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HE THUC LUQNG
TRONG TAM GIAC

CHUONG

—

BAI 6. HE THUC LUQNG TRONG TAM GIAC

@ LY THUYET.

Cho tam gisac ABC, BC =a, CA=b, AB=c, S ladién tich tam gidc. Gia st &, h,,h_ lan lugt
la d6 dai cac duong cao di qua ba dinh 4,B,C; m,,m,,m, lan luot 1a céc dudng trung tuyén di
qua ba dinh 4,B,C. R va r 1an luot 1a ban kinh duong tron ngoai tiép va ndt tiép cua tam giac
ABC . Ta c6 két qua sau day:
1. Dinh li c6sin
a’=b>+c* -2bc.cosd, b*=c’+a’*—2ca.cosB, ¢’ =a’+b’—2ab.cosC.

*H¢ qua cta dinh li cosin

2 2 2 2 2 2 2 2 2
O el OO S i AN il
2bc 2ac 2ab
. ;. ‘s b c
2. Dinh li sin trong tam giac: =2R.

sind sinB sinC
3. Cong thirc dién tich:

c

a) S:laha :lbhb :lch .
2 2 2

b) S =lbcsinA =lcasinB :labsinC
2 2 2

) S:a_bc
4R

d) S = pr véi p:%(a+b+c)

e) Cong thuc Hé- Rong S =\/p(p—a)(p—b)(p—c)
4. Cong thirc trung tuyén (b sung)
2 2y 2 2 2N 12 2 2y 2
m§:2(b +:) a ,m§:2(a +:) b ,mfzz(a +i) c

<‘> BAI TAP SACH GIAO KHOA.
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3.5. Cho tam giac ABC ¢6 a=6,b=5,c=8. Tinh cos 4, S, r.
3.6. Cho tam gidc ABC c6 a=10,4=45° B=70°. Tinh R,b,c.
3.7. Giai tam giac ABC va tinh dién tich ctua tam giac do, bit A= 15°, B= 130°,c =6.
3.8. Mot tau danh c4 xuat phat tir cang A4, di theo huéng  Hyeng SeE I3 huéng tao véi huéng nam

o re A A . ~o s goc o va tao véi hudng dong goéc 90° — o°.
S70°E véi van toc 70 km/h. Bi dugc 90 phut thi Céc hudng Sa®W, Na°E, NaW cing duoc

dong co cua tau bi hong nén tau troi ty do theo dinh nghfa mét cach tuong tu.
hudng nam véi van toc 8 km/h. Sau 2 gio ké tur khi NeW, N NE

dong co bi hong, tau neo dau dugc vao mdt hon dao. N: huéng bic
) ) S: hudng nam
a) Tinh khoang cach tir cang A4 t&i ddo noi tau neo dau. w E W huréng tay
b) Xac dinh hudng tir cang A tGi dao noi tau neo dau. E: hrémg ddng
Sa°W s Sa°’E
3.9. Trén n6c mot tdoa nha c6 mot cdt ang-ten
B -
\ A s , *
cao Sm. Tu mot vi tri quan sat A cao 7 m so wn “,
'F__ - C \\‘ I“‘
TSI Y S 2 . A » \ A 5 AL x s ™
v6&i1 mat dat ¢o thé nhin thay dinh B va chan C cua c)t ang-ten, véi A N “‘
cac gdc tuong Grn & i >
g g tmg iR w[; o
12 50°va 40° so v6i phwong ndm ngang | | |_| } 7m

7777

(H.3.18).
Hinh 3.18
a) Tinh cac goc cua tam giac ABC.

b) Tinh chi€u cao cua tda nha.

3.10. Tur bai bién Viing Chua, Quang Binh, ta c6 thé ngam duoc Pao Yén. Hay dé xuit mot cach
xac dinh bé rong ctia hon dao (theo chiéu ta ngam duogc). Pdo Yén nhin tie bai bién Viing Chua,
Quang Binh
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3.11. Bé tranh nui, duong giao thong hién tai phai di vong nhu mé hinh trong Hinh 3.19.

Dé rut ngan khoang cach va tranh sat 16 ndi, nguoi ta dy dinh lam duong hdm xuyén nui, ndi thing
tr 4 té1 D. Héi do dai duong mai s€ gidm bao nhiéu kilomét so véi duong cii?

@ HE THONG BAI TAP.

 DANG I: GIAI TAM GIAC
{Tim mot so yéu to cua tam giac khi cho biét cac yeu to khac.}

<0> PHUONG PHAP.

+ Ap dung céc cong thirc sach gido khoa nhu: dinh li cosin, hé qua cua dinh li cosin, dinh 1i sin,
cac cong thuc lién quan dén dién tich dé€ van dung vao lam bai.

<0> BAI TAP TU LUAN.

Cau 1. Cho tam gidgc ABC c6 AB =4, AC =6, 4 =120°. Tinh do dai canh BC
Cau 2. Cho tam gidc ABC c6 a=7;b=8;c=5 . Tinh ;I,S,ha,R.

Cau 3. Cho tam gidc ABCco6 do daibacanhla AB=2, BC=5, CA=6. Tinh dj dai dudong trung tuyén
MA ,véi M 1a trung diém cia BC.

Cau 4. Tam giac ABC vuongtai 4 co0 AC =6 cm, BC =10 cm. Tinh ban kinh dudng tron ndi ti€p tam
giac ABC .

Cau 5. Cho tam gidc ABC c¢6 b=7, c=5, cos 4 :%. Tinh d§ dai duong cao A, cuatam giac ABC.

<¢> BAI TAP TRAC NGHIEM.

Caul: Cho AABC ¢b BC =a, BAC =120°. Ban kinh dudng tron ngoai tiép A4BC 1a

av'3 a\/§

. C.R=——. D. R=a.
2 3

A. R= B. R=

Cau 2: Tam giac ABC ¢y a=8 c=3 B= 60° b6 dai canh b béng bao nhiéu?

A. 49. B. 97 C.7. D. J/61.
CAu3: Cho A4BC ¢ a=4 c=5 B =150° Tinh dién tich tam giac ABC

A. S=10. B. S=104/3. C.S=5. D. S=5J3.
Cau4: Mot tam giac c6 ba canh 1a 52, 56, 60 . Ban kinh dudng tron ngoai tiép tam giac do 1a
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Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:
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A. %5 B. 40. C. 32,5. D. 65,8.
Khoang cach tir 4 dén B khong thé do truc tiép dugc vi phai qua mot dam lay. Nguoi ta
x4c dinh duge mot diém C ma tir d6 c6 thé nhin dugc 4 va B dudi mot goc 60°. Biét

CA=200(m), CB=180(m). Khoang cdch AB bing bao nhiéu?

A. 228(m). B. 204/91(m). C. 112(m). D. 168(m).
Tam giac 4BC co goc A nhon, 4B=5 AC=8 (i¢n tich bang 12- Tinh d6 dai canh BC.
A. 243, B. 4. C.5. D. 3V2.
Tam giac ABC 5 g4p=4,A4C=6 vy trung tuyénBM =3 Tinh d¢ dai canh BC.
A V17 B. 2./5. C. 4. D. 8.
Tam giac ABC ¢y g4p=4, AC=10 v dudng trung tuyén AM =6 Tinh d6 dai canh BC.
A. 276 B. 5. C.V22. D. 2422.
Tam giac ABC co6 A= 75°,ZA3 =45°,4C =2 . Tinh canh AB.
A.ﬁ. B. /6. C.ﬁ. D.ﬁ.
2 2 3
Tam giac ABC ¢ B= 600, C= 450,AB =3 Tinh canh AC
A.&. B.ﬂ. C. 6. D.ﬁ.
2 2 3
-z v . o D o v , « AB
Tam giac ABC c6 cac goc A4 =75° B =45°. Tinh ti s6 c
A. ﬁ. B. V6. C. ﬁ. D. 1,2.
3 2
Tinh ban kinh dudng tron ngoai tiép tam giac ABC biét AB =c va cos(A+ B) = % .
A &2 g, 3V2. ¢ 92 p. 3.
2 8 8 2
i4c ABC o4 cac ooc A=105° B=45° Tinh i 628
Tam giac co cac goc , . Tinh ti soA—C.
A2 B. 2. c. 2 p. Y6
2 2 3
Tam giac 4BC ¢9AB=4 AC=5 BC=6 Tinhcos(B+C).
A. l B. —l. C. —0,125. D. 0,75.
8 4
Tam giac c6 ba canh lan luot 1a 2,3,4 . Goc bé nhat cua tam giac ¢ sin bﬁng bao nhiéu?
A s B. L. c. L p. Y14,
8 8 2 8
Tam giac c6 ba canh lan luot1a 3, 8, 9. Goc 16n nhit cia tam giac co cosin bé“mg bao nhiéu?
A.l. B. —l. C.ﬁ D. —i.
6 6 4 25

Hinh vuéng 4BCD c6 canh béng a.Goi E latrung diém canh BC, F la trung diém canh AE
. Tim d0 dai doan théng DF .

THI247.com



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:
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a

A. B.

V13 >, c. a3 D. 34
4 4 2 4
Tam gidgc ABC ¢¢BC=12 CA=9 AB=6 Trgn canh BC 14y diém M sao cho BM =4 Tinh

d6 dai doan thang AM

A. 245. B. 34/2. C. J20. D. J19.
BC

Tam gidc ABC vudng tai Acd AB= AC =a.Piém M nam trén canh BC sao cho BM = 5

D6 dai AM bing bao nhiéu?

A a17 B a5 C 2a2 D 2a

3 T3 3 3

Tam giac 4BC ¢ cos(A+B)=—%, AC=4 BC=5 Tinhcanh 4B

A. 46 B. 11. C. 5v2. D. 6.

Tam giac 4BC ¢ AB=T7 AC=5 vy cos(B+C):—§. Tinh BC

A. 2415, B. 4422, C. 415 D. 2422.

Tam giac ABC ¢4 BC = \/g , AC=3 y3 cotC=2 Tinh canh 4B

A. 6. B. V2. C.% D. )10,

Tam giac ABC o AB=3 AC=4 y3 tan 4= —2+/2  Tinh canh BC

A. 3\2. B. 43. c.V33. D. 7.

Cho tam giac ABC ¢4 canh BC=a , canh CA=b Tam giac ABC ¢4 dién tich 16n nhat khi goc
C bang:

A. 60°. B. 90°. C. 150°. D. 120°.

Cho tam giac MPQ vuodng tai P . Trén canh MQ lay hai diém E, F sao cho cac goc ,pg .
EPFE > @ bﬁng nhau. Pat MP =g, PO =m, PE =x, PF =y . Trong cac h¢ thirc sau, h¢ thirc
nao dung?

A. ME=EF =FQ. B. ME* =¢*+x* —xq.
C.MF’=¢"+y"~yq. D. MO* =q*> +m” —2qm.

Tinh goc € cta tam giagc 4BC bidt a#b va a(a2 —cz) :b(b2 —cz) :

A. C=150°. B. C=120°. C. C=60°. D. C=30°.

Tinh ban kinh dudng tron ngoai tiép tam gidc ABC biét AB =12 va cot(A+ B) = % )

A. 2\/5. B.@. C. 5\/5. D. 3/2.

Tinh ban kinh dudng tron ngoai tiép tam giac ABC biét AB=10 va tan(A4 + B) = %

A. @. B. ?. C. @ . 5\10.

Tam giac ABC ¢ AB=4,AC=6 cosB:é,coscz%.Tinhcanh BC
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AT, B. 5. C. 3f3. D. 2.

Cau 30: Cho tam giac can ABC c6A4=120"va AB=4C=a. Liy diém M trén canh BC sao cho

BM zg. Tinh do6 dai AM

a\/§ 11a aﬁ a\/g

A. : B. —=. C. : D.
3 5 5 Z

DANG 2: HE THUC LIEN HE GIUA CAC YEU TO TRONG TAM GIAC, NHAN DANG TAM GIAC

<0> PHUONG PHAP.

Ap dung céac cong thirc sach giao khoa nhu: dinh 1i cosin, hé qua ctia dinh 1i cosin, dinh li sin,
cac cong thure lién quan dén di¢n tich dé van dung vao lam bai.

<0> BAI TAP TU LUAN.

Cau 1. Cho tam giac ABC thoa sind _ 2cosC . Tam gidc ABC la tam giac gi?

Sin
Cau 2. Chirng minh trong tam gidc ABC tac6: h, =2R.sin B.sinC

Cau 3. Cho tam gidc ABC . Chimg minh S =Rr.(sinA+sin B+sinC) .
b+c’-a’ i
Cau 4. Cho tam giac ABC théa { pic—a . Chung minh tam gidc ABC 1a tam giac déu.
a=2b.cosC
Cau 5. Chting minh trong tam giac ABC ta c6: sin B.cos C +sin C.cos B =sin 4

<¢> BAI TAP TRAC NGHIEM.

Cau 1: Cho tam giac ABC, chon cong thirc dung trong cac dap an sau:
2

2_b2+02 a 2_a2+c2 b

A. m, t—. B. m, = -—.
2 4 2 4
, 207 +20° -a? , a’+b* &
cm=—-—-, D. m; = —
4 2 4
Cau 2: Trong tam giac ABC, cau nao sau day diang?
A. a>=b"+c’> +2bc.cos A. B. @’ =b*> +c* —2bc.cos A.
C.a>=b>+c*+bc.cos A. D. a> =b> +c* —bc.cos 4.
Cau3: Néutam giac 4BC ¢4 @’ <b*+¢” thi:
A. 4 la goc tu. B. 4 lagécvudng. C. 4 1a goc nhon. D. A 1a goc nho nhét.

Cau4: Tam gidc ABC c6 ba canh thoa méin diéu kién (a +b+ c)(a +b- c) =3ab . Khi d6 sb do cua /C\'

la
A. 120°. B. 30°. C. 45°. D. 60°.
Cau 5: Cho tam gidc ABC . Khang dinh nao sau day 1a dung?
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:
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2 4
A m’+m; +m’ :—(a2 +b’ +cz). B. m> +m; +m. :—(a2 +b’ +cz).
3 3
1 3
C.m +m, +m’ :—(a2 +b’ +cz). D. m. +m, +m’ :—(a2 +b’ +cz).
3 4
Cho tam gidc ABC thoa min ¢ = a.cos B. Khang dinh nao sau day 1 ding?
A. Tam giac ABC la tam giac can. B. Tam giac ABC la tam giac nhon.
C. Tam gidc ABC la tam giac vudng. D. Tam gidc ABC 1a tam giac tu.

Dién tich S cuia tam gidc s€ théa man h¢ thirc nao trong hai h¢ thirc sau day?

L S*=p(p-a)(p-b)(p-c).

IL 168* =(a+b+c)(a+b—c)(a-b+c)(—a+b+c).

A.Chi L. B. Chi II. C.Calvall D. Khong cé.

