CHU PE 1. KHOI PA DIEN VA THE TiCH KHOI PA DIEN

A. KIEN THUC CO BAN

a. HINH HQC PHANG
1. Cdc hé thirc lwgng trong tam gidc vuong: )
Cho tam giac ABC vudngtai A, AH la duong cao, AM la duong trung tuyén. Ta co:

/ B A e e e m - \

1

1

1

% AH.BC = AB.AC :
% AB*=BH.BC, AC* =CH.CB |
, 1 1 1 I
:

1

1

1

TF - g T i AH® = HBHC

B H M C

\ S )

/ Chon goc nhon 1a a \

& sing o _canh doi ( di j
Canh huyén canh huyén \ hoc
Canh & coso— canh keA\ ( khongj
d6i canh huyén hu
. canh doi (dodnj
R a = ~ ,
= canh ke ket

Canh ké

canh ké ( két j

co se
\ canh déi \ doan /
_____________________________ 1

3. Cadc hé thirc luwgng trong tam gidc thuong:
a. Dinh ly cosin:

o

| [}
1 . 1
% |a® =b" + ¢ —2bccos A| = cos A = te-a
X 2bc '
1 2 2 2
y b vk |b° =a’ + ¢’ —2accos B :>cosB:+C—b i
: 2 20’20 2 '
o 1
a Vx| = a’ + b —2abcosC| = cosC =2 o e :
C: 2ab 1
1

-
X

b. Dinh ly sin:
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a b c
sinA  sinB sinC
(R 1 ban kinh dudng tron ngoai tiép AABC)

2R

c. Cong thirc tinh dién tich tam giac:

/ A 1 1, 1 \
’ 2 7" 9

! 1

L% Sy e = —ah, ==bh, ==ch,

1 1

A L. 1. . |

c b Ve S e :§ab81n0:§bcsm/1:§acsmB !

1 1

Vo abc '

E * Saasc T UR’ Saapc = DT E

1 1

5 “ “ 1% p=yp(p-a)(p-b)(r-c) :
p - nira chu vi e

K- ban kinh dudng tron ndi tiép /

d. Céng thirc tinh dg dai dwong trung tuyén:

1 1
A ' 2 2 2 :
i *AMQZAB + AC _BC :
1 2 4 :
! 2 2 2 1
i *BNZZBA +BC™  AC i
i 2 4 i
B C ' 2 2 2 |
M ' . CKZZOA +CB _AB :
: 2 4 .
1

4. Dinh ly Thales:

-

AM AN MN
= = = = k
AB AC BC

N ! > |

| % SAAMN _ [AM] — 2 :

' SAABC AB |

B . :
. \

@

(Ti dién tich bang ti binh phuong dong dang)
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. Dién tich da gidc:

a. Dién tich tam giac vuong:

% Dién tich tam giac vuéng bang % tich 2 canh
goc vudng.

b. Dién tich tam giac déu:

% Puong cheo hinh vudng bang canh nhan \/5 .
% Dién tich hinh chur nhat bang dai nhan rong.

2
a’\3
At A h =
% Dign tich tam giac déu: S, = M Saase 4
A déu 4 = .
a
. . \ h =
% Chiu cao tam giac déu: h, o J%ﬁ 2
c. Dién tich hinh vuong va hinh chir nht:
)
¢ Dién tich hinh vuong bang canh binh phuong. Sqv = a

=
AC = BD = a2

d. Dién tich hinh thang:

]_ ’ ’ ’ 4 A
%% SHinh Thang = 3 .(day lon + day be) x chiéu cao

=95 =

(AD + BC).AH
2

e. Dién tich tw giac co hai dwong cheo vuong
goc:

nhau bang Y tich hai duong cheo.
+* Hinh thoi co hai duong cheo vudng goc nhau
tai trung di€ém cua moi duong.

B
o ) 1
% Dién tich tu giac co hai duong cheo vudng goc|A | }L —>C = Sy = EA C.BD
D

b. CAC PHUONG PHAP CHUNG MINH HINH HOC

1. Chung minh dwong thing song song véi mdt phing :
d ¢ (o)
> |d||d = d|(a)] Pinhly 1, trang 61, SKG HH11)
d' C ()
< <5> I () = d || ()| (HE qua 1, trang 66, SKG HH11)
d C(f)
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d L d
< (@) L d't = d || (o)| (Tinh chit 3b, trang 101, SKG HH11)

d ¢ (a)

Chung minh hai mdt phéing song song:
(@) D a,al(B)

> (@) Db,b](B) = ()] (B)| Pinhly 1, trang 64, SKG HH11)
anb=0

> Eg; ” (g) — (a) || (8)| (Hé qua 2, trang 66, SKG HHI11)
(@) = ()

< (@) Ld = (a)| (B)|.(Tinh chat 2b, trang 101, SKG HHI1)
(8) Ld

. Chung minh hai dwong thing song song: Ap dung mot trong cac dinh 1i sau
<> Hai mit phéng (a),(ﬁ ) co diém chung S va lan luot chwa 2 duong thiang song song a, b thi giao
tuyén cta ching di qua diém S cing song song voi a,B.
Se(@)n(p)
(@) D a,(8) Dbt = ()N (8) = Sz (|| a | b)} (H¢ qua trang 57, SKG HH11)
allb

< Cho duong thang a song song voi mit phang (a). Néu mit phang () chira a va cit (a) theo
giao tuyén b thi b song song vdi a.

all@yac(g) | a|. (Binh 1y 2, trang 61, SKG HHI11)
()N (8)="0

< Hai mat phang cung song song voi mot duong thang thi giao tuyén cua chung song song voi
duong thang do.

(@) [ (B)

(P)N(a)=d
< Hai dwong thiang phan biét cung vudng goc voi mot mit phang thi song song voi nhau.
d=d
d1l(a)t= d Ld'| (Tinh chat 1b, trang 101, SKG HH11)
d 1 (a)

< Su dung phuong phap hinh hoc phang: Puong trung binh, dinh 1i Talet dao, .

. Chung minh dwong thiangvuéng goc voi matphang

< Dinh Iy (Trang 99 SGK HH11). Néu mot duong thing vudng goc voi hai duong thang cit nhau
nam trong mot mit phang thi né vudéng gdc voi mit phang ay.

dLlacC(a)
dLlbC(a)t=dL(a).
anNb={0}

} = (P)N(B) =d’d" || d|. (Pinh 1y 3, trang 67, SKG HH11)

{> Tinh chit 1a (Trang 101 SGK HH11). Cho hai duong thing song song. Mit phang nao vudéng
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C.

goc v6i duong thang nay thi vudng goc véi duong thang kia.
d|d gl

= .
d' 1 (a) (@)

<> Tinh chit 2a (Trang 101 SGK HHI11). Cho hai mat phang song song. Puong thang nao vudng
goc v6i mat phang nay thi cling vudng goc v6i mit phang kia.

(o) 17 )]:>dJ_(a).

d L ()

< Dinh Iy 2 (Trang 109 SGK HHI1). Néu hai mat phang cat nhau va cung vudng goc voi mit
phang thu ba thi giao tuyén cua chung vudng goc voi mit phang thu ba do.

(@) L(P)
(B)L(P) t=dL(P).
(«)n(8)=4
< Dinh Iy I (Trang 108 SGK HH11). Néu hai mat phang vuong goc thi bat clr duong thang nao
nao nam trong mit phang nay va vudng goc voi giao tuyén déu vudng goc voi mit phang kiA.

