o _ CHU BE 7. TIEP TUYEN CUA PO THI HAM SO
A. KY NANG CO BAN
Bai todn 1: Cdc dang phwong trinh tiép tuyén thuwong gdp.
Cho ham s6 y = f(x), goi do thi ciia ham s6 la (C).

Viét phwong trinh tiép tuyén ciia dd thi ham sb (C) y= f(x) tai M(xo;yo).

< Phwong phap
o Buéc 1. Tinh "= f(x) suy ra hé s6 géc cuia phuong trinh tiép tuyén 1 k = y'(x, ).

o Buwéc 2. Phuong trinh tiép tuyén cta do thi (C) tai diem M (x,;y,) c6 dang

y=yo =1 (x%)(x=x).
. Chil y:

o Neéu dé bai yéu cau viét phuong trinh tiép tuyén tai diém c6 hoanh d¢ x, thi khi do ta tim
v, bang cach thé vao ham s ban dau, tic y, = f(x,). Néu dé cho y, ta thay vao ham s6 dé
gidira x,.

o Néu dé bai yéu cu viét phuong trinh tiép tuyén tai cac giao diém cua do thi (C):y = f(x) va
duong thang d: y = ax+b. Khi d6 cac hoanh d¢ tiép diém 1a nghiém cua phuong trinh hoanh
do giao diém gitta d va (C).

@ Sur dung may tinh:
Phuong trinh tiép tuyén can tim c6 dang d : y = ax +b.

bang cach nhan

o Buéc 1: Tim hé so goc tiép tuyén k=)'(x,). Nhap —(f(x))

IDD sau d6 nhan [=] ta duoc a.

a

o Buwdc 2: Sau d6 nhan voi tiép tuc nhan phim [+] | / (x)[ICALC| X =x, nhan phim [=] ta

duoc b.
+* Vi du minh hoa

Vidu 1. Cho ham s6 (C) :y =x’ +3x*. Phuong trinh tiép tuyén ctia d6 thi (C) tai diém M (1;4)

la
A. y=-9x+5. B. y=9x+5. C. y=-"9x-5. D. y=9x-5.

Huwéng din giai
Tacod y'=3x"+6x =k =)'(1)=9. Phuong trinh tiép tuyén tai M (1;4) la
d:y=y"(x)(x=%)+y, =9(x~1)+4=9x—5. Chon dap an D.
@ S dung mady tinh:
d
o Nhap |—(X°+3Xx°
ap dx( )

nhén dau [=] ta duoc 9.

x =1

o Sau dé nhan véi () nhén ddu [+] [ X3 +3X2|[CALC] X =1 [=]ta dugc 5.

Vay phuong trinh tiép tuyén tai M 1a y=9x-5.

Vi dy 2. Cho ham s6 y =-2x +6x° —5. Phuong trinh tiép tuyén cta (C) tai diém M thudc (C)

va c6 hoanh do bang 3.
A. y=-18x+49. B. y=-18x-49. C. y=18x+49. D. y=18x-49.

Huéng dan giai
Ta c¢6 y'=—6x"+12x. Véi x,=3= y,=-5= M (3;-5) va hé s6 géc k=)'(3)=-18. Vay
phuong trinh tiép tuyén tai M 1a y=-18(x-3)—5=-18x+49. Chon dép én A.
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& Su dung may tinh:
o Nhap i(—z)ﬁ +6X7-5)
dx

nhan dau [=] ta dugc—18.

X =

o Sau d6 nhan véi () nhan déu [1] |[-2X3 +6X2 5| [CALC] X =3 nhén diu [ ta duoc
49 . Vay phuong trinh tiép tuyén tai M 1a y =—18x+49.

Vi du 3. Cho ham s6 (C): y = ix“ —2x”. Phuong trinh tiép tuyén ciia (C) tai di€ém M c6 hoanh

do x, >0, biét y"(x,)=-11a

A. y=-3x-2. B. y=-3x+1. C. y:—3x+%. D. y:—3x+i.

Huwéng dan giai
Tacd y' =x’—4x,y"=3x"-4.Ma

V'(x))=-1=3x"-4=-1x’ =1 < x,=1(vix,>0).

Vay y, = —%, suyra k = y'(l) = —3. Véy phuong trinh tiép tuyén tai M 1a

d:y=—3(x—1)—%:y=—3x+%-€h()n dap an C.

@ S dung mady tinh:

o Nhéap i(lX“ - 2X2j nhan dau [=] ta dugc —3.

dx\ 4

x =1

o Sau d6 nhan véi () nhan déu [+] i)(“—ZX2 [c4LC] X =1 [F]ta dugc %

Vay phuong trinh tiép tuyén 1a d : y = —3x + %

Viét phwong trinh tiép tuyén ciia do thi ham sé (C) y= f(x) ¢6 hé sb goc k cho
trudc.
+* Phwong phip

o Buéc 1. Goi M (x,;y,)1a tiép diém va tinh y' = f'(x).

o Buéc 2. Hé sb goc tiép tuyén 1a k= f'(x,). Giai phuong trinh nay tim dugc x,, thay vao ham

56 dugc y,.
o Buéc 3. Voi mdi tiép diém ta tim duogc cac tiép tuyén twong tmg
d:y-y, :f,(xo)(x_xo)

. Chii y: D& bai thuong cho hé sé goc tiép tuyén dudi cac dang sau:

e Tiéptuyén d // A:y=ax+b= hésd gbc cua tiép tuyén 1a k = a.

e Tiéptuyén d LA:y=ax+b, (a#0)< hésd goc cua tiép tuyén la k=—L.
a

e Tiép tuyén tao voi truc hoanh mot goc o thi hé s6 goc cia tiép tuyén d 1a k = +tana.