Cho tam gidc ABC, cac dudng cao N, h,, b, thoa méan hé thuc 3k, =2k, +h,. Tim hé thic giira

a, b, c.
A.izz—l. B. 3a=2b+c. C.3a=2b-c. D.§=£+l.

a b c a b c
Trong tam giac ABC, h¢ thirc nao sau day sai?
A. g= b.sin 4 . B. sinC = c.sin 4 . C.a=2Rsin4. D. b=R.tanB.

sin B a

Cho tam giac ABC thoa man hé thirc b+c =2a. Trong cac ménh dé sau, ménh dé nao dang?
A. cosB+cosC=2cos A. B. sinB+sinC =2sin 4.
C. sinB+sinC=%sinA. D. sinB+cosC =2sin 4.

Tam giac ABC c6d A=120° thi cau nao sau day dung?
A.a’=b*+c*-3bc. B.a’=b*+c*+bc. C.a’>=b>+c*+3bc. D.a>=b>+c*—-bc.

Trong tam gidc ABC , diéu kién dé hai trung tuyén vé tir 4 va B vudng goc voi nhau la:

A. 2a° +2b* =5¢°. B. 3a® +3b* =5¢°. C. 2a° +2b* =3c>. D. a* +b*> =5¢7.
Trong tam giac ABC | néuco @* =b.c thi:

1 1 1 I 1 1 1 2 2
A S=———. B. b =hh,. C.—5=—+—. D.—g=—+—.

ha hb hc ha hb hc ha hb hc
Trong tam giac ABC , néu ¢ Zha Zhb +hc thi :
A2t 1 B. 2sin A =sin B+sinC.

sin4 sinB sinC
C.sinA=2sinB+2sinC. p. 2 b 1

sin4d sinB sinC

Trong tam giac ABC, cau nao sau day diung?
A'ma:b;c- B-ma>bJ2rc. C.ma<b;Lc. D.ma:b+c_

Tam gidc 4BC ¢6 cac canh ¢, b, € théa man diéu kién (a+b+c)(a+b—c) =3ab . Tinh sb do

cua goc C.

A. 45°. B. 60°. C. 120°. D. 30°.
Cho tam giac ABC , xét cac bat dang thirc sau:

L. |a - b| <c.
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IL a<b+c.
HI. m,+m, +m, <a+b+c.

Hoi khang dinh nao sau day dang?

A.Chi L IL B. Chi II, I1I. C. Chi I IIL D.CaL II, III.
Cau 18: Tam gidc ABC c6 céc canh a, b, ¢ thoa man diéu kién b> + > —a* =~/3bc . Tinh sb do cia goc
A.
A. 45°. B. 60°. C. 120°. D. 30°.
Cau 19: Tam gidc ABC a.cos B =b.cos A. Tam giac ABC la tam giac gi?
A. Tam giac vudng. B. Tam giac déu. C. Tam giac vuong canD. Tam giac can.

Cau 20: Cho tam giac ABC vuong taid, AC=b,AB=c. Léy diém M trén canh BC sao cho goc
BAM =30° Tinh ti s6 22 .
MC

A.@. B.@. .ﬁc. iy
3¢ 3b b b+c
Céu 21: Ménh d& nao sau déy sai?
A.Néu a® >b> +¢* thi 4 1a goc tiL.
B. Néu tam giac ABC c6 mot goc ti thi a® > b +¢*.

C.Néu a® <b*+¢* thi 4 1a goc nhon.
D. Néu a® =b> +¢* thi 4 1a géc vudng.

DANG 3: UNG DUNG THUC TE
<0> PHUONG PHAP.

Ap dung céc cong thirc sach gido khoa nhu: dinh li cosin, hé qua cua dinh 1i cosin, dinh 1i sin,
cac cong thuc lién quan dén dién tich dé€ van dung vao lam bai.

@ BAI TAP TU LUAN.

Cau 1:  Hai chiéc tau thuy cting xut phat tir vi tri 4, di thiang theo hai huéng tao v6i nhau mot goc 60°
. Tau thtr nhat chay voi toc do 30km / h , tau th hai chay véi toc &0 40km /. Hoi sau 2 gio hai

tau cach nhau bao nhiéu kim ?

Cau2: Tir mot dinh thap chiéu cao CD=80m , ngudi ta nhin hai diém 4 va B trén mat dat dudi cac
goc nhin 1a 72°12' va 34°26' so v6i phuong nam ngang. Ba diém 4,B,D thang hang. Tinh
khoang cach 4B (chinh x4c dén hang don vi)?

<‘> BAI TAP TU LUAN TONG HQP.

Cau 3: Cho tam giac ABC c6 a=13,bh=8,c=7. Tinh goc A, suyra S, h, R, r, m,.
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Cau 4:

Cau 5:

Cau 6:
Cau 7:

Cau 8:
Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:
Cau 15:

Cau 16:
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Cau 18:
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Cho tam giac ABCc6 AB =4, AC =5 va cosA = g Tinh canh BC, va d6 dai duong cao
kétr 4.

Cho tam giadc ABC ¢6 AB =10, AC =4 va A=60"

a) Tinh chu vi cua tam giac

b) Tinh tanC

Giai tam gidc ABC biét A = 60°, B = 40° va ¢ = 14,

Giai tam giac ABC , biét:

~

b = 4,5 A = 30 C =75

Cho tam gidc ABC can tai A biét a = \/5; B=C=30°. Tinh R, r,canhc, b, suyra S

Cho tam giac ABC ndi tiép duong tron ban kinh bang 3, biét A = 30°, B = 45°. Tinh d6 dai
trung tuyén ké tir A va ban kinh dudng tron noi tiép tam giac.
Cho tam giadc ABC' thoa man sin* A = sin B.sin C'. Chiing minh rang

a) a” = bc
1
b) cos A > —
2
Tam gidc ABC ¢6 BC = a, CA=0b, AB = cvatrung tuyén AM = AB = ¢ ching minh rang;

a) a =2 —c)
b) sin® A = 2(sin® B —sin’ C)
Cho tam giac ABC' . Chirg minh rang diéu kién can va di dé hai trung tuyén ké tir B va C vudng
gbéc véinhau la b* + ¢* = 5a”.
Chung minh rang trong moi tam gidc ABC ta co;
a) a = b.cosC + c.cos B
b) sin A = sin BcosC + sinC cos B
Chtrng minh ring trong moi tam giac ABC' ta c6: h, = 2Rsin BsinC
Tim tinh chat dic biét cua tam giac ABC biét: 2acos A=b.cos C +c.cos B
a=2bcosC (1)
Nhan dang tam giac ABCbiét: 7 | 4% _p® _ ¢°
@ =——— (2)
a—b—c
Nhan dang tam gidc ABC biét: a.sin A + bsin B 4 ¢sinC' = h,+h, +h

Cho tam giadc ABC' . Chimg minh tam giac ABC cén néu h = c.sinA
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HE THUC LUQNG
TRONG TAM GIAC

CHUONG

—

BAI 6. HE THUC LUQNG TRONG TAM GIAC

@ LY THUYET.

Cho tam giac ABC, BC =a, CA=b, AB=c, § ladién tich tam gi4c. Gia sit &, h, ,h_ lan lugt
la 46 dai cac duong cao di qua ba dinh 4,B,C; m,,m,,m, lan luot 1a cac duong trung tuyén di
qua badinh 4,B,C. R va r lan luot 1a ban kinh dudng tron ngoai ti€p va ndt tiép cia tam giac
ABC . Ta c6 két qua sau day:
1. Dinh li c6sin
a’=b>+c*—2bc.cos A, b*=c*+a’—2cacosB, ¢ =a’ +b’>—2ab.cosC.

*H¢ qua cia dinh li cosin

2 2 2 2 2 2 2 2 2
+c° - +c" = +a” —
cos A=A T e
2bc 2ac 2ab
b c

- =— =——=2R.
sind sinB sinC

2. Dinh li sin trong tam giac:
3. Cong thirc dién tich:

a) S:laha :lbhb =lchc.
2 2 2

b) S :lbcsinA :lcasinB :labsinC
2 2 2

¢) S:a_bc
4R

d) S = pr véi p=%(a+b+c)

e) Cong thic Hé- Rong S = \/p(p—a)(p—b)(p—c)
4. Cong thirc trung tuyén (b sung)
= 2(b° +‘c‘2)—012 = 2(a’ +:2)—b2 = 2(a’ +Al:2)—c2
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<‘> BAI TAP SACH GIAO KHOA.

3.5. Cho tam giac ABC ¢6 a=6,b=5,c=8. Tinh cos 4, S, r.
Loi gidi

b*+ct—-a® 57+8 -6 53
Tacd cos A= = =—
2bc 2.5.8 &0

a+b+c 6+5+8 19

Nuachuvila P= =5 Ap dung cong thirc Heron ta c6:

2
19( 19 19 19 34399
S = -a)p-b)p-c)= |[—| —-6|| —=5|| —-8|=
Jp(p-a)(p-b)(p )Jz(z ](2 ](2 j y
S 34399
Do S=pr=>r=—=———-.
P 38
3.6. Cho tam giac ABC c6 a = 10,;1 =45°, B =70°. Tinh R,b,c.
Loi gidi
. ) L. ., a a 10
Ap dungdinhlysintacO6 ——=2R=> R=——=—— = 52.
sin 4 2sin 4 2.sin45°
Ta c6 a__ b jb:as1nB:10.s1n7O ~ 13,289
sind sinB sin 4 sin 45°
Vi A4B+C=180°= C=180°— A- B =65°= ¢ = 250C _10.8n65° o)

sin 4 sin 45°
3.7. Giai tam giac ABC va tinh dién tich cta tam giac do, biét A=15° B=130°c=6.
Loi giai
Tacd A+B+C=180°= C=180°— A— B =35°

B csin A B 6sin15° N

a - =— ~2,71
, ] ) a b c sinC  sin35°
Ap dung dinh ly sin ta c6: —; =— =— = ] ]
sin4d sinB sinC b csinB  6sin130° ~2.01

sinC  sin35°

Di¢n tich ctia tam giac la: S = %a.c.sinB = %.2,71.6.sin130° ~ 6,228
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3.8. Mot tau danh c4 xudt phat tir cang A, di theo hudng Hyeng SaE 1a huong tao voi huéng nam

°F véi van td . . > goc o va tao véi hudéng déng goéc 90° — a.
S70°FE véi van toc 70 km/h. Bi dugc 90 phat thi Céc huong SooW, NacE, NoW cling duoe

dong co cua tau bi hong nén tau troi ty do theo dinh nghia mét cach tuong tu.
huéng nam véi van toc 8 km/h. Sau 2 gio ké tir NeW, N o NeE
khi dong co bi hong, tau neo dau dugc vao mdt hon " !
dao.

N: huéng bic
S: huréng nam
E W: huréng tay
E: huédng déng

a) Tinh khodng cach tir cang 4 t&1 ddo noi tau neo
dau.

b) Xéac dinh hudng tir cdng 4 t&i ddo noi tau neo
dau.

Loi giai
a) Theo gia thiét ta c6: AB =105km, BC =16km,

Goéc BAD =70°, ABD = 20° = ABC = 160°

Khoang cach tir 4 téi dao tau neo dau bang doan AC. A

Ap dung dinh 1y cosin ta cé: B

AC = \|AB* + BC* -2 AB.BC.cos B

= \/1052 +16% —2.105.16.cos 160" =120,16km

2 2 _ 2 ~ .
b) Ta c6 cos A =2 ;jBCACBC ~0,999 = A ~2°37'= NAC =107°23". Vay hudng tir

cang A t6i1 dao noi tau neo dau 1a huéng Pong.

3.9. Trén n6¢c mot tdoa nha c6 mot cdt ang-ten
cao S m. Tur mot vi tri quan sat 4 cao 7 m so B "I-._.
m
hY

voi mat dat c6 thé nhin thay dinh B va chan C cta ¢t ang-
ten, vdi cac goc tuong Ung o,

3 | 1 & | so° f
la 50°va 40° so véi phuong nam ngang : z ---------[‘-;:fﬁ! ------

(H.3.18).

a) Tinh cac goc cua tam giac ABC. Hinh 3.18
b) Tinh chiéu cao cua tda nha.

Loi giai
a) Ta c6 BAC =50°—40°=10°,
ABC=90°~BAD =40° = ACB=180°~ ABC~BAC =130°

b) Ap dung dinh 1y sin trong tam giac ABC ta c6

509
: : o D A
_ BC.sinB _ 5.s1n 40 ~18.51.

BC _AC _ 4c=5C .
sin4 sinB sin 4 sin10°
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Xét tam giac ACD vudngtai D ¢6 CD = AC.sin40°~11,9
Vay chiéu cao cua toa nha la: 1 1,9+7=18,9m.

3.10. T bi bién Viing Chua, Quang Binh, ta c6 thé ngém duoc Bao
Yén. Hay dé xuit mot cach xéc dinh bé rong cia hon dao =
(theo chiéu ta ngdm duoc). Pdo Yén nhin tir bdi bién Viing = B
Chiia, Qudng Binh

Loi giai
Goi A, B 1a hai vi tri ngoai cung ma ta quan sat khi nhin
tir bai bién
Tir mot diém C trén bai bién dung giac ké ta xac dinh
duoc gbéc ACB=a.

Lay diém D trén bii bién sao cho 4,C, D thing hang va

¢6 do dai doan CD = amét. Ta xéac dinh duoc ADB = B.

Tur d6 ap dung dinh li sin cho hai tam giac BCD va ABC ta xac dinh dugc bé rong 4B cua
hon dao.

3.11. Bé tranh nui, duong giao thong hién tai
phai di vong nhu mo hinh trong Hinh 3.19.
Pé rit ngin khoang cach va tranh sat ¢ nii,
nguoi ta du dinh lam duong him xuyén nii,

nbi thang tir 4 t6i . Hoi do dai duong mai

~ .0 A 1A I3 7. by ~r)
s€ giam bao nhiéu kilomét so véi duong cii’ Hinh 3.19

Loi giai

Dung CE, BF vudng géc véi 4D .

Xét tam giac CDE vudng tai E ¢ D=C=45°

— DE = CD.sin45° = 65/2 km.

Xét tam giac A4BF vudng tai F cO B=15°
= AF = AB.sin15° = (26 - 22 ) fom

Mit khac EF = BC = 6km

= AD = DE + EF + FA=6+ 42 + 26 ~16,56 k.
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Vay d¢ dai duong mdi s€ gidm 9,44 km so voi duong cil.

@ HE THONG BAI TAP.

 DANG I: GIAI TAM GIAC
{Tim mot so yéu to cua tam giac khi cho biét cac yeu to khac.}

<0> PHUONG PHAP.

+ Ap dung céc cong thirc séch gido khoa nhu: dinh li cosin, hé qua cua dinh li cosin, dinh 1i sin,
cac cong thuc lién quan dén dién tich dé€ van dung vao lam bai.

<0> BAI TAP TU LUAN.

Cau 1. Cho tam giac ABC c¢6 AB=4,4AC = 6,2 =120°. Tinh d6 dai canh BC
Loi giai

BC* = AB* + AC* =2 A4B.AC.cosA = 6" +4° —2.6.4.cos120°

=62+42—2.6.4._?1=76:>BC:\/%:2\/E.

Cau 2. Cho tam giac ABC ¢6 a=7;b=8;c=5 . Tinh :‘\I,S,ha,R.
Loi gidi

b+t —-a* 8 +5 -7
+ cos A4 = = =

L o600
2be 285 2

+ 8= %b.c.sinA - %.s.s.sm 60° =10/3 .