(o) L (P)
a:(a)m(P) :>dJ_<P)
dC(a),dJ_a

Chung minh hai dwong thing vuéng goc:
4 Cich I: Ding dinh nghia: o | b < (aAb) — 90"
Haya Lb<d lb < db=0< |&'|.‘g‘.cos(5,g) =0
< Cdch 2: Néu mot dudng thang vudng goc voi mot trong hai dudng thang song song thi phai
vudng goc voi duong kia.
b//c

}#aj_b.
a L

< Cdch 3: Néu mot duong thang vudng goc v4i mot mit phang thi né vudng goc voi moi duong
thang nam trong mat phang do.

o L fa )l;»au).

bC (a)
< Cdch 4: (Sw dung Binh ly Ba dwong vuéng goc) Cho dudng thang b nam trong mit phing <P)
va a la duong thang khong thudc (P) dong thoi khong vudng goc véi (P) . Goi a’ 1a hinh chiéu

a
vuong goc cua a trén (P ). Khi do b vuong goc vai a khi va chi B
gg (P) gg e
a'= hch (P) —]
“ =>blasbla
bC (P)
< ?tich khdc: Su dung hinh hoc phang (néu dgc). Al e
6. Chung minh mp (a) 1 mp(ﬁ): £ b a

< Cadch 1: Theo dinh nghia: (a) L (ﬁ) & ((a),(ﬂ)) = 90". Chung to goc gitra hai mit phang bang
90°.
< Cach 2: Theo dinh 1y 1 (Trang 108 SGK HH11):

HINH CHOP PEU
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1. BDinh nghia: Mot hmh chop dugc goi la hinh chop déu néu co day la mét da giac déu va co chin
dirong cao trung voi tam cua da giac day.
Nhan xet:
<> Hinh chop déu co céc mat bén lé nhﬁ:ng tam giac can bang nhau.
Cac mit bén tao voi day cac goc bang nhau.
<> Cac canh bén cua hinh chop déu tao voi mat day cac goc bang
nhau.
2. Hai hinh chop déu thwong gip:

a. Hinh chop tam giac déu: Cho hinh chop tam giac déu S.ABC . Khi

do:
< Ba,iy ABC'la tam ’giéc déu.,
< Cac ‘m,a'lt bén la cac tam giac can tai §'.
<> Chiéu cao: SO.
<> Goc gitra canh bén va mit day: SAO = SBO = SCO.
<> Goc gitra mat bén va mit day: SHO .
< Tinh chit: AQ = 2AH OH = %AH AH = AB@ :

Luu y: H1nh chop tam glac déu khac voi tu dién deu
v T w “dién déu co cac mdt la cac tam gzac deu
v’ Twdién déu la hinh chop tam giac déu co canh bén
bang canh day.
b. Hinh chop tw giac déu: Cho hinh chop tam giac déuS.ABCD .

<> DPay ABCD la hinh vudng.

< Cac mit bén la cac tam giac cén tai 5.

< Chiéu cao: SO.

<> Goc gitra canh bén va mit day: SAO = SBO = SCO = SDO.

—

<> Goc gitra mat bén va mit day: SHO .

d. THE TICH KHOI PA DIEN

1. Thé tich khéi chop: |V = éB.h

B : Dién tich mat daiy.
h : Chiéu cao cua khoi chop.
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2. Thé tich khéi ling tru: B

B : Dién tich mat daiy.

h : Chiéu cao cua khdi chop. A C A\/C ,

Luu y: Ling tru dung co chiéu cao cung la B’ B’
canh bén.
c
rs 3 A ~ A
3. Thé tich hinh hgp chw nhiit: a i I a @

T |
| |
| |

— Thé tich khdi 1ap phuong: L] I SU— [

Voo _ SA" SB' S¢’
1% SA SB SC

S.ABC

4. Tisé thé tich:

5. Hinh chop cut ABC.A'B'C'

V:%(B+B’+ BB’)

Voi B, B’,hla dién tich hai day va chiéu cao.

B. BAI TAP TRAC NGHIEM
Cau 1. Cho hinh chép S.4BC co day 1a tam giac déu. Néu ting do dai canh day 1én 2 lan va do dai
dudng cao khong doi thi thé tich S.4BC ting 1én bao nhiéu 1an?

A. 4. B.2. C. 3. D.%.
Cau?2. Co bao nhiéu khéi da dién déu?

A. 4. B. 5. C. 3. D. 2.
Cau 3. Cho khoi da dién déu {p;q}, chisé p 1a

A. S6 cac canh cua mdi mat. B. S mit cua da dién.

C. S6 canh cua da dién. D. S dinh cua da dién.
Caud4. Chokhdida dién déu {p;q}, chisé ¢ 1a

A. S dinh cua da dién. B. S6 mit cua da dién.

C. Sb canh cua da dién. D. S6 cac mit & mdi dinh.

Cau5. Tinh thé tich khdi tir dién déu canh a.

3 3 3
a2 B."‘/E. C.d. p. L.
12 4 6
Ciu 6. Cho S.ABCD 1a hinh chop déu. Tinh thé tich khéi chop S.ABCD biét AB=a, SA=a.
3 3 3
a2 c. 2 ‘/5. p. &
2 6 3

Céu7. Cho hinh chépS.4BC c6 S4L(ABC), dédy ABC 1a tam gidc déu. Tinh thé tich khéi chép
S.ABC biét AB=a, SA=a.

A.

A. a’ B.
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

3 3 3
A.a\/g. a\/g. C.a. p. L

12 4 3
Cho hinh chép S.ABCD ¢ SAL(ABCD), ddy ABCD la hinh chit nhat. Tinh thé tich
S.ABCD biét AB=a, AD=2a, SA=3a.

3

A . B. 64’. B. 24°. D. %
Thé tich khéi tam dién vudng O.ABC vudng tai O ¢c6 OA=a, OB=0C =2a la
3 3 3
A2 B.L. c. L. D. 24°.
3 2 6

Cho hinh chép S.ABC c6 SA vudng goc miat ddy, tam gidc ABC vuong tai A, SA=2cm,
AB = 4cm, AC =3cm . Tinh thé tich khdi chop.
12 24 24

A. —cm’. B. —cm’. C. ?cmS. D. 24cm’.

Cho hinh chop S.ABCD day hinh chit nhat, S4 vudng goc day, 4B =a, AD =2a. Gbc gitta
SB va day bang 45°. Thé tich khéi chép 1a
3 3 3 3
a\/z‘ B. 24 c. 4. ]).a‘/z.
3 3 NE) 6
Hinh chop S.4BCD day hinh vudng, SA4 vudng goc voi ddy, SA = a3, AC = a2 . Khi d6 thé
tich khéi chop S.ABCD la
3 3 3 3
o2, B, Y2, L L
2 3 2 3
Cho hinh chép S.ABC ¢6 day ABC 1a tam giac vuong tai B. Biét ASAB 1a tam giac déu va
thudc mat phang vudng géc véi mit phang (4BC). Tinh thé tich khéi chop S.4BC biét

AB=a, AC=a\3.
a3\/3. a3x/§.

3
a6, B. C.
12 4 6
Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thoi. Mat bén (S4B) la tam giac vudng can tai

A.

A.

A.

D. &
4

S va thudc mit phang vudng goéc v6i mit phang (4BCD). Tinh thé tich khoi chép S.4BCD
biét BD=a, AC=a /3.
3 3 3
a3, c.ah. p. L.
4 12 3
Cho hinh chop S.ABC c6 ddy ABC 1a tam giac vudng tai 4. Hinh chiéu cia S 1én mat phang

(ABC)la trung diém H ctia BC. Tinh thé tich khdi chép S.4ABC biét AB=a, AC=a3,

A, a’. B.

SB=av2.
3 3 3 3
el B, <33 L p, N6,
6 2 6 2

Cho hinh chép S.ABCD ¢6 ddy ABCD hinh vudng canh «. Hinh chiéu cia S 1én mit phang
(ABCD)1a trung diém H cua AD. Tinh thé tich khéi chop S.ABCD biét SB =37“.

3 3 3
AL B. &. c. L. p. 3% .
3 2 2
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Cau 17.

Ciu 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Hinh chop S.ABCD day la hinh vudng canh a, SD = a\éﬁ . Hinh chiéu ctia S 1én (4BCD) 1a

trung diém H ctia AB . Thé tich khdi chop 1a

3 3 3
AL ;/5 B. “—32 C. V12 D. %

Hinh chop S.4BCD day hinh thoi, 4B =2a, goc BAD béng 120°. Hinh chiéu vudng géc cia

S 1én (ABCD) la I giao diém cua 2 dudng chéo, biét SI =%. Khi d6 thé tich khéi chop

S.ABCD la
3 3 3 3
A.“;E- B.af- c.“f- D.“f-

Cho hinh chop S.4BC, goi M, N lan luot 1a trung diém cta S4,SB. Tinh ti sb M

S.MNC

A.4. B C. 2. D

1 1
-3 >
Cho khéi chop O.4BC. Trén ba canh O4,0B,0C lan luot lay ba diém A’,B’,C' sao cho

204' = 04, 40B' = 0B, 30C' = OC . Tinh ti 6 Lox5¢

0.4BC
L B. - c. . D. .
12 24 16 32

Cho hinh chép S.ABC. Goi («) la mit phang qua 4 va song song véi BC. (a) cit SB, SC

lan luot tai M, N . Tinh ti s6 i—j\; biét (a) chia khdi chop thanh 2 phﬁn c6 thé tich bﬁng nhau.