& Sir dung may tinh:
Nhap k(-X)+ f(x) X =x, nhin diu [5] ta dwoc b. Phuong trinh tiép tuyén la
d:y=kx+b.
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+* Vi du minh hoa

Vidy 1. Cho ham s (C): y = x’ —3x+2. Phuong trinh tiép tuyén cta (C) biét hé s goc cua tiép
tuyén d6 bang 9 la:
=9x—-14 =9x+15 =9x-1 =0x+8
AT g [ PTTT c.|” 7 p.|° =7
y=9x+18 y=9x-11 y=9x+4 y=9x+5

Huéng dan giai
Tacd y' =3x"-3.Vay k=)'(x,)=9<3x’-3=9 o x’ =4 x,=2vx, =-2.
+ V6i x, =2=> y, =4 taco tiép diem M (2;4).
Phuong trinh tiép tuyén tai M 1a y=9(x-2)+4= y=9x-14.
+ Véi x,=-2=y,=0 taco tip diem N(-2;0).
Phuong trinh tiép tuyén tai N1a y=9(x+2)+0=> y=9x+18.
Vay c6 hai tiép tuyén can tim 13 y =9x—14 va y =9x+18. Chon dap an A.
& Sir dung may tinh:
+ V6i x,=2 ta nhfp 9(-X)+X -3X>+2 |[CALC| X=2 nhin diu [F ta duoc

-14 = y=9x-14.
+ V6éi x,=-2 ta nhip 9(-X)+X’-3X*+2 [CALC| X=-2 nhin ddu [F ta duoc
18 = y=9x+18.

Vi dy 2. Cho ham s6 (C):y =221
x+2

- Viét phuong trinh tiép tuyén cua (C) biét tiép tuyén song

song v&i duong thang c6 phuong trinh A:3x—y+2=0.
A. y=3x-2. B. y=3x+14 C. y=3x+5. D. y=3x-8.

Hwéng din giai

Ta co y’:ﬁ, A:3x—y+2=0= y=3x+2. Do tip tuyén song song v6i dudng thing A
x+2
X, +2=1 x,=-1
nénk=;2=3©(xo+2)2=lc>{o @[" .
(x0+2) X, +2=-1 X, =-3
2X +1

+ Vo1 x,=-1 nhap 3(-X)+ CALC| X=-1 nhan déu [F ta dugc 2, suy ra
’ X+2
+

d:y=3x+2 (loai do trung vdi A).
+ Véi x, =-3 X =-3 nhén diu[F] taduoc 14 =d:y=3x+14.
Vay phuong trinh tiép tuyén 1 d : y = 3x+14. Chon déap 4n B.
Viét phwong trinh tiép tuyén ciia do thi ham sé (C) ry=f (x) biét tiép tuyén di qua
diém A(x,;y,).

< Phwong phap
> Cach 1.

o Buwéc 1: Phuong trinh tiép tuyén di qua 4(x,;y,) hé sd géc k c6 dang
d:yzk(x—xA)+yA ()
o Buwéc2: d latiép tuyén cua (C) khi va chi khi hé sau c6 nghiém:
f(x):k(x—xA)+yA
J'(x)=k
o Buwéc 3: Giai hé nay tim duge x suy ra k va thé vao phuong trinh (*), ta dugc tiép tuyén

can tim.
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» Cach 2.
o Budc 1. Goi M (xy; f(x,)) 1a tiép diém va tinh h¢ s6 goc tiép tuyén k = y'(x,)=f"(x,)
theo x,.
o Bwéc 2. Phuong trinh tiép tuyén c6 dang: d:y=y'(x,).(x=x,)+y, (+¥). Do diém
A(x;y,)ed nén y, =)'(x,)).(x,—x,)+y, giai phuong trinh nay ta tim dwoc x,.
o Buéc 3. Thé X, vao (*x) ta duoc tiép tuyén can tim.
w Chit y: D61 v6i dang viét phuong trinh tiép tuyén di qua diém viéc tinh toan tuong ddi mat thoi
gian. Ta c6 thé sir dung mdy tinh thay cac dap én: Cho f(x) bing két qua cac dép an. Vao
—> —> nhap hé s6 phwong trinh. Théng thwong mdy tinh cho sé nghiém thwc nhé

hon s6 bdc ciia phirong trinh la 1 thi ta chon ddp dn do.
¢ Vi du minh hoa

Vi dy. Cho ham s6 (C): y =—4x" +3x+1. Viét phuong trinh tiép tuyén ctia (C) biét tiép tuyén di
qua diém A(-1;2).

AYTTNTT | rERER c.|V7 p.[77 T,
y=2 y=x+1 y=3x-5 y=2x-2

Hwéng din giai
Tacd y'=—12x"+3.
+ Tiép tuyén ctia (C) di qua A4(-1;2) véihé sd géc k c6 phuong trinh 1a d: y =k (x+1)+2.
+ d latiép tuyén cua (C) khi va chi khi hé sau c6 nghiém:
—4x* +3x+1=k(x+1)+2 (1)
{—12x2 +3 =k (2)
Thay k tir (2) vao (1) ta duge —4x’ +3x+1=(-12x> +3)(x+1)+2

x=-1
c>8x3+12x2—4=O<:>(x—%j(x+1)2:OC> 1.

X=—=

2
+ Voi x=—1=k =-9. Phuong trinh tiép tuyén 1a y =—9x—7.

+ Vi x = % — k =0. Phuong trinh tiép tuyén 1a y =2. Chon dép an A.

Viét phuong trinh tiép tuyén chung ciia hai d6 thi ham s (C1): y=f (x) va

(Cz) y= g(x).
<+ Phuong phap
o Buéc 1. Goi d tiép tuyén chung ciia (C,), (C,) va x, la hoanh do tiép diém cua d va (C,)
thi phuong trinh d c6 dang y = f"(x,).(x—x, )+ f (x,) (***)
o Bwéc 2. Dung diéu kién tiép xtc ciia d va (C,), tim dugc x, .
o Buéc3. Thé x, vao (***) ta duoc tiép tuyén can tim.

