CHU PE 1. QUAN HE SONG SONG TRONG KHONG GIAN

A. KIEN THUC CO BAN

Khai niém mat ph'fmg va cach xac dinh mat ph'fmg. Khai niém hinh chép, tir di¢n, hinh lang try,
cac loai lang tru.

Vi tri tuong ddi cua duong voi duong, duong voi mat, mat voi mat.

Cau 1.

Cau 3.

Cau 5.

Cau 6.

Cau 7.

Quan hé song song giira cac yéu td: hai duong thing song song, dudng thing song song mit
phang, hai mat phang song song.

Nim cach biéu dién mot hinh khong gian qua phép chiéu song song.

B. KY NANG CO BAN

Xéc dinh giao diém cua duong v6i mat, giao tuyén cia hai mit.

Chtrng minh hai dudng thang song song, duong thing song song v6i mit phing, mit phing song
song v6i mit phang.

Biét cach xac dinh thiét dién tao boi mot mat phéng va mot hinh khong gian.

C. BAI TAP TRAC NGHIEM

I - BAI TAP CO BAN

Ménh dé nao sau day dung

A.

B.

C.

D.

Néu mot mat phang cat mot trong hai duong thang song song thi mat phang do se cat duong
thang con lai.

Hai mit phang lan luot di qua hai duong thang song song thi cat nhau theo mét giao tuyén
song song voi mot trong hai duong thang do.

Néu mot duong thang cat mot trong hai dwong thang song song thi duong thiang do se cat
duong thang con lai.

Hai mat phang co mot diém chung thi cat nhau theo mét giao tuyén di qua diém chung do.

Trong cac ménh dé€ sau, m¢nh dé nao dung:

A.

Tén tai duy nhat mot mit phang di qua 1 diém va 1 duong thang cho trudc.

B. Néu hai mit phang c6 mot diém chung thi chiing c6 mot dudng thing chung duy nhit.

C.
D.

Tbn tai duy nhat mot mit phang di qua 3 diém phén biét.
Hai mat phing c6 mdt diém chung thi chung con c6 vo6 s6 diém chung khac nira.

Ba diém phan biét cung thudc hai mit phang phan biét thi

A.
C.

Cung thudc dudng thang. B. Cung thugc duong Elip.
Cung thuoc mot duong tron. D. Cung thudc mat cau.

Trong cac m¢nh dé sau day, ménh dé nao dung ?

A.
B.
C.

D.

Hai duong thang phan biét khong cheo nhau thi cit nhau.

Hai duong thang phan biét cing nam trong mot mit phang thi khéng chéo nhau.
Hai duong thang phéan biét khong song song thi chéo nhau.

Hai duong thang phan biét 1an luot thudc hai mat phang khac nhau thi chéo nhau.

a //(a)

Cho {ac(f)  thikhidoé:

A.
C.

d=(a)n(p)
a song song voi d . B.acitd.
a trung d . D. a va d chéo nhau.

Cho a = (P);b<(Q). Ménh dé nao sau ddy ding:

A.
C.

a va b chéo nhau. B. a//b=(P)//(Q).
(P)//(Q)=allb. D. (P)//(Q)=al/(Q).b//(P).

Trong cac sau ménh dé nao dang?

A.

B

Hinh chiéu song song cua hai duong thang cat nhau c6 thé song song véi nhau.

. Hinh chiéu song song cuia hai dudng thang chéo nhau c6 thé song song véi nhau.
C.
D.

Hinh chiéu song song cua hai duong thang chéo nhau thi song song véi nhau.
Cac ménh d¢ trén déu sai.

Trong khong gian hai dudng thiang khong chéo nhau thi
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Chon khang dinh ding trong cac khing dinh sau :

A. Trung nhau. B. Song song v6i nhau.

C. Bong phang. ] D. Cat nhau. , ]

Cho duong thang a va mat phang (P)song song véi nhau. Khi d6 s6 duong thang phan biét
nam trong (P) song song véi a la:

A.2 7 ~ BVosd C.0 D.3

Cho mat phang (R) cat hai mat phang song song (P)va(Q) theo hai giao tuyén a va b. Chon
ménh d¢ diing trong cac ménh dé sau:

A. a va bsong song. B. a va b cit nhau.

C. a va b trung nhau. D. a va b song song hodc trung nhau.

Cho hai méat phang (P) va(Q) song song v&i nhau. Ménh d€ nao sau day sai :

A. Néu duong thing A cit (P) thi A ciing cit (Q).

B. Néu duong thing a = (Q) thi a / (P)

C. Moi duong thang di qua diém A4 e (P) va song song voi (Q) déu ndm trong (P).
D.dc(P)yvad c(Q)thid//d"

Trong cac ménh dé sau, ménh dé nao dang?

A. Hai duong théng khong co diém chung thi song song.

B. Hai duong thang phan biét khong cat nhau thi chéo nhau.

C. Hai duong thang phén biét cung nam trong mot mit phang thi khong chéo nhau.

D. Hai duong thang phan biét 1an lugt thudce hai mat phang khac nhau thi chéo nhau.

Cho t di¢n ABCD. Goi M, N lan luot 1a trung di€m cta cac canh 4D va BC, G la trong
tdm tam giac BCD. Khi 4y giao diém cua MG va mit phang (4BC) la:

A.DPiém N .

B.biém C.