1 1 1 1
A, —. B. —. C. —. D. —.
2 V2 4 242
Thé tich cta khéi lang tru tam giac déu co tit ca cac canh déu bang a la:
3 3 3 3
A LB B, <33 ¢ L2 p, L2
4 3 3 2

Cho lang tru ABCD.A'B'C'D"' ¢6 ABCD la hinh chir nhat, 4'4=A'B=A'D. Tinh thé tich
khéi lang tru ABCD.A'B'C'D" biét AB=a, AD=a3, A4'=2a.

A. 3d*. B. d'. C. a’\3. D. 3¢°3.

Cho ling tru ABC.A'B'C"' ¢6 ABC 1a tam giac vudng tai A.Hinh chiéu ciia 4' 1én (ABC ) la
trung diém ciia BC. Tinh thé tich khdi ling tru ABC.4'B'C' biét AB=a, AC=a 3,
AA'=2a.

A. “—23 B. % C. 3. D. 3a°\3.

Cho lang tru ABCD.A'B'C'D' ¢6 ABCD la hinh thoi. Hinh chiéu cua 4' 1én (ABCD) la
trong tim cia tam giac ABD. Tinh thé tich khdi ling tru ABCA'B'C' biét AB=a,
ABC=120°, Ad'=a.

7 7 7

C. D.
6 3 2

A. V2. B.

Cho lang tru ABC.A'B'C". Tinh ti s6 Vawe

ABCA'B'C'
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Cau 27.

Cau 28.

Cau 29.

Cau 30.

Céu 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

1 2

A, —- B. . L D. =.
2 3 3

Cho khdi lang try tam giac déu ABC.A’B’C’ cb tat ca cac canh déu banga . Thé tich khdi tir
dién A’BB’C’ 1a

3 3 3 3
a3, B, V3. c. ¥ D. L.

12 4 6 12
Lang tru tam gidc ABC.A'B'C’ ¢ day tam giac déu canha, goc giira canh bén va mit day bang
30°. Hinh chiéu 4’ 1én (ABC)1a trung diém 7 cua BC. Thé tich khéi lang try la

3 3 3 3
a3, B, O3 c. O3, p, £33

6 2 12 8
Léang try ding ABC.A’B’C’ ¢6 day ABC la tam giac vuong tai 4, BC =2a, AB =a . Mat bén

(BB’C’C) 1a hinh vuéng. Khi d6 thé tich lang tru la

C

|-

A.

A.

3
P 3*/5 B. &’V2. C. 24°3. D. ’\3.
Cho lang tru ABC.A'B'C'. Goi M, N lan luot la trung diém ciia CC' va BB'. Tinh ti s6
VABCMN

VABC,A'B'C'
Al B. L. c. L. D. 2.

3 6 2 3
Cho khbi lang try ABC.A'B'C". Ti s6 thé tich giita kh6i chop A'.ABC va khdi lang tru d6 1a
AL B. L. c.l. p. L.

4 2 3 6
Cho khdi 1ap phuwong ABCD.A'B'C'D’ . Ti s6 thé tich giita khdi A'.ABD va khéi lap phuong la:
AL B. L. c. L. D. L.

4 8 6 3

Cho hinh chép tir giac déu S.4BCD cé chiéu cao bangh, goc gitta hai mat phang (SAB) va
(ABCD) bang « . Tinh thé tich cta khdi chop S.4ABCD theo h va .
3n’ 4hn’ 8h’ 3n°
. —. B. —. C. —. D. —.
4tan” o 3tan” 3tan” 8tan”

Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh 2a, canh SB vudng goc voi day
va mit phang (SAD) tao voi ddy mot géc 60°. Tinh thé tich khdi chép S.4BCD .

3 3 3 3
Ay 2303 B,y =33 c.y 83 D,y a3

4 8 3 3
Cho hinh lang tru ding ABC.A'B'C' c6 ddy ABC la tam giac vuong tai B, BC =a, mat
phang (A4'BC) tao v6i ddy mot géc 30° va tam gidc A'BC c6 dién tich bang a*/3 . Tinh thé
tich khéi ling tru ABC.A'B'C".

3 3 3 3
AR g, 303 c. 33 p. 343

8 4 8 2
Cho hinh ling tru ABC.A'B'C' ¢6 ddy ABC la tam giac déu canh banga . Hinh chiéu vudng
goc cua A' trén (ABC ) 1a trung diém cua AB. Mit phing (44'C'C) tao v6i day mot goc
bang 45°. Tinh thé tich ¥ ciia khdi lang tru ABC.A'B'C".

3 3 3 3
A V=L B. V=39 c.v=>% .y =%
16 8 4 2

A
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cho hinh chép déu S.4BC, géc gilta mit bén va mit phing day (A4BC) bang 60°, khoang

cach giura hai duong thang SA va BC bang 23%. Thé tich cua khoi chép S.4BC theo a bang
3 3 3 3

INCAER B, 43 c. a3 p, 43
12 18 16 24

Cho hinh chép déu S.ABCD c¢ déy ABCD 1a hinh thoi tim O, AC =23a, BD =2a, hai
mit phang (SAC) va (SBD) cung vudng goéc véi mét phang (ABCD). Biét khoang céch tir

diém O dén mit phang (SAB) bang #. Tinh thé tich cua khoi chop S.4BCD theo a.

3 3 3 3
a3 B, 43 c. a3 p, V3.
16 18 3 12
Cho hinh chop tir gidc déu S.4BCD, O la giao diém cia AC va BD. Biét mat bén ciia hinh
chop 1a tam giac déu va khoang tir O dén mit bén 1a . Tinh thé tich khéi chép S.4ABCD theo

A.

a.

A. 2a°\3. B. 44°/3. C. 6a°/3. D. 84°/3.

Cho hinh chop tir giac S.ABCD ¢6 SA L (ABCD). ABCD 1a hinh thang vudng tai 4 va B
biét AB=2a .AD=3BC=3a. Tinh thé tich khéi chop S.ABCD theo a biét goc giita
(SCD)va (ABCD) bing 60°.

A. 264’ . B. 63/64’ . C. 234, D.634 .

Cho hinh chop tir gide S.ABCD ¢6 SA L(ABCD), ABCD 14 hinh thang vuéng tai 4 va B
biét AB=2a.AD =3BC =3qa. Tinh thé tich khdi chop S.ABCD theo a, biét khoang cach tir

A dén mat phang (SCD) b?mg%a .
A. 636’ B. 2/6a’. C. 233, D.6v3d’.
Cho lang tru tam giac ABC.A'B'C"' co BB'=a, goc gitra duong thang BB' va (ABC) bang
60°, tam giac ABC vudng tai C va goc BAC = 60°. Hinh chiéu vudng goc cua diém B' 1én
(ABC) trung voi trong tam cua A4ABC. Thé tich cua khéi tr dign A4'.ABC theo a bang
3 3 3 3

A B B. /9. c. e p. 29

108 106 108 208
Cho hinh ling try ding ABC.A'B'C", biét ddy ABC la tam giac déu canh «. Khoang céch tir

tim O cua tam gidc ABCdén mit phang (A4'BC) bang %.Tinh thé tich khdi lang tru

ABC.A'B'C' .
3 3 3 3
A.3a‘/§. B.3“‘/§. c.3“‘/5. D.3a‘/§.

8 28 4 16

Cho hinh chép tam giac S.ABC ¢6 M 1a trung diém ciia SB, N 1a diém trén canh SC sao cho
NS =2NC . Ki hiéu ¥,,¥, lan lugt 14 thé tich cua cac khdi chop ABMNCva S.AMN . Tinh ti

O~

S

>
SN S

I
w | N
w
SN
I
N | —
0
SN
I
N
=
SN
lI‘L
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

ho NS=2NC, P la diém trén canh SAsao cho P4 =2PS . Ki hiéu V.V, 1an luot 1a thé tich

cua cac khdi tir dién BMNP va SABC . Tinh ti sb g

2
ALl B. L3 ch_2 p L
o9 v, 4 o3 o3
Cho hinh chép tir gidc déu S.ABCD c6 canh day bang 2a, goc giita hai mit phang (S4B) va
(ABCD)bang 45°, M, N va P lan luot 1a trung diém cac canh S4,SB va AB. Tinh thé tich
V ciia khéi tir dién DMNP.

a’ a’ a a’

AV =— B.V=— C.V=— D.V=—

6 4 12 2
Cho lang tru ABC.A'B'C' ¢6 day ABC la tam giac vudng can tai B, AC =2a; canh bén
AA'=~2a. Hinh chiéu vudng goc cia A’ trén mit phang (ABC) la trung diém canh AC.
Tinh thé tich ¥ cua khéi lang try ABC.A'B'C’.