+* Vi du minh hoa

Vi du. Cho hai ham sb:
(C):y=r(x)=2vx, (x>0) va (Cz):y:g(x):%\/S—xz, (-2V2 <x<22).

Phuong trinh tiép tuyén chung cta hai d6 thi ham s6 la:
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1 1 1 1
A, y=—x+35. B. y=—x-1. C.y=—x+2 D. y=—x-3.
> > > >

Huwéng din giai
+ Goi d 1a phuong trinh tiép tuyén chung cua (C,), (C,) va x,=a (a>0 va 22 <a<22)

1a hoanh d¢ tiép diém cua d voi (C,) thi phuong trinh d 1a
, 1
yv=f (x)(x—a)+y0 :T(x—a)+2\/;.
a
%\/S—xz =

—X

248 —x?
Thay (2) vao (1) ta dugc phuong trinh hoanh d9 tiép diém ciia d va (C,).

22 <x<2\2
2 2
% R =~ 2V8—x

+ d tiép xtc véi (C,) khi va chi khi hé sau c6 nghiém:

S E
—_

\S)

SN—"

- <S<x#0

g * x(8—x2):—x3—4(8—x2)
—2\/§<x<2\/§

=S<x#0 = x=-2.
x*=2x-8=0

Thay x=-2 vao (2) ta duogc 1 % & a=4= x,=4. Vay phuong trinh tiép tuyén chung

Ja

cantim1a y = %x+2 . Chon dap an C.
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Bai todn 2: Mt s6 cong thirc nhanh va tinh chit can biét.

Bai todn 2.1: Cho ham s6 y =% 2 (c £0, x# —ij ¢6 db thi (C). Phuong trinh tiép
cx + C

tuyén A tai M thude (C) va I la giao diém 2 dudng tiém can. Ta ludn co:

e Néu A LIM thichiton tai 2 diém M thudc 2 nhanh cta do thi (C) ddi xtmg qua

*\/|lad —bc|-d
I va xM:+ |a c| . Cach nhé:  cx,, +d :i,/ad—bc|.

C N [ —
mau s6 clia ham s6 tit 56 ciia dao ham
(I). M 1ludn la trung diém ctia AB (v6i A4, B 1a giao diém cua A véi 2 tiém can).

|bc—ad|

2
C

(II). Néu E, F thudc 2 nhanh cta d6 thi (C) va E, F déi xtimg qua I thi tiép tuyén tai

(I). Dién tich tam gidc I4B khong do6i voi moi diém M va S,,,, =2

E,F song song v6i nhau. (suy ra mot dudng thiang d di qua E, F thi di qua tim

1).
Chirng minh:
e Taco y'= Ll)cz; [(—i;gj 1a giao diém cua 2 tiém can.
(cx+d) c c
: ax, +b d A £ .
e Goi M| x,,; €(C) ; | x,, #—— |. Phuong trinh ti€p tuyén tai M c6 dang
cx,, +d c
Aiy= aaf—bc2 (x—xM)+axM +b.
(cx,, +d) cx,, +d

Chirng minh (I).

. Tif xM+£; bc—ad : 0 I aaf—bc2
¢ c(ex, +d) (cx) +d)
d bc—ad ad —bc

o ALIM = IM.us =0 x, +—+ . =0
¢ c(exy, +d) (cx,, +d)

- (cxM +d)4—(aa’—bc)2 0ex, = i\/|ad—bc|—d .

c(cxM +d)3 c

Chirng minh (IT).

. -2 , L opia A \ d a
e Giao diém ciia A v6i tiém can ngang la AEZxM +—— .
c c

e Giao diém ciia A voi tiém can dimg 13 B _i; acx,, +2bc—ad '
¢ c(ex,+d)

X, +x,=2x, +i—i:2xM
. Xét .
a acx, +2bc—ad ax, +b
YyaTYp=—+ =Z. =2y,
c c(cxM+d) cx,, +d

Vay M ludn 1a trung diém cta AB.
Chirng minh (I1I).

. ﬁ(w; cJ va TB[O; cz(bc—_ad)j.

c (cxM+d)

e AIJIAB vuong tai [
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1 —i—
= Sy = E|1A|.|IB| =

l.|2(cxM +d)||2(be—ad)| _2[bc-ad| _ hing <6,
2

|'|c(cxM+d)| ¢’

Vay dién tich A I4B khéng d6i v6i moi diém M
Chirng minh (IV):

Goi E(XE;axE +5JE(C) (XE # —iJDF(—ﬁ—xE; 2_a_ axXg +bj
C

CX

c c coxp+d

(E,F db6i xtmg qua ).

ad —bc

e Phuong trinh tiép tuyén tai £ ¢6 hé s6 géc k, =—— 5 (1).
(cx; +d)
e Phuong trinh tiép tuyén tai F ¢ hé sb goc
ad —bc ad —bc ad —bc ad —bc

=

c

= = = ).

|:c(_2d_xEj+dT (-2d-cx, +d)  (-d-cx,) (cx,+d)

e Tu(l)va(2)suyra k, =k, .

Bai todn 2.2: Cho ham sé y = “* 0

c6 d6 thi 1a (C), (¢c#0, ad —bc#0). Goi diém M (x,;y,)

cx+d

trén (C), biét tiép tuyén cua (C) tai diém M cit cac truc Ox,Oy lan lugt tai A, Bsao cho

OA =n.0OB.Khido6 x, thod |cx,+d = iw/n.|ad—bc| .