C. Giao diém cua duong thang MG va duong thang BC'.

D. Giao diém cua duong thaing MG va duong thang AN .

Cho hinh chép S.ABCD, day ABCD la hinh binh hanh. G 1a trong tam tam giac SAD . Mat

phang (GBC) cat SDtai E. Tinh ti s6 ;—g :

Al B.L. c.Z. D.2.
2 3 2

Cho mot mit phang (P) va hai duong thing song song a,b. Ménh dé nao dung trong cic

ménh dé sau?

(1) Néu (P) //a thi (P)//b.

(2) Néu (P) //a thi (P)// b hodc chira b .

(3) Néu (P) song song a thi (P) cit b.

(4) Néu (P) cét a thi (P)ciing ct b .

(5) Néu (P) cit a thi (P)co thé song song véi b .

(6) Néu (P) chira a thi c6 thé (P) song song voi b .

Hay chon phuong én tra 101 ding

A.(2).(4).(6) B.(3).(4).(6)  C.(2).(1.(4)  D-(3).(4).(5)

Cho hinh chop S.4ABCD c6 day 1a hinh binh hanh. Cac diém /,J lan luot 1a trong tdm céc tam

giac SAB,SAD . M 1a trung diém CD. Chon ménh dé dlng trong cac ménh dé sau:

A. 1J//(SCD) B. U/ /(SBM). C. U//(SBC). D. 1IJ//(SBD)

Trong cac ménh dé sau ménh dé nao ding

A. Néu hai miat phing (a)va (f)song song v6i nhau thi moi dudng thang nam trong («)déu
song song v&i moi dudng thang nam trong ().
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

B. Néu hai mat phiang (&) va () song song v6i nhau thi moi duong thang nam trong (o) déu
song song voi ().

C. Trong (a)co chira hai duong thang phan biét va hai duong thang nay cung song song voi
() thi (o) va (f) song song

D. Qua mét diém nﬁm ngoai mat phang cho trude ta vé& duoc mot va chi mot dudng thang song
song v6i mdt phang cho truéec do

Cho lang tru ABCA'B'C'.Goi G,G' lan lugt la trong tam cac tam giac ABCA'B'C'.M la

diém trén canh AC sao cho AM =2MC . Ménh d nao sau day sai ?

A. GG'//(ACC'A') B. GG'//(ABB'A’).

C. Pudng thing MG' cat mat phang (BCC'B'). D. (MGG")//(BCC'B)

Trong cic ménh dé sau, ménh dé nao sai? (Vi gia thiét cac doan thing va dudng thing khong

song song hoic tring v&i phuong chiéu).

A. Phép chiéu song song bao toan thir tir ba dlém thang hang.

B. Phép chiéu song song khoéng lam thay d6i ti s6 d6 dai ciia hai doan thang.

C. Hinh chiéu cua hai duong thang song song 1a hai duong thang song song hoic tring nhau.

D. Hinh chiéu song song cua duong thang 1a duong thang.
Hinh nao sau diy co thé coi la hinh biéu dién cua hinh thang ABCD c6 AD//BC,

AB=BC=CD=a, AD=2a.

4 — D 4 D A / D
A D
/ / /
B C B B c B c

Hinh 1 Hinh 2 Hinh 3 Hinh 4
A. Hinh 2. q B. Hinh 1 C. Hinh 3 D. Hinh 4.
Cho mat phang (P) va dudng thang d — (P). Ménh d€ nao sau day dung:
A.Néu Ae(P)thi Aed
B.Néu A¢dthi Ae(P)
C.VA4,Aed = A€ (P)
D. Néu 3 diém 4,B,C cung thudc (P) va 4,B,C thang hang thi 4,B,Ced
Mgénh dé nao sau day sai

A. Qua hai duong thang khong cheo nhau co duy nhat mot mit phang.

B. Qua hai duong thang cat nhau co duy nhat mot mat phang

C. Qua hai duo’ng thang song song co duy nhat mot mat phang

D. Qua mét diém va mot duong thang khong chu:a diém do co duy nhat mot mit phang.

Cho niam diém A, B,C,D,E sao cho khong co bon diém nao cung nam trén mot mit phang. S6

hinh tu dién co cac dinh 14y tu nim diém da cho la:
A. Nam, B.Sau. C.Ba. ~ D.Bon.
Cho tu dién ABCD. Trén cac canh AB,AD lan luot lay cac diém M,N sao cho

1?4]\1;[ j—g :é Goi P,Q lan luot la trung diém cac canh CD,CB . Ménh dé nao sau day dung
A. Tu giac MNPQ la mét hinh thang.

B. Tu giac MNPQ la hinh binh hanh.

C. Bon diém M,N,P,Q khong dong phang.

D. Tu giac MNPQ khong co cac cip canh ddi nao song song.

Mit phang (a) qua trung diém cua canh 4B, song song AC va BD cit tu dién déu ABCD

theo thiét dign la mot:
A. Hinh chu nhat. B. Hinh vudng.
C. Hinh thoi. D. Hinh thang can.

Trang 3/22



Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cho hai hinh binh hanh ABCD va ABEF lan luot co tim 0,,0, va khong cung nam trong
mot mat phéng. Ménh dé nao sau day sai?

