu mét diém bt ky
cua duong thang dén mgat phang.

Ta ldy diém H (1; 2; 0) thupc duong thang d. Khi do:

2.1-1.2-2.0-4] 4

i) (2 3

Khoang cach tu diém A(2; 4; 3) dén mit phang (a): 2x+y+2z+1=0 va (f): x=0 lan
luot la d(4,()), d(A4,(f)). Chon khang dinh dung trong cac khang dinh sau:

A. d(A())=3.d(4,(B)). B. d(4,(a))>d(A4,(B)).

C. d(4,(a)) = d(4,(B)). D.2.d(4,(a)) = d(4,(B)).

Huwong din giai

d(d,(a))=d(H,(a))=
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Cau 6.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

d(4@) 2x,+y,+2.2,+] (4P EA 5
A\))= =13 ’ = ==

V22412427 Jr
Kétluan: d(4,(B))=2d(4,(a)).

Tim toa d6 diém Mtrén truc Oy sao cho khoang cach tu diém M dén mit phang (P):
2x—y+3z—4=0 nho nhat?

A.M(O;2;O). B.M(O;4;O). C. M(O;—4;O). D. M[O;g;Oj.
Huwong din giai

Khoang cach tu M dén (P) nho nhat khi M thudc (P). Nén M la giao diém cua truc Oy voi mit
phang (P). Thay x = 0, z = 0 vao phuong trinh (P) ta duoc y = — 4. Vay M(0; —4:0).

Cach giai khac

Tinh khoang cach tu diém M trong cac dap an dén mit phang (P) sau do so sanh chon dap an.
Khoang cach tu diém M (—4;-5;6) dén mit phang (Oxy), (Oyz) lan luot bang:

A.6vad. B.6vas. C.5va4. D. 4 va6.

Huwong din giai

d(M,(0xp))=|z,|=6; d(M,(Oy2)) =|x, |=4.

Tinh khoang cach tu diém A(xo; Vo ZO) dén mat phiang (P): Ax + By+Cz+D=0, voi
A.B.C.D # 0. Chon khang dinh dungtrong cac khang dinh sau:

Ax, + By +CZ|
A. d(A,(P))= Ax, + By, + Cz,. B.d(A,(P))= _lx, + By, + Ca,
(4.(P) =, + By, + ( N
|AxO+ByO+Czo+D| |AxO+By0+Czo+D|
d(4,(P))= d(A4,(P))=
( VA +C ( VA + B +C°

Tinh khoang cach tu diém B(xo; yo;zo)dén miat phang (P): y + 1 = 0. Chon khang dinh
dungtrong cac khang dinh sau:

+1
A. Y, B. |y, C. % D.|y, +1|.

Khoang cach tu diém C(-2; 0; 0) dén mét phang (Oxy) bang:

A. 0. B.2. C.1. D. V2.

Huwong din giai

biém C thuoc mit phang (Oxy) nén d(C,(Oxy))=0

Khoang cach tu diém M (1;2;0) dén mit phang (Oxy), (Oyz), (Oxz). Chon khang dinh saitrong

cac khang dinh sau:

A. d(M,(OxZ)):2. B. d(M,(Oyz))zl.

C. d(M,(Oxy))=1. D. d(M,(Oxz))>d(M,(Oyz)).

Khoang cach tu diém A(xo; yo;zo)dén mat phang (P):Ax + By + Cz + D = 0, voi
D = 0bang 0 khi va chi khi:

A. Ax,+ By, +Cz, #-D. B. A¢(P).

C Ax, + By, +Cz, =-D. D. Ax,+By,+Cz,.=0

Khoang cach tu diém Odén mit phang (Q) bang 1. Chon khang dinh dungtrong cac khang
dinh sau:
A@:x+y+z-3=0. B.(QO):2x +y +2z -3 =0.
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

C.(Q:2x +y—-2z+ 6 =0. D.(Q)x+y+2z—-3=0.
Hwong din giai
Dung cong thuc khoang cach tu 1 diém dén mat phang, sau do tinh khoang cach lan luot trong
moi truong hop va chon dap an dung.
x=1+t¢
Khoang cach tu diém H(1;0;3) dén dwong thing d,:<y=2¢ , teR va mat phang
z=3+¢
(P):z—3=0 lan luot la d(H,d,) va d(H,(P)). Chon khang dinh dungtrong cac khang dinh
sau:
Ad(H.,d,)>d(H,(P)). B. d(H,(P))>d(H.d,).
C.d(H.d))=6d(H,(P)). D. d(H,(P))=1.
Huwong din giai
Vi H thupc duong thang d, va H thudc mit phang (P) nén khoang cach tu diém H dén dwong
thang d, bang 0 va khoang cach tu diém H dén mat phang (P) bang 0.

x=2+t
Tinh khoang cach tu diém E (1;1;3) dén duong thang d:{y=4+3t , r < R bang:
z=-2-5t
1 4 5
A—. B. —. C. —. D.0
35 35 35

Huwong din giai

+ Goi (P) la mit phang di qua E va vudng goc voi (P). Viét phuong trinh (P)

+ Goi H la giao diém cua duong thing d va (P). Tim toa d6 H

+ Tinh d6 dai EH.

Khoang cach tu diém E (1;1;3) dén duong thang d bang EH.

Cach giai khac:

Vi E thupc duong thang d nén khoang cach tu diém E (1;1;3) dén duong thang d bang 0.

Cho vecto ;(—2; -2; 0); \:(\/5, \/5; 2) . Goc gitra vecto ;t va vecto ; béng:

A.135°. B. 45°. C. 60°. D. 150°.
Huéng din giai
-~ wy 22-242+20 I
Ta c6 cos(u, v) = LA V2 \/_2 > :_T:)(u’ v) =135°.
2
V2 + (<27 \/(\5) +(ﬁ) 122
x=2+t x=1-1¢
Cho hai dudng thang d,:{y=—1+1 va dy:3y=2 . Goc giita hai duong thing d) va da
z=3 7=—2+t
la:
A30°. B. 120°. C. 150°. D.60°.