Huéng dén gidi

e Xéthamsd y =

ax +

cx+d

Goi M(xo; ) +bj €

cx, +d

A:y:f'(xo)(x—x0)+ =y=
Goit A=AN0Ox :>A[—

BzAmOy:B[O,

b ad —bc

, (c#0, ad—bc#0). Taco y'=—.
( ) g (cx+ d)2
(C) 1a diém can tim. Goi A tiép tuyén véi (C) tai M ta c6 phuong trinh

ax, +b ad —bc ax, +b
: —( - 0)+cx0+d'
0

5 X
cx0+d (cx0+d)

acx; +2bex, +bd 0
ad — bc )

_acx; +2bex, +bd
(cx, + af)2 '

Taco OA= |acx§ +2bex, + bd| B |acx§ +2bex, + bd|
_| ad —bc |_ |ad—bc|

OB = |acx§ +2bcx, + bd| _ |aCX§ +2bex, + bd|
| (ex, +d)2 | (ex, +d)2

(vi 4,B khong tring O nén acx, + 2bcx, +bd #0).

Tacdo O4A=n0OB < |

acx; +2bcx, +bd | |acx02 +2bcx, +bd |

1

n. 5
|ad—bc| (cx0 +d)

= =n.
|ad—bc| (cxo +d)

! - < (ex, +a’)2 :n.|aa’—bc|<:>cx0 +d :iwln.|ad—bc|.

Trang 7/25




B. BAI TAP TRAC NGHIEM

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Phuong trinh tiép tuyén ctia do thi ham s6 y = x* —3x” +1 tai diem 4(3;1) la

A. y=-9x-26. B. y=9x-26. C.y=-9x-3. D. y=9x-2.
Phuong trinh tiép tuyén ctia 6 thi ham s6 y = x* —4x” +1 tai diém B (1; —2) la
A. y=4x+6. B. y=4x+2. C.y=-4x+6. D. y=—4x+2.
Phuong trinh tiép tuyén ciia dd thi ham s6 y = >— | tai diem C(-2;3) 1a
X+

A, y=2x+1. B. y=-2x+7. C.y=2x+7. D. y=-2x-1.
Tiép tuyén cta do thi ham sd y = —x* + 3x — 2 tai diém D c6 hoanh do bing 2 c6 phuong trinh
la
A, y=-9x+14. B. y=9x+14. C.y=-"9x+22. D. y=9x+22.
Tiép tuyén cta d6 thi ham sé y = —x* + 8x? tai diém E c¢6 hoanh do bang —3 c6 phuong trinh 1a
A. y=60x+171. B. y=-60x+171.
C. y =60x +189. D. y=-60x+189.
Tiép tuyén cta d6 thi ham sé y = == tai diém F c6 hoanh d6 bang 2 c6 phuong trinh I3

x —
A, y=—x+5. B. y=x+5. C.y=—x-1. D.y=x-1.

Tiép tuyén cta d6 thi ham sé y = 2x° + 3x? tai diém G c6 tung do bang 5 c6 phwong trinh 1a
A, y=12x-17. B. y=-12x-7. C.y=12x+17. D. y=—-12x+17.

Tiép tuyén ciia d6 thi ham sd y = x* +2x> —3 tai diém H c6 tung d6 bang 21 ¢6 phuong trinh

la
=40x-101 =40x -59
AT . B.|7 T .
y =—40x — 59 y =-40x-101
=40x + 59 =-40x - 59
C. Y x ) D. Y x )
y=-40x+101 y=40x+101
Tiép tuyén cua do thi ham sb y= x+21 tai diém 7 ¢6 tung do béng 1 ¢6 phuong trinh 1a
x_

1 8 1 2 1 8 1 2
Ay=—x+—. B.y=—x-=. C.y=—x+—. D.y=—x-=.
Y 5 5 Y 5 5 Y 5 5 Y 5 5
Tiép tuyén cia d6 thi ham s y = x* —3x* —2 c¢6 hé s6 goc k =-3 ¢6 phuong trinh 14
A, y=-3x-7. B. y=-3x+7. C.y=-3x+1. D. y=-3x-1.

Tiép tuyén cua d6 thi ham s y = —%x“ +2x? ¢6 hé s goc bang k = —48 c¢6 phuong trinh 1a
A, y=—48x+192. B. y=-48x+160. C.y=-48x-160. D.y=-48x-192.

<& X e IS U £ X+3 4z A r1a A 2 1.3
Viét phuong trinh ti€p tuyén cia do thi ham so y = T bit ti€p tuyeén co h¢ so goc bang 4.
- X

y=4x-3 y=4x-3 y=4x+3 y=4x+3
A. . B. . C. . D. .
y=4x+13 y=4x-13 y=4x+13 y=4x-13
C6 bao nhiéu tiép tuyén ctia d6 thi ham sd y = —x* + 2x? song song véi duong thiang y = x ?
A. 2. B. 1. C.3. D. 4.

Tiép tuyén song song v6i duong thing y = —36x+5 cta do thi ham s6 y =x*+x> -2 ¢6
phuong trinh 1a
A. y=-36x-54. B. y=-36x+54. C.y=-36x-90. D.y=-36x+90.
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

+§ c¢6 db thi 1a (C). Viét phuong trinh tiép tuyén cua (C) sao cho tiép tuyén
X+

Cho ham y = —

d6 song song voi duong thiang d : y = —%x +%.