+ Ta co: S:la.ha =h, :§:2.10\/§ :20\/5 _
2 a 7 7

Tach: S = ab.c SR ab.c _ 7.8.5 _ 7\/§
4R 48 41043 3

Céu 3. Cho tam giac ABC c6 do daibacanh1a AB=2, BC=5, CA=6. Tinh d6 dai duong trung tuyén
MA , véi M 14 trung diém cua BC.
Loi giai

Ap dung cong thtc tinh d6 dai trung tuyén ta c6:

2 4 2

2 2 2 2 2 2
MA:\/AB ;AC _B:‘ :\/2 +6' 5 55
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Ciu 4. Tam giac ABC vuéngtai 4 c6 AC =6 cm, BC =10 cm. Tinh ban kinh dudng tron ndi tiép tam

giac ABC .
Loi giai

Do tam giac ABC vuongtai 4 ¢c6 AC=6 cm, BC =10 cm nén

AB =~/BC? - AC* =+/10* -6 =38.

Dién tich tam giac ABC 1a S, ,,. = %AB.AC =24.

A 224
AB+BC+CA 6+8+10

Bén kinh dudng tron noi tiép tam giac ABC 1a r =

Céu 5. Cho tam gidc ABC ¢6 b=7, c=5, cos 4 :% . Tinh d¢ dai duong cao A, ctatam giac ABC.

Loi giai

°C

. 4 A I4 2 2 2 3— — \/_
Theo dinh li ham cos ta c6 o =b* +¢ —2bccosA:49+25—2.7.5.§—32:>a—4 2.
Ta lai co: cosA=§ :sinA:%.

Dién tich tam giac ABC 1a S, ,,. =%bcsinA = 7.5% =14.

1
>
2‘S'AABC — 28 7\/5

a 4\/5 2

Vi S, sc =%a.ha nén h, =

72

2
Vay h, =——.
ay n, )

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cho A4BC ¢4 BC=a BAC=120° Ban kinh duong tron ngoai tiép ABC 13

A R=DB B. R=2. c. R=93 D. R=a.
2 2 3
Loi giai
Chgon D
. BC
Theo dinh ly sin trong tam gidctacdé 2R=——=—=R = l - 9 _ av3 .
sin BAC 2 sin120° 3
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Cau 3:

Cau 4:

Cau 5:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Tam giac ABC ¢ a= 8, c=3 , B=60° pg dai canh b bang bao nhiéu?

A. 49. B. /97 . C.7. D. J6l.
Loi giai

Chon C

b’ =a*+c*—2accosB =8 +3*—-2.83c0s60° =49 =b=17.

Cho A4BC ¢ a=4 c¢=5 B=150° Tinh di¢n tich tam gidgc 4BC.

A. S=10. B. S=104/3. C. §=5. D. S=5V3.
Loi giai

Chon C

Dién tich tam giac ABCla § :%ac sin B = %.4.5 sin150° =35.

Mot tam giac c6 ba canh 1a 52, 56, 60 . Ban kinh duong tron ngoai tiép tam giac d6 1a

A. 6745. B. 40. C.32,5. D. 65.8.
Loi giai

Chon C

Ta co: p:w =84.

Ap dung hé thirc Hé — rong ta c6: S = \/84(84 —52)(84-56)(84-60) =1344.

Mit khac § = 26¢ _ gp_dbc _32.56.60 ) o
4R 4S  4.1344

Khoang cach tir 4 dén B khoéng thé do truc tiép dugc vi phai qua mot dam 1ay. Nguoi ta
xac dinh dugc mot diém C ma tir d6 ¢6 thé nhin duoc 4 va B dudi mot goc 60°. Biét
CA4=200(m), CB=180(m). Khoang cach AB bang bao nhiéu?

A. 228(m). B. 20791 (m). C. 112(m). D. 168(m).
Loi giai

Chon B
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CHUYEN DE Il - TOAN 10 - CHUONG IIl - HE THUC LUQNG TRONG TAM GIAC
AB® = CA* + CB® —2CACB.cos 60° = 36400 = AB=2091(m).

Tam giac ABC ¢4 g6c 4 nhon, AB = 5, AC=8 , dién tich béng 12. Tinh do dai canh BC.

A. 243, B. 4. C.s. D. 32,
Loi giai
Chon C
Tacd: S=L ABAC.sin A= sind=—25 =212_3 34 _3605012"
2 ABAC 58 5

BC? = AB> + AC?> =2.AB.AC.cos A =5 +8 —2.5.8.c0s36°52'12" ~ 25 = BC ~ 5.

Tam giac ABC ¢4 4 =4 , AC=6 3 trung tuyén BM =3 Tinh d6 dai canh BC,

A7 B. 24/5. C. 4. D. 8.
Loi giai
Chon B
B
4
3
4 6 M C

AB*+BC*  AC*
2 4

Ta co: BM* =

2
= B(C? :2(BM2 + Af J—AB2

2
=2(32+%j—42 =20=BC=2/5.

Tam giac ABC ¢y 4p =4 , AC=10 vy duong trung tuyén AM =6 Tinh do dai canh BC,

A. 246 . B. 5. C.V22. D. 2422.
Loi giai
Chgon D
A
4 10
6
B M C
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AC*+4B*> BC’
2 4

2 2 2 2
= BC? :4(w_AM2J:4[10 ;4 —62J: =88= BC=2422.

Ta co: AM?* =

Cau9: Tam giac ABC c6 A=75°B=45°,AC =2 . Tinh canh 4B.

A.ﬁ. B. V6. C.ﬁ. D.ﬁ.
2 2 3
Loi giai
Chon B
Ta co: .b _ .c DAB:czb.émCzAC'.s1nC:2.s1n(l8(? -75 _45)=\/6.
sinB sinC sin B sin B sin45°
Cau 10: Tam giac ABC ¢4 B:60°, C:45O,AB:3. Tinh canh AC
A.ﬁ. B N2 C. 6. p. 26
2 2 3
Loi giai
Chon A
Ta ¢6: .b _ .c :>AC=b=c"SmB=A?'SmB=3"Sm6O =3.\/6.
sinB  sinC sinC sinC sin45° 2
A . T ~ i1 . 4 AB
Cau 11: Tam giac ABC c6 cac goc 4 =75° B =45°. Tinh ti s0 c
A. ﬁ. B. /6. C. ﬁ. D.1,2.
3 2
Loi giai
Chon C
, ¢ AB ¢ sinC  sin(180°—75°—45°) /6
Ta co: = =—_= = N

sinB:sinC AC b sinB sin 45° 2

Cau 12: Tinh ban kinh dudng tron ngoai tiép tam giac ABC biét AB =c va cos(A+ B) = % :

A. ﬁ B. 3"*/5. C. 96*/5. D. 3¢,
2 =g 8 2
Loi giai
Chon B
1

Ta co cosC=—cos(A+B)= -3
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

2
Do do6 sinC = 1—(—1j =&.
3 3
48 _)r—r=_"8 e
sinC 2sinC 8
50 ABC o6 cac abe A=105° B=45° Tinh ti 648
Tam giac co cac goc , . Tinh ti soA—C.
A.ﬁ. B. 2. c. Y2 p. NS
2 2 3
Loi giai.
Chon A
Tace: b __¢ _ AB_c_sinC_sin(180°-105°-45°) 2
sinB sinC  AC b sinB sin 45° 2
Tam giac ABC s aB=4 AC=5 BC=6 Tinhcos(B+C).
1 1
A. —. B. ——. C. —0,125. D. 0,75.
8 4
Loi giai.
Chon C

Taco c=A4B=4,b=A4C=5,a=BC=6.

2 2 2
Tinh CosA:u:l_
2.b.c 8

Dé Y cos(B+C)=—cos A= —é =-0,125.

Tam gidc c6 ba canh 1an luot 14 2,3,4. Goc bé nhét ciia tam giac c6 sin bang bao nhiéu?

A VIS B. L. c.l. p. V14
8 8 2 8
Loi gii.
Chon A

Go6c bé nhat ung vdi canh ¢6 s6 do bé nhat.

2 2 2
Gidsit a=2.b=3,c=4.Taco cosd=2 T =4 T
2be 8

2
Do d6 sin 4 = 1—(%) :%-

Tam giac c6 ba canh lan luot 14 3, 8, 9. Goc 1on nhat cua tam giac c6 cosin bfmg bao nhiéu?
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Cau 18:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

AL B L c. 17 b4
6 6 4 25
Loi giai
Chon B
P482-90 1

Goc 16n nhét trong mg voi canh 10n nhit: cos o = ~>38 &

Hinh vuéng 4BCD c6 canh béng a.Goi E latrung diém canh BC, F la trung diém canh 4E .
Tim d0¢ dai doan théng DF .

A “*/E. B.&. C.&. . 34,
4 4 2 4
Loi giai
Chon A
A B
E
—0
D C
2
2 2
Dung cong thirc do dai trung tuyén:
, 5a°
DF? - DA’ +DE*  AE® _ CTy s _13¢° = pF - aV13 .
2 4 2 16 16

Tam giac ABC 4 BC=12 , C4=9 , AB =06 Trgn canh BC léy diém M sao cho BM =4
Tinh d6 dai doan thang 4M

A. 245, B. 3\2. c. J20. D. V19 .

Loi giai

AB'+BC*—AC* 6 +12°-9* 11

cos B = =
2AB.BC 2.6.12 16

AM =~ AB* + BM? —2AB.BM .cosB = \/62 +4° —2.6.4.% =J19.
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Cau 20:

Cau 21:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Tam giac ABC vudngtai 4c6 AB=AC =a.Piém psnim trén canh BCsao cho BM = B3—C

Do dai AM bang bao nhiéu?

AT B, a5 | c. 202 p. 2%
3 3 3 3
Loi giai
Chon B
A _,C
M
B

BC = AB* + AC* =Ja*+d*> = a2

av?2

BC = AB\2 = a2 = BM = .

3 3 2 3

m}z_za.aﬁ V2 _as

AM =~ AB> + BM? =2 AB.BM .cos45° = \/az +(

Tam giac ABC ¢4 cos(A+B):—%, AC=4 BC=5 Tinhcanh 4B

A. V46 B. 11. C. 5\2. D. 6.
Loi giai
Chon A

Vi trong tam giac 4BC tacOd 4+ B buvéi goc C nén cos(A+B)=—%:cosC:é

AB =+ AC? + BC* =2 AB.BC.cosC = \/42 +5? —2.4.5.% =6.

Tam giac 4BC ¢ AB=T7 AC=5 4 cos(B+C):—%. Tinh BC

A. /15, B. 422. C. 415 D. 2422.
Loi gii
Chon A

Vi trong tam giac 4BC tacé B+C bu véigoc 4 nén cos(B+C)= —%

:>c0sA=l
5
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BC =+ AB* + AC* —2AB.AC.cosA = \/72 +5° —2.7.5% =215

Céu 22: Tam giac ABC ¢y BC:\/E, AC=3 y3 cotC=2 Tinh canh 4B

A. 6. B. V2. c.%. D. 210,
Loi giai
Chon B

Tt gia thiét cotC =2, tasuyra C la goc nhon
1 1

1+tan2C:1 ( 1)2
+ —_

cotC=2:tanC=%:coszC= =%:>cosC=

[

2

AB =~JAC? + BC? =2 4B.BC.cos C = \/32 445 —2.3.\6.15 -2

NG

Cau 23: Tam gidc ABC ¢o AB=3 AC=4 y4 tan 4= —2+/2  Tinh canh BC
A. 32. B. 3. g.x/@. D. 7.
Loi gidi
Chon C
Tir gia thiét tan 4 =-2+/2 ,tasuyra A 1a goc ti

1 1 1 1
=—:>cosA:—§

tan 4 :—2\/5: cos’ A= —
I+tan’ 4 1+(242)° 9

BC = \/A32 + AC? —2AB.AC.cosA = \/32 +47 —2.3.4.[—%) =+/33-

Cau 24: Cho tam giac ABC ¢4 canh BC=a , canh CA=b Tam giac ABC ¢4 dién tich 16n nhat khi

gbc C bang:

A. 60°. B. 90°. C. 150°. D. 120°.
Loigiai

Chon B

Dién tich ctia tam giac 4BC la: S = %a.b.sinC

S 16n nhat khi sin C 16n nhat, hay sinC=1=>C=90".
Cau 25: Cho tam gidc MPQ vudng tai P . Trén canh MQ lay hai diém E, F sao cho cac goc MPE »

EPF > F/’@ bang nhau. Pat MP =g, PQ =m, PE = x, PF = y . Trong cac hé thtc sau, hé

thirc nao ding?

A.ME=EF=FQ. B.ME =¢"+x-xq.
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Cau 27:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

C.MF =g’ +y" ~yq. D. MO* =¢" +m’ ~2qm..

Loigiai

Chon C

Tir gia thiét, suy ra MPE = EPF = FPQ ===

Tam giac MPF ¢6 MPF = MPE + EPF =60°;
— 1
MF* = MP* + PF* -2 MP.PF.cosMPF = ¢’ + ¥’ “20.4.5 ="+ - yq.
Tinh goc C coa tam giac ABC pigt a#b vy a(a2 —02)217(192 —cz).
A. C=150°. B. C=120°. C. C=60°. D. C =30°.
Loi giai
Chon C
Ta c6: a(a2 —cz) :b(b2 —cz) sd-b-¢ (a—b) =0
<:>(a—b)(a2+ab+b2)—cz(a—b)=0
a’+b’ -

e atrabibt—t=o=>csC=———__ 1 pogs =120,
2ab 2

Tinh ban kinh dudng tron ngoai tiép tam gidc ABC biét AB=12 va cot(4+ B) = % .

9v10
A. 210 B.T\/_. c. V10 D. 34/2.
Loi giai
Chon A

Ta cé:cot(A+B):§ nén cotC=—%, suyra3cosC =-sinC.

Ma sin? C+cos’C=1=sinC =

3 310
10

2l

AB _p—r=—48_ _> 0.
sinC
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Cau 28: Tinh ban kinh dudng tron ngoai tiép tam gisac ABC biét AB=10 va tan(4+ B) = %

B. —. C.—.
9 3 5

Loi gidi

A. ﬂ. 10 o D. 5410

Chgon D

Ta co: tan(A4+ B) :% nén tanC:—%.

. . 1
Do d6 3sinC=-cosC, ma sin’ C+cos’C=1=>sinC= =

1L _Jo
Jio 10

AB AB
sinC 2sinC

Cau29: Tam gidc 4BC coAB=4, AC=6 cosB=%,cosC=%.Tinh canh BC

AT, B.S. C. 3. D. 1.
Loi giai.

Chon B

sin B = /1 - cos’ :@,SinC:\/I—cos2 :g.

cos A=—cos(B+C)=sinB.sinC —cosB.cosC = %

Do d6 BC =+AB® + AC* —~2.4B.AC.cos A = 5-

Cau 30: Cho tam giac cdn ABC c6 A= 120°va AB=AC=a. Lay diém M trén canh BC sao cho

BAM = g. Tinh d6 dai AM
a3 a7 6
A ——. B. 12, c \/_- D. a\/_-
3 5 5 4
Loi gidi

Chon C

A

% ¢

M
[
B
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2a\/§

5

BC =~JAB?> + AC?* —2ABAC cos120° = \/a2 e —2a.a.[—%j —q3 > BM =

5 5 2 5

2a\/§]2_2a.2a\/§'£=aﬁ.