Huéng din giai

Goi u;; u, 1an luot 1 vecto chi phuong ctia dudng thing di; da.

Z=(l; 1; 0); LTZ =(-10;1

Trang 15/31



Cau 18.

Cau 19.

Cau 20.

T I i

Ap dung cong thurc ta co cos(dl,d ) cos(ul, ”2)‘ ‘ ‘ ‘ \/1 ) \/1 ) =5

= (d,.d,)=60°.

Cho duong thang A: % = —LZ :§ va mat phang (P): 5x + 11y + 2z — 4 = 0. Goc giita duong
thing A va mat phang (P) 1a:

A.60°. B. -30°. C.30°. D. - 60°.

Hwéng din giai

Goi u; n lan lugt 1a vecto chi phuong, phap tuyén ctua duong thing A va mat phing (P).
u=(L-21)n=(5152)

- —

u.n

|15 112+12| 1

Ap dung cong thiic ta co sin(A,(P)) = .
‘ ‘ V21242212 422 412 2

cos(u,n)

Cho mit phang (a):2x —y+2z—-1=0;(8): x + 2y — 2z — 3 =0. Cosin goc giita mat phang

= (4,(P)) = 30°.

(o) va mat phang () bang:

AL B 2 c_ . D+

9 9° 33 33
Hwéng din giai

Goin, , n 2 1an luot la vecto phap tuyén cua mit phang (o) va ().

Taco n (2; - 1; 2); nﬂ(l; 2;-2).
Ap dung cong thic:

[« s 2.1-1.2-2.2] 4

H S22 22 9

cos((@),()) = cos(n, . n,)| =

Cho mit phiang (P):3x + 4y + 5z +2 =0 va duong thing d 1a giao tuyén ciia hai mit phang
(@):x=2y+1=0;(B8): x—2z-3=0. Goi ¢ la goc giira duong thang d va mat phang (P).
Khi do:

A.60°. B. 45°. C. 30°. D. 90°.

Huwéng dan giai

Puong thang d ¢6 phuong trinh: {y = % +1 ,te€R .SuyraVICP cuad la uj(Z; I; 1)

23+1.4+1.5) NE]

Taco Sm(d’(P)) ‘ ‘ ‘ ‘ \/22 12412 \/32 +42 452 2

cos(ud, )

= (d,(P)) = 60°.
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Cau 21.

Cau 22.

Cau 23.

Cho mit phang (a):3x —2y+2z—5=0.Diém A(1; — 2; 2). C6 bao nhiéu mit phang di qua
A va tao voi miat phing (o) mot goc 45°.

A. Vb sb. B. 1. C.2. D. 4.

Huwéng dan giai

[Phwong phap tu luin]

Goi @(a; b; c) la  vecto phap tuyén coa mat phing (B) can lap.

n,.ng [3.a-2.5 + 2.q|

cos(na,nﬁ)‘:‘

w P+ (27 22t + b+

cos((@),(B)) =

n,

= 2Ba—-2b+2c) =17(a> +b* + ¢*)

Phuong trinh trén c6 vo s nghiém.

Suy ra c6 vo sb vecto Z(a; b; ¢) 1a vec to phap tuyén cia (B). Suy ra c6 vo sd mit phing

(/) thoa mén diéu kién bai toan

[Phwong phép tric nghiém)|

Dung hinh.

Gid str ton tai mat phang (£) thoa man diéu kién bai toan. (Di qua 4 va tao voi mat phang («)

mot goc 45°). Goi A 1a duong thing di qua 4 va vudng goc véi mit phing («) . St dung phép

quay theo truc A v6i mit phing (B). Ta duoc v s6 mit phing (B') thoa mén diéu kién bai

toan.

Hai mit phang nao dudi day tao voi nhau mot goc 60°

A . (P):2x+11ly=5z+3=0va (Q):x+2y—z-2=0.

B.(P):2x+11y—-5z+3=0va (Q):—x+2y+z-5=0.

C.(P):2x—11y+5z-21=0va (Q):2x+y+z-2=0.

D. (P):2x—-5y+11z-6=0va (Q):—x+2y+z—-5=0.

Huéng din giai

Ap dung cong thirc tinh goc gitra hai mat phang.

cos((P).(Q)) = ‘f;ng
i

Xéc dinh cac vecto phap tuyén ctia mat phang (P) va (Q). Thay cac gia tri vao biéu thirc dé tim

gia tri dung.

Dung chirc nang CALC trong mdy tinh bo tai dé€ ho tro vi¢e tinh toan nhanh nhat.

= c0s60° = l
2

Cho vecto ;t(l; 1; -2), ;(l; 0:; m). Tim m dé gdc gitra hai vecto ; v ¢6 s6 do béng 45°.,
Mot hoc sinh giai nhu sau:

Budc 1: Tinh cos(;t, \:) __1=2m

- \/g.\/mz +1
1-2m 1

Budc 2: Goc gitta u, v ¢6 s0 do bang 45° nén ————=

\/g.\/mz +1 ﬁ
S 1-2m=43m*+1) (¥

Budc 3: Phuong trinh (¥) < (1 - 2m)* =3(m” + 1)
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Cau 24.

Cau 25.

Cau 26.

m:2—\/g
m:2+\/g.

em-4m-2=0<

Bai giai dung hay sai? Néu sai thi sai & budc nao?