A. 0,0, song song voi mit phang (CDE).

B. 0,0, song song voi mit phang (BCE).

C. 0,0, song song voi mit phang (ADF).

D. 0,0, song song voi mat phang (BDE).

Cho hinh chop S.4BCD co day ABCD la hinh binh hanh. Goi M, lan luot la trung diém cua
cac canh AB,SC. Mit phang (a) qua M va song song voi mit phiang (BDI) se ct hinh
chop thi thiét dién la mét hinh

A. Tu giac. B. Luc giac. C. Tam giac. D. Ngu giac.
Giao tuyén cua (SAC)va (SBD) la:

A. SC B. AC C. BD D. SO
Giao tuyén cua (S4B)va (SCD) la:

A. SC B. SB C. 81 D. BC
Giao tuyén cua (S4D)va (SBC)la:

A. S4 B. SJ C. SB D. SO

o I1 - BAI TAP NANG CAO KY NANG 7
Cho bon diém A4, B,C,D khong cung thuoc mdt mat phang .Trén cac doan thang AB, AC,BD

lan luot 1y cac diém M, N, P sao cho MN khong song song véi BC . Khi do giao tuyén cua
hai mit phang (BCD) va (MNP) khong thupc mat phang:

A.(BCD) B.(ACD) C.(MNP) D.(BCP)

Cho bon diém A4,B,C,D khoéng cung nam trong mdt mat phang. Trén cac doan thang AB
vaAD lan luot lay cac diém M, N sao cho duong thing MN cat duong thang BD tai I.
Diém / thudc nhitng mit phang :

A. (4BD),(ACD),(BCD) B. (4ACD),(MNC),(BCD)

C. (4BD),(MNC),(BCD) D. (4BD),(MNC),(ACD)

Trong mit phang () cho tam gidc ABC . Mot diém S khong thuge () . Trén canh 4B lay
mot diém P va trén cac doan théng SA, AB ta léy lan luot hai diém . M ,N . sao cho MN
khong song song v6i AB. Goi E,D lan luot la giao diém cua MN voi mit phang (SPC) va
mit phing (ABC). Trong tam giac AMD co bao nhiéu tu giac?

A3 B2 ‘ C.5 7 D.4 7 ‘

Cho tr dién ABCD . Cac diém M, N lan lugt 1a trung di€ém BD, AD . Cac diém H,G lan lugt
1a trong tAm cac tam gidc BCD, ACD . Puong thang HG cheo voi duong thang nao sau day?
A. MN . B. CD. C. CN. D. 4B. q
Cho hinh chép S.4ABCD, day la hinh binh thang (AD//BC). M 1a trung diém SC . Mat phang

SO

qua AM ,song song v6i BC cat duong thang SDtai Q.Ti s6 ) bang

A.z B. 1 C. 1 D.i

4 2 3
Cho cac hinh v€ va cac ménh dé:
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

A
F
(8] o
B C
B E C T E

\

Hinh 1 Hinh 2
A
&& |
F
(0
C FE
B d— C

E\ B No
Hinh 3 Hinh 4

(1) : Hinh 1 13 hinh biéu dién tam giac déu ABC va tim dudng tron ngoai tiép O ciia tam giac.

(2):Hinh 2 14 hinh biéu dién tam gidc déu ABC va tdm duong tron ngoai tiép O cua tam
giac. L )

(3):Hinh 3 1a hinh bi€u dién tam gidc ABC vuong tai 4 vatdm dudng tron ngoai ti€p O cua
tam gidc.

(4):Hinh .4 _ 1a hinh biéu dién tam giac ABC can tai A4, c6 BAC =120° va tam duong tron
ngoai tiép O cua tam giac.

Cac m¢nh dé dang la:

A. (3), (4). B. (2),(3). C. (). D. (1),(4). ‘

Cho hinh chop S.ABCD v&i ddy ABCD 1a hinh binh hanh. Goi A", B',C", D' lan lugt 1a trung

diém cac canh S4,SB,SC,SD . Goi M 1a diém bét ki trén BC . Thiét dién ciia mp(A4'B'M) véi

hinh chép S.4ABCD la:

A. Hinh binh hanh. B. Hinh thang. C. Hinh thoi. D. Hinh chir nhat.

Cho hinh chép SABCD vé&i M, N lan luot 13 hai diém 14y trén cac canh 4B,CD . Goi (a) l1a

mat phang qua MN va song song v6i SA. Khi d6 thiét dién cua hinh chép cit boi mat phang

() la:

A. Hinh thang. B. Tam giac. C. Ngti giac. D. Tt giac.

Cho tr dién ABCD. Goi G la trong tam tam giac AABC. Hinh chiéu song song K cua G

trén mét phang (BCD) theo phuong chiéu 4D 1a:

A. La diém bat ki trong tam giac ABCD B. Truc tam tam gidc ABCD

C. Trong tam tam giac ABCD D. La diém H sao cho GH L (BCD)

Cho bén diém 4,B,C,S khong cung nam trong cung mot mat ph'fmg . Goi I,H lan luot 1a

trung diém ciua S4, AB .TrénSC lay diém K sao cho: CK =3KS .Goi E 1a giao diém cua

duong thang BC véi mat phang (JHK). Chon khang dinh dang trong cac khang dinh sau:

A.KE//SB B. KI cit 4B cBE_1 p. BE_1
, , BC 2 BC 4

s€ cat nhau theo giao tuyén KE song song véi SB. Vay chon dap an A.
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Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cho t&r gidc ABCD va mét diém S khong thudc mit phing (ABCD). Trén doan SC lay mot
diém M khong tring voi S va C .Goi N la giao diém cta duong thang SD vé&i mit phing
(ABM ). Khido AN:

A. AN =(ABM ) (SBC) B. AN =(ABM ) (S4D)

C. AN =(A4BM )N (SCD) D. AN =(ABM ) (SAC)

Cho hinh hop ABCD.A'B'C'D' va cac diem M, N lan lugt thudc cac canh AB,DD' .(M,N

khong trung vi cac dau mut cua cac canh ). Thiét dién cua hinh hop bi cit boi mat phéng

(MNB) la:
A. Hinh thoi; . B. Hinh chu nhat;
C. Hinh binh hanh; D. Hinh thang cén;

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. M, N lan luot 13 trung diém cua

SD,DC . Diém P thay doi trén canh BD,%:k. Gia tri k& dé thiét dién cia mp(MNP) va

hinh chop 1a tir giac.
A.lsksi B.Oﬁkél C.OSk<£ D.osk<§
2 4 2 3 4

Cho tir dién ABCD, goi G,,G,,G, lan luot 1a trong tam cac tam giac ABC, ACD, ADB . Dién
tich thiét dién tao béi mit phang (GG,G,) bang k lan dién tich tam giac BCD, khi do k bang:
4 2 3 1

A — B.— C.— D.—
9 3 4 2

Cho hinh chop S.ABCD c6 ddy ABCD la hinh vudng canh bing a, tam giac SAB déu,
SC=S8D = a«/g . Goi H,K lan luot 1a trung diém cta S4,SB. M 1a mot diém trén canh 4D,
mit phing (HKM ) cit BC tai N.Dit AM =x (0<x<a). Gid tri x dé dién tich thiét dién
HKMN dat gié tri nho nhéat la:

A.x=0 B.x:ﬁ C.x=3—a D.x=a
2 4

Cho hinh chép S.4BCD day 1a hinh binh hanh tim O. Goi M, N lan luot 1a trung diém cua
SA,8D . Goi P,O,R lan luot 1a trung diém cia AB,ON,SB . Chon ménh dé sai trong cac ménh
dé sau:

A. PO cat mp(SBC) C. mp(MOR)/ /mp(SCD)

B. mp(MON)//mp(SBC) D. PO/ /mp(SBC)

Cho t&r dién ABCD. Goi H,K lan luot la trung diém cac canh A4B,BC. Trén duong th'fmg
CD lay diém M sao cho KM khong song song véi BD. Chon khing dinh ding trong céac
khang dinh sau “thiét dién cua tir dién ABCD véi mat phang (HKM ) «

A. Thiét dién cta ta dién ABCDvé&i mp(HKM )1a mot hinh thang

B. Thiét dién ctia t dién ABCD v&i mp(HKM )1a mot tam giac

C. Thiét dién cua ta dién ABCD voi mp(HKM)1a mot tir giac

D. Thiét dién cta t& dién ABCD véi mp(HKM )12 mot tam giac hodc mot tir giac

Cho hai hinh vudng c¢6 chung canh 4B va nim trong hai mat phang khac nhau. Trén cac duong
chéo ACva BF ta lay céc diém M, N sao cho AM = BN . Mit phiang (P)chtra MN va song
song v&i AB cit AD va AF lan luottai M ', N'. Khang dinh nio sau diy ding

A. AC,BF cit nhau B. Tir giac MNM 'N' 14 hinh binh hanh

C. MN song song v&i mp(DEF) D. MN cét mp(DEF)
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Cau 49.

Cau 50.

Cho hinh chop SABCD,ABCD la hinh binh hanh tim O va c6 AC=a;BD =5b. Tam giac
SBD 1a tam giac déu. Mot mit phang (a) di dong song song v&1 SBDva di qua [ trén doan

OC . Pit Al =x (% <x< aj Khi d6 dién tich thiét dién cta hinh chép v6i mit phang (a) la:

b’ (a+x)2x/§ b’ (a+x)2 b’ (a—x)zx/g
—2 B. —2 C. 2— D. —2
a a a3 a
Trong mit phiang (o) cho tam gidc ABC vudng tai A, B= 60°, AB=a.Goi O la trung diém
ciia BC. Lay diém S & ngoai mit phang () sao cho SB=a va SB 1 0OA. Goi M la mjt
diém trén canh 4B, mit phang (a) qua M song song v6i SB va OA, cat BC,SC,SA4 lan
lugt tai N,P,Q.Dit BM =x(0<x<a). Dién tich thiét dién ciia hinh chép va mit phing ()
16n nhét khi:
3 3a 2 2a

A x=— B. x=— C.x=— D. x=22
2a 2 3a 3
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D. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

I-DAP AN

213 516 7181910111213 |14]15]16 |17 |18 |19 |20

4
DA B |/A|D|B|C|B|A|D|C|D|C|A|D|B|C|B|C

22 123 1242526272829 303132333435 [36[37]38]39]40

A A A |B |D|D|D|C|B|B|C|A[B |C|D|B|D|C A

42 143 |44 145146 |47 |48 149 |50

C|C|]AJAJA|D|C|D|D

Cau 3.

Cau 6.

Cau 7.

11 -HUONG DAN GIAI
Chon A.
Néu a // b va (@) cit a thi () cit b.
Chon D.
Ménh dé “Néu hai mit phang c6 mot diém chung thi ching c6 mot dudng thing chung duy
nhat”
Sai vi c6 thé hai mit phing trung nhau.
Ménh dé “Ton tai duy nhat mot mat phang di qua 3 diém phan biét” sai vi thiéu diéu kién 3
diém khong thiang hang.
Ménh d& “Tén tai duy nhat mot mat phang di qua 1 diém va 1 duong thing cho trudc” sai vi
thiéu diéu kién diém khong nam trén dudng thang.
Chon A.
3 dlem cung thudc hai mit phang thi 3diém 4y thudc giao tuyén ctia hai mat phang ma giao

tuyén ctia hai mit phang phén biét 1a mot dudng thing.
Chon B.