L3 L}

yETorTy Y= 7 1 23 1 23
A . .y:——x—— :__x_
I 1.2 77 77
YETEY T YETETY

Cho ham y =2x* —3x—1 c6 d6 thi 1a (C). Tiép tuyén cua d6 thi (C) vudng goc voi dudong
thang x+ 21y —2 =0 c6 phuong trinh la:

1 -1
A yzzx—33 B |:y:_21x_33 c |:y=21x_33 b y:ax—33
yzLx+31 y=-2Ix+31 y=21x+31 y:_—1x+31

21 21

Tiép tuyén cta dd thi ham s6 y = —x* —2x? + 3 vudng goc voi duong thang x —8y +2017 =0
c6 phuong trinh la
1

A.y:—%x+8. B. y=8x+8. C. y=-8x+8. D.y:§x—8.

Phuong trinh tiép tuyén cua dd thi ham s6 y = biét tiép tuyén vudng goc véi duong

x+2
thang y=—6x+1 la

=—_x4+= = x4—
A y:lx+— B.y:lx—l C g 6 3. D. ’ 6 3
6" 3 N P
6 6 3
C6 bao nhiéu tiép tuyén cta dd thi ham sé y = x* —4x? tai giao diém cua dd thi v6i truc Ox ?
A. 4. B. 2. C. 1. D. 3.

Cho ham s6 y = —x’ +3x—2 ¢6 d thi (C). Tiép tuyén cia d6 thi (C) tai giao diém cua (C)
vo1 truc hoanh c6 phuong trinh 1a

y=0
y=-9x+ 18

y=0

. C.y=-9x+18. D.
y=-9x-18

A. y=-9x—18. B[

. \ A A , R A X .. -2 i \ \
Goi d la tiép tuyén ctua do thi ham s6 (C): y = tai giao di€ém A cua (C) va truc hoanh.

Khi d6, phuong trinh ciia duong thing d 1a
1 5 1 5 1 5 1 5

A. =—X——. B. =—X——. C. =—X+—. D. =——X+—.
YTy YT, YTy YT,

Tai giao diém cua dd thi ham sé (C): y =2x° —6x+1 va truc Oy ta 1ap duoc tiép tuyén co
phuong trinh 1a
A. y=6x-1. B. y=-6x-1. C. y=6x+1. D. y=-6x+1.

Phuong trinh tiép tuyén ctia do thi ham s6 (C): y = —%x“ +3x? —2 tai giao diém M cua (C)
Vo1 truc tung la

y=—2 =2
A. . B.y=2. C.y=-2. D. .
y=2 y=0
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

tai giao diém A ciia (C) va truc tung.

Goi d 1a tiép tuyén ctia dd thi ham sé (C): y = 251

Khi d6, phuong trinh ctia dudng thang d 1a
7 1 7 1 7 1 7 1
A y=—x——. B.y=—x+—. C.y=——x—-. D.y=—x+-—.
Y7903 S NE S NE 79073

3
Tiép tuyén cua dd thi ham sb (C): y:x?—bc2 +3x+1 song song voi dudng thing

y =3x+2016 c6 phuong trinh 1a

2 2 y=3x-8 2
AT B[V G L2 p.|” "3,
y=3x-38 y=3x+8 Y= x+§ y=3x+8
3
Tiép tuyén tai diém cyc tiéu ctia d6 thi ham s y:%—2x2+3x—5 s€
A. song song voi duong thing x=1. B. song song vdi truc hoanh.
C. c6 h¢ so goc duong. D. c6 h¢ so goc bang —1.
Phuong trinh tiép tuyén v6i @b thi ham s6 y = " tai diém co tung d6 bang 3 1a
x_
A. x-2y-7=0. B. x+y-8=0.
C.2x-y-9=0. D. x+2y-9=0.

Cho dudng cong (C):y=x’—3x*. Viét phuong trinh tiép tuyén cia (C) tai diém thudc

(C)vaco hoanh do x, =-1.

A. y=-9x+5. B. y=9x+5. C. y=9x-5. D. y=-9x-5.
Phuong trinh tiép tuyén ctia d6 thi ham s6 y =3x’ —x* —7x +1 tai diem A(0;1) 1a
A. y=x+1. B. y=-T7x+1. C.y=1. D. y=0.

Cho ham s6 y = x* —3x” +1 ¢6 d6 thi (C). Khi d6 phuong trinh tiép tuyén cua do6 thi (C) tai

diém c6 hoanh d¢ bang 5 1a

A. y=-45x+276. B. y=-45x+174.

C. y=45x+276. D. y=45x-174.

Cho ham s6 y = x* —3x? +6x +1 ¢6 db thi (C). Trong céc tiép tuyén cia (C), tiép tuyén c6 hé

s6 goc nho nhét co phuong trinh 1a

A, y=-3x+2. B. y=3x+2. C. y=-3x+8. D. y=3x+8.

Cho ham s& y = —x* +6x* +3x—1 c6 d0 thi (C). Trong céc tiép tuyén cia (C), tiép tuyén c6

hé s goc 16n nhat c6 phuong trinh 1a

A. y=15x+55. B. y=-15x-5. C. y=15x-5. D. y=-15x+55.

Cho ham 86 y = x* + x +1 ¢6 dd thi (C). Khing dinh nao sau day la khing dinh sai?

A. Ham s6 luén dong bién trén R .

B. Trén (C) ton tai hai diém A(x;;3,), B(x,;y,) sao cho hai tiép tuyén ciia (C) tai 4 va B vudng
goc. ) ) .

C. Tiép tuyén cua (C) tai diém c6 hoanh d6 bang 1 c6 phuong trinh 1a y =4x—1.

D. D6 thi (C) chi cit truc hoanh tai mot diém duy nhat.

Duong thing y = ax —b tiép xtic véi dd thi ham s6 y = x° +2x7 —x +2 tai diém M (1;0). Khi

do ta co

A. ab=36. B. ab=-6. C. ab=-36. D. ab=-5.

Cho ham s6 y = x> — x> +2x+5 ¢ d6 thi (C). Trong cac tiép tuyén cia (C), tiép tuyén c hé

sO0 goc nho nhat, thi h¢ s6 goc cua tiép tuyén do l1a
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

AL B. 2. c.? D.>2.
3 3 3 3

Cho ham s6 y = 3x1 c6 dd thi (C). Tiép tuyén cia (C) tao véi truc hoanh goc 60° co6 phuong
trinh l1a
A _y=—\/§x+4\/§ B _y=\/§x—4\/§

. _y=\/§x . . _y=\/§x .
C _y=—\/§x+4\/§ D _y=—\/§x—4\/§

._y:—\/gx . ._y:—\/gx .