3 3

AV=Lg B.V=2L C.V=d. b,y Y20

2 3 3
Cho tir dién ABCD c¢6 cac canh 4B, ACva AD d6i mot vudng goc véi nhau. Goi G,,G,,G,va
G, lan lugt 1a trong tAm cac mit ABC,ABD,ACDva BCD. Biét AB=6a, AC=9a,
AD =12a . Tinh theo a thé tich khéi t dién G,G,G,G, .
A. 4a’ B.d’ C. 1084 D.36a’
Cho tir dién ABCD ¢6 AB=CD =11m, BC = AD =20m, BD = AC =21m . Tinh thé tich khéi
tor dién ABCD.
A. 360m’ B. 720m’ C. 770m’ D. 340m’
Cho hinh chép tir gidc S.ABCD c6 day 1a vudng; mit bén (SAB) 1a tam giac déu va ndm trong

mat phang vudng goc véi day. Biét khoang cach tir diém A dén miat phang (SCD)bang

35" . Tinh thé tich ¥ cita khdi chép S.4BCD
3
Av=Ls B.V=a'. cv=2a. p.y=39
3 3 2

Cho t& dién S.ABC, M va N la cac diém thudc cac canh S4 va SB sao cho MA=2SM,
SN =2NB, (a)la mit phang qua MN va song song voi SC. Ki hiéu (H,)va (H,) la cac
khdi da dién c6 dugc khi chia khéi tir dién S.4BC boi miat phang («), trong d6, (H,)chia

diém S, (H,) chadiém 4; ¥, va V, 1an lugt la thé tich ctia (H,) va (H,). Tinh ti s6 9
2

A. 4 B. > C. 3 D.

5 4 4

Cho hinh chép S.4BC c¢6 chan duong cao nam trong tam gidc ABC; cic mit phing (SAB),

(SAC) va (SBC) cung tao v6i mit phang (ABC) cac goc bang nhau. Biét AB =25, BC =17,

AC =26 ; duong thang SB tao véi mat day mot goc bang 45°. Tinh thé tich ¥ ciia khdi chop

S.ABC.

A.V =408. B.V =680. C.V =578. D.V =600.

(SHNN

C. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

I1-DAP AN 7.4

1234|5678 ]9]two]11|12]13]14]15[16]17]18]19]20]|
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(alBla|DlA[C]Aafc|[Aa]A[B|D[A[C|C[A|A[D|A|B]

21122123124 25(26 (2728|2930 |31 32|33|34|35|36|37|38|39]40
B/IAJ]A|B/ D/ C|lA/D D|IAIC|]C|B|IC|D/A|DIC|JAJA

41 142 |43 144 145 |46 |47 |48 |49 |50 |51 |52 53|54 |55|56|57|58]59]60
B/ D D|ICIAJ]A|C|/A|A|D|A|B

I —-HUONG DAN GIAI
NHAN BIET — THONG HIEU

Caul. Cho hinh chép S.ABC co day la tam gidc déu. Néu ting do dai canh day 1én 2 1an va d¢ dai

duong cao khong ddi thi thé tich S.4BC ting 1én bao nhiéu 1an?

A 4. B. 2. C.3. D.%.
Huéng dan giai:
Khi d6 dai canh day ting 1én 2 lan thi dién tich ddy tang 1én 4 lan.
= Thé tich khdi chop ting 1én 4 1an.
Cau2. C6bao nhiéu khbi da dién déu?
A 4. B.5. C.3. D.2.

Huéng din giai:
C6 5 khdi da dién déu 1a: tr dién déu, hinh 1ap phuong, khdi 8 mat déu, khdi 12 mit déu, khoi
20 mat déu.

Cau 3. Cho khoi da dién déu {p;q}, chisé p 1a

A. SO cac canh ctia moi mat. B. SO0 mat cua da dién.
C. SO canh cua da dién. D. S6 dinh cua da dién.

Cau4. Cho khoi da dién déu {p;q}, chisé g la

A. S dinh cua da dién. B. S6 mat cua da dién.
C. S6 canh cua da dién. D. S6 cac mat & moi dinh.

Cau 5. Tinh thé tich khdi tir dién déu canh a.

VT LT

12 4

A.

3
C.a. D. a.
6

Huéng din giai:
Goi tr dién ABCD déu canha.
Goi H la hinh chiéu cua 4 1én (BCD).

Taco: BH = @

— AH = AB*—BH® = “\3/6

s a’\3 a2
ABCD 4 ABCD 12 *

Ciu 6. Cho S.ABCD 1a hinh chop déu. Tinh thé tich khdi chép S.ABCD biét AB=a, SA=a.

3 3 3
a\2 oy . <
2 6 3

Huéng din giai:

A. &’ B.
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Cau 7.

Cau 8.

Cau 9.

Goi H 1a hinh chiéu cua S 1én (4BCD)

a2
2

Taco: AH =

= SH =~/SA> — AH* =

a2
2
a*\2

6

—_— 2 —_—
Spep =4 =V ypep =

Cho hinh chépS.ABC ¢6 SAL(ABC), dédy ABC 1a tam gidc déu. Tinh thé tich khéi chop
S.ABC biét AB=a, SA=a.
3 3 3
A.‘“/g. B."‘B. C.d. p. L
12 4 3
Huéng dan giai:
a3 S
SAABC = T
a3
= I/SAABC = T .
AR C
B
Cho hinh chép S.ABCD c6 SA L(ABCD), ddy ABCD la hinh chit nhat. Tinh thé tich
S.ABCD biét AB=a, AD=2a, SA=3a.
3
A. & B. 6a°. B. 24°. D. %
Huéng din giai:
Spep =2a.a=2a" >V . =2a°
Thé tich khéi tam dién vudng O.ABC vudng tai O c6 OA=a, OB=0C =2a la

2a3 3 3

AL B.L. c. L. D. 2.
3 2 6
Hwéng din gidi:
A
1 >
Sose =5 0BOC=2a
h=0A4=a
1 24° OX C
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Cau 10. Cho hinh chép S.ABC c6 SA vudng goc mat ddy, tam gidc ABC vudng tai A, SA=2cm,
AB =4cm, AC =3cm . Tinh thé tich khéi chop.

A. 2cm3. B. ﬁcm3. C. ﬁcm3. D. 24cm’.
Huwéng din giai:
S
1 2
S s =EAB.AC =6cm
h=S4=2cm A C

=V ape = lSA “Sype = Ecnf
' 3 3
B
Cau 11. Cho hinh chop S.ABCD day hinh chit nhat, S4 vuong goc day, 4B =a, AD =2a. Gbc gilta
SB va day bang 45°. Thé tich khéi chop 1a
3 3 3
a2 B, 2% c. . ,
3 3 3 6
Huwéng din giai:

A.

SA = AB.tan(45°) —a
S e = a.2a=2a’

1 2a’
= VS‘ABCD = ESA'SABCD = T

Cau 12. Hinh chop S.ABCD day hinh vudng, S4vudng goc v6i day, SA4 = a3 ,AC = a~J2 . Khi d6 thé
tich khoi chop S.4BCD la
3 3 3 3
N2, B, Y2, L L
2 3 2 3
Huéng din giai:

A.

{SA =a\3

AB = AC.cos(45")=a =S ;0 =d’

1 a3\/§
3

= KY.ABCD = gSA'SABCD =

Céu 13. Cho hinh chép S.4BC co6 day ABC 1a tam gidc vudng tai B. Biét ASAB 1a tam giac déu va
thudc mit phing vudéng géc véi mit phang (4BC). Tinh thé tich khéi chop S.4BC biét

AB=a, AC=a\3.
3 3 3
a6 B.‘“@ C.‘“E-

12 4 6
Huéng din giai:

A.

D <.
4
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Cau 14.

Cau 15.

AABC vudngtai B = BC =N AC*— AB* = a2 .