Chon déap A vi diéu kién dé hai duong thang chéo nhau 1a khong dong phang.

Chon A.

Chon dép an A vi day chinh 1a dinh Iy 2 SGK trang 61 chuan: “Cho dudng thing a song song
mit phing (). Néu mat phang () chira a va cit (a) theo giao tuyén 1a b thi b song song
voi a”

Chon D.

Pap an A ding vi hai mit phang song song thi khong c6 diém chung nén a va (Q) khong co
diém chung, b va (P) khong c6 diém chung hay a//(Q),b//(P).

Chon B.

Cho hai dudng thang chéo nhau a,b. Goi () la mit phiang chira a va song song véi b, ()
1a mit phing chita b va song song v6i a. Goi (P) 1a mit phang cét () va () theo hai giao
tuyén a',b’, Vi (a)//(B) nén a'//b'. Goi d la duong thang ndm trong mit phing ()
nhung khong song song () va () va cit (P). Khi d6 phép chiéu song song chiéu 1én mit
phang (P)theo phuong d , hai dudng thang chéo nhau a,b ¢6 hinh chiéu a'//b'.

(2

(b)
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Chon C.

Dinh nghia hai dudong thiang chéo nhau 1a hai duong thing khong dong phang do d6 dap an A
ding.

Chon B.

Ta c6 tinh chat: “Puong thing a va mit phang (P)song song voi nhau khi trong mit phang
(P) ton tai dudng thing b song song véi duong thiang a”. Do viy chi can qua mot diém bat ki
nam trong mit phang (P) ma khong thuéc duong thing b ta s& ké duoc mot dudng thang ¢
song song voi b cling nam trong mit phang (P), do d6 dudng thing vira ké ndy s& song song
v6i duong thiang a . S6 diém & trong mat phang (P) ma khong thudc dudng thang b 13 vo sd.
Nén sé duong thang chira trong mat phang (P)ma song song voi dudng thing a s& 1a vo sb.
bép an dung 1a A.

Chon A.

Ta ¢6 tinh chat: “ Mot mat phang thir ba cit hai mit phang song song voi nhau theo hai giao
tuyén song song véi nhau”. Do d6 dap an A dang.

Chon D.

“Cho hai mat phang (P) va(Q) song song v&i nhau. d  (P) va d' < (Q) thi d // d' “Khang
dinh nay sai vi hai duong thing d,d "' hoan toan c6 thé chéo nhau nita.

Chon C.

Ménh dé “Hai duong thang phan biét khong cat nhau thi chéo nhau” sai vi c6 thé hai dudng
thang song song. i i i i
M¢énh dé “Hai duong thang khong c6 diém chung thi song song” sai vi hai duong thang co6 thé
chéo nhau. 7 . 9

Ménh d€ “Hai duong thang phan biét 1an luot thudc hai mat phang khac nhau thi chéo nhau”
sai vi c6 thé hai duong thang cung thudc mot mat phang thur ba.

Chon D.

Puong thing MG va duong thang AN cung nam trén mp(ADN) va khong song song voi
nhau nén giao diém cta hai duong chinh 1a diém chung cia MG va mit phing (ABC).

A

Chon C.
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Cau 15.

Cau 16.

Cau 17.

Mit phang (SAD) va (MBC)cd G la 1 diém chung. Mat khac (SAD) va (MBC) lan luot
chtra hai duong thing song song la AD va BC nén giao tuyén cua ching 1a duong thang qua

G song song voi AD, giao tuyén nay cit SD tai E. Goi M 1a trung diém 4D, ta co
SG SE 2
SM SD 3

Chon A.

Ménh d& (1) sai vi (P)c6 thé chira b. Ménh d& (3) sai vi (P) song song a thi (P) khong thé
cit b. Ménh dé (5) sai vinéu (P) cit a thi (P) cat b

Céac ménh dé con lai déu ding.

Chon D.

Goi E,F lan luot 1a trung diém AB,AD.Ta co: — S SJ % suyra IJ//EF.Ma EF //BD

SE SF
nén 1J //BD . Két hop voi 1J khong ndm trén (SBD), ta thu dwoc 1J/ /(SBD).
Chon B.
Ménh d¢ “Néu hai mit phiang (a)va (B)song song voi nhau thi moi dudng thang nam trong
(o) déu song song voi moi duong thiang nim trong ()™ sai vi hai duong thang c¢6 thé chéo
nhau. ) i i
Ménh dé “Neéu () c6 chtra hai duong thang phan biét va hai duong thdng nay cung song song
v6i (B) thi (o) va (B) song song” sai vi thiéu diéu kién hai duong thang do6 cat nhau.
M§:nh dé “Qua mot diém n?m ngoai mat phéng cho trudc ta \C duoc mot va chi mot duong
thang song song v6i mat phang cho trude d6” sai vi v€ dugc vo s6 duong thang nhu vay.
Ménh de “Neéu hai mat phang (a)va (f) song song voi nhau thi moi duong thang nam trong
(o) déu song song véi (B)”.
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Chon C.