AM =~/ AB* + BM? —2AB.BM .cos30° = \/az J{

DANG 2: HE THUC LIEN HE GIUA CAC YEU TO TRONG TAM GIAC, NHAN DANG TAM GIAC

<0> PHUONG PHAP.

Ap dung céc cong thirc sach giao khoa nhu: dinh 1i cosin, hé qua ctia dinh li cosin, dinh li sin,
cac cong thure lién quan dén di¢n tich dé van dung vao lam bai.

<0> BAI TAP TU LUAN.

sin 4

Cau 1. Cho tam giac ABC thoa =2cosC . Tam giac ABC latam giac gi?

sin B
Léi gidi
2,122 2
: a +b —c
Ta co: S%I’IA =2cosC <:>£:2COSC <a=2bcosCoa=2b——
sin B b 2ab

sSa=a+b - <ob=c

Tam giac ABC can tai A.
Céau 2. Chung minh trong tam giac ABC ta c6: h, =2R.sin B.sinC

Loi giai

Ap dung dinh 1i sin trong tam giac ta co: =2R=2RsinB=>b

sin B
Do d6: h, =2R.sinB.sinC & h =b.sinC ( dang)

Cau 3. Cho tam gidc ABC . Chimg minh S = R.r.(sinA+sinB+sinC) .

Loi giai
a b c a+b+c
5: VP=Rr| —+—+—|=r. =r.p=S§
Ta co : (ZR R ZRJ [ 7 j p ( dpcm).

b +c-a’ )
Cau 4. Cho tam gidc ABC thoa | p1o—, @ .Chimg minh tam gidc ABC la tam giac déu.

a=2b.cosC
Loi gii
b +c-a’ _ b'+c’-a’=a’b+a’c-a’ (b+c)(b2—bc+cz—a2):O
Taco:{ b+c—a < o at+b*-¢* & EAb
a=2b.cosC 4= 2ab - p
~bc +2bc.cosA =0 cos A= 1 A=60
A 2_ 2 A 2<:> —
b”=c b b=c
=c

Vi tam gidc ABC cén c6 1 goc bang 60° nén tam giac ABC 1a tam giac déu.
Cau 5. Chirng minh trong tam gidc ABC ta c6: sin B.cos C +sin C.cos B =sin 4
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Loi giai
b d*+b*-c* ¢ d+ct-b" d+b-cF d+cP-b 28 a .
Vr =— —+—. = + = =—=sin4
2R 2ab 2R 2ac 4aR 4aR 4aR 2R
<¢> BAI TAP TRAC NGHIEM.
Cau 1: Cho tam giac ABC, chon cong thirc ding trong cac dap an sau:
, b+ & , ad+ct b
A.m, = +t—. B.mM, = -
2 4 2 4
, 2t +2b° -ad , a'+b
cm=————Dm= -
- 4 2 4
Loi giai
Chgn C
) P+t a* 2P +200-d°
Theo cong thirc duong trung tuyén ta co M, = 5 _T = f
Cau 2: Trong tam giac ABC, cau nao sau day diang?
A. a> =b* +c* +2bc.cos A. B. @’ =b* +c¢*—2bc.cos A.
C.a>=b"+c" +bc.cos A. D. a* =b*> +c*> —bc.cos A.
Loi giai
Chon B
Ap dung dinh 1i ham s6 cos tai dinh A4 ta cé: a® =b* + ¢ —2bc.cos A.
Cau 3: Néutam giac ABC g a® <b*+c” hi:
A. A 1agoc tu. B. A lagocvuong. C. A lagécnhon. D. 4 1a goc nho nhit.
Loi giai
Chon C
b +c*—d°
Taco a® =b*+¢* —2bccos A = C0S A :T do a* <b*>+c* nén cos 4>0
c

Ciu4: Tam gidc ABC c6 ba canh thoa man diéu kién (a +b-|-c)(a +b—c) =3ab . Khi d6 sb do cua C

la

A. 120°. B. 30°. C. 45°. D. 60°.
Loi giai

Chon D

Ta co: (a+b+c)(a+b—c)=3ab<:>(a+b)2 —*=3absad*+b* - =ab.

Theo hé qué ciia dinh 1 ham cosin: €08 C a+b-c_ab 1 C =60°
€0 N a cua din am CcoSin: = = = = .
P qua cua i 2ab 2ab 2

Ciu5: Cho tam giac ABC . Khang dinh nao sau day la ding?
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Cau 8:

Cau 9:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

2 4
A. ma2+mb2+mf:—(a2+b2+cz)_ B. m§+mb2+mf:—(a2+b2+cz)_
3 3
2 2 2 1 2 2 2 2 2 2 3 2 2 2
C. m, +m, +m, :—(a +b +c ) D. m, +m, +m; :—(a +b"+c )
3 4
Loi gii

Str dung cong thirc trung tuyén, ta co:

2b% +2¢% — d? +2cz +2a° -b* +2a2+2b2—cz 3

2 = TR
4

4 4 4
Cho tam gidc ABC théa min c = a.cos B. Khang dinh nao sau day la ding?
A. Tam giac ABC la tam giac cén. B. Tam gidac ABC la tam giac nhon.
C. Tam giac ABC la tam giac vudng. D. Tam giac ABC la tam giac tu
Loi giai
a+ct-b a+ct-b
Tacd: c=a.cosB=C=0—————— (=" o’ +b’=ad’
2ac 2c

Theo dinh 1i pi ta go tam gidc ABC vuodng tai A .

Dién tich S cua tam giac s€ thoa man hé thirc nao trong hai hé thirc sau day?

1. $°=p(p-a)(p-b)(p-c).

11. 16S* :(a+b-|—c)(a+b—c)(a—b+c)(—a+b+c),

A. Chi L. B. Chi II. C.Calvall D. Khoéng cé.
Loi giai

Chon C

Ta c6: I. dung vi 1a cong thirc Hé-rong tinh di¢n tich tam giac.

Khidé: S° — a+b+c.a+b—c.a—b+c.—a+b+c

2 2 2 2
<1687 :(a-|-b+c)(a+b—c)(a—b+c)(—a+b+c). Do d6 II. ding

Cho tam giac ABC , cac duong cao ha, hb, hc thoa man hé thic 3ha = Zhb + hc. Tim h¢ thtc gitra

a, b, c.
A.E:E—l. B. 3a=2b+c. C.3a=2b-c. Q.é:g+l.
a b c a b c
Loi giai
Chon D

Ki hléu S =SAABC'

328 228 28 3 2 1
=t — ==+

Ta coO: 3ha :2hb +hc =
a b c a b c

Trong tam giac ABC, hé thlrc nao sau day sai?
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Cau 11:

Cau 12:

Cau 13:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A. a=b'.smA. B. sinC:C’SmA. C.a=2R.sin4. D. b=R.tanB.
sin B a
Loi giai
Chon D
Theo dinh 1i ham sé sin ta c6: ——— = ‘b = .C =2R
sin4d smmB sinC
Suy ra:
a b b.sin A
+ — =——>=a=— .
sin4 sinB sin B
n .a _ .c —sinC = c.sin 4
sin4 sinC a
+ % _2R=a=2RsinA.
sin 4
b b )
+ ——=2R=—-=RsinB= =Rtan B.
sinB 2 2cosB
Cho tam gidc ABC thoa man hé thitc b+c = 2a. Trong cac ménh dé sau, ménh dé nao ding?
A. cosB+cosC=2cos 4. B. sinB+sinC =2sin 4.
C. sinB+sinC:%sinA. D. sinB+cosC=2sin 4.
Loi giai
Chon B
b a=2Rsin 4
Tac) ——=—2 =% _2Re{bh=2RsinB.
sind sinB sinC .
c=2RsinC

Ma b+c=2a < 2RsinB+2RsinC =4Rsin4 < sinB+sinC=2sin 4

Tam giac ABC c¢6 A=120° thi cau nao sau day dung?

A.a’>=b*+c*=3bc. B.a’=b"+c*+bc.

C.a*>=b"+c*+3bc. D.a’*=b>+c*—bc.
Loi giai

Chon B

Ap dung dinh 1i ham s cos tai dinh A4 ta cé: a®> =b* +c* —2bc.cos A.

=a’ =b>+c* —2bc.cosl20° = a* =b* +c* +bc.

Trong tam gidc ABC , diéu kién dé hai trung tuyén vé tir 4 va B vudng gboc voi nhau la:

A. 2a° +2b% =5¢%. B. 3a° +3b* =5¢7. C. 2a* +2b* =3c°. D. a* +b* =5c2.
Loi giai

Chgon D

Vi hai trung tuyén vé tir 4 va B vudng goc véi nhau nén aABG vudng tai G voi G 14 trong

tam tam giac ABC .

2 2 2 2 2 2
Khi dé: czzGA2+GBZ<:>C2:i(b te _a a+tc _b_]

9 2 4 2 4

4 a’> b? 2 2 2
<:>C2:— cz-|-—+— < 5¢ =a" +b".
9 4 4

Trong tam giac ABC néuco a’=bc thi:
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

| 1 1 ) | 1 1 1 2 2
Az=———. B R=hh. =t D=t
2h h B =t “WTn 2oh ok
Loi gidi
Chon B
o 2sY (2s)(2s).. 1 _1 1 .,
Taco: a®> =bc Q(ZJ Z[E}(ZJ Qh—(f:E-h—c@ha =h.h, .

Trong tam gidc ABC , néu cé 2h, =h, +h, thi:
2 1 1
+

A. = . B. 2sinA=sinB+sinC.
sind sinB sinC

C.sin4=2sinB+2sinC. D. .2 = .1 - _1 .

sin4d sinB sinC

Loi giai
Chgn A
Taco:
bk 25 25,25 2 11 2 1 . 1
a b c a b ¢ 2RsinA 2R.sinB 2R.sinC
2 1 N 1

sin 4 - sinB sinC
Trong tam giac ABC , cau nao sau day diang?

A. ma=b+c. B. ma>b+c' C. ma<b+c D. ma=b+c_
Loi giai

Chon C

b +c o btc) +(b-c) -d’
Ta co: mjz ——:( ) ( )
2 4 4
2
(b-l—c) b+c

a

Vi |b—c|<a:>(b—c)2<a2:mj<T<:>m <

Tam gidgc 4BC ¢6 cac canh ¢, 0, € thoa man diéu kién (a +b-|-c)(a +b—c) =3ab . Tinh s6 do

cua goc C.

A. 45°. B. 60°. C. 120°. D. 30°.
Loi giai

Chon B

Ta co: (a+b+c)(a+b—c):3ab<:> (a+b)2—c2:3ab < a’+b’—c’ =ab.

2 2 2
Ma cosC:—a +b"—c =l
2ab 2

— C=60°.

Cho tam giac ABC , xét cac bat dang thirc sau:
L. |a —b| <c.

IL. a<b+c.

L. m, +m, +m, <a+b+c.

Hoi khang dinh nao sau ddy dang?
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A. Chi I, IL. B. Chi II, III.
C. Chi I, IIL D.Ca L II, III.

Loi gidi
Chgon D

Ta c6 L va II. diing vi day 1a bat dang thirc tam giac

Ta b ni B+ _a_zz(b+c)2+(b—c)2—a2
T2 4 4

b 2
Vi |b—c|<a:>(b—c)2<a2:mj<%<:>m Lte

a

’ atc atc
Tuong tu ta c6: m, <——; m_ <
2 2
Do d6: m,+m, +m, <a+b+c.
Viy II1. Dung.

Céu 18: Tam giac ABC cocaccanh a, b, ¢ thoa méin diéu kién b° +¢* —a’ = \3bc . Tinh sb do cua goc

A.

A. 45°. B. 60°. C. 120°. D. 30°.
Loi giai

Chon D

3

Ta co: b2+cz—a2=\/§bc = 2bccosA:x/§bc = cosA:7:>A:30°.

2 2 2
Ma cosszzl = (C=60°.
2ab 2

Cau 19: Tam giac ABC a.cos B=b.cos A. Tam giac ABC la tam giac gi?

A. Tam gi4c vudng. B. Tam giac déu. C. Tam giac vudng canD. Tam gidc can.
Loi giai
Chon D
2 2 2 2 2 2
+c"=b b +c" -
Taco: a.cosB=h.cosd < a. 1€ =b. €9 @ =boa=b.
2ac 2bc

Vay tam giac ABC can.

Céu 20: Cho tam giac ABC vuong tai4, AC=b,AB=c. Liy diém M trén canh BC sao cho goc

BAM =30° Tinh ti s6 48
MC

A2 . . : . .
3¢ =~ 3b b b+c
Loi gidi

Chon B
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A
Ta cb .MB _ AM :MB:AM:smS»O _ AM '
sin30° sinB sin B 2.sinB
MC — AM AM sin60°  AMA3
- =——=MC= . =,
sin60° sinC sinC 2.sinC

MB _ sinC ¢ 3¢
MC 3sinB 3b 3b°
Cau 21: Ménh dé nao sau day sai?
A.Néu a® > b*+c* thi 4 1a goc tu.
B. Néu tam giac ABC c6 mot goc tu thi a® > 5> + 2.

Do d6

C.Néu a*> <b*>+¢* thi 4 1a gbc nhon.
D. Néu o> =b* +¢* thi 4 1a goc vudng.

Loi giai
Chon B
Taco: cos4 =—b2 te-a .
2bc

Do dé :

* g >b”+c” thi cos4<0do dd 4 1a goc tiinén A. dung.
* g <b” +c” thi cos 4>0do d6 4 1a goc nhon nén C. dang.
* g =b” +c’thi cos4=0 do dd 4 1a goc vudng nén D. dang.

* Néu tam giac ABC c6 goc Btuthi b > a® +¢*; néu goc Ctuthi ¢ >4® +b>dodd  B. sai.

DANG 3: UNG DUNG THUC TE

<0> PHUONG PHAP.

Ap dung céc cong thirc sach gido khoa nhu: dinh li cosin, hé qua cua dinh 1i cosin, dinh 1i sin,
cac cong thuc lién quan dén dién tich dé€ van dung vao lam bai.

<0> BAI TAP TU LUAN.

Cau 1:  Hai chiéc tau thuy cing xut phat tir vi tri 4, di thing theo hai huéng tao v6i nhau mot goc 60°
. Tau tht nhit chay voi tbe do 304m / h , tau tht hai chay voi tbe d6 40km / h . Hoi sau 2 gid hai

tau cach nhau bao nhiéu im ?
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Loi gidi
Ta c6: Sau 2/ quing dudng tau thir nhat chay duogc la: S, =30.2 = 60km.

Sau 24 quang duong tau thir hai chay duoc la: S, =40.2 =80km.

Véy: sau 24 hai tau cach nhau Ia: §=1/S,” + 5,2 - 25,.5,.c0560° =20/13.