S
1 a2
S =—BA.BC =
A4ABC 2 2
Goi H latrung diém 4B = SH =&
: 2 AR+ C
Ta cd: ASAB déu = SH L AB
= SH 1 (ABC)(vi (S4B) L (4BC) ). H
B
a*6

1
=V apc = ESH‘SAABC = T

Cho hinh ch6p S.ABCD c6 day ABCD 1a hinh thoi. Mt bén (S4B) la tam gidc vudng can tai

S va thudc mit phang vuéng goc voi mit phang (ABCD) . Tinh thé tich khdi chop S.4BCD

biét BD=a, AC=av/3.

o @i
4 V)

Huéng din giai:
Goi O 1a giao diém cua AC va BD.
ABCD 1a hinh thoi = AC L BD,

O la trung diém cua AC, BD.
AABO vudng tai O

A. a’. B.

p. <.
3

= AB=+A0*+0OB* =a.

1 azx/g

SABCD :EACBD: 2 B C
a
5 .

Goi H latrung diém AB. ASAB vuong can tai S canh 4B=a = SH =
Ta co: ASAB can = SH 1 AB= SH L (ABCD) (vi (SAB) L (ABC) ).
1 a3\/§

= VS.ABCD :ESH'SABCD = 1

Cho hinh chop S.ABC ¢6 day ABC 1a tam giac vuong tai 4. Hinh chiéu ciia S 1én mat phang
(ABC)1a trung diém H cua BC. Tinh thé tich khéi chép S.ABC biét AB=a, AC=a 3,

SB=a\2.

3 3 3 3
A.‘“/g- B.aﬁ. C.aﬁ. D.‘“/g-

6 2 6 2

Huéng din giai:
S
AABC vudng tai 4
= BC =+ AC* + AB* =2a.
1 azx/§
Spe =—AB.AC = . Bl-----
MBC 5 A

SH =+/SB*> —~BH* =a. H
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Cau 16.

Cau 17.

Cau 18.

1 a’3
= Vs asc = ESH'SAABC =T -
Cho hinh chop S.ABCD c6 day ABCD hinh vudng canh a. Hinh chiéu ciia S 1én mit phing
(ABCD)1a trung diém H cua AD . Tinh thé tich khéi chép S.4ABCD biét SB =37“.

3 3 3
AL B. &. c. L. p. 3% .
3 2 2

Huéng din giai:
AABH vuodng tai A
= BH =~ AH’ + AB* =

SH =~/SB>-BH? =a.

_ 2
Siscp =a" -

a5
=

1 a’ D
= Vs apep = ESH‘SABCD = ?

Hinh chép S.ABCD day la hinh vudéng canh a, SD = a\éﬁ . Hinh chiéu cta S 1én (4BCD) 1a
trung diém H ciia AB . Thé tich khdi chop 1a
3 3 3
A EY2 B. L2, C. V12 p. L.
3 3 3
Huwéng din giai:
Sipep = a’

2
HD? = AH? + AD* :5%

2 2
— SH =~/SD* — HD? = %—Si =a\2

4

1 a3x/§

= VS.ABCD = ESH'SABCD =

Hinh chop S.4BCD day hinh thoi, 4B =2a, goc BAD bang 120°. Hinh chiéu vudng goc cua
S lén (ABCD) la I giao diém cua 2 dudng chéo, biét SI :%. Khi d6 thé tich khéi chop

S.ABCD la
3 3 3 3
A2 B, <33 ¢ L2 p. LY.
9 9 3 3
Hwéng din giai:
si=%
2

S ssep = AB.AD.sin BAD = 2/3d>

1 a3\/§
3

= KY.ABCD = gSI'SABCD B
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Céau 19. Cho hinh chop S.4BC, goi M, N lan luot 1a trung diém ctia S4, SB. Tinh ti s6 Vsanc

S.MNC
1 1
A.4. B.? C.2. D.Z-
Huéng din giai:
S
M
Ve 54 SB _,
Veuve SM SN ) :

Cau 20. Cho khéi chop O.4BC. Trén ba canh O4,0B,O0C lan luot 1y ba diém A’,B’,C’" sao cho

204' = 04, 40B'= 0B, 30C’ = OC . Tinh i s Loasc

0.4BC
AL B. . c. .. p. L.
12 24 16 32
Huwéng din giai:
Ta co:

o4 1 0B 1 0C 1
04 2 OB 4 0OC 3
Vouwc 04 OB OC' 1 11 1

T 04 OB OC 2 43 24

VOAABC

Cau 21. Cho hinh chép S.ABC. Goi () 1a mit phing qua 4 va song song véi BC. («) cit SB, SC

lan luot tai M, N . Tinh ti s6 i—A; biét (a) chia khoi chép thanh 2 phén c6 thé tich bang nhau.

C. .
22

N

A.

1
B. —.
N

N | =

Huwéng din giai:
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Ta cé: MN//BC = *S;_A; _SN

SC
2
Ta co: Vs.aun =S£S—N=(S—M]
Ve e SB SC \ SB
4
toes Vo L SM_ 1 ¢
. VS.ABC 2 SB \/5

Ciu 22. Thé tich cua khéi ling tru tam giac déu c6 tat ca cac canh déu bang a la:

3 3 3 3
A LB B, <33 ¢ L2 p, L2
4 3 3 2
Hwéng din gidi:
A' c'
h=a a
a*\3
2 =>V=hS=
S:a*/5 4
4 A C

B
Cau 23. Cho lang try ABCD.A'B'C'D"' ¢6 ABCD 1 hinh chit nhat, 4'4= A'B= A'D. Tinh thé tich

khéi lang try ABCD.A'B'C'D' biét AB=a, AD=a~3, AA'=2a.
A. 3d’. B. a’. C. a’\f3. D. 34’3
Huéng din giai:

Goi O 1a giao diém cua AC va BD.
ABCD 14 hinh chit nhit = 04 = OB = OD
Ma A'A=A'B=A'D nén A'O L(A4BD) (vi
A'O la truc tam giac ABD )

AABD vudng tai A

= BD =+ AB* + AD? =2a
=0A=0B=0D=a
AAA'O vuong tai O

= A'0=\A4"~ 40* =a 3
S pep = AB.AD = a* /3

_ A _2,3
VABCDA'B'C'D' =4 O'SABCD =3a".

Ciu 24. Cho lang tru ABC.A'B'C' ¢6 ABC 1a tam giac vuong tai A . Hinh chiéu ciia 4' 1én (ABC) la

trung diém ctia BC. Tinh thé tich khéi ling tru ABC.A'B'C' biét AB=a, AC=a 3,
AA'=2a .
3 3(13

A. % B. =~ C. 3. D. 34’3 .

Huéng din giai:
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Goi H 1a trung diém ciia BC
= A'H L(A4BC).

ABC la tam giac vudng tai 4
= BC =\ AB* + AC* =2a
DAH:%BC:a

AA'AH vuong tai H

= A'H =\ A4" - AH* = a3

1 az\/g
2

SAABC = EABAC =

. 3a’
VABCA‘B'C' =4 H'SABC = T

Cau 25. Cho lang try ABCD.A'B'C'D' ¢6 ABCD 1a hinh thoi. Hinh chiéu caa A' 1én (ABCD) la
trong tdm cua tam gidc ABD. Tinh thé tich khdi ling tru ABCA'B'C' biét AB=a,
ABC =120", Ad'=a.

3 3 3
a2, c. V2. p. Y2,
6 3 2

Huéng din giai:

A. a3\/§. B.

Goi H la trong tam cua tam gidc ABD
= A'H 1 (ABCD).

Ta co: BAD =180" — ABC = 60°.
Tam gidc ABD can c6 BAD = 60"
nén tam giac ABD déu.

a3

ABD 1a tam giac déu canh a = AH = N

AA'AH vuong tai H = A'H = A4~ AH® = “f

N SN i3

. — ' —
> VABCDA'B'C'D' - A H'SABC -

SABCD = 2SABD =2.

4 2
Ciu 26. Cho lang try ABC.A'B'C". Tinh ti s6 Ve
VABCA'B'C'
A L. B. 1. L . 2.
2 6 3 3
Huéng din giai:
Ta c6: BB'C'C la hinh binh hanh A' C'
| 1 NN
= SBB‘C' = ESBB'C'C >V, e = EVA.BB'C'C
Ta Cé: VA.A'B'C' = EVABCA'B'C' A C
2
= VAABB'C'C = VABCA'B'C' - VA.A'B'C' = EVABCA‘B'C' B
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Vissc _ l

= VABB'C' = _VABCA'B'C'
3 VABCA'B'C' 3
Cau 27. Cho khéi ling tru tam gidc déu ABC.4’B’C’ c6 tit ca cic canh déu banga. Thé tich khdi tir
dién A’BB’C’ 1a
a3\/§. Ba3\/§. Ca3\/§. a3
12 C 4 T 6 12

Huwéng din giai:

A.