Cho ham s6 y = x* —3mx” +3(m + 1)x +1 (1), m 1a tham sb. Ki higu (C,) 1a d6 thi ham s6 (1)
va K 1a diém thuoc (C,), co hoanh d¢ bang —1. Tap tat ca cac gia tri cua tham sd m dé tiép
tuyén cia (C,) tai diém K song song voi duong thing d:3x+y =0 la

A. -1}, B.J. C. {—%;—1}. D. {—%}

. 1 A Ly X, LA L, .22 f1s A
Cho ham s6 y = x* + mez +m—1 c6 dob thi (C). Biét tiép tuyén cua (C) tai diém ¢ hoanh do

bang —1 vudng goc v4i dudng thang co phuong trinh x — 3y +1= 0. Khi d6 gia tri ciia m 1a

A.m=-1. B. m=0. C.m:—%. D.mz—%.

Cho ham s6 y =+/2x+1 ¢ dd thi (C). Biét tiép tuyén d cua dd thi (C) vudng goc vai dudng
thang y = —3x +2017. Hoi hoanh d¢ tiép diém cia d va (C) bang bao nhiéu?

A. —i. B. 1. C.4. D.-4.

9
Cho ham s0 y =3x —4x’ ¢6 dd thi (C). Tir diém M (1;3) c6 thé ké duge bao nhiéu tiép tuyén
v6i dd thi ham sb (C) ?

A. 0. B. 3. C.2. D. 1.

Cho ham s6 y = x* +x +2 ¢6 d6 thi (C). Tiép tuyén tai diém N (1;4) cua (C) cit dd thi (C) tai

diém thtr hai 1a M. Khi d6 toa do diém M 1a

A. M (-1;0). B. M (-2;-8). C. M (0;2). D. M (2;12).

Cho ham s§ y = x> —x* + x +1 ¢6 d6 thi (C). Tiép tuyén tai diém N cua (C) cit dd thi (C) tai
diém thir hai 1a M (-1;-2). Khi d6 toa d6 diém N 1a

A. (-1;-4). B. (2;5). C. (1;2). D. (01).

Cho ham s6 y = x* +3mx” +(m+1)x+1 ¢6 dd thi (C). Véi gié tri nao cia m thi tiép tuyén

voi d thi (C) tai diém c6 hoanh do bang 1 di qua A(1;3)?

A.mzz. B.mzl. C.m:—l. D.m:—z.
2 2 9
Cho ham s y = x—nlq ¢6 do thi (C,). V61 gia tri nao cua m thi tiép tuyén cua (C) tai diém c6
X+
hoanh d6 bang 0 song song voi duong thang y =3x +1?
A.m=3. B.m=1. C.m=-2. D.m=2.
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cho ham s6 y = > 1 c6 @6 thi (C) va gbc toa do O. Goi A 1a tiép tuyén cua (C), biét A cit
X+

truc hoanh, truc tung lan luot tai hai diém phan biét 4, B va tam giac O4B can. Phuong trinh A
la

A y=x+1. B. y=x+4. C.y=x—-4. D. y=x.

Cho ham s6 y = —x* — x> +6 ¢6 dd thi (C). Tiép tuyén cia d6 thi (C) cat cac truc Ox, Oy lan
luot tai hai diém A4, B sao cho OB = 3604 c6 phuong trinh la:

A x—=36y—-4=0 B y =-36x-86
" x+36y-4=0" "l y=36x-86
= —36x+58 —36y+14=0
c.|VT TR p.|" 7Y .
y =36x+58 x+36y+14=0
Cho ham s y:z(x—_ll) c6 dd thi 1a (C). Goi diém M (x,;»,) véi x, >—1 la diém thudc
X+

(C ), biét tiép tuyén cua (C ) tai diém M cét truc hoanh, truc tung lan luot tai hai diém phan
biét 4, Bva tam gidc OAB c6 trong tim G nam trén duong thing d :4x + y = 0. Hoi gia tri
cta x, + 2y, bang bao nhiéu?

7 7 5 5

A, ——. B. —. C.—. D. ——.
2 2 2 2

Cho ham s6 y=x*-2mx’+m (1), m la tham sb thyc. Ki hiéu (C,) 1a dd thi ham s6 (1); d
1a tiép tuyén cua (C,,) tai diém c6 hoanh do bang 1. Tim m d¢ khoang céch tir diém B [%; 1]

dén duong thang d dat gia tri 1on nhat?
A.m=-1. B.m=1. C.m=2. D. m=-2.
2x+3

x+1

Cho ham s6 y = c6 dd thi 1a (C). C6 bao nhiéu tiép tuyén clia dd thi (C) tai nhitng

diém thudc do thi c6 khoang cach dén duong thang d, : 3x+4y —2 =0 bang 2.
A.2. B. 3. C. 4. D. 0.

Cho ham s6 y = 2x-1
x—1

c6 dd thi la (C). Goi /14 giao diém hai tiém cén ctia (C). Tim diém

M thude (C)cd hoanh d6 16n hon 1 sao cho tiép tuyén cia (C)tai M vudng goc véi duong

thang MT ?
A.M(4;gj. B.M(3;§j. C.M(2;3). D.M (5;3).