B’

Ta ¢6: GG'/AA' nén céc ménh d¢ GG/ /(ABB'A"),GG'/(ACC'A') déu ding. Mat khac:
IZAC{ %z% (N 1a trung diém BC) nén GM //CN. Két hop GG /BB' va GM //CN
suy ra (MGG')//(BCC'B'). Do viy ménh dé “Dudng thang MG’ cit mit phang(BCC'B')” la
ménh dé sai.

Chon B.

Ménh dé “Phép chiéu song song khong 1am thay dél ti s6 d6 dai cua hai doan thang”

sai vi phep chiéu song song khong lam thay d6i ti s6 d6 dai cua hai doan thing song song hoac
cung nam trén mot duong thang. Cac ménh dé con lai déu 1a tinh chét cua phép chiéu song
song va la cac ménh dé dung.

Chon C.

Hinh biéu dién ctia mot hinh 1a hinh chiéu song song cta hinh ban dau 1én mit phang nén hinh
biéu dién phai dam bao cac tinh chét ciia phép chiéu song song. Hinh 1, hinh 4 ¢6 ti 1¢ d6 dai
hai day khong giéng hinh thuc, hinh 2 ¢6 AD khéng song song BC . Hinh 3 c6 thé coi 13 hinh
biéu dién cua hinh thang da cho.

Chon C.

Tq c6 tinh chat: « Néu mot duong th'fmg ¢ hai diém phan biét thugc mot mat ph'fmg thi moi
diém

trén duong thiang d6 déu nam trén mit phang d6”. Do vay dap an A ding.

Chon A.

Néu hai duong thang trung nhau thi co vo s6 mit phang.

Chon A.

Lay bon diém trong nam diém co ndm cach (vi bon diém trong nam diém déu tao thanh tur dién)
Chon A.

Vi MN//BD, PQ//BD,MN < PQ

Chon B.

Thiét dién la mot hinh thoi canh % va hai duong cheo bang nhau(duong cao thudc canh day

cua hai tam giac can bang nhau) nén no la mét hinh vudng.
Chon D.
Vi 0,0, "(BDE) =0,
Chon D.
Vi mit phang («)song song voi S4,BD nén (&) cit cac canh 4D,SD,SC,SB lan luot tai
N,P,0,K . Do do thiét dién la ngu giac MNPOK .
Chon D.
Taco S e(SAC)N(SBD) (1)
. {0 e AC c(SAC)

0 BD (5BD) = 0e(SAC)n(SBD) (2)
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Tu (1) va (2) suy ra (S4C)N(SBD) = SO
Cau 29. ChonC.
Taco S e(S4B)n(SCD) (3)
. |1 €A4Bc(S4B)
* {I € CD < (SCD)
Tu (3) va (4) suy ra (SAB)(SCD)=SI
Cau 30. Chon B.
Taco S e(SAD)(SBC) (5)
. |/ eADc(S4D)
v {J e BC = (SBC)
Tu (5) va (6) suy ra (SAD)N(SBC)=SJ
IT - BAI TAP NANG CAO KY NANG

= 1€(S4B)N(SCD) (4) s

= J €(84D)N(SBC)’

Cau 31. Chon B.
, |PeBDc(BCD I
Taco:| =l ):> Pe(BCD)N(MNP) (1)
P e(MNP)
Trong mit phang (ABC) co MN khong song song
v6i BC. Goi MN nBC = E . Khi do:
EeBCc (BCD)
E € MN = (MNP)
Tu (1) va (2) suy ra (BCD)(MNP) = PE . Dé thiy
PE khong thudc mit phang (4CD)
A

= E < (BCD)~(MNP) (2)

cE

Cau 32. ChonC.
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C

I e MN ma MN c(ABD)= I €(ABD)
IeMN ma MN < (MNC)= I e(MNC)
I eBD ma BD c(BCD)= 1< (BCD)

Cau 33. Chon A.
D@ thiy co 3 tu giac can tim: AMEP , PENB, AMNB

Cau 34. Chon B.

4
B c
M
D
Trong tam giac CMN , ta co: S—Z :% 1 nén HG//MN . Mat khac MN//AB nén

HG// AB. R rang, CN ciat HG . Vay chon dap an 1a CD.
Cau 35. ChonC.
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Cau 36.

Cau 37.

Cau 38.

Do nén (ADM) chinh 1a mit phing qua AM , song song v&i BC. Vay giao diém cua mit
phang qua AM , song song v6i BC va dudng thang SD chinh 1a D. Vay: i_lQ) = g—g =1

Chon D.

Ménh d& (1) dung vi tam gidc ABC déu nén tdm dudng tron ngoai tiép O nam trén céc trung
tuyén AE,BF . Ménh dé (2) sai vi trong hinh 2 khéng bao toan tinh thang hang cua 4,0, E.
Ménh d¢ (3) sai vi tam gidc 4BC vudng thi O trung trung diém E ciia BC nén trong hinh
biéu dién ciing phai bao toan tinh chat nay. Ménh dé (4) dang vi hinh 4 béo toan tinh thing
hang ctia 4,0 va trung diém E cia BC va thir ty giira cac diém nay (tam giac ABC tu tai
dinh A4 nén O ndm ngoai doan AE)

Chon B.

Chung minh A'B'C'D" la hinh binh hanh :

Trong tam gidc SAB,tacod: A’B’//AB,A'B’ = %AB

Trong tam giac SCD ,ta c6 : C’D’//CD;C’D’ = %CD = A'B'//C'D".

Vay : Tt giac A'B'C'D' 1a hinh binh hanh.