B

Cau 28. Lang try tam gidc ABC.4'B'C’ c6 day tam giac déu canha, goc gitra canh bén va mit day bang
30°. Hinh chiéu 4’ 1én (ABC)la trung diém 7 cua BC. Thé tich khdi lang tru la
a*\3 a*\3 a*\3
: B. . C. .
6 2 12 8
Huwéng din giai:

A.

Al = Al.tan(30°) - R

a*\3

4

SABC =

p— 4 p—
= VABC.A’B’C’ - A ['SABC -

Cau 29. Lang tru ding ABC.A’B’C’ c6 ddy ABC la tam giac vuong tai A, BC =2a, AB = a . Mat bén
(BB’C’C) l1a hinh vuéng. Khi d6 thé tich lang tru 1

3
AL 3‘5 B. *\2 . C. 24°3. D. &*\3.

Hwéng din gidi:

{h:BB’:Za V

AC =~BC>— AB* =a 3

1 az\/g

=8, .=—AB.AC =
asc = > A o

=V pesge =BB'S 50 = a3‘/§

B
Cau 30. Cho ling tru ABC.A'B'C'. Goi M, N lan luot 13 trung diém cua CC' va BB'. Tinh ti s6
VABCMN .
VABCA'B'C'
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AL B. L. L D. 2.
3 6 2 3
Huéng din giai:
Ta c6: BB'C'C la hinh binh hanh B 4'
1
= Spemn = ESBB'C'C
1
=V poun = EVABB'C'C M
Ta Cé: VA.A'B'C' = EVABCA‘B'C'
2 A
=Vispce =Viscose =Viwpe = EVABCA'B'C' B
V 1
=V, sewv =5 Vascaonce = — B = —,
3 VABCA'B'C' 3 C
Céu 31. Cho khdi lang truy ABC.A'B'C'. Ti s6 thé tich giira khdi chop A'.ABC va khdi lang try d6 1a
AL B. L. c.l. p. L.
4 2 3 6
Huwéng din giai:
A C'
1, 1 g
Viase = E AA'S jpe = E Viscame
— Viasc — l
VABC.A'B'C' 3 A C
B
Céu 32. Cho khdi 1ap phuong ABCD.A'B'C'D’ . Ti s6 thé tich giita khdi 4".4BD va khéi lap phuong 1a:
AL B. L. c.l. p. 1.
4 8 6 3
Huwéng din giai:
1, A \
Viasp = g AA'S ), B : C' D
1,1 1, I
=§AA.EAB.AD=EAA S sep .
1 ,zl* ““““ "D
= EVABCD.A’B’C’D’ A
B C
— Vioasp _ l
VABCD.A’B’C’D’ 6
VAN DUNG THAP

Cau 33. Cho hinh chép tir gidc déu S.4BCD c6 chidu cao bangh, goc giita hai mat phang (SAB) va
(ABCD)bang « . Tinh thé tich ctia khdi chop S.4BCD theo h va « .
3n’ 4n’ 8h’ 3n’
. —. B. —. C. —. D. —.
4tan” o 3tan” o 3tan” o 8tan” o
Huéng din giai:

Goi O la tam cia mat day thi
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Cau 34.

Cau 35.

SO L mp (ABCD) . Tu do, SO 1a duong
cao cuia hinh chép.Goi M 1a trung diém
doan CD.
Ta co:
CD 1L SM < (SCD)
CD 1 OM c (4ABCD) = SMO=a .
CD =(SCD)N(ABCD)

- % Suscp.SO; B = Sascp = AB%; Tim AB: AB = 20M
Tam giac SOM vudng tai tai O, ta co: tana = £= L = 0OM = h .
OM OM tan o
2
= AB = 2h .Suy ra: B = Supcp = 4}; . SO = h.
tan o tan” o
R 1 4r° an’
Vay Vsupcp = —.——.h = —.
3 tan" 3tan”

Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh 2a, canh SB vudng goc voi day
va mit phing (SAD) tao v6i ddy mot géc 60°. Tinh thé tich khdi chop S.4BCD .

3 3 3 3
A.V=3“4*/§. B.V=3“8*/§. C.V=8“3ﬁ. D.V=4"3‘/§.

Huéng din giai:

(4D 1 4B

Ta co:
AD 1 SB

= AD 1 (SAB) = AD 1 SA.
— SAB = 60" .
Suscp = 4a’.
Xét tam giac SAB tai vudng tai B, ta co:
SB = ABtan 60° = 2a+/3 .

84’3

3
Cho hinh lang tru dung ABC.A'B'C' c6 ddy ABC la tam giac vuong tai B, BC =a, mat
phang (4'BC) tao v6i ddy mot goc 30° va tam gidc A'BC c6 dién tich bang a*/3 . Tinh thé
tich khéi lang try ABC.A'B'C".
a3x/§ 3a3x/§ 3a3x/§ 3a3\/§

B. . C. . D. .
8 4 8 2

Huéng dan giai:

Vay V = %.4a2. 2a3 =

A.
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V= Bh = Sapcapc.A4". A’ ok
{BC 1 AB
(0]

= BC 1 A'B. AN
BC 1 44 AN

BC 1 AB c (ABC)
Va {BC L A'Bc (A4'BC) \
BC =(ABC)n(A'BC) ;

= ((4BC),(4'BC)) = (4B, A'B) = ABA' .

Tacé: T N
1 -
SAA'BC = EA’BBC

i .
NP N E RN
BC a

AB = A'B.cos ABA' = 2a~/3.c0s30° = 3a: AA' = A'B.sin ABA' = 2a~/3.5in30° = a/3

3
Viscaower =Bh=S 5. A4 = %-AB.BC.AA' - %-3a.a.ax/_ = 3“2\/5

Cau 36. Cho hinh ling try ABC.4A'B'C' ¢6 ddy ABC la tam gidc déu canh bianga . Hinh chiéu vuong
goc cua A' trén (ABC) la trung diém cia AB. Mt phang (44'C'C) tao véi ddy mot goc
bang 45°. Tinh thé tich ¥ ctia khdi ling try ABC.4A'B'C".

3 3 3 3
A V=2 B. V=22 c.v=22. . V=29
16 8 4 2

Huéng din giai:

Goi H, M, I lan Iuot la trung diém

cua cac doan théing AB, AC, AM.

VABC.A'B'C' = SAABC'A'H'

>3

—

Ta c6 IH la duong trung binh ctia tam giac
AMB , MB la trung tuyén ciia tam giac déu
ABC.

SAABC =

, |IH /| MB
Do do: =IH 1 AC
MB 1 AC

ACL A'H

{ACLIH
AC L IH < (4ABC)

Ma: {AC L A'I c (ACC'A") = A'IH la gbc gita hai mit phing (44'C'C) va
(ABC)N(ACC'A") = AC

= AC L(A'HI)= AC L A']

(ABCD) = A'IH = 45°

. . . A'H
Trong tam giac A'HI vudng tai H, ta co: tan45°=?:> A'H =[H.tan45°.
2 3
=ty p @B @3 3a
2 4 4 4 16
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Cau 37.

Cau 38.

Cho hinh chép déu S.4BC, géc gilta mit bén va mit phing day (A4BC) bang 60°, khoang

cach giura hai duong thang SA va BC bang 23%. Thé tich cua khdi chép S.4BC theo a bang
3 3 3 3

INCAER B, 43 c. a3 p, 43
12 18 16 24

Huéng din giai:
Goi M la trung diém cua BC.
Trong mp(SAM), Ké MH 1 SA,(H € SA).
. |BC L AM
Ta co:
BC 1L SO

Do d6 MH 1a duong vudng géc chung cia SAva BC.

= BC L (SAM )= BC L MH .

Suy ra MH = Ta c6: SM L BC = ((SBC).(ABC))=SMA=60".

247

bat OM =x= AM =3x,04=2x.
= SO =O0M .tan60° = x+/3 va

SA = \/(x\/g)2 +(2x)2 =xJ7.

Trong aSAM ta co:
SA.MH = SO.AM

a .