Ciu 2: T mot dinh thap chiéu cao CD =80m , ngudi ta nhin hai diém 4 va B trén mat dat dudi cac goc
nhin 13 72°12' va 34°26' so v6i phuong nam ngang. Ba diém 4,B,D thing hang. Tinh khoang
cach 4B (chinh xac dén hang don vi)?

Loi giai
Ta c6: Trong tam gidc vudng ¢DA: tan72°12'= o2 = AD = CDO = 800 =25,7.
AD tan72°12' tan72°12'
Trong tam gidc vudng CDB : tan34°26'= b = BD= Cl?) = 800 =116,7.
BD tan34°26' tan34°26'

Suy ra: khoang cach 4B =116,7-25,7=91m.

<‘> BAI TAP TU LUAN TONG HQP.

Cau 3: Cho tam gidc ABC c6 a=13,b=8,c=7.Tinh goc A, suyra S, h, R, 1, m,.

Loi gidi
2 2 2
- 1
at=b*+c* —2bccosA:>cosA=b+#=——:>A=1200
2bc 2

s =Lhesin 4 =156.£ 143
2 272

S Lo, g 25288
2 a 13
abc abc 7.8.13 133
S:—:} = = =
4R 48 4143 3
28 2.143
S=pr=r= - -3
P a+b+c T+8+13
m2:b2+cz_£ :\/ﬁ

¢ 2 4 ¢ 2

) 3 )
Cau4: Cho tam giac ABCcd6 AB =4, AC =5 va cos A = = Tinh canh BC, va d6 dai dudng cao
kétr 4.
Loi gigi
Ap dung dinh li cosin ta co
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BC? = AB + AC? —2AB.AC.cos A = 42 + 5 — 2.4.5% — 17 Suyra BC = J17
Visin? A+ cos’A =1 nén sinAd = V1 —cos’ A = 1—%:%
45,

Theo cong thuc tinh dién tichtaco S,,, = %AB.A C.sinAd = =8 (1)

N | —
(S E TN

Mt khac S, ,, = %a.h@ = %«/ﬁh )

ABC

_16V17

17

Tir (1) va (2) suy ra %\/ﬁh —8= 1,

16317

17

Vay d¢ dai duong caoké tr Ala b =

Cho tam giac ABC ¢6 AB=10, AC =4 va A=60",

a) Tinh chu vi cua tam giac
b) Tinh tanC'

Loi gidi
a) Theo dinh 1i c6sin ta co

BC* =10*> +4> —2.10.4cos60° = 76
= BC ~ 8,72

Suy ra chu vi tam gidc la 2p ~ 10 +4 + 8,72 = 22,72

b) (Hinh 2.23a)

Hinh 2.23a

K¢ duong cao BH ta co

AH = ABcos60’ =5
= HC=5-4=1

BH = AB.sin60° = 5vV3 . Vay tanC = —tan BCH = —g—g = —5V3

~

Giai tam gigc ABC bidt A = 60°, B = 40° va ¢ = 14

Loi giai
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Cau 8:
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Tacd C = 180" — A — B — 180" — 60° — 40° = 80°
Theo dinh li sin ta c6

. . 0
CL:c§11r1A:14.s11160 L0 ~123
sin C sin 80°

. . 0
b — CS..HIB _ 14.s1n 40 L baol
sin C sin 80°

Giai tam giac ABC', biét:
b= 45 A = 300 C =75
Loi gidi
Tacé B =180° — A — C = 180° — 30° — 75’ = 75° = C
suy ra tam giac ABC cantai A = c=b=4,5.

Theo dinh 1i sin ta co

. . 0
:bsmA:4,5.sm30 =0~ 233
sin B sin 75°

Cho tam gidc ABC can tai A biét a =+/3; B=C=30° Tinh R, 1, canh ¢, b, suyra S
Loi giai
Ap dung dinh li sin:

4 _Jp=pr=_12 £:1
sin A 2sin A 2\/5
2

=b=c=2Rsin30° =1

S=lb.csinA=£
2 4
2 f(z 5.
p

o~

Cho tam giac ABC ndi tiép duong tron ban kinh bang 3, biét A = 30°, B = 45". Tinh d6 dai
trung tuyén ké tir A va ban kinh dudng tron noi tiép tam giac.
Loi giai

Taco C = 180° — A — B = 180" — 30° — 45" = 105"

Theo dinh li sintaco @ = 2Rsin A = 2.3.sin 30" = 3,
V2

b= 2Rsin B = 2.3.5in45" = 6.~ = 3v2

¢ =2RsinC = 2.3.sin105" ~ 5,796
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Theo cong thirc dudng trung tuyén ta c6

i — 2(b? +f) —a*2(18 +5,47962) LA

Theo cong thtrc tinh dién tich tam gidc ta co

bc sin A
2p

S

ABC

_ 3v2.5,79655in 30"
3+ 332 + 5,796

=pr = EbcsmA =7

~ 0,943

Ciu 10: Cho tam giac ABC' théa man sin® 4 = sin B.sin C'. Chirng minh rang

a) a’ = be
1
b) cos A > —
2
Loi giai
i C _ a . b . c
a) Ap dung dinh li sintaco sin A = —, sin B = —,sinC = —
2R 2R
2
a b ¢
Suyra sin* A =sin B.sinC & |—| = —.— & a” = be dpem
2R 2R 2R

b) Ap dung dinh i cosin va cau a) ta co

2 2 2 2 2
cosA:b +c a :b +c ch2bc bczldpcm
2be 2bc 2bc 2

Cau 11: Tam gidc ABC ¢c6 BC = a, CA = b, AB = cvatrung tuyén AM = AB = ¢ chiing minh rang:

a) o =2(b*—c)
b)  sin® A =2(sin’ B —sin’ )

Loi gidi
a) Ap dung cong thirc dudng trung tuyén
a?
Tacéb2+02:?+2AM2—?—|—20 =a’ =2 — ) (*)
b) Theo dinh Ii sin ta c6
a b ¢

=2R

sinAd sinB sinC

a’> = 4R*sin* A
= 1> = 4R’sin’ B
¢ = 4R*sin’ C

Thay vao (*) ta c6 dpcm
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Cau 13:

Cau 14:

Cau 15:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho tam giac ABC . Chimg minh ring diéu kién can va d dé hai trung tuyén ké tir B va C vudng
goc voinhau la b* + ¢® = 5a”.

Loi gigi
Goi G la trong tAm cua tam giac ABC'.
Khi d6 hai trung tuyén ké tir B va C vudng goc voi nhau khi va chi khi tam giac GBC' vudng
tai G
2

_l_

2
& GB*+GC? = BC? & [%mb zch =a’ (%)

3

Mit khac theo cong thire dudng trung tuyén ta co

242 2\ 72 242 2y 2
m2:(a +c) b’m?:(a +b°)—c

2(@2 —l—b2) —c

__ 2 2 2 2 2 2 2 2
=0 < 4a”+b"+c¢" =92 < b+ ¢ = ba
9 4 4

Chtrng minh rang trong moi tam giac ABC ta co;
a) a =b.cosC + c.cos B

b) sin A = sin BcosC + sin C cos B

Loi gidi
a) Ap dung dinh li cosin ta co:

2 2 2 2 2 2
a" +5b c —I—C.C +a b

VP =b.
2 2 22ab 2 2 220a
_a +b"—c +c +a —b W VT
2a

b)sin A = sin BcosC +sinC cos B < 2= L.COSC +-=.cosB
2R 2R 2R

< a = b.cosC + c.cos B
Chung minh rang trong moi tam giac ABC ta co: h = 2Rsin BsinC
Loi giai
28 b

h =2RsinBsinC & — =2R—-sinC
¢ a 2R

&8 = %ab sinC (dang)

Tim tinh chét dic biét ciia tam giac ABC biét: 2a cos A = b.cos C +c.cos B

Loi giai
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Yéu cau bai toan tuong duong voi:

2(2Rsin A)cos A=(2Rsin B)cosC+2RsinCcos B
< 2sin A.cos A =sin(B+C) =sin 4

@cosA:%(do sin 4 # 0) < A =60°

a=2bcosC (1)
Nhan dang tam gidc ABC biét: , at—b ¢

o =—" (2
Cau 16: a—b—c
Loi giai
Ap dung dinh 1i cosin & (1) va thé vao (2)
2 2 2
a

2)ead =b"+c —be

<:>cosA:%<:>/Al:600

KL: Tam giac ABC déu.

Cau 17:

Nhan dang tam giac ABC biét: a.sin A + bsin B + ¢sinC = h, +h, +h,
Loi giai

. 1 1
Ap dung cong thirc dién tich taco S = Ebc sin A = B ah_ suy ra

25 .25 25 25 2§

a.sinA+bsin B+csinC =h +h +h < a—+b—+c— +—
¢ ¢ be ca ab a b

Sa’+b 4+ =ab+bc+ca
<:>(a—b>2—|-(b—c>2—|-(c—a>2:0
Sa=b=c

Vay tam giac ABC déu.

Céu 18: Cho tam giac ABC' . Ching minh tam gidc ABC' can néu h = c.sinA

Loi giai

1 1
Str dung cong thue S = Eah“ = Ebc sinA(*) thay h = c.sin A vao (*) dugc:

bh = ah < a = bsuy ratam giac ABC cintai C

28

c
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HE THUC LUQNG
TRONG TAM GIAC

BAI 6. HE THUC LUQNG TRONG TAM GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. PINH LY COSIN, AP DUNG PINH LY COSIN BE GIAI TOAN

Cau 1:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Cau 10:

Cho tam giac ABC, ménh dé nao sau ddy ding?

A. @’ =b"+¢* +2bccos A. B. a’ =b"+c* —2bccos A.
C.a>=b>+c*—2bccosC. D. a* =b" +¢* —2bccosB.

Cho tam gidc ABC, c6 dd daibacanhla BC=a,AC =b, AB =c. Goi m, 1a 4§ dai duong trung
tuyén ké tir dinh 4, R 1a ban kinh duong tron ngoai tiép tam giac va S 1a dién tich tam giac do.
M¢nh dé nao sau day sai?

A. m§:b2+c2_£. B. a’ =b+c* +2bccos 4.
2 4

c. s=4b p. % - b ¢

4R sind sinB sinC
Cho tam giac ABC ¢6 a=8,b=10, gbc C biang 60°. Do dai canh c¢1a?
A. c=321. B.c=72. C. c=2411. D. c=221.
Cho A4BC¢g b=6,c:8,;1=600. b6 dai canh 2 la:
A. 24/13. B. 34/12. C. 24/37. D. 20.
Cho AABC ¢6 B=60",a=8,c=>5. Do dai canh » bang:
A 7. B. 129. C. 49. D. +/129.
Cho A4BC ¢p AB=9;BC=8;I§=6OO. Tinh d6 dai 4C .
A NT3. B. \217. C.s. D. V113,
Cho tam giac ABC ¢ 4B =2,AC=1 va 4=60" Tinh d§ dai canh BC.
A. BC=42. B. BC =1. C. BC =+3. D. BC=2.
Tam giac ABC c0 a =8,c=3,B=60. Po dai canh 5 bang bao nhiéu?
A. 49. B. \/97 C. 7. D. Jel.
Tam gisc ABCc6 C=150°, BC =/3,4C =2. Tinh canh AB?
A 13 B. /3. C. 10. D. 1.

Cho a;b;c 1a dd dai 3 canh cua tam giac ABC Bjét b=17 ;€=5:cos 4 :%. Tinh d0 dai cua ¢.
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A. 32, B.?. c.%. D. 6.

Cho xOy =30°.Goi 4,B la 2 diém di dong Ian luot trén Ox,Oy sao cho AB=2. Do dai 16n
nhat cia OB bang bao nhiéu?

A. 4. B. 3. C.6. D. 2.

Cho a;b;c 1a d6 dai 3 canh cia mot tam giac. Ménh dé nao sau day khong dung?

A. a’<ab+ac. B. a’+c* <b*+2ac. C.b*+c*>a’+2bc. D. ab+bc>b*.

Cho tam gidc ABC c6 AB=4cm, BC=7 cm, AC =9cm. Tinh cos 4.

A. cosA:—z. B. cosA:l. C. cosA:l. D. cosA:g.
3 2 3 3

Cho tam giac 4BC ¢6 a* +b*=c* >0 Khi do:

A. Géc € >90° B. Goc € <90°

C. Géc €=90° D. Khong thé két luan duogc gi vé goc C.

Cho tam gidc ABC thoa man: b +¢* —a® =/3bc . Khi do:

A. 4=30". B. 4=45". C. 4=60". D. 4=75".

Cho cac diém A(L;1), B(2;4),C(10;—2). Géc BAC bing bao nhiéu?

A. 90°. B. 60°. C. 45°, D. 30°.

Cho tam gidc ABC , bi€t a =24,b=13,c=15. Tinh goc A4?

A. 33%34". B. 117%49". C. 28°37". D. 58°24".

Cho tam giac ABC, biét a=13,b=14,c=15. Tinh goc B?

A. 59%49". B. 537", C. 59°29". D. 6222,

Cho tam giac ABC biét d6 dai ba canh BC, CA, AB lan luot 12 a, b, ¢ va thoa min hé thirc
b(b* —a*)=c(c* —a*) véi b#c. Khi do, goc BAC bing

A. 45°. B. 60°. C. 90°. D. 120°.

Tam gidc ABC ¢6 AB=c, BC=a, CA=b. Cac canh a, b, ¢ lién hé v6i nhau boi dang thirc
b(b* —a*)=c(a* —c*). Khid6 goc BAC bing bao nhiéu do.

A. 30°. B. 60°. C. 90°. D. 45°.

Cho tam gidc ABC vudng can tai 4 va M la diém nam trong tam gidc ABC sao cho
MA:MB:MC =1:2:3 khi d6 goc AMB bang bao nhiéu?

A. 135°. B. 90°. C. 150°. D. 120°.

Cho tam gidc 4BC, chon cong thire ding trong cac dép an sau:

Am e e S
4 2 4

C mz_a2+b2 _i D m2_202+2b2—a2

. m, 5 = L

Tam gidc ABC c6 AB=9 cm, BC =15cm, AC =12cm. Khi d6 duong trung tuyén AM cia
tam gidc c6 do dai la

A. 10 cm. B.9cm. C.7,5cm. D. 8 cm.

Cho tam gidc ABC c¢6 AB=3,BC =5 va do dai duong trung tuyén BM = J13 . Tinh do dai
AC.
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

DANG 2.
Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A. 1. B. 4. C.%. D. 10.
Cho A4BC vudng & 4, biét C=30°, AB=3. Tinh do dai trung tuyén AM ?
A. 3 B. 4 c2 ..

2 2

Tam giac ABC ¢6 a=6,b =4J2,c=2. M la diém trén canh BC sao cho BM =3. D¢ dai doan
AM bang bao nhiéu?

A. 9. B. 9. C. 3. D. %\/108.

Goi S =m?2 +m? +m? 1a téng binh phuwong d6 dai ba trung tuyén ciia tam gidc 4BC . Trong cic

ménh dé sau ménh dé nao dang?
A. S=%(a2 +b2+c%). B.S=da*+b*+c*. C. S :%(a2 +b° +¢%).D. S=3(a* +b* +?).