A. Sai ¢ budc 3. B. Sai ¢ buoc 2. C. Sai ¢ bude 1. D. Dung.

Huéng din giai

Phuong trinh (*) chi binh phuong dwoc hai vé khi bién d6i twong dwong néu théa min
1—2m > 0. Bai toan da thiéu diéu kién dé binh phuong din dén sai nghiém m =2 + /6 .

Cho hai diém A(l; = 1; 1); B(2; — 2; 4) . C6 bao nhi€u mat phéng chtra 4, Bva tao vo1 mat phéng
(a):x =2y +z—7=0 mot goc 60°.

Al B. 4. C.2. D. Vo sb.

Huéng din giai

[Phwong phap tw luin]

AB(L; ~ 1;3),n, (1, ~ 2: 1)

Goi @(a; b; c) 1a vecto phap tuyén ctia mat phang () can lap.

n, I’lﬁ

n

o

cos((@),(B)) =

cos(na, nﬂ)‘

)

B lLa-2.b+1.q 1
PR e 2

=2a-2b+c) =3a"+b"+c) (1)

Mat khac vi mdt phang (f) chua 4, B nén:

n,AB=0&a-b+3c=0ea=b-3c
Thé vao (1) ta dugc: 2b° —13bc +11¢* =0 (2)
Phuong trinh (2) ¢6 2 nghiém phan biét. Suy ra c6 2 vecto @ (a; b; c) thoa mén.

Suy ra c6 2 mit phang.
[Phwong phép tric nghiém)|
Dung hinh

Goi o la goc giita hai duong thang AB, CD. Khang dinh nao sau ddy 1a khiang dinh ding:

AB.D 5D
A.cosa = —r—. B.cosa=-ﬂ.

‘ABHCD‘ ABHCD‘
‘AB D [E.C—D]

C. cosa = D.cosa = —7—.

‘[AB CDJ‘ ‘ABHCD‘
Hwéng din giai
Ap dung cong thic ¢ 1y thuyét.
Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh bang a. Goi M, N, P lan luot 13 trung diém cac

canh BB',CD, A'D'. Géc giita hai duong thang MP va C'N la:

A. 30°. B. 120°. C. 60°. D. 90°.
Huéng din giai T
Chon hé truc toa do sao cho A = O(0; 0; 0)
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Suy ra B(a; 0; 0); C(a; a; 0); D(0; a; 0)
A'0; 0; a); B'(a; 0; a); C'(a; a; a); D'(0; a; a)

M a;O;g N 2;a;O ;P O;E;a
2 2 2

Suy ra W’:[—a; ﬁ; EJ; N—C':[ﬁ; 0; aj :WN—C' =0
2 2 2
= (MP,NC") =90°
Cau 27. Cho hinh chop 4.BCD c6 cac canh AB, AC, AD d61 mot vuong goc. AABC can, canh bén b?mg
a, AD = 2a. Cosin goc giira hai duong thang BD va DC la:

A B. - = c X D. %
5 V5 V5

Huéng din giai

[Phwong phap tw luan]

Chon hé truc toa d0 sao cho A = O(0; 0; 0)
Suy ra B(a; 0; 0); C(0; a; 0); D(0; 0; 2a)

Ta c6 DB(a: 0; —2a); DC(0; a:—2a)

‘DB DC
cos(DB, DC) = ‘cos(DB DO)| =
‘DB‘ ‘DC‘
'Y
Cau 28. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, AB =2, AC = \/g . ASAC vudng can
tai 4. K 1 trung diém cta canh SD. Hiy xé4c dinh cosin goc giita dudng thiang CK va AB?
A — B = =+ .2

Huwéng dan giai

Vi ABCD 1a hinh chit nhat nén AD = \|AC*> - CD* =1
Chon hé truc toa d0 sao cho A = O(0; 0; 0)

Suy ra B(0; 2; 0); C(1; 2; 0); D(1; 0; 0)

S(O; 0; «/g);K[%;O; g]

Suy ra C—K(—l;—Z; ﬁ}, E(O; 2; 0)
2 2
. lekad
cos(CK, AB )= cos(CK; AB)‘ = = .
( ) ‘CKHAB‘ J22 XD c

Cau29. Trong khong gian véi hé toa d6 Oxyzz cho bén diém  diém
A(=3; —4;5); B(2; 7;7); C(3; 5, 8); D(-2; 6;1). Cap duong th.’fmg nao tao voi nhau mdt goc 60° ?
A. DB va AC. B. AC va CD. C. AB va CB. D.CB va CA.
Huéng din giai

Tinh toa dd cac vecto sau do6 thay vao cong thirc: cos(d,d') = ‘COS(Z,Z

Ciu 30. Trong khong gian véi hé toa do Oxyz, mit phang nao dudi ddy di qua 4(2; 1; — 1) tao vdi truc
Oz mot goc 30°7?
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

A2 -2+ (y =)= (z-2)-3=0. B.(x -2) +V2(y =) = (z+ 1) =2 = 0.
C.2(x-2)+(y-1)—(z-2)=0. D.2(x -2)+(y-D=(z-1)-2=0.
Hwéng din giai
Goi phuong trinh mit phang («r) can lap c6 dang A(x —2) + B(y —1) + C(z + 1) = 0; Z(A; B; C)
Oz c6 vecto chi phuong la k(0; 0; 1).
, [k
Ap dung cong thic sin((«), Oz) = —=— = sin30°
e
Sau khi tim duoc cac vecto phap tuyén thoa mién, thay gia tri cia 4 vao dé viét phuong trinh
mit phang.
Cho mit phang (P):3x + 4y + 5z + 8 =0. Pudng thang d 13 giao tuyén cua hai mit phang
(@):x=2y+1=0;(B): x—2z-3=0.Gobc gilta d va (P) la:
A. 120°. B. 60°. C.150°. D. 30°.
Huéng din giai
Taco n,(3; 4; 5)

ny =gy |= @10

n,.u

5

Ap dung cong thtrc sin((P), d) = 5

np

|4,

Goi «a la gbc gitra hai vecto AB, CD . Khang dinh nao sau day la ding:

(Wicp] Wi

A. cosa = ——=. B. cosa = m———.
‘AB .‘CD‘ ‘ABHCD‘
AB.CD) AB.DC

C.sing=——1, D.cosaz%ﬁ
‘AB , CD‘ ‘ABHDC‘

Huéng din giai
Ap dung cong thtc & 1y thuyét.
Cho ba mit phing (P):2x—y+2z+3=0;(Q):x—y—z -2=L(R):x+2y+2z -2=0 .
Goi a; a,; a, lan luot 14 goc gitta hai mit phiang (P) va (Q), (0) va (R), (R) va (P). Khang dinh
nao sau ddy 1a khang dinh déng.
Aa >a,>a,. B.a,>a,>a,. Cao>a>a. D.a, >a,>a,.
Huéng din giai
Ap dung cong thirc tinh goc giita hai mat phiang. Str dung may tinh bo tii dé tinh goc rdi so
sanh céc gid tri d6 vdi nhau.
VAN DUNG
Trong khong gian vdi hé toa ddOxyz, cho mat phrfmg(a) ‘X+2y+2z+m=0 vadiém A(L11).

Khi d6 m nhan gié tri nao sau day dé khoang cach tir diém A dén mit phing (@) bang 1?

A.-2. B.-8. C.-2 hoac -8 . D. 3.
Hudéng din giai d(A( )) —|5+m| le m+5=3 =N m=-2
iai: a))= =
g g ’ 3 m+5=-3 m=-8
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Cau 35.

Cau 36.

Cau 37.

Trong khong gian véi hé toa dOxyz, mit phing () cit cac truc Ox, Oy, Oz lan luot tai 3
diém A(-2;0;0),B(0;3;0),C(0;0;4). Khi do khoang cach tir gbc toa 40 O dén mit phang

(4BC) 1a
fxlgi. B.4. czEb@i, D.3.

12 61
Huéng din giai
Ciich 1: (a):—x—+l’-+5=1¢:>6x—4y—3z+12=o;d(0,(ABc))=1ﬂ§i

-2 3 4 61

Cach 2: Tu dién OABC ¢c6 OA4, OB, OC doi mot vuong goc, khi

46— 1 = 12+ 12+ 12 _ o :>a’(0,(ABC)):—12\/a

d*(0,(4BC)) 04> OB OC* 144 61

=0 ,
Trong khong gian v6i hé toa do [y Oxyz cho diém M (1;0;0) va N(0;0;-1),

2x-y—-2z-2=0
mit phang (P) qua diemM,N va tao véi mit phing (Q): x—y—4=0mdt géc bing 45°.
Phuong trinh mét phang (P)la

y=0 B y=0
N2x-y-2z-2=0 12x—y-2z+2=0"
2x—y—-2z+2=0 2x-2z+2=0
C. : D. :
2x—y—-2z-2=0 2x-2z-2=0

Huéng din giai

Goi vecto phap tuyén cua mp (P) va (0) lan lwot la Z(a;b;c) (a2 +b'+ct O),
I?é (P) qua M (1,0;0)=(P):a(x—1)+by+cz=0

(P) qua N(0;0;—1)=a+c=0

. _ -0
(P) hop véi (Q) goc 45° :‘cos(np,ng)‘:cosﬁo @&:LQF
V2d> + 632 2 a=-2b

V6i a=0=>c=0 chon b=1 phuong trinh (P):y=0
Véi a=-2b chon b=-1=> a =2 phuong trinh mit phang (P):2x-y-2z-2=0.
Trong khong gian Oxyz, cho diém A(-2;0;1), duong thing d qua diém A va tao véi truc

Oy g6c45° . Phuong trinh duong thing d 1a

_x+2_L_z—l x-2 _ y _z+l

2 _ _

A. Vs : . B. 2 Vs 1
x+2 y  z-1 x-2 y z+l
2 5 - 2 5 -
_x+2_L_z—l _x+2_ y o z-1
2 -1 _ -
C. Vs D 2 Vs !
x=2_ 'y z+l x=2_ 'y _z+l

N 2 -

Huwéng din giai
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Cau 38.

Cau 39.

Cau 40.

Cach 1: Diém M(0;m;0)eOy, j(0;1;0)1a vecto chi phwong cua tryc

|m| :L@m:i\/gnén c6 2 duong

m*+5 \/5

.0y, AM (2;-m;~1) ‘cos(m,}')‘ =cos45° &

thang:
x+2 y z-1x+2 y z-1
2 5 -1 2 5 -
Cach 2: 171(2;\/5;—1):>‘cos(t71,}')‘=L ; @(2;_6;_1):‘COS(Z’})‘:L

V2 V2

Puong thang d di qua diém A( -2; 0;1) nén chon dap an A4.

Trong khong gian Oxyz cho mit phing (P) x+y+z-3=0 va mat
phang(Q): x -y +z—1=0. Khi d6 mit phing (R) vudng géc véi mat phang (P) va (Q) sao
cho khoang cach tir O dén mit phang (R) bang 2, ¢6 phuong trinh 1a

A2x-2z-2J2=0. B.x—z-2J2=0.
—z+22=0
C.x—z+2J2=0. p |* T V2 .
x—z-2J2=0

Huéng dan:
np (151).ng (L=81) = g | = (2:0:-2)

V8 D=-4\2

Vay phuong trinh mp (R):x—z+2\/§=0; x—z-2/2=0

Mit phing (R):2x—2z+D:0:d(O,(R)):H:2:[D=4\/§

Téap hop cac diém M (x;y;z)trong khong gian Oxyz cach déu hai mit phang
(P):x+y—22—3 =0 va (Q):x+y—2z+5 =0 thod man:

Ax+y-2z+1=0. B.x+y-2z+4=0
Cx+y-2z+2=0. Dx+y-2z-4=0.
Huéng dén: M (x;y;z). Ta co

|x+y—2z—3| |x+y—22+5|
Rt =

d(M(P))=d(M.(Q)) 7 Jo

<:>|x+y—22—3|=|x+y—2z+5|<:>x+y—2z+1:O

Téap hop cac diém M (x;y;z)trong khong gian Oxyz cach déu hai mit phang
(P):x—2y—2z—7=0vamitphing (Q):2x+y+2z+1=0 thoa man:
B{x+3y+4z+8:0
3x-y-6=0
C.3x-y-6=0. D.3x+3y+4z+8=0.
Huwéng din giai

A x+3y+4z+8=0.

|x=2y-2z-7] |2x+y+2z+1
= 3 ) 3

Cho diém M (x;y;z), d(M,(P)) = d(M,(Q))

x+3y+4z+8=0
3x—y—6=0 '
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Ciu4l. Trong khong gian Oxyz cho diém M thuc truc Oxcach déu hai mit phing
(P):x+y—2z-3=0 va (Oyz) Khitoa do diem M la

3 3
A. 0;0 |va ;0;0 B.| ——;0;0| va| ——;0;0 |.
[1+I jv (I— j (Hﬁ jv (1—JE j
[Q 0; OJ (\/6”;0;0]. D.(1+\/E;O;O]Vé (ﬂ;o;o}
3 3 3
. . -3
Huéng din gidi: Diém M (m;0;0) € Ox; d(M,(P))=d(M,(P)) < % = |m|
S
m-3= mf ]+\/€
=
m— 3——]’)’1\/_ 3
16
Cau42. Trong khong gianOxyz cho diém A(3;-2;4) va duong thang al:x;5 :y3—1 = 2_22.
DPiém M thudc dudng thang d sao cho M cach 4 mot khoang br:ingx/ﬁ . Toa d6 diém M 1a
A.(512)va (6;9;2). B.(5:1;2) va (-1;-8;-4).
C.(S;—l;2) Vé(l;—5;6). D.(5;1;2) va (1;—5;6).

Huwéng din giai

Cach 1: M (5+26,1+36,2-2t) e d ; W(2+2m;3+3m;—2—2m)
=0 M (5;1;2

m :{< )

=AM =17 & 17(1+m)’ =17@{
M (1;-5;6)

m=-2
Cach 2: Kiém tra cic diém thudc duong thing d co 2 cip diém trong dap 4n B va C
thudcduong thang d . Dung cong thure tinh d6 dai AM suy ra dap an C thoa man.
Cau 43. Trong khong gian Oxyz cho tir dién ABCD c¢6 cac dinh A(1;2;1),B(-2;1;3),C(2;-1;1)
va D(0;3;1). Phuong trinh mit phing (P) di qua 2 diém A, B sao cho khoang cach tir C dén
(P) bang khoang cach tir D dén (P) la
{4)6 - 2y+7z-1=0

. B. 2x+3z-5=0.
2x+3z-5=0

C. 4x+2y+7z-15=0.

D. 4x+2y+7z-15= O
2x+3z-5=0

Huéng din giai:

Trudong hop 1: (P) qua AB va song song v6i CD, khi do:

(P) c6 vecto phap tuyén la [ 4B,CD | =(~8;~4;~14)va C g(P) = (P):4x+2y+7z-15=0,
Trudng hep 2: (P) qua AB cit CD tai trung diém [ cua doan CD. Ta
c61(1;1;1) = AI(0;-1;0), vecto phap tuyén cua (P) la [E,Z} =(2;0;3) nén phuong trinh

(P):2x+3z—5 =0.
VAN DUNG CAO
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Cau 44.

Cau 45.

Cau 46.

Trong khong gian véi hé truc toa do Oxyz, gQi(P) la mat phing chia duong thing

d :XT_I:y—Jrlzzi2 va tao véi truc Oy goc cd sb6 do 1on nhit. Piém nao sau day thudc
mp(P)?

A E(-3;0;4). B. M (3;0;2). C. N(-L-2;-1). D.F(1;2;1).

Huéng dén gidi:

Goi n(a;b;c);n#01a VTPT ciia (P); « 1a goc tao boi (P)va Oy,  16n nhét khi sina 1on

nhat. Ta c6 n vudng goéc voi us nén n(b+2c;b;c)

sina = ‘cos(ﬁ #)‘ = |b|
N 20 + 56 + abe

Néu »=0thi sina=0.

1
x/gc 2 ’ 6
b ) s

Vay, phuong trinh mp(P) 1a x+5y-2z+9=0.Do do taco Ne(P).
Trong khong gian vé&i hé truc toa dd Oxyz, cho diém M(O; -1 2),N(—1; I; 3). Goi (P) 1a

Néu »#0thi sina =

_Khi do, sine 16n nhét khi < = ‘%

= chon h=5;c=-2

mit phing di qua M,N va tao véi mat phang (Q) 2x—y—2z-2=0 gobc c6 s6 do nho nhit.
biém A(1;2;3) cach mp(P) mot khoang la
A3 NEACE ¢ L .43
3 11 3

Huwédng din gidi:
(P) c6 VIPT n vudng goc voi m(—l;ll) nén 7;(2b+c; b; c).
Goia 1a goc tao béi (P)va(Q),a nhé nhat khi coser 16n nhat.

5
J5b? +2¢% +4be
Néu »=0thi cosa=0.

Ta cb cosa =

1

2
2(%1) +3
b

Vay, phuong trinh mp(P) 13 x+y—z+3=0. Do d6 d(A,(P)):\/g.