Cho ham sb y:2x+1

c6 o thi 1a (C), dudng thang d : y = x +m. Véi moi m taludn c6 d

cat (C) tai 2 diém phan biét 4, B. Goi k,,k, 1an lugt 1a hé s géc clia cac tiép tuyén véi (C)

tai 4,B. Tim m dé téng k, + k, dat gia tri l6n nhét.

A. m=-1. B.m=-2. C. m=3. D. m=-5.

Cho ham s6 y = %23 (1).Viét phuong trinh tiép tuyén cua do thi ham s6 (1), biét tiép tuyén
X+

d6 cét truc hoanh, truc tung lan luot tai hai diém phan biét A, B va tam gidc OAB can tai géc

toa do O.
A y=—x-2. B. y=—x. C.y=—x+2. D. y=—x+1.
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cho ham sé y = 2x _11 c6 d6 thi (C). Lap phuong trinh tiép tuyén ctia d6 thi (C) sao cho tiép
x —

tuyén nay cit cac truc Ox, Oy 1an luot tai cac diém 4 va B thoa min OA = 40B.

yo—lysd yo—lxsd
A. 4 4 B. 4 4
_ B B
TR RO
y=—diesd [P
c 157 D 4777
1B __ 1.
YETYTT, VIR

Cho ham sb y=ﬁ c6 db thi (C). Goi A 1a tiép tuyén tai diém M (x,;y,) (V6i x,>0)

thudc do thi (C). Dé khoang cach tir tim doi xtmg [ ctia do thi (C) dén tiép tuyén A 1a 16n

nhat thi tung d6 cta diém M gan gia tri ndo nhat?

AT B. 7. c.”. D.Z.
2 2 2 2
. 2x—1 y . L . .
Cho ham s6 y =~ " c6 do thi (C). Biét khoang cach tir 7(—1;2) deén tiép tuyen cia (C) tai
X+
M 13 16n nhét thi tung d6 cua diém M nam & goc phan tu thir hai, gan gia tri nao nhat?
A. 3e. B. 2e. C.e. D. 4e.

. 2x-3 3 AL X C . T
Cho ham s6 y = al c6 do thi (C ) Biét tiép tuyeén tai M cua (C ) cat hai tiém cén cua (C )
tai A, B saocho AB ngén nhét. Khi d6, d6 dai 16n nhét caa vecto oM gﬁn gia tri nao nhat ?
A.7. B.5. C.o6. D. 4.

x—2

Cho ham s y = c6 dd thi (C). Phuong trinh tiép tuyén A ctia d6 thi ham s6 (C) tao véi

x+1
hai duong tiém can mot tam giac c6 ban kinh dudng tron ndi tiép 10n nhat. Khi dé, khoang cach
tir tim ddi xtmg cua d6 thi (C) dén A béang?

A A3, B. 2./6. C. 243. D. V6.

Cho ham s6 y = 2x+1

1 c6 dd thi (C). Goi I 1a giao diém ciia hai tiém can. Tiép tuyén A cua
x —

(C) cat2 tiém cantai 4 va B sao cho chu vi tam gidc /4B dat gid tri nho nhét. Khodng cach

16n nhat tir gc toa do dén tiép tuyén A gan gid tri nao nhét?
A. 6. B. 4. C.3. D. 5.

2x-1

Cho ham s y = c¢6 dd thi (C ) Goi / 1a giao diém cua hai dudng tiém can. Tiép tuyén

x j—
A cua (C ) tai M cét cac duong tiém can tai 4 va B sao cho dudng tron ngoai tiép tam giac
IAB ¢6 dién tich nho nhét. Khi d6 tiép tuyén A cua (C) tao véi hai truc toa do mot tam gidc
¢6 dién tich 16m nhit thudc khoang nao?
A. (27; 28). B. (28; 29). C. (26; 27). D. (29; 30).

C. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

I-DAP AN

2134 71819 1011 [12]13 |14 [15]16[17|18]19]20

(V]
N

D|C|A]AA|A|B|C|D|B|D|BJ]A|C|C|C|D|D|B
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22 123 1242526272829 303132333435 [36[37]38]39]40

D|C|C|]A|B|D|B|B|D|BJA|BJ|JA|D|C |BJA |C |C

42 143 144 |45 146 |47 |48 |49 |50 |51 |52 |53 |54 |55|56|57]58]59

c|B|/D|B|]CJ|]A|B|C|C]A|A A D |C|D|D|DJA

Cau 1.

Cau 2.

Cau 5.

Cau 7.

Cau 8.

Cau 10.

Cau 11.

Cau 12.

I1 -HUONG DAN GIAI
Chon B.

Tinh »'=3x"—6x= »'(3)=9 = phuong trinh tiép tuyén 1a y =9x—26.
Chon D.

Tinh y'=4x’—8x=> y'(1)=—4 = phuong trinh tiép tuyén 1a y =—4x+2.
Chon C.

Tinh y'= ( 1)2 = y'(-2) =2 = phuong trinh tiép tuyén la y =2x+7.
X+
Chon A.
Tinh y,=y(2)=—4 va »'=-3x"+3=y'(2)=-9. Vay phuong trinh tiép tuyén la
y=-9x+14.
Chon A.
Tinh y,=»(-3)=-9 va »'=-4x’+16x=y'(-3)=60. Vay phuong trinh tiép tuyén la
y=60x+171.
Chon A.

Tinh y,=y(2)=3 va y'= = y'(2)=-1. Vay phuong trinh tiép tuyén la y=-x+5.

(x-1)
Chon A.

Giai phuong trinh 2x) +3x; =5< x, =1, va y'=6x"+6x= y'(1)=12. Vay phuong trinh
tiép tuyénla y=12x—7.