Cho AABCc6 AB=2;AC =3, A =60°. Tinh do dai duong phan gidc trong goc 4 cia tam giac
ABC.

A2 B, V2. . &3 p. &,
5 5 5 5

PINH LY SIN, AP DUNG PINH LY SIN PE GIAI TOAN

Cho tam gidc 4BC . Tim cong thurc sai:

A. -4 —2R. B.sind=-". C. bsin B=2R. D. sinCc =<4
sin 4 2R a

Cho AABC véi cac canh AB =c¢, AC =b,BC =a.Goi R,r,S lan luot 1a ban kinh dudng tron

ngoai ti€p, noi ti€p va dién tich ctia tam gidc 4ABC . Trong cac phat biéu sau, phat bi€u nao sai?

AL s = ke B.R=—2_
4R sin A
1 )
C. SzaabsmC. D. a®> +b> —c? =2abcosC.

Cho tam giac ABC c6 goc BAC =60° va canh BC =+/3 . Tinh bén kinh cia dudng tron ngoai
tiép tam giac ABC .

A. R=4. B. R=1. C.R=2. D. R=3.

Trong mit phang, cho tam gidc ABC ¢ AC =4 cm, goc A= 60°, B =45°, D¢ dai canh BC
la

A. 246. B. 2+2/3. C.2\3-2. D. V6.

Cho A4BC ¢4 AB=5;A=40°,B=060° pg dai BC gin nhét v6i két qua nao?

A. 3,7. B. 3,3. C.3,5. D. 3,1.

Cho tam gidc 4BC thoa man h¢ thirc b+ ¢ =2a . Trong cdc ménh dé sau, ménh dé nao dang?
A. cosB+cosC =2cos A. B. sinB+sinC =2sin 4.

C. SinB—lrsinC:%sinA. D. sin B+ cosC =2sin A.

Tam giac 4BC ¢o a=16,8; B= 56°13'. C=71" Canh ¢ bang bao nhiéu?
A. 29,9. B. 14,1. C. 17,5. D. 19,9.

Tam gidc ABC c6 2:68012" 2?234044" AB=117. Tinh 4AC2
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DANG 3.

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A. 68. B. 168. C. 118. D. 200.
DIEN TiCH TAM GIAC, BAN KiNH PUONG TRON
Chon cong thirc dung trong cac dap an sau:
A. S=lbcsinA. B. S=lacsinA. C. S=lbcsinB. D. S=lbcsinB.
2 2 2 2
Cho hinh thoi ABCD c¢6 canh bﬁng a. Goc BAD =30°. Dién tich hinh thoi ABCD la
2 2 2

AL B. L. ALY D. d*.

4 2 2
Tinh dién tich tam giac ABC biét AB=3,BC=5,CA=6.
A. 56 B. /48 . C.6. D. 8.
Cho AABCcbd a=6,b=8,c=10. Dién tich S cua tam giac trén la:
A. 48. B. 24. C. 12. D. 30.
Cho AABCc6 a=4,c=5,B=150°.Dién tich ctia tam giac la:
A. 53. B. 5. C. 10. D. 104/3.
Mot tam giac c6 ba canh 1a 13,14,15. Dién tich tam giac béng bao nhiéu?
A. 84. B. /84. C. 42. D. J/168.
Cho cac diém A(1;-2), B(=2;3),C(0;4). Dién tich AABC bing bao nhiéu?
AL B. 13, C. 26. p. B

2 4
Cho tam gidc 4BC c6 A(1;-1),B(3;-3),C(6;0). Dién tich A4ABC la
A. 12. B. 6. C. 642. D. 9.
Cho tam gidc ABC c6 a=4,b=6,c=8. Khi do6 dién tich cua tam giac la:
A. 915. B. 3J/15. C. 105. D. %JE

Cho tam gidc ABC. Biét AB=2; BC=3 va ABC =60°. Tinh chu vi va dién tich tam gidc
ABC.

A.5+\/7Vé%. B5+\/7vai. C. 57 va 3*/_ D.5+\/EV2‘1%.

Tam gidc ABC c6 céc trung tuyén m, =15,m, =12, m =9 .Dlen tich S ctia tam gidc ABC bang

A. 72. B. 144. C. 54. D. 108.
Cho tam giac A ABC ¢6 b=7;c=5;cos A :%. D9 dai duong cao A, cua tam gidc A ABC la.
A. % B. 8. C. 83 D. 803
Cho tam giac ABC c¢6 AB =2a; AC =4a va BAC =120°. Tinh dién tich tam giac ABC?
A. §=8a". B. S=24a%3. C.S=d’\J3. D. S=4d’.
Cho tam giac ABC déu canh « . Ban kinh duong tron ngoai tiép tam giac ABC bang
NS B, 43 ALY D, &2

2 3 4 2

Cho tam giac ABC c6 chu vi bang 12 va ban kinh duong tron noi tiép bang 1. Dién tich ctia tam
gidc ABC bang
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Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Caiu 63:

DANG 4.
Chu 64:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A.12. B. 3. C.6. D. 24.

Cho tam giac ABC déu canh 2a. Tinh ban kinh R cua duong tron ngoai tiép tam giac ABC .
2a 4a 8a 6a

A, —. B. —. C. —. D. —.
3 3 V3 V3

Cho tam gidc ABC c6 BC = J6, AC=2 va AB=+3+1.Béankinh dudng tron ngoai tiép tam
gidc ABC bang:

A N5, B.\3. C. 2. D. 2.
Cho tam giac ABC c¢6 AB=3, AC =4, BC =5. Ban kinh duong tron ndi tiép tam giac bang
A. 1. B.§. C.i. D.é.

9 5 4

Cho AABCco S=84,a=13b=14,c=15. D dai ban kinh dudng tron ngoai tiép R cua tam giac

trén 1a:

A. 8,125. B. 130. C. 8. D. 8,5.
Cho A4ABC ¢6 S =10+/3, nita chu vi p =10. Do dai ban kinh duong tron ndi tiép  ciia tam giac
trén la:
A. 3. B. 2. C. V2. D. 3.
Mot tam giac c6 ba canh 1a 26,28,30. Ban kinh duong tron ni tiép la:
A. 16. B. 8. C. 4. D. 42.
Mot tam giac co ba canh 1a 52,56,60. Ban kinh dudng tron ngoai tiép la:
A D B. 40. C. 32,5. p. &

8 4
Tam giac véi ba canh 13 5;12;13 c6 ban kinh dudng tron ngoai tiép 1a?
A. 6. B. 8. C. E D. E

2 2

Tam giac v6i ba canh 1 5;12;13 c6 ban kinh dudng tron ndi tiép tam giac d6 bang bao nhiéu?
A. 2. B. 24/2. C. 2.3, D. 3.
Tam giac v6i ba canh 13 6;8;10 c6 ban kinh dudng tron ngoai tiép bang bao nhiéu?
A. 5. B. 4/2. C. 5\2. D. 6.

Cho hinh chit nhat 4BCD c¢6 canh AB=4,BC =6, M la trung diém cua BC,N la diém trén
canh CD sao cho ND =3NC . Khi d6 ban kinh ctia dudng tron ngoai tiép tam gidc AMN bang
3V5 52
A. 345. B.i. C. 52. D.i.
2 2
Cho tam gidc déu ABC ;goi D 1a diém thoa man DC =2BD. Goi R va r lan luot 14 ban kinh

\ \ st A \ At A 5 .7 s b A R
duong tron ngoai ti€p va ndi ti€p cua tam gidc 4ADC. Tinh ti s6 —.
r

NES B SN o T+5V5 . 1+NT
2 9 9 9
UNG DUNG THUC TE

Khoang cach tir 4 dén B khoéng thé do truc tiép duoc vi phai qua mot ddm 1ay. Nguoi ta
xac dinh duoc mot diém C ma tir d6 co thé nhin duoc 4 va B dudi mot goc 78°24'. Biét
CA=250m,CB =120m . Khoang cach AB bang bao nhiéu?

A. 266m. B. 255m. C. 166m. D. 298m.
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Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Hai chiéc tau thuy ctng xut phat tir vi tri 4, di thang theo hai huéng tao v6i nhau mot goc 60°
. Tau thir nhat chay véi tbe dd 30km / h , tau thi hai chay v&i toc do 40km / k. Hoi sau 2 gio hai
tau cach nhau bao nhiéu kim ?

A. 13, B. 204/13. C. 10V13. D. 15.

Tt mot dinh thap chiéu cao CD=80m, nguoi ta nhin hai diém 4 va B trén mat dat dudi cac
goc nhin 1a 72°12' va 34%26'. Ba diém 4,B,D thang hang. Tinh khoang cach 4B ?

A. 71m. B. 91m. C. 79m. D. 40m.

Khoang cach tr 4 dén B khong thé do truc tiép dwoc vi phai qua mot dam lay. Nguoi ta
xéac dinh duge mot diém Cma tir dé co6 thé nhin duge 4 va Bdudi mot goc 56°16'. Biét
CA=200m, CB=180m. Khoang cach 4B bing bao nhiéu?

A. 180m. B. 224m. C.112m. D. 168m.

Trong khi khai quat mot ng6i mo ¢d, cac nha khao ¢ hoc da tim dugc mét chiée dia ¢d hinh tron
bi v&, cac nha khao ¢6 mudn khdi phuc lai hinh dang chiéc dia nay. Dé xac dinh ban kinh cua
chiéc dia, cac nha khdo c6 lay 3 di€m trén chiéc dia va tién hanh do dac thu dugc két qua nhu
hinh v&é (4B =4,3cm; BC=3,7cm; CA=17,5 cm). Béan kinh cua chiéc dia nay bang.

A. 5,73 cm. B. 6,01cm. C. 5,85¢cm. D. 4,57cm.

Gia st CD = h 1a chiéu cao cia thap trong d6 C 1a chan thap. Chon hai diém 4, B trén mit dét
sao cho ba diém 4, B, C thing hang. Ta do dugc AB = 24m, CAD = 63"; CBD = 48°. Chiéu cao
h ctiia khéi thap gan véi gid tri ndo sau day?

A. 61,4 m. B. 18,5 m. C. 60 m. D. 18 m.
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HE THUC LUQNG
TRONG TAM GIAC

BAI 6. HE THUC LUQNG TRONG TAM GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. PINH LY COSIN, AP DUNG PINH LY COSIN BE GIAI TOAN

Cau 1:

Cau 2:

Cau 3:

Cho tam giac ABC, ménh dé nao sau ddy ding?

A. @’ =b"+¢* +2bccos A. B. a> =b*+c* —2bccos A.

C.a*=b>+c*—2bccosC. D. a° =b>+c¢* —2bccosB.
Loi giai

Chon B

Theo dinh 1y cosin trong tam gidc ABC,tacd a’ =b"+c*—2bccos A.

Cho tam gidc ABC, c6 d0 daibacanhla BC =a,AC =b,AB =c. Goi m, 1a 0 dai duong trung
tuyén ké tir dinh 4, R 1 ban kinh duong tron ngoai tiép tam giac va S 1a dién tich tam giac do.
Ménh dé nao sau day sai?

2 2 2
A. mjzb 42-0 —%. B. @’ =b>+c* +2bccos A.
c. s=9b¢. p.-4 b ¢ i
4R sin4d smB sinC
Loi giai
Chon B

Theo dinh 1y ham sd cosin trong tam giac ta ¢c6 a” =b* +c* —2bc cos A

Cho tam giac ABC ¢6 a=8,b=10, gbc C bang 60°. Do dai canh c¢1a?

A. c=321. B.c=72. C.c=24/11. D. c=2+/21.
Loi giai

Chon D

Ta co: 2 =a® +b* —2ab.cosC=8% +107 —2.8.10.cos60° =84 = ¢ =2+/21 .

Cho A4BC¢g p= 6,c= 8,;1 =60". Do dai canh ¢ 1a:

A. 24/13. B. 34/12. C. 237. D. +/20.
Loi giai
Chon A

Ta co: a® =b* +c% —2bccos A=36+64—2.6.8.c0s60° =52 = a =213 .

Cho AABC ¢6 B=60",a=8,c=>5. Do dai canh b bang:

A. 7. B. 129. C. 49. D. V129.
Loi giai
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Ciu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

CHUYEN PE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC
Chon A
Tacod: b> =a’ +c*> —2accosB=8>+5>-2.8.5.c0s60° =49 = h=7.

Cho A4BC ¢o AB=9;BC=8;I§=6OO. Tinh d6 dai 4C .

A.\T3. B. \217. C.8. D. J113.
Loi gidi
Chon A

Theo dinh 1y cosin co:
AC? = BA> + BC* —=2BA.BC.cos ABC =73 = AC =+/73 .

Vay AC=+73.

Cho tam giac ABC ¢y 4B = 2,AC =1 va 4=60" Tinh d§ dai canh BC.

A. BC=42. B. BC=1. C. BC =A/3. D. BC=2.
Loi giai

Chon C

Theo dinh 1y cosin ta c6: BC =~/ AB> + AC* —2AB.AC.cos 60"
:\/22 +12 —2.2.1% =3.

Tam giac ABC ¢ a=8,c= 3,ZA3 =60°. P9 dai canh » béng bao nhiéu?
A. 49. B. /97 C. 7. D. J61.
Loi giai

Chon C
Tacé: b* =a® +c> —2accos B=8> +3%—2.8.3.c0s60° =49 =h =7 .

Tam giac ABC co 6’ =150, BC = \/§,AC =2. Tinh canh 4B ?

A. 13, B. /3. C. 10. D. 1.
Loi giai
Chon A

Theo dinh li cosin trong A4ABC'ta co:
AB* =CA> +CB*> —=2CA.CB.cosC =13 = AB=+/13. Chon A

Cho a;b;c 1a d6 dai 3 canh cua tam giac ABC Biét b=T7,¢=5:cos 4= % Tinh d6 dai cua ¢

A. 32, B 12 c. 2. D. 6.
- 2 8
Loi giai
Chon A
Ap dung dinh li cosin cho tam gidc ABC ta co:
4

a’=b>+c* —2bc.cosA=T" +5° —2.7.5;: 18.

Suyra:a:x/ﬁz?)\/i.
Cho xOy =30°.Goi 4,B 1a 2 diém di dong lan luot trén Ox,Oy sao cho AB=2. Do dai lén

nhit cia OB bing bao nhiéu?
A. 4. B. 3. C.6. D. 2.
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Loi gidi
Chon A

O = 30° B

3

Ap dung dinh li cosin: AB? = 04> + OB* —20A4.0B.c0s30° < 4 = 04*> + OB* — 20A.OB.7

& 04 —\3.0B0A+OB* —4=0.
Coi phuong trinh 12 mot phuong trinh bac hai an OA . Dé ton tai gia tri 16n nhat cia OB
thi Ay 20 (\30B)? —4(OB*~4)>0 < OB> <16 < OB < 4.

Vay max OB =4.

Cho a;b;c 1a do dai 3 canh ciia mot tam gidc. Ménh dé nao sau day khong dang?

A. a’<ab+ac. B.a’+c¢><b*+2ac. C.b>+c*>a’+2bc. D. ab+bc>b>.
Loi giai

Chon C

Do b*+c¢* —a* =2bc.cos ;1 <2bc = b*+c? <a® +2bc nén ménh dé C sai.