Néu b=0thi cosa = . Khi d6, cose 16n nhit khi £:—1:> chon p=1;c=—1

Trong khong gian vdoi h¢ truc toa dd Oxyz, cho (P):x—2y+2z—1=0 va 2 duong thing

X+l _y z+9, x=1 y-3 z+l
Y11 67 P2 1 2
Goi M 1a diém thudc duong théng A, M c6 toa do la cac sb nguyén, M cach déu A,va
(P). Khoang cach tir diém M dén mp(Oxy) 1a
A.3. B. 24/2. C.3\2. D. 2.
Huéng dén gidi:
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Cau 47.

Cau 48.

Goi M(t—l;t;6t—9),teZ.

Taco d(M,A,)=d(M,(P))=

< ~291> — 88t +68 =Mvcﬁ M, (1;3;-1) €A,
3

t=1

ol 53—t =1
t=—
35

Vay, M (0;—-1;3)=d(M,(Oxy))=3.

Trong khong gian v6i hé tryc toa d§ Oxyz, cho 2 diém A(I;S;O);B(3;3;6) va duong théng
x+1 Y- 1 =z . NP N \ 2 CA L, <y ,

d :T = e = 5 Goi C la diém trén duong thang d sao cho dién tich tam giac ABC nho

nhét. Khoang cach giita 2 diém 4 va C 1a

A.29. B.N29. C.A33. D.7.

Huwédng din gidi:

Ta c6 2 dudng thing AB va d chéo nhau. B

Goi C 1a diém trén d va H 1a hinh chiéu vudng goc

cia C trén dudng thing 4B . A

Vi SABC=%AB~CH=\/H .CH nén S, nho nhét khi

CH nho nhat<> CH 1a doan vudng goc chung ciia 2
duong thang 4B va d .
Taco C(1;0;2)= AC=+29 . c

Trong khoéng gian voi hé truc toa d6 Oxyz, cho diém A(IO;Z;I) va dudng thing
d: x2—1 = % = 23_1 . Goi (P) la mat phing di qua diém A, song song véi duong thing d sao
cho khoéang c4ch giita d va (P) 16n nhat. Khoang cach tir diém M (-1;2;3) dén mp(P) 1a

15 790 13 29

Huéng dén gidi:

(P) la mat phang di qua diém A4 va song song véi d
dudng thing d nén (P) chua dudng thang d'di qua

diém A4 va song song voi duong thang d .
Goi H 1a hinh chiéu ctia 4 trén d, K 1 hinh chiéu cua

H trén (P). /ﬂ ,
K d

Taco d(d,(P))=HK<AH ( AH khong doi)
= GTLN ciia d(d, (P))1a AH 5 A
= d(d,(P)) 16n nhat khi AH vudng goc véi (P).

Khi d6, néu goi (Q) 12 mit phing chira 4 va d thi (P) vudng goc véi (Q).
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Cau 49.

Cau 50.

= np=| 4,n0 |=(98;14,-70)

:>(P):7x+y—52—77=0:>d(M,(P))=¥.
Trong khong gian voi hé truc toa do Oxyz,cho diém A(2;53) va dudng thing
d :)62_1 :%: Z;2 . Goi (P) la mit phang chira dudng thing d sao cho khoang céch tir 4
dén (P) 16n nhat. Tinh khoang c4ch tir diém M (1;2;—1) dén mit phang (P).
JRLVES B.3V2. c M p.2.
18 18 3
Huéng dén gidi:
Goi H 14 hinh chiéu cia 4 trén d; K 14 hinh chiéu )
cua A4 trén (P).
Taco d(A4,(P))= AK< AH (Khong doi)
— GTLN cita d(d, (P)) 1a AH
= d(4,(P)) lén nhdt khi K=H . p /ﬁ "
Taco H(3;1;4), (P) qua H va L AH
= (P):x—4y+2z-3=0 p "
11418
Vay d|\M,(P))=——.
Trong khong gian véi hé truc toa dd Oxyz, cho mit phing (P):x+y—z+2=0 va hai dudng
x=1+t x=3-1
thing d :{ y =t ;d'y=1+¢t".
z=2+2t z=1-2¢

Biét rdng c6 2 duong thang c6 cac dic diém: song song voi (P); cit d,d’ va tao v6i d gbc

30°. Tinh cosin goc tao boi hai duong thang do.

1 1 2 1
A ——. B.—. C..|=. D.—.

75 72 3 2
Huwéng din gidi:

Goi A la duong thang can tim, n, la VTPT cua mit phang (P).

Goi M(1+t;t;2+2t) 1a giao diém cua A va d ; M'(S—t';1+t';1—2t') 1a giao diém cia A va
d'

Ta co: W(2—t'—t;1+t'—t;—1—2t'—2t)

M &(P) —
MM' /] (P)e _ot'=-2=MM'(4-1,—-1-1;,3-21)
MM'Ln,
Ta co cos300=cos(MM',;d)<:>£= |_6t+9| <:{t:4
2 362 -108t+156  [1=-1

Trang 26/31



Cau 51.

= d(B,(P))+d(C.(P))=BB'+CC' =2II".

x=5 x=t
Viy, c6 2 duong thang thoaman 1a A, :{y=4+¢ ;A, sy =—1.
z=10+¢ z=t'

Khi do, cos(Al,A2)=%.

Trong khong gian voi hé truc toa d§ Oxyz, cho 3 diém A(l;O;l);B(3;—2;O);C(l; 2;—2). Goi
(P) 1a m3t phing di qua A sao cho tong khoang cach tr B va Cdén (P) 16n nhat biét rang
(P) khong cit doan BC . Khi d6, diém nao sau day thudoc mat phéng(P) ?

A. G(-2;0;3). B. F(3;0;-2). C. E(1;3;1). D. H(0;3;1)-

Huwong din gidi: 7 7

Goi 7 1a trung diém doan BC; cac diem B',C',I'
lan luot 13 hinh chiéu cia B,C,I trén (P).