Tim thiét dién ciia (A'B’M ) véi hinh chép S.ABCD:

Ta ¢6: A'B’//AB va M 1a diém chung cua (A’B’M ) va (ABCD)

Do d¢ giao tuyén ctia (4'B’M ) va (ABCD) 1a Mx song song ABva A'B’.

Goi N = MxnAD. Vay: Thiét dién 13 hinh thang A’B’MN . Do d6 chon dap an A.
Chon D.

Trang 14/22



e

+ Mt phang (@) song song v6i SA ma SA < (SAB),M e(a)n(SAB). Ta biét mot diém
chung M cta mit phiang (a) va (SAB) ddng thoi biét phuong cua giao tuyén 1a phuong song
song v6i SA. Vay (a)N(SAB) = MP v&i MP||S4, P thuc SB.

+ Tuong tw goi R=ACNMN 1a mdt diém chung ciia (@) va (SAC) dong thoi (o) song song
v6i SA ma SA€(SAC) nén ta ¢ ()N (SAC)=RQ, RQO|| S4,0 € SC. Nén doan giao tuyén
() va (SCD) la doan ON

+Doan giao tuyén ciia (@) va (SBC) la PQ.

Vay thiét dién tir giac MNQP.
Cau 39. ChonC.

C

+ Tir gia thiét ta c6: GK//AD,AGNDK =E véi E 1a trung diém cua BC. Tu d6 ta co:
%:E—G:l: K 1atrong tdm tam gidc ABCD
KD GA 2

Cau 40. Chon A.
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Cau 41.

Cich 1. (dung diém E, chi st dung kién thirc bai dai cwong duong thang va mit phang)
Chon mp phu (ABC) > BC

Tim giao tuyén cta (ABC) va (IHK )

Trong (SAC), c6 IK khong song song v6i AC . Goi E'=1K N AC = (ABC)N(IHK )= HE'
Trong (ABC), goi E, = BCNHE'

E, € BC,BC = (4BC)= E, e(ABC)

E, € HE'\HE' (IHK )= E, < (IHK)

Suy ra: E, = BCN(IHK)= E =E,

Sau khi dung xong diém E, ta s& quan sat thdy KE//SB (hodc quan sat ki hinh hon s& thay
“vai tro” diém E trong tam giac ABC ciing gidng nhu diém K trong tam gidc SAC, do d6 ti
1é cua diém E chia doan BC cling giéng nhu ti 1& diém K chia doan SC . Do vay, ap dung dinh
1i Ta-let cho tam gidc SBC tacd KE//SB). Vay chon dap an A.

Cich 2. (Sir dung tinh chat quan hé song song cuia dudng thang va mit phang)

Ta c6: [H la dudng trung binh trong tam gidc SAB nén song song v4i SB. Do doé hai mat
phang (SBC) va (IHK)lan lugt chira hai duong thing SB, IH song song v6i nhau s& cit nhau

theo giao tuyén KE song song véi SB . Vay chon déap 4n A.
Chon B.

B

Taco Be(ABM)n(SBD) (1)

Goi O=ACNBD,K =AM NSO . Khi do:
K e AM < (ABM)

{K e SO < (SBD)

Tur (1) va (2) suy ra (ABM )N (SBD)=BK

Trong mit phang (SBD). Goi N = BK N SD . Khi dé:
N eSD
{NeBKc(ABM)

= K €(ABM )\ (SBD) (2)

= N =(ABM)NSD . D& thiy AN =(ABM ) (SAD)
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Cau 42. ChonC.

Taco:

(MNB)(AA'B'B)=MB

(MNB)N(AA'D'D)= AN

(MNB)N(DD'C'C)= NL

Trongdd L=xNCC'\Lex//CD, x diqua N

Ma: (MNB)N(BB'C'C)=LB = thiét dién la tir gidc ABLN (1)

LN //DC,LN =DC

DC//AB,DC = AB
Tir (1) va (2) suy ra thiét dién can tim 14 hinh binh hanh

Cau 43. ChonC.

Miit khéc: { — LN //AB,LN = AB (2)

S

c C
Goi G la giao diém cua ANva BD. Trong mp(ABCD), khi P thay d6i trén doan
BG (P#G), duong thing NP luén cét doan ABtai mt diém E (E thay doi tr trén
AB ,E # A), duong thang EN cat dudng thang ADtai . Trong mp(SAD), duong thing
IM cat SA tai F . T}}iét dién la to giéc MNEF . ,
Khi P chaytodr G dén D, dudong thing NP cat doan AD tai [ . Thiét di¢n la tam gidc MNI .
Vay dap an la 0£k<§

Cau 44. Chon A.
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AG, AG, AG,
Al AJ 4K
GG,//J, GG,//IK. Suy ra (GG,G,)//(BCD). Do viy, giao tuyén cia (GG,G;) va
(ABC) la duong thang qua G, song song v61 BC, dudng thang nay cit AB, AC lan luot tai
M,N MG,NAD=P. Thiét dién 1a tam giac MNP . Tam gidc MNP c6 cac canh twong Ung
MN NP PM
BC CD BD
MNP bang glén dién tich tam gidc BCD hay k = g

A

Goi I,J,K lan luot la trung diém BC,CD,DB. Ta co: zg nén

song song v&i cac canh cua tam giac BCD va

2 A .
= 3 nén di¢n tich tam giac

Cau 45. Chon a.