Ap dung bét dang thirc tam giac ta c6 a <b+c=>a’ <ab+ac ;dap 4n A dung,

Tuong tu a+c >b=> ab+bc >b* ;ménh déD dang.

Taco: a* +c¢* —b* =2ac.cos B < 2ac = a’ +¢* <b* +2ac ;ménh dé B ding.

Cho tam gidc ABC c6 AB=4cm, BC=7 cm, AC =9cm. Tinh cos 4.

A. cosA:—z. B. cosA:l. C. cosA:l. D. cosA:g.
3 2 3 3
Loi giai
Chon D
Ta c6 cos A — AB*+ AC*—BC* 4+9*-7° 2
2.4B.AC 2.4.9 3
Cho tam giac 4BC ¢6 a* +b*=c* >0 Khi o
A. Goc C>90° B. Goc € <90°
C. Goc € =90° D. Khéng thé két luan duoc gi vé goc C.
Loi giai
Chon B
2,2 2
Ta co: cossz.
2ab

Ma: a® +b% —c* >0 suy ra: cosC>0=C<90".

Cho tam gidc ABC thoa man: b* +¢* —a® =[3bc . Khi do:

A. 4=30°. B. 4=45". C. A=60". D. 4=75".
Loi giai

Chon A

b +c* —a? B \/gbc _ﬁ
2bc 2bc

Ta co: cosd= = A4=30".
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho cac diém A(1;1), B(2;4),C(10;-2). Géc BAC bing bao nhiéu?

A. 90°. B. 60°. C. 45°. D. 30°.
Loi giai
Chon A
Ta cé: AB=(1;3), AC =(9;-3).
___ |4BAC .
Suy ra: cos BAC =——-=0= BAC =90".
‘AB‘. AC‘

Cho tam gidc ABC , biét a=24,b=13,c=15. Tinh goc 4?

A. 33%34". B. 117%49". C. 28%37". D. 5824
Loi giai

Chon B

2 2 2 2 2 2
Ta co: cosAzb ro —a =13 +157 24 =—l:>Azll7049'.
2bc 2.13.15 15

Cho tam giac ABC, biét a=13,b=14,c=15. Tinh goc B?

A. 59%49". B. 53°7". C. 59°29'. D. 62°22".
Loi giai

Chon C

a’+c’-b* _13°+15°-14> 33
2ac 2.13.15 65

Cho tam gidc ABC biét do dai ba canh BC, CA, AB lan luot 1a a, b, ¢ va thoa man hé thic

b(b* —a*)=c(c* —a*) véi b#c. Khi do, goc BAC bing

A. 45°. B. 60°. C. 90°. D. 120°.

Loi giai

Ta cb: cosB = = B=59729",

Chon D
Ta co b(bz—az):c(cz—a2)©b3—ba2 =c*—ca’ ©b3—c3—a2(b—c):0
<::>(b—c)(l)2+bc+(:2—az):O<::>bz+cz—a2 =-bc.

b*+c’—a’ —bc

Mt khac cos BAC = _che 1 mac 1200,
2bc 2bc 2

Tam giadc ABC ¢6 AB=c, BC=a,CA=b. Cac canh a, b, ¢ lién hé voi nhau boi dang thirc
b(b2 —az) = c(a2 —cz) . Khi d6 goc BAC bing bao nhiéu do.
A. 30°. B. 60°. C. 90°. D. 45°.

Loi giai

Chon B

Theo bai ra, ta c6: b(b2 —az) =c(a2 —cz) b -ab=dc-c*=0=b+—a*b-a’c=0

= (b+c)(b2 —bc+c2)—a2 (b+c) =0 (b+c)(b2 —bc+c’ —az) =0 b —bc+c’—a’ =0

b*+c*—a’
2bc

Cho tam gidc ABC vudng can tai A va M la diém nam trong tam giac ABC sao cho

MA:MB:MC =1:2:3 khi d6 goc AMB bang bao nhiéu?

A. 135°. B. 90°. C. 150°. D. 120°.

Sbh+t-a’ =bc o :%Qcosﬁ?:%:@:w".
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Cau 22:

Cau 23:

Cau 24:

CHUYEN DE IIl - TOAN 10— CHUONG III - HE THUC LUQONG TRONG TAM GIAC
Loi giai
MB=x < MA=2x; MC =3x v6i 0<x<BC=+/2.
1+4x7 —x*  3x°+1
2.1.2x 4x

2 2 2
cosMAC=1+4x 9x :l S5x .
4x 4x

2 2 2.2
:{3" ”J +(1 >x ] 1= 0 +6x +1+1—-10x> +25x* =16.

Ta co cosB/AA\/[ =

4x 4x

, 5+2\/§>1(l)
17 5

, 5-242
X =
17
2 2 2 2 2
:>cosAMB=AM +BM~* - AB :4x +x -1
2AM .BM 2.2x.x
sl _[25—10\/5_1)20—8\/5 2

4x° 17 17 2

= 34x' —20x*+2=0 <

Vay AMB =135°.
Cho tam gidc 4BC, chon cong thirc ding trong cac dap an sau:

Am e d g e dtl b
¢ 4 ¢ 2 4
C.m2=a2+b2—i. D.m2=2cz+2b2—a2
¢ 2 4 - 4
Loi giai
Chon D
Taco: m? b2+cz_ﬁ_2b2+202—a2'

T 4
Tam gidc ABC c6 AB=9 cm, BC =15cm, AC =12cm. Khi d6 duong trung tuyén AM cia
tam giac c6 do dai la

A. 10 cm. B.9cm. C.7,5cm. D. 8 cm.
Loi giai
Chon C
2 2 2 2 2 2
Ta c6 AM2=AB +A4AC"  BC :9 +12 —£=£:>AM=E.
2 4 2 4 4 2

Cho tam gidc ABC c¢6 AB=3,BC =5 va do dai duong trung tuyén BM = J13 . Tinh do dai
AC.

AT B. 4. c.%. D. J10.
Loi gidi
Chon B
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

5

Theo cong thirc tinh d6 dai dudng trung tuyén;ta co:

2 2 2 2 2 2 2
BMZ:BA +BC”  AC <3(\/@) _3¥+5 4AC e AC—4
2 2
Cho AABC vudng & A, biét C =30°, AB=3. Tinh d¢ dai trung tuyén AM ?
A. 3 B. 4 C. &l D. 7
2 2
Loi giai
Chon A

AM 14 trung tuyén tng voi canh huyén nén AM = %BC =BM =MC.

Xét ABAC ¢6 B =90°—30° = 60°.

Xét tam giac ABM c6 BM = AM va B =60° suy ra AABM 1a tam giac déu.

= AM = AB =3.

Tam gidc ABC c6 a=6,b =4J2,c=2. M la diém trén canh BC sao cho BM =3. b6 dai doan
AM bang bao nhiéu?

A A9, B. 9. C. 3. D. %\/108.
Loi giai
Chon C
Ta cé: Trong tam gidc ABCcd a=6=BC =6 ma BM =3 suyra M 1a trung diém BC.
B>+ &P

Suy ra: AM? =m?

a =

——=9= AM =3.
4

Goi S =m? +m? +m? 1a tong binh phuong d6 dai ba trung tuyén clia tam gidc 4BC . Trong cic
ménh dé sau ménh dé nao dang?
3

A. S=Z(a2+b2+c2). B. S=a’+b*+c2.

3
C. S=E(a2+b2+cz). D. S=3(a® +b> +c%).
Loi giai
Chon A
2,2 2 2,2 42 2 ;2 2
f,:b tc© a a+c” b7 a+b —C—zé(a2+b2+c2).
2 4 2 4 2 4 4

Cho AABCc6 AB=2;A4C=3; A =60 Tinh d6 dai duong phan gidc trong goc 4 cia tam gidc
ABC.

Tacd: S=m>+m} +m
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CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A2 B &2 o OB D&
5 5 5 5
Loi giai
Chon C

A

/N
A
fl'\
P
r

,r‘; IIII \

Goi M la chan duong phan giac goc A.
Taco BC? = AB* + AC* —24B.AC.cos A== BC =A7.

Suyra BM =——

yNEi
.

Ap dung dinh 1y cosin trong tam giac ABM ta dugc:
AB*+BC?-A4C* 108

AM? = AB* + BM? =2 AB.BM .cos ABC = AB* + BM* —2 AB.BM. .
2.AB.BC 25
= AM = @
5
CACH2

Goi M 1a chan duong phan giac trong cia goc 4.
Vi doan thing AM chia tam gidc ABC thanh hai phin nén ta co:

S se =S p + S e %AB.A C.sin BAC = %AB.AM.sin BAM + % AC.AM .sin MAC

AB.AC.sin 60°
(AB+ AC).sin30°

_6%3
o
Vay AM=#.

DANG 2. PINH LY SIN, AP DUNG DINH LY SIN BE GIAI TOAN
Cau 29: Cho tam gidc 4BC. Tim cong thirc sai:

<= AM =

= AM

A -4 __0R. B. sind=-—. C. bsinB=2R. D. sinCc =804
sin 4 2R a
Loi giai
Chon C
Taco: -4 = b € __9JR

sin4 sinB sinC
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho AABC véi cac canh AB =c¢, AC =b,BC =a.Goi R,r,S lan luot la ban kinh duong tron

ngoai ti€p, noi ti€p va dién tich ctia tam gidc 4BC . Trong cac phat biéu sau, phat bi€u nao sai?

A, 5 =9k B. R=—2.
4R sin A
C. S=%absinc. D. a*> +b*> —¢* =2abcosC.
Loi giai
Chon B
Theo dinh li Sin trong tam gidc, ta c6 — =2R.

sin A
Cho tam gide ABC ¢6 goc BAC =60° va canh BC =+/3 . Tinh béan kinh ctia dudng tron ngoai
tiép tam giac ABC .

A. R=4. B. R=1. C.R=2. D. R=3.
Loi giai
Chon B
Ta co: =2R< R= Bp = \/5 =1
sin A4 2sin 4 NE)

Trong mit phang, cho tam giac ABC c¢6 AC =4 cm, goc A= 60°, B=45°, b6 dai canh BC
la

A. 246 . B.2+2/3. C. 243-2. D. 6.

Loi gidi
Chon A
L3
Taco 2C - A€ pe-"2 1.
sin4d sinB 2
2
Cho A4BC ¢y AB =5;A:40°;B =60° bo dai BC gz‘?m nhat véi két qua nao?
A. 3,7. B. 3,3. C. 3,5. D. 3,1.
Loi giai
Chon B
C=180°—A B =180°—40°—60° = 80°
Ap dung dinh 1y sin: _BC = ‘_AB = BC= f4B .Sin 4 = — sin40° ~ 3,3
sin4d sinC sinC sin 80°

Cho tam gidc ABC thod man hé thiic b + ¢ =2a . Trong cac ménh dé sau, ménh dé nao dang?
A. cosB+cosC=2cos 4. B. sinB+sinC =2sin 4.

) ) 1.
C. smB+smC:5s1nA. D. sin B+ cosC =2sin 4.
Loi giai
Chon B
Ta co:
b+c
a b S =2R= 2 _ b S = b+c = bre < sinB +sinC =2sin 4.

sinA:sinB_sinC sind sinB sinC 2sind sinB+sinC
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Cau 35:

Cau 36:

DANG 3.
Chu 37:

Cau 38:

Cau 39:

Cau 40:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Tam giac 4BC ¢o a=16,8; B= 56013'; C=171 Canh ¢ bing bao nhiéu?

A. 29,9. B. 14,1. C. 17,5. D. 19,9.
Loi gidi
Chon D
Ta c6: Trong tam giac ABC: A+ B+C=180" = 4=180° —71° —56°13'=52%47".
. . 0
Mt khac ‘a _ 'b _ .c N .a _ .c e a.?lnC:16,8.51n71 ~19,9.
sin4d sinB sinC sind sinC sin A sin52%47"
Tam gidc ABC c6 2:68012" 2?234044" AB=117. Tinh 4AC2
A. 68. B. 168. C. 118. D. 200.
Loi giai
Chon A
Ta c6: Trong tam giac ABC: A+ B+C=180" = C =180" — 68°12'-34%44' = 77%%4".
. 240440
Mt khac .a _ .b _ 'c - 1-4C _ 43 :AC:AB'.smB:117.51n34 44 68,
sinAd sinB smnC sinB sinC sinC sin77%"
DIEN TiCH TAM GIAC, BAN KiNH PUONG TRON
Chon cong thirc ding trong cac dap an sau:
A. SzébcsinA. B. S:%acsinA. C. S:%bcsinB. D. S:%bcsinB.

Loi giai
Chon A

Ta co: S:lbcsinA:lacsinB:labsinC.
2 2 2

Cho hinh thoi ABCD c6 canh bfmg a. Goc BAD =30°. Dién tich hinh thoi ABCD la

2 2 2
AL B. L. c. b *B. D. o
4 2 2
Loi giai
Chon B
———— . 1
Tacod S, = AB.AD.sin BAD = a.a.sin30° = Ea2 :
Tinh dién tich tam gidc ABC biét 4B = 3,BC=5,CA=6.
A. /56. B. /48 . C.6. D. 8.
Loi giai
Chon A
, AB+AC+BC 3+5+6
Taco: p= = =7.
2 2
Vay dién tich tam giac ABC la:
S=\p(p—4B)(p-AC)(p-BC)=7(7-3)(7-6)(7-5) =~/56.
Cho AABCcbd a=6,b=8,c=10. Dién tich S cua tam giac trén la:
A. 48. B. 24. C. 12. D. 30.
Loi giai
Chon B
Ta c6: Ntra chu vi AABC: p= a+12)+c
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Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Ap dung cong thirc Hé-rong: S =./p(p—a)(p—b)(p—c) =/1212-6)(12 - 8)(12-10) =24
Cho AABCc6 a=4,c=5,B=150°.Dién tich clia tam giac 1a:

A. 543. B. 5. C. 10. D. 104/3.
Loi giai
Chon B

Ta co: Syupc =%a.c.sinB =%.4.5.sin1500 =5.

Mot tam giac c6 ba canh 1a 13,14,15. Dién tich tam giac bang bao nhiéu?

A. 84. B. /84. C. 4. D. \/168.
Loi giai

Chon A

Ta c6: p= a+;)+c :13+124+15 _91.

Suy ra: S =./p(p-a)(p-b)p—c)=21(21-13)(21-14)(21-15) =84 .
Cho cac diém A(1;-2), B(-2;3),C(0;4). Dién tich AABC bing bao nhiéu?

A. 13 B. 13. C. 26. p. 13
2 4
Loi gidi
Chon A

Taco: AB=(-3;5)= AB=+/34, AC=(-1;6)= AC =37, BC=(%1)= BC=4/5.
AB+AC+BC \/ﬁ+\/374+\/§
5 .

2

Mait khac p

Suyra: S=./p(p—A4B)(p-AC)(p-BC) =%.

Cho tam gidc ABC c6 A(1;-1),B(3;-3),C(6;0). Dién tich A4ABC la

A. 12. B. 6. C. 642. D. 9.
Loi giai

Chon B

Tacd: AB=(2;-2)= AB=22,AC =(5;1)= AC=+26, BC=(3;3)=BC=3/2.