Ta c6 tir giac BCC'B’ 1a hinh thang va II'1a duong
trung binh.

Ma 1I' < I4 (v6i 14 khong ddi)
Do vay, d(B,(P))+d(C.(P)) 16n nhit khi I'= 4

=(P) di qua 4 va vudng goc IA v6i

1(2;0;-1).

= (P):—x+2z-1=0= E(1;3;1) (P).

Cau 52.

Cau 53.

Trong khong gian vé6i hé truc toa d Oxyz, cho céc diem 4(1;0;0), B(0;5;0),C(0;0;c) trong
d6 b,c duong va mit phing (P):y—z+1=0. Biét ring mp(ABC) vudng goc véi mp(P) va
d (O,(ABC))z%, ménh d¢é nao sau ddy ding?
A.b+c=1. B.2b+c =1. C.b-3c=l. D.3b+c=3.
Huwéng din gidi:
Ta c6 phuong trinh mp( ABC) 1a %+%+£=1
c

1 1

(ABC)L(P):Z——:O:I):C(I)
c
1 1 1 1 1
Tacd d(O,(ABC))=————=—-">—+—=8(2
1+b—2+—2
C

Tur (1) va (2) :>b=c=%:>b+c=1.
Trong khong gian véi hé truc toa do Oxyz, cho 3 diém 4(1;2;3); B(0;1;1);C(1;0;,-2).

DPiém M e(P) :X+ y+z+2=0sao cho gia tri ctia biéu thirc T = MA® +2MB* +3MC* nho nhat.
Khi d6, diém M cach (Q):2x—y—2z+3 =0 mot khodng bing

a2 B.24. 25 p. .2

.g. . 3 . . 54.
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Huwéng din gidi:
Goi M (x;y;z). Tacd T =6x"+6y° +62° —8x—8y+62+31

oo e

=T =6MI’ +14?5 vé6i 1(3;3;—1j

= T nho nhat khi M7 nho nhat = M 14 hinh chiéu vudng géc cua 7 trén (P)

=>M —i;—i;—2 .
18 18 9

BAI TAP TONG HOQP
Cho miat phang (a):x+y—2z—1=0;(8):5x+2y+11z—3=0. Goc giita mat phing
() va mat phang ( £) bang
A. 120°. B. 30°. C.150°. D.60°.
Trong khong gian v&i hé truc toa d6 Oxyz, cho mit phang (P) ¢6 phuong trinh x + y —3 = 0.
Diém H(2; 1; 2) 1a hinh chiéu vudng goc cua gbc toa dd O trén mot mat phang (Q). Goc giira
hai mit phang (P) va (Q) bang
A.45°. B. 30°. C.60°. D. 120°.
Cho vecto ‘;‘ =2 \:‘ =1; (;t, \:) = % Gocgitra VeCtO’;Vé. vecto ;t - ;bﬁng:
A. 60°. B. 30°. C.90°. D. 45°.
Trong khong gian v6i hé truc toa dd Oxyz, cho dudng thang
— - 2x -3y -3z+9=0 . . ,
d: = > =2 1 . 1, AT . Goc gitra duong thang d va duong thang
9 5 1 x—2y+z+3=0
A bang
A.90°. B. 30°. C.0°. D. 180°.
Trong khong gian véi hé truc toa do Oxyz, cho mit phing (a):2x —y — 2z — 10 = 0; dudng
thing d : x| = 1—2y _it 3 . Goc giita duong thang d va miat phang («) bang
A. 30°. B.90°. C. 60°. D.45°.
Trong khong gian véi hé truc toa dd Oxyz, phuong trinh cac duong thang qua A(3; — 1;1), ndm
) . -2

trong (P): x — y + z — 5 = 0va hop véi duong théngd.% = yT :g mot goc 45° 1a

x=3+1 x=34+73t
A A:qy=-1+t,teR A :{y=-1-2t, teR.

z=1 z=1-5¢

x =342t x=3+15¢
B.A:qy=-1+2t,teR;, A, :qy=-1+38t, teR.

z=1 z=1+ 23¢

x=3+¢ x=3+15¢
C.A:qy=-1+t,teR, A :qy=-1-8t, teR.

z=1 z=1-23t
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Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

x=3—-1 x=3+15¢
D.A:yy=-1-t,teR A :qy=-1-8t, teR.
z=1+1 z=1-23¢
Cho hinh lap phuong ABCD.A'B'C'D' ¢6 canh bang 1. Goi M, N, P lan luot 1a trung diém cac
canh A'B', BC, DD'. Géc giita dudng thiang AC’ va mit phang (MNP) 1a
A. 30°. B. 120°. C. 60°. D.90°.
Trong khong gian véi h¢ truc toa d§ Oxyz,goi(P) la mat phang chia dudng thing

x=1+2¢
d:{y=2—t va tao v6i truc Ox goc co s6 do 16n nhatKhi d6, khoang cach tir diém
z=3t
A(1;—4;2) dén mp(P)la
12+/35
A 1235, B4 c. 20, p. 26
35 3 9 3

Trong khong gian voi hé truc toa 0 Oxyz, cho diem M (2;1;-12),N( 3;0;2). Goi (P) la mat
phang di qua M,N va tao véi mat phang (Q) 2x+2y—3z+4=0 goc c6 s6 do nho nhat. Diém
A(3;1;0) cach mp(P) mot khoang la

NES Y2 c. ¥ p_L .
13 11 2 J22

Trong khong gian véi hé truc toa doOxyz,cho (P):x+y—z—7=0 va hai dudng thing
x-1 y-1 z-2 x-2 y-3 z+4
. = = ;A = = .
1 1 1 2 3 -5
Goi M 1a diém thudc duong théng A,, M co toa do la cac sb duong, M cach déu A, va