Mit phing (HKM) va (ABCD) chira hai duong thiang song song HK va AB nén giao tuyén
cua chung la MN cling song song v&éi HK va AB . Xét hai tam giac HAM va KBN co:
BN =AM ; BK = AH ; KBN = MAH (do aSBC =aSAD )nén aHAM =aKBN .

T d6 suy ra: MH = KN . MHKN 1a hinh thang can c6 hai ddy MN =a; HK = % .

Str dung dinh Iy ham s6 cos cho tam gidc SAD ta tinh dugc cosHAD = —%. Ta tinh dugc:
2 2

HM? = HA> + AM? —2HA.AM.(—%] =%4+2‘” .

DPuong cao cia hinh thang can dugc tinh bang cong thirc:
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\/HMZ —(M)2 =%x/16x2 +8ax+3a’ . Do hai day co6 do dai khong d6i nén dién tich

thiét dién bé nhat khi duong cao bé nhat dat khi x =0
Cau 46. Chon a.

Hai dép an A va D trai nguoc nhau nén chic chian mot trong 2 dép 4n nay sai. Do vay ta can
kiém
xem PQ c6 song song voi mt phing (SBC)hay khong.
Churng minh mp(MON) /| /mp(SBC) :
Xét tam gidc SAC va SDB :

, {OM /1SC
Taco:

ON //SB

Churng minh : PQ/ /mp(SBC)
) {OP//AD

— (OMN)/ /(SBC)

Tach : = OP//MN = M,N,P,0 dong phang = PQc (MNO)

D//MN
. | PO (MNO)
a
(MNO) // (SBC)
Cau 47. Chon D.
Xét 2 .truong hop :
a. M ¢gita Cva D
b. M & ngoai doan CD
a. M ogita Cva D:
Tacod: HK , KM la cac doan giao tuyén cta (HKM ) véi (ABC) va (BCD)
Trong (BCD), goi L = KM NBD
Trong (ABD), goi N = AD NHL
Vay : thiét dién 1a tir giac HKMN .

= PQ//(SBC).Do vay : PQ//mp(SBC)

b. M ¢ ngoai doan CD:
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Trong (BCD), goi L = KM nBD
Viy : thiét dién 1a tam giac HKL

Vay ta chon dap an D.

Cau 48. ChonC.

F E

= MM '//AB = MM '//EF (1)

(P)//IAB
(P)"(ABCD)=MM"
Tuong tu NN'//EF = MM'/NN' . Tu d6 ta vé dugc cac diém M ' N' nhu hinh vé& va quan sat
thdy MNN'M 'méi 13 hinh thang chua thé 13 hinh binh hanh.
Dé dang quan sat thdy M 'N'//DF hoic ching minh dugc khing dinh d6 nhu sau:

v yiep =AM g = AN BN
AD  AC y

F  BF
Ma AC = BF: AM = BN =M _BN
AC  BF
:ﬂ=ﬂ:M'NWDF(2)
AD  AF

Tu (1), (2) = (MNN'M")//(DEF)=> MN//(DEF). Vay chon dap 4n A.

Cau 49. ChonD.

S
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+ («)//(SBD) nén (a)cét cac mit phing (ABCD), (SBC), (SCD) theo cic giao tuyén
MN//BD,MP//SB,NP//SD . Vay thiét dién ctia hinh chép va mit phang («) 1a tam gidc déu
MNP.
BD*\3 b3

4 4

\ Suw :(MJZ :(QJZ :(AC—AIJZ _(a-x) {2(a—x)2}2

Sep \BD co co

+ SSBD =

b2\/§ nén S, =
4 SMN (12

B C
\ ‘
A
a
+ Churng minh MNPQ la hinh thang vuéng :
(a)//104
Tacod: {04 (ABC) = MN//04 (1)
MN =(a)N(ABC)

(a)//SB
SB — (SAB) = MQ//SB (2)
MQ = (a) N (SAB)
(a)//ISB
SB  (SBC) = NP//SB  (3)
NP =(a)n(SBC)

T (2) va (3), suy ra MQ//NP//SB (4)
= MNPQ la hinh thang

+Ma S, =

Cau 50. ChonD.

OA 1 SB
o , MN 1 MQ
Tu (1) va (4),tacod: < MN//OA
MN 1 NP
MQ//INP//SB

Vay : MNPQ la hinh thang vuong , duong cao MN .
+ Tinh dién tich cua hinh thang theo a va x .

Taco: S :l(M + NP).MN
MNPQ 9
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Tinh MN :
Xét tam giac ABC.

AB AB
BC
= BC=2a=BO=a

Tacd: cosB =
cos B

D N0
Do B=60 = AABO déu
BA=BO

MN BM BN
A0 4B BO

C6 MN//OA =

Tinh MQ :

Xét tam giac SAB , tacd: MQ//SB
M—Q=ﬂ :MQ:AM.S—B:(a—x).£=a—x
SB 4B AB a

Tinh NP:
Xét tam giac SBC, ta co: NP//SB
NP_CN o np=cn.2B (g x) L 200X
SB CB CB 2a 2
_ x(4a-3x) 1

D00 §ypypp === 3x(4a=3¥)

Ap dung bt dang thirc Cosi cho 2 s6 duong 3x va 4a—3x

3x+4a-3x

2
3x(4a—3x)£( ] =4a’ <4a°

1 a?
= SMNPQ < 5.4612 :?

Piang thirc xay rakhi 3x=4a-3x < x= 2?"

Vay: x= 23_(1 thi §,,,, datgia trilon nhét.

MN =MB =BN =x
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