@xﬁ.;—a7=x\/§.3xc>x=—

J7 243

Khi

dé:AM=3x:3.L=—a*/§:>AB:a.
W32

1 1 a2 3 a az\/g

VS.ABC =§'SAABc-SO=§_ 4 ‘Ez 24

Cho hinh chép déu S.4BCD c¢ déy ABCD 1a hinh thoi tim O, AC =23a, BD =24, hai
mit phang (SAC) va (SBD) cung vudng géc voi mit phang (ABCD). Biét khoang cach tir

diém O dén mit phing (S4B) bang #. Tinh thé tich cua khéi chop S.4BCD theo a.

3 3 3 3
AR B, V3 A p, V3
16 18 3 12
Huéng din giai
Ta c6 tam giac ABO vudng tai O va

A0 =a 3,

BO=a.Dodo

A0 _ 3~ tan60° = ABO = 60°.
BO

Suy ra AABD déu.

Ta

co:
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Cau 39.

Cau 40.

(SBD) L(ABCD) = SO L (ABCD

Trong tam giac déu ABD, goi H 1a

trung diém AB,

K 1a trung diém BH,

suyra DH | AB vi DH =a~/3; OK//DH va OK :%DH: "‘f :

Suyra OK L AB= AB 1 (SOK).

Goi 114 hinh chiéu cua O 1én SK, ta

c6:0I L SK;AB 1 OI = OI 1(SAB).= Ol =d| 0; (S4B)].

Tam gific SOK vudng tai O, OI 12 dudng cao: ——=——_4 '~ 50=2.

or OK’> SO 2

1 1 11 }

Vs.anen =5 SaancrSO =3 4Ss1so-SO =3 4.—.0A0B.SO = = 3‘/5

Cho hinh chop tir gidc déu S.4BCD, O la giao diém cia AC va BD. Biét mat bén ciia hinh
chop 1a tam giac déu va khoang tir O dén mat bén 1a «. Tinh thé tich khéi chop S.4BCD theo

a.

A. 24°\3. B. 4a°\/3. C. 6a°\/3. D. 84°+/3.
Huéng din giai:

Goi M la trung diém cua CD,

trong ASOM ké duong cao

OH .

= OH 1 (SCD)=OH =a.
Pit CM = x . Khi d6 OM = x,
SM =x+3,

SO =SM?>—x* =x2.

Ta co: SM.OH = SO.OM

a6

X 3.a:x\/§.x:>x:T

— CD=a6,50 = a3 B*

Ve ipen = %.SABCD SO = %.CDZ.SO = %.6a2.a\/§ —24°3.

Cho hinh chop tir giac S.ABCD ¢6 SA L(ABCD). ABCD 1a hinh thang vudng tai 4 va B
biét AB=2a .AD=3BC=3a. Tinh thé tich khéi chop S.ABCD theo a biét goc giira
(SCD)va (ABCD) bang 60°.

A. 2464° . B. 664’ . C. 24/34°. D.6\34°.
Huéng din giai:
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Cau 41.

Cau 42.

Dung AM L CD tai M .
Ta c6: SMA =60° .

M‘Agz%ﬂ

S ABCD —

CD =\[(AD-BCY + 4B’ =242

S pe = %AB.BC =a’

_ a2
Saco =Sapep —Spc =3a

Sy =L AM.CD = AM _2im N2,
2 cD 2
3J6 1

Ta ¢6: SA= AM.tan SMA = =4 Viaseo =3 5AS sy = 2J6a’ .

Cho hinh chop tir gide S.ABCD ¢6 SA L(ABCD), ABCD 14 hinh thang vuéng tai 4 va B
biét AB=2a.AD =3BC =3a . Tinh thé tich khdi chép S.4ABCD theo a, biét khoang cach tir

A dén mit phing (SCD) béng#a .

A. 636’ B. 2464’ . C. 233, D.6v3d’.
Huéng din giai:

Dung AM L CD tai M . S

Dung AH 1 SM tai H.

3J6

Ta co: AH=T6a .

AD—"'BC_AB:4C,2

S ABCD =

CD=\[(AD-BCY' + 4B* =2a\2

1
S g = EAB.BC =a’

_ a2
SACD - SABCD _SABC =3a

SACD :lAM.CDSAM :Mzﬂa
2 CD 2
Ta co: > = 12+ 12:>AS= AH AM =3\/ga
AH® AM~ AS AM? — AH? 2
1
VS.ABCD = _SA‘SABCD = 2\/8513

Cho lang tru tam giac ABC.4'B'C"' co BB'=a, goc gita duong thing BB' va (ABC) bing
60°, tam giac 4BC vudng tai C va goc BAC =60°. Hinh chiéu vudng goc cua diém B' 1én
(ABC ) trung voi trong tdm cua AABC . Thé tich cua khoi tu dién 4'.ABC theo a bang
154’
" 108
Huéng din giai:

13a°
" 108

7

" 106

9

" 208"
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Goi M,N la trung diém cua AB,AC B’ ol
va G la trong tim cua AABC.

B'G L(4BC) =(BB'(4BC))=B'BG=60'.

V. e = %.SAABC B'G= é.A C.BC.B'G
60°

Xét AB'BG vudng tai G, co B'BG =60° B ¢

a3

= B'G= — (nira tam giac déu) 60°

Dat AB = 2x . Trong AABC vuéng tai C ¢6 BAC = 60"
. N o AB
= tam gidc ABC la nua tam giac déu = AC = > =x, BC = 3

Do G latrong tim AABC = BN =%BG =3—a.

4
Trong ABNC vuéng tai C: BN> = NC* + BC?

3a
AC =
9a> ¥’ ) ,  9d° 3a 2+/13
> =43 o =— = —=
16 4 52 2413 3a\3
BC =
2413

l 3a 3a\/§ a\/§_9a3
6 2J13 24137 2 208"

Ciu 43. Cho hinh ling try ding ABC.A'B'C", biét ddy ABC la tam giac déu canh a . Khoang cach tir

Vay, Vype =

tim O cua tam gidc ABCdén mit phing (A'BC) bang %.Tinh thé tich khdi lang tru

ABC.A'B'C" .
3 3 3 3
A 32 g, 302 c. 32 p, 302
8 28 4 16
Huéng din giai:
Goi M la trung diém cua BC , A'\ c
tacod (4'AM)L(A'BC) theo giao tuyén \
A'M .

Trong (A'AM ) ké OH L A'M (H e A'M).
= OH 1 (A4'BC)

a
S :d(O,(A'BC))=0H =—
uy ra: d(0,(4'BC)) -
2\/3
SAABC=a4 :

Xét hai tam giac vuong A'AM va OHM co

goc M chung nén ching déng dang.
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Cau 44.

Cau 45.

1 a3
372 1 3

@)
8§
@)
<
|

Suy ra: = = = = = i
A'A A'M  A'A A" A% + AM? A'A NG 2
AL | 3
2
, a6 2., . a6 a*\B 3a2
=>A'A= 2 .Thétich: V, ;o ypcr =Spupc-A'A= T 1 1o
VAN DUNG CAO

Cho hinh chép tam gidc S.ABC c¢b6 M 1a trung diém ciia SB, N la diém trén canh SC sao cho
NS =2NC . Ki hiéu V¥, 1an lugt 14 thé tich cia cac khdi chép A.BMNCva S.AMN . Tinh ti

Y,
sO —.
£
ALz B -l c.hos D. o3
v, 3 v, 2 v, v,
Huéng din giai
S
Voawe _SM SN 1.2 1.
Vewe SB SC 23 37
N
VS.AMN + VA.BMNC = VS.ABC :
Suy ra, M=2.
C
S.AMN A4

Cho hinh chép tam gidc S.ABC c¢b6 M 1a trung diém ciia SB, N la diém trén canh SC sao cho
NS =2NC, P la diém trén canh S4sao cho PA=2PS . Ki hiéu V.V, 1an luot 1a thé tich cua

cac khdi tir dién BMNP va SABC . Tinh ti sb 5.

2

B2 c. 2 D.
4 3

A.

S
w.l —_

S
S

1
>

S

Huwéng din giai
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Cau 46.

Cau 47.

1 S
g'd(N: (SAB))'SBMP

1
=
d(N,(S4B)) NS _
d(C,(SAB)) CS

Vv sup —

VC .SAB

d(Ca(SAB))'SSAB P

SBPM = ESBPS

B

Cho hinh chép tir gidc déu S.ABCD c6 canh day bang 2a, goc giita hai mit phang (S4B) va
(ABCD)bang 45°, M, N va P lan luot Ia trung diém céc canh S4,SB va AB. Tinh thé tich
V cua khéi tir dién DMNP.