(P). Khoang cach tir diém M dénmp(P)la

2

A.24/3. B. 2. C.7. D. NeR

Trong khong gian véi hé truc toa d0 Oxyz, cho 2 diém A(l;—4;3);B(1;0;5) va duong théng
x=-3t

d:{y=3+2¢.Goi C la diém trén duong thing d sao cho dién tich tam giac 4BC nhé nhit.
z==2

Khoang cach gitra diém C va gbc toa do O 1a

A. V6. B. 14. C. V4. D. 6.

Trong khong gian v6i hé truc toa dOOxyz,cho diem A(25;3) va dudng thiang

: x; = % = Zgz-G‘?i (P) 1a mit phing di qua diém A, song song voi dudng thang d sao
cho khoang cach giita d va (P) 16n nhat. Khoang céch tir diém B(2;0;-3) dén mp(P) la
A. g B. % C.7. D. _E’
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

x=4+3¢
Trong khong gian véi hé truc toa do Oxyz, cho diém A(4;—3; 2)Va‘1 duong thrfmg d:y=2+2t.
z=-2—t
Goi (P) 1a mt phing chira duong thing d sao cho khoang cach tir A4 dén (P) 16n nhét. Tinh
khoang céch tir diém B(—2;1;-3) dén mit phang (P) do.
A.24/3. B.2. C.0. D. \/38.
Trong khong gian véi hé truc toa do Oxyz, cho 3 diém A(l; 1;— 2);B(—1; 2; 1);C(—3; 4; 1). Goi
(P) 1a mat phang di qua 4 sao cho tong khodng céch tir B va C dén (P) 16n nhat biét rang
(P) khong cit doan BC . Khi d6, diém nao sau ddy thudc mit phiang (P)?
A. F(-1;2;0). B. E(2;-2;1). C.G(2:1;-3). D. H(1;-3;1).
Trong khong gian voi hé truc toa dd Oxyz, cho céc diém A(a;0;0),B(0;2;0),C(0;0;c) trong
d6 a,c duong va mit phang (P):2x—z+3=0. Biét ring mp(ABC) vudng goc véi mp(P) va

d (O,(ABC)):L, ménh dé nao sau day dang?

V21

A.a+4c=3. B. a+2c¢=5. C.a—c=l. D.4a—-c=3.

Trong khong gian vdi h¢ truc toa do Oxyz, cho 3 diém A(—2; 2; 3);B(1; -1 3);C(3; I —1).
Diém Me(P) :x+2z-8=0 sao cho gia tri ctia biéu thiuc T =2MA* + MB* +3MC* nho nhit.
Khi d6, diém M cach (Q):—x+2y—2z-6=0 mot khoang bing

A.z. B.2. C.i. D. 4.

3 3
Tinh khoang cach tu diém H(3; — 1;— 6) dén mit phang («): x+y—z+1=0.

A. # B.9. C. 34/3. D. 3.

Tinh khoang cach gitra hai mit phang song song (P): 2x+ y+2z=0 va (Q)2x+y+2z+7=0.
A. Z B.7. C. Z D. 2.
9 3
Khoang cach tu diém K(1;2;3) dén mit phang (Oxz) bang
A. 2. B. 1. C.3. D. 4.
x=1+5¢
Tinh khoang cach gitra mit phang («): 2x+ y+2z+4=0 va duong thang d: < y=2-2¢ .
z =—4¢
A. § B. 0. C. i D. 4.
3 3
Khoang cach tu giao diém A cua mit phang (R):x+y+z-3=0 voi truc Oz dén mit phang
(@): 2x+y+2z+1=0 bang
A.z. B. é C. i D.0
3 3 3
x=1-3¢
Cho hai mit phang (P):x+y+2z—-1=0, (0):2x+y+2z=0 vaduongthingd: < y=2+1 .
z=—1+t¢
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Cau 76.

Cau 77.

Cau 78.

Cau 79.

Goi d(d,(P)), d(d,(Q)), d((P),(Q))lan luot la khoang cach gitra dwong thing d va (P), d va

(0), (P) va (Q). Trong cac ménh dé sau, tim ménh dé sai:
g. C.d((P),(Q))=0. D. d(d,(Q))=0.

x=1+¢

A.d(d,(P))=0. B.d(d,(Q)) =

Khoang cach tu diém C(—2;1;0) dén mit phang (Oyz) va dén duong thang A: {y=4+¢ lan
z=6+2t

luot la d, va d,.Chon khang dinh dung trong cac khiang dinh sau:

B. d >d,. B. d =d,. C.d =0. D. d,=1.

Khoang cach tu diém B(1;1;1)dén mit phang (P) bang 1. Chon khang dinh dungtrong cac

khang dinh sau:
A.(P):2x +y—2z + 6 = 0. B.(P:x+y+z-3=0.
B.(P):2x +y + 2z -2 =0. D.(P:x+y +2z—-3=0.

Trong khong gian Oxyzcho mit phang(a):2x—y+2z+1=0 va mat phing
(B):2x—y+2z+5=0.Tap hop céc diém M cach déu mit phang (a)va (B) la
A2x—y+2z+3=0. B.2x—y-2z+3=0.
C2x—-y+2z-3=0. D.2x+y+2z+3=0.
Trong khoéng gian Oxyz cho mit phang (a):x—2y+2z+1=0 va mit
phéng(ﬂ):2x—y+2z+l = 0. Tap hop cac diém cach déu mit phang (a) va (ﬂ) la
-y+2=0 -y+2=0
AT . B| 7 .
3x+3y+4z+4=0 3x-3y+4z+4=0

c x—y+2=0 D x+y+2=0
[3x-3y+4z+4=0 13x—3y+4z+4=0
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