Mit khac AB.BC=0= AB 1 BC..

Suy ra: Sypc = %AB.BC =0.

Cho tam gidc ABC c6 a=4,b=06,c=8. Khi do6 dién tich cua tam giac la:

A. 915, B. 315, C. 105. D. %E
Loi giai
Chon B
Ta co: p:a+b+c:4+6+8 9.
2 2

Suy ra: §=\/p(p-a)(p-b)(p—c) =315.

Cho tam gide ABC.Biét AB=2; BC=3 va ABC =60°. Tinh chu vi va dién tich tam gidc
ABC.

A.5+\/7Vé%. B. 5++/7va = 3‘/_
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CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

C. 57 a3f D.5+@va%.
Loi giai

A

Chon B

Ta co: AC> = AB* + BC* —2.AB.BC.cosABC =4+9-2.23.c0860° =13-6=7

Cau 47:

Cau 48:

Suyra AC=+7.
Chu vi tam giac ABC 12 AB+ AC+BC=2+3+/7.
Dién tich tam gidc 4ABC 1a S, ;. = %AB.BC. sin ABC = %.2.3.sin 60° = %
Tam giac ABC cb cac trung tuyén m,=15,m, =12 ,m_ =9 .Dién tich S cua tam gidc ABC bang
A 72. B. 144, C. 54. D. 108.
Loi giai 1
Chon A
Theo bai toan ta co

m§=b2+cz —a—2=152

e 2’ +2¢* —a> =900 [a=10
m> =2 ;C ]’4_122 2a* +2¢ — b2 =576 < {b =413

a2+b2 C2 2a2+2b2_02:324 C:Z\/ﬁ
m’ = -—=9

2 4
, a+b+c ) A ) )

Taco p= =5+213++/73 , ap dung cong thirc He-rong ta c6

Ssc =\ P(P—a)p—b)(p—c)=T2.

Cach 2:

Piat BC=a,CA=b,AB=c,

Theo dinh 1y trung tuyén c6:

ami+a® =2(0°+¢%) (L2 4262 =900 (a2 =100 [a>=100 [a=10
Amy +b* =2(a’ +¢*) ={2a’ —b* +26° =576 = b’ =208 = 1b* =208 = {b =413
Am’ +c* =2 b2+a2) 2a° +2b° —c* =324 c* =291 ?=292  |c=2J73

S 1 \/P(P a)(p-b)(p—c), =%(a+b+c) Suyra S, =72

3
Cho tam giac A ABC ¢6 b=7;c =5;cos A =§. D9 dai duong cao £, cua tam giac A ABC la.

A ﬂ B. 8. C. 83 D. 80/3

—. 2
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Cau 49:

Cau 50:

Cau 51:

Cau 52:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Loi giai
Chon A
3
a=~b> +c* —2bccos A = \/72 +5 -275.5= P2=42
3 16 sinA=i R 4
sin® A=1—cos’ A=1- 2| ==2 . Suyra > Vi 0<A4<180° nén sin A=—
5) 25 . 5
sin4d=——
5
1. . 1__4
S=—bcsin4d=—"7.5.—=14 ma S=la.ha <:>14=l.4\/§.ha < h, =£
2 277 2 2 2
Cho tam giac ABC c¢6 AB =2a; AC =4a va BAC =120°. Tinh dién tich tam giac ABC?
A. S=84". B. S=2a%3. C.S=d’\3. D. S=4d>.
Loi giai

Chon B
Dién tich ciia tam gisc ABC 1a S, = %AB.AC. sin BAC = %.2a.4a.sinl20° =24°\3.

Cho tam giac ABC déu canh « . Ban kinh duong tron ngoai tiép tam giac ABC bang

YLD B 43 c. o3 b, 92,
2 -3 4 2
Loi giai
Chon B
Goi G la trong tim 4BC . Ban kinh dudng tron ngoai tiép R = AG = %% = # .

Cho tam gidc ABC c6 chu vi bang 12 va ban kinh duong tron ndi tiép bang 1. Dién tich cta tam
gidc ABC bang
A. 12, B. 3. C.6. D. 24.
Loi giai
Chon C
Theo d& bai tam gidc ABC c¢6 chu vi bang 12 nén nira chu vila p = %; ban kinh duong tron

noi tiép bang 1, tirc lata co: r=1.
Dién tich tam giac ABC la: S=pr=6.1=6.
Cho tam giac ABC déu canh 2a. Tinh ban kinh R cua dudng tron ngoai tiép tam giac ABC .

2a 4a 8a 6a
A, —. B. —. C. —. D. —.
— B NG V3 V3
Loi giai
Chon A
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Cau 53:

Cau 54:

Cau 55:

Cau 56:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A

B C

Goi H, K lan luot 1a trung diém canh AB,BC:;
I1a giao diém ciia AH va CK .
Luc d6, 11a tim dudng tron ngoai tiép tam giac ABC.
2
3 _ 5.

2

Taco: AH =

Do dé: R=Al = > AH = 2 a3 =22

3 3 V3
Cho tam gidc ABC c6 BC = J6, AC=2 va AB=+3+1.Bankinh dudng tron ngoai tiép tam
gidc ABC bang:

A5, B. 3. C.\2. D.2.

Loi gidi
Chon C
, o , b*+c*—a* 1
Ap dung dinh 1y cosin ta c6 cos A =————=— suyra 4=60°.

2bc 2
Ap dung dinh 1y sintacé R = .a =2
2sin 4
Cho tam giac ABC c¢6 AB=3, AC =4, BC =5. Ban kinh duong tron ndi tiép tam giac bang
A. 1. B.§. C.i. D.E.
9 5 4

Loi giai
Chon A
Vi AB* + AC* = BC? nén tam giac ABC vudngtai 4.

) lAB.AC 34
Do d6 ban kinh duong tron ndi tiép »=—= 2 =———=1.
1 34445

P 5(AB+AC+BC)

Cho AABCcd S=84,a=13,b=14,c=15. Do dai ban kinh dudng tron ngoai tiép R ctia tam giac

trén 1a:

A. 8,125, B. 130. C. 8. D. 8,5.
Loi gidi
Chon A
ab.c abc 13.14.15 65
Taco: S = S R= = =—,
MBC T 4R 4S ~ 484 8

Cho A4ABC ¢6 S =10+/3, nita chu vi p =10. Do dai ban kinh duong tron ndi tiép  ciia tam giac

trén 1a:
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Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A. 3. B. 2. C. \/5 D. \/g
Loi giai
Chon D
Ta co: S=pr:>r=£=%=\/§_
p 10

Mot tam giac c6 ba canh 13 26,28,30. Ban kinh dudng tron noi tiép la:

A. 16. B. 8. C. 4. D. 44/2.
Loi giai

Chon B

Ta co: p= a+b+c _ 26+28+30 _40

2 2
- -b)(p-— 42(42 -26)(42 —-28)(42-30
S= prospoS _NPP=a)p=b)p=c) _42(42-26)42-28)42-30) _ o
p p 42
Mot tam gidc c6 ba canh 1a 52,56,60. Ban kinh dudng tron ngoai tiép 1a:
A S B. 40. C. 32,5 p. &
8 - 4

Loi giai

Chon C

Ta co: p= a+b+c _ 52+56+60 _g4.

2 2
Suy ra: S=./p(p—a)(p—b)(p—-c)=+/84(84—52)(84—56)(84—60) =1344..
Ma Sza_bc:R:a_bCZSZ.56.6O=§'
4R 48 4.1344 2
Tam giac véi ba canh 13 5;12;13 c6 ban kinh dudng tron ngoai tiép 1a?
A. 6. B. 8. C. E D. E
2 2

Loi giai

Chon C

13

Taco: 52 +122 =13 =>R=—..

Tam giac v6i ba canh 1 5;12;13 c6 ban kinh dudng tron ni tiép tam giac d6 bang bao nhiéu?

A. 2. B. 22. C. 243. D. 3.
Loi giai

Chon A
Ta co: p=%=15. Ma 5% +12% =132 :>S=%.5.12=30.

< , S
Mat khac S=pr=>r=—=2.

p

Tam gi4c v6i ba canh 13 6;8;10 c6 ban kinh dudng tron ngoai tiép bang bao nhiéu?
A. 5. B. 4.2. C. 5v2. D. 6.

Loi giai
Chon A

Ta co: 6° +82 =102:>R=%=5..
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Cau 62: Cho hinh chit nhat 4BCD c6 canh AB=4,BC =6, M la trung diém cua BC,N la diém trén
canh CD sao cho ND =3NC . Khi d6 ban kinh ctia dudng tron ngoai tiép tam gidc AMN bang

A. 345. B.%. C.5/2. Q.%.
Loi giai
Chon D
B, M C
N
]

A D

Ta co

MC =3,NC =1=> MN =+/10
BM =3,AB=4=> AM =5

AD =6,ND =3=> AN =/45

_AM + AN +MN _10+5+/45
2 2

SAMN:\/p(p—AM)(p—AN)(p—MN):%

AMANMN 52
48 2

Céu 63: Cho tam giac déu ABC;goi D 1a diém théa man DC =2BD. Goi R va r lan luot 14 ban kinh

Bén kinh ctia duong tron ngoai tiép ciia tam giac AMN 1a: R =

\ \ <t A \ At A 5 .7 s s A R
duong tron ngoai ti€p va ndi ti€p cua tam gidc 4ADC. Tinh ti s6 —.
r

A. % B. 5+7*/7. C. 7+5*/§. D. 7+57

9 9 [ 9
Loi giai

Chon D
Taco DC =2BD < DC =-2DB . Do &6 DC =2DB.

A

B D E ¢

Goi S 1a dién tich cua tam giac ACDva E 14 trung diém cua BC.
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DANG 4.
Chu 64:

Cau 65:

Cau 66:

Cau 67:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

2S 2 azx/g_azx/g

§== ==,
. 6
bat AB=a.Suyra > .
AD =~JAE* +ED” = \/(&J +(ﬂj2 _2aV7
2 6 6

AD+DC+AC  5+7
= 7= ar

S 5 6 (5+\/7)ar.2a3x/7 \/7(5+\/7)a4r
Hon nira = §% = = )
g_AD.DC.BC _ 24°\7 6.36R 108R
4R 36R
o N1(5+T)atr g NT(5+4T)12 g NT(5+47)
Hay — = <o — = &S —=— 7.
12 108R r 108 r 9
UNG DUNG THUC TE

Khoang cach tir 4 dén B khoéng thé do truc tiép duoc vi phai qua mot ddm 1ay. Nguoi ta
xac dinh duoc mot diém C ma tir d6 co thé nhin duwoc 4 va B dudi mot goc 78°24'. Biét
CA=250m,CB =120m . Khoang cach AB bang bao nhiéu?
A. 266m. B. 255m. C. 166m. D. 298m.

Loi giai
Chon B
Ta c6: AB? = CA®> + CB* —=2CB.CA.cos C =250% +120% —2.250.120.c0s 78°24" = 64835 = AB = 255.
Hai chiéc tau thuy ctng xut phét tir vi tri 4, di thing theo hai hudng tao voi nhau mot goc 60°
. Tau thr nhit chay véi tbe &6 30km / h, tau thi hai chay v6i toc do 40km / k. Hoi sau 2 gio hai
tau cach nhau bao nhiéu im ?
A. 13. B. 204/13. C. 104/13. D. 15.

Loi giai
Chon B
Ta cé: Sau 2/ quing dudng tau thir nhat chay dugc la: S, =30.2=60km.
Sau 24 quang duong tau thir hai chay duoc la: S, =40.2 =80km.

Vay: sau 24 hai tau cach nhau la: §= \/ S + 8, —25,.8,.c0s60° = 20/13.
Tir mot dinh thap chidu cao CD=80m , ngudi ta nhin hai diém 4 va B trén mat dat dudi cac

goc nhin 1a 72°12' va 34%26'. Ba diém A4,B,D thang hang. Tinh khoang cach 4B ?

A. 71m. B. 91m. C. 79m. D. 40m.
Loi giai
Chon B
Ta c6: Trong tam gidc vudng CDA: tan72°12'= D = AD= CDO = 800 =25,7.
AD tan7212' tan72712'
Trong tam giac vudng CDB : tan34°26' P gp- Cl?) = 800 =116,7.
BD tan34°26' tan34°26'

Suy ra: khoang cach 4B=116,7-25,7=91m.

Khoang cach tr 4 dén B khong thé do truc tiép dwoc vi phai qua mot dam lay. Nguoi ta
x4c dinh duoc mot diém Cma tir 6 c6 thé nhin dugc 4 va Bdudi mot goc 56°16'. Biét
CA=200m, CB=180m . Khoang caich 4B bang bao nhi¢u?

A. 180m. B. 224m. C.112m. D. 168m.
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Cau 68:

Cau 69:

CHUYEN DE Il - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Loi giai
Chon A
Ta co: AB? = CA* + CB* —2CB.CA.cos C =200* +180 —2.200.180.cos 56°16' = 32416 = AB = 180.
Trong khi khai quat mot ngéi mo ¢d, cac nha khao ¢ hoc da tim dugc mét chiée dia ¢d hinh tron
bi v&, cac nha khao ¢d mudn khoi phuc lai hinh dang chiéc dia nay. Pé xac dinh ban kinh cua
chiéc dia, cac nha khao cb léy 3 diém trén chiéc dia va tién hanh do dac thu duoc két qua nhu
hinh v& (4B =4,3¢m; BC =3,7 cm; CA=7,5 c¢m). Ban kinh cua chiéc dia nay bang.

A. 5,73 cm. B. 6,01cm. C. 5,85cm. D. 4,57cm.
Loi gidi

Chon A

Ban kinh R cua chiéc dia bang ban kinh dudng tron ngoai tiép tam giac ABC .

AB+BC+CA _ 4,3+3,7+7,5 zﬂcm

Ntra chu vi cua tam giac ABC la: p=

2 2 4
Dién tich tam giac ABC la: S =\/p(p—AB)(p—BC)(p—CA) ~5,2cm’.
Ma S = AB.BC.CA ~R_ AB.BC.CA ~5.73cm.

Gia st CD = h 1a chiéu cao cia thap trong d6 C 1a chan thap. Chon hai diém 4, B trén mit dét
sao cho ba diém 4, B, C thing hang. Ta do dugc AB = 24m, CAD = 63"; CBD = 48°. Chiéu cao
h ctia khéi thap gan voi gia tri nao sau day?
A.61,4m. B. 18,5 m. C. 60 m. D. 18 m.

Loi giai

Chon A

Ta c6 C/AY)=63°:@):1170:ﬁ=1800—(117°+48°)=15°

, . . . AB BD AB.sin BAD
Ap dung dinh ly sin trong tam giac ABD ta co: ——=———+=—=>BD= &
sin ADB  sin BAD sin ADB

. . . =~ CD =
Tam gidc BCD vuong tai C nén co: sin CBD = 3D = CD = BD.sinCBD
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AB.sin E/E.sinc/‘éb _ 24.5inl 17°.sin 48°

Vay CD = — —
sin ADB sinl5

=61,4m
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