3 3 3 3

A V=L B.v=L c.v=L pD. V=%
6 4 12 2
Hudéng din giai
Ta co: Sswv _SM SN _ 1
Sy SA SB 4
Tuong tu, M:l, AME :l.
SSAB 4 SSAB 4

Suy ra S 1 (c6 thé khing dinh

S4B

Siunr 1 nho hai tam gidc MNP va BAS

S4B

1a hai tam giac dong dang véi ti s6 k = % ).

Do dé M:% (1)

1
VD.SAB = VS.DAB = EVS.ABCD . (2)

3 3 3
Vo isen = %SO.SABCD zéOP.tan45°.SABCD = 4% (3). Tu (1), 2) va 3): Ve :%%.4% = %.
Cho lang tru ABC.A'B'C' ¢6 day ABC la tam giac vudng can tai B, AC =2a; canh bén
AA'=+2a. Hinh chiéu vudng goc cia A’ trén mit phang (ABC) la trung diém canh AC .
Tinh thé tich ¥ cta khdi lang try ABC.4'B'C’.

1 a’ B x/EaS

AV ==4d. B.V=". C.V=ad. D.V
2 3 3

D.SAB

Huéng din giai

Trang 30/35



Cau 48.

Cau 49.

Vi ABC la tam giac vudng cén tai B nén trung
tuyén BH ciing 1a duong cao ctia nd, va c

HB:HA:HC:%AC:a. i

AH=~NAA — AH? =\2d* - =a.

1 a
Viscape =AH-S po = A'H'EBH-AC =a’

Cho tir dién ABCD c¢6 cac canh AB, ACva AD d6i mot vudng goc véi nhau. Goi G,,G,,G,va
G, lan luot 1a trong tim cic mit ABC,ABD,ACDva BCD. Biét AB=6a, AC=9a,
AD =12a . Tinh theo a thé tich khéi t dién G.G,G,G, .
A. 4a’ B.a’ C. 1084 D.36a’

Huéng din giai
Trong trudng hop tong quat, ta
chung

. 1
minh duoc Vi .6 =2_7VABCD :

That vay,
taco (G,G,G,) || (CBA) va
2G,G,G,) ~aCBA (ti s6 dong dang
S
k:l) Tirde: 20se g2 2L o
3 S s 9
d(G,,(G,G;G,)) =d(G,,(4BC))

= %d(D,(ABC)) (do G,M = %DM) B

Suy ra Vog., = d(Gl’(G2G3G4)).SGzG3G4 _

11 1
Visco d(D,(ABC)) S, 39 27
1 1 1

-E.AB.AC.AD =44’

VG,GZG3G4 :2_7 ABCD — E
Cho ti dién ABCD ¢6 AB=CD=11m, BC = AD =20m, BD = AC =21m . Tinh thé tich khéi
ttr dién ABCD.

A. 360m’ B. 720m’ C. 770m’ D. 340m’
Huéng din giai
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Cau 50.

Dung tam giac MNP sao cho C,
B, D lan luot 1a trung diém cac
canh MN, MP, NP.

Do BD la duong trung binh tam

giac MNP nén BD = %MN hay

AC=1MN.
2

Tam giac AMN vudng tai A (do
c6 trung tuyén bing mot nira

canh  twong  Ung), hay
AM 1 AN . Tuong tu,
AP 1 AN va
AM 1 AP.
, 1 1 1 1
Tacd Sype =—Sunp> Svep == Swuwp > Sspp == Sywp -SUY 12 Spepy =—S, 0
4 4 4 4
X +y? =4.20°
Tu o, |V zep :lVAMNP .bat x :A—M,y :A—N,z :ﬂ_ Tacod 1 y* +z° =4.21°
4 m m m ., 5
x +z"=4.11
x> =160
suy ra { y° =1440 = %xyz =1440=V 50p = %VAMNP =360m’
z* =324
1

(AM, AN, AP d61 mot vuong gocnén V., = EAM AN.AP)

14 =%\/(a2 +b =)@’ =B+ )(~a> +b +¢?)

Cho hinh chép tir gidc S.ABCD co day 1a vudng; mat bén (S4B) la tam giac déu va nim trong
mat phiang vudng goc voi day. Biét khoang cach tir diém 4 dén mat phiang (SCD)bang

3x/7a
7

. Tinh thé tich ¥ ctia khéi chép S.ABCD

A.V=%a3. B.V=a". C.V=§a3. D. V=",

Huéng din giai
Goi H 1a trung diém AB, suy ra SH la
chiéu cao khdi chop di cho.
Ki hi¢u x la d¢ dai canh day.

V3,

Ta co SHZT:;X va VS.ABCD =?x .

Ké HK L CD (K € CD);
Ké HL 1 SK (Le SK).
Suyra HL L (SCD) va
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Cau 51.

Cau 52.

d(A,(SCD)) = d(H,(SCD))
HS-HK 21

= X
JHS? + HK? 7

— HL =

Theo gt, @x = HTa =x=a\3 . Suyra V, ., =£x3 =£(a\/§)3 =ia3

7 7 ' 6 6 2
Cho tt dién S.ABC, M va N 1a cac diém thudc cic canh S4 va SB sao cho MA=2SM ,
SN =2NB, (a)la mit phang qua MN va song song véi SC. Ki hiéu (H va (H,) la cac

khdi da dién c6 dugc khi chia khéi tir dién S.4BC boi mit phang («), trong do, (H,)chia

diém S, (H,) chiadiém 4; V, va V, 1an lugt 1a thé tich ciia (H,) va (H,). Tinh ti s ;

2

B. 2 C. 3 D.
4 4

Huéng din giai
Ki hiéu ¥ 1a thé tich khéi tr dién SABC.
Goi P, O lan luot 14 giao diém cia («) voi cac duong thang BC, AC.
Ta ¢c6 NP//MQ//SC. Khi chia khbi (H,)béi mat phang (QNC), ta dugc hai khdi chop
N.SMOCva N.QPC .
Vy.suoc _d(N,(54C)) Ssuoc .
Vissc dB,(SAC) Sge
d(N,(SAC)) NS 2.
d(B,(SAC)) BS 3’

S o =(AMJZ 4 Sgpe 5

A.

(RN
w |

Ta co:

S isc AS 9 S 9
14
Suy ra —-2C :%%:%

B.ASC

VN.QPC — d(Na (QP C)) X SQPC
VS.ABC d(S’ (A BC)) SABC

EZVN.SMQC_I_VN.QPC _1_0+l:i:> |4 =i:>5Vl=4V2:>£=i

V VB‘ASC VS.ABC 27 27 9 Vl + I/Z 9 I/2 5

Cho hinh chép S.4BC c¢6 chan duong cao nam trong tam gidc ABC; cic mit phing (SAB),
(SAC) va (SBC) clng tao voi mit phang (ABC) cac gbc bang nhau. Biét 4B=25, BC =17,
AC =26; duong thing SB tao véi mat day mot goc bang 45°. Tinh thé tich ¥ ciia khdi chop
S.ABC.
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A.V =408. B.V =680. C.V =578. D.V =600.
Huwéng din giai
Goi J la chan duong cao cuia hinh chop
S.ABC; H, K va L 1an luot 14 hinh chiéu cia
J trén céc canh AB, BC va CA. Suy ra,
§-IT] , S/L7 va S/K7 lan luot 1a g6c tao boi
mat phing (ABC) voi cac miat phang
(SAB), (SBC) va (SAC). Theo gia thiét, ta
co ﬁ]:@:S/KT], suy ra cac tam giac
vudng SJH,SJL va SJK bang nhau. Tir do,
JH =JL=JK . Ma J nam trong tam giac
ABC nén J 1a tam dudng tron noi tiép tam
giac ABC.
Ap dung cong thic Hé-rong, ta tinh dugc
dién tich S cta tam giac ABC 1la § =204.
Kihi¢u p la ntra chu vi tam giac ABC, r 1a

ban kinh duong tron ndi tiép ctia ABC. Ta c6
r=£=ﬁ=6.})ét
p 34
x=BH=BL,y=CL=CK,
z=AH = AK .
x+y=17
Ta c6 hé phuong trinh < x+2z=25.

y+z=26
Giai ra duoc (x;y;2) =(8;9;17)
JB =~lJH? + BH*> =6* +8 =10.
Ta c6 SBJ = (m)) =45°, suy ra SJB la tam giac vudng can tai J. SJ =JB=10.

Thé tich ¥ ctia khdi chop S.ABC1a V = %SJ.SABC =680
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