Chon B.
X, = N
Giai phuong trinh  xj +2x; —3:21@[ ‘ Dong thoi y'=4x’+4x, suy ra
Xy =—
v'(2)=40 e
. Vay c0 hai ti€p tuyén can tim 1a y =40x-59 va y=—40x—-101.
»'(~2) =—40
Chon C.
. X, +2 < -5 , -1 . iy
Giai phuong trinh =l x,=3 va y'=———=y'(3)=—. Phuong trinh tiép
2x, -1 (2x—1) 5

tuyén la y——lx+§
575

Chon D.

Giai phuong trinh y'(x,)=-3 < 3x; —6x,+3=0< x, =1. Pdng thoi y(1)=-4 nén phuong
trinh tiép tuyén 1a y =—-3x—1.

Chon B.

Gidi phuong trinh y'(x,)=-48 < —x; +4x,+48=0< x, =4. Dong thoi y(4)=-32 nén
phuong trinh tiép tuyén can tim 1a y = —48x+160.

Chon D.

Gidi phuong trinh

Trang 14/25



Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

y'(x0)=4<:>%:4®{x0 =0=y(0)=3=pitt: y=4x+3 |
(1-x,) x,=2=y(2)=-5=pttt: y=4x-13
Chon B.
Giai phuong trinh
x,=1= y(1)=1= put:y=x (tring)
y'(x)=1e-3x; +4x,-1=0< ! | s .
Chon A.

Gidi phuong trinh y'(x,)=-36 < 4x; +2x,+36=0< x, =—2. Ddng thoi y(-2)=18 nén
phuong trinh tiép tuyén can im 1a y = -36x—54.

Chon C.
Giai phuong trinh
7 1 xo=5:>y(5)=0:pttt:y=—%x+%(trfmg)
Vin)Ege T om T e 123
(x0+ ) xo=—9:>y(—9)=—2:>pttt:y=—7x—7
Chon C.
Gidi phuong trinh
y'(x)—21c> x0=2:>y(2):9 = pttt: y=21x-33
’ X, =2=y(2)=-11= put: y=21x+31"
Chon C.

Gidi phuong trinh y'(x,)=-8 < x, =1. Dong thdi y(1)=0 nén phuong trinh tiép tuyén can
timla y =—-8x+8.
Chon D.

1 1
x0:4:>y(4):l =>pttt:y=—x+—
o 1 6 3
Gidi phuong trinh y (xo) :gc> { 13"
Xy =—8=>y(-8)=3 :pttt:yzgx+?
Chon D.

x=0 =1y'0)=0 = pttt: y=0
Gidi phuong trinh x* —4x’ =0 | x=2 =y'(2Q)=16 = pitt: y=16x-32 .

x=-2 = y'(-2)=-16= pttt: y=—16x—-32

Chon B.
Ta giai phuong trinh
=1 =y'1)=0 = pttt: y=0
P 43x-2=0s| v PrE=y .
x=-2 =>y'(-2)=-9=pttt: y=-—9x—-18

Chon D.

Ta giai phuong trinh x—51 =0< x=>5. Pong thoi y'(5) = —% nén phuong trinh tiép tuyén

—x+

3 1
caintimla y=——x+—.
4 4

Chon D.

Giao diém cua (C) va Oyla A(0;1) = »'(0) =—6 nén phuong trinh tiép tuyén la y=—6x+1 .
Chon C.

Giao diém cua (C) va Oyla M (0;-2) = '(0) =0 nén phuong trinh tiép tuyén la y=-2.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Chon C.

Giao diém cua (C) va Oy la A(O;—%): y'(0)=—% nén phuong trinh tiép tuyén Ia

__ 7.1

SR

Chon A.

7 2

x,=1=y(l)=—= = pttt:y =3x——

Ta giai phuong trinh y'(x,)=3<| " »(1) 3 PEEY 3.
x0:3:>y(3)=1 = pttt:y=3x—-8

Chon B.

, xo=1:>y(1)=__11 A ik Z \
Tacd y'=0< 3 . Vay tiép tuyén song song truc hoanh.

Chon D.
. . 1 o .
Theo gia thiét ta c6 y,=3=>x,=3 va y'(3):—§. Vay phuong trinh tiép tuyén la

x+2y-9=0.
Chon B.
Theo gia thiét ta co X, =—1=y,=-4 va y'(-1)=9. Viy phuong trinh tiép tuyén la
y=9x+5.
Chon B.
Theo gia thiét ta cé x, =0=>y, =1 va y'(0)=—7. Vay phuong trinh tiép tuyén 1a y=—7x+1.
Chon D.
Theo gia thiét ta c6 x,=5=y,=51 va »'(5)=45. Vay phuong trinh tiép tuyén la
y=45x-174.
Chon B.
Tacod y'=3x"—6x+6=3(x—1)’+3>3=miny'=3 khi x=x,=1=y, = y(1) =5.
Khi d6 phuong trinh tiép tuyén y =3(x —1)+5=3x+2.
Chon A.
Ta ¢6 y'=-3x"+12x+3=-3(x+2)°+15<15=>maxy'=15 khi x=x,=-2. Luc d6
Yo =y(=2)=25.
Khi d6 phwong trinh tiép tuyén y =15(x +2)+25=15x +55.
Chon B.
[Phwong phap tu luin]

. 5 {y'(x1)=3x12+1>0 _
Taco y'=3x"+1>0= = y(x).y(x,)>0

y'(x,)=3x +1>0

hay y'(x,).y'(x,)#—1. Suyra?2 tiép tuyén 4 va B khong vudng goc.
[Phwong phép tric nghiém)|
Tacod y'=3x"+1>0,VxeR.
Suy ra ham sé dong bién trén R va cat truc hoanh tai mot diém duy nhat— A, D diing.
Véi x, =1= y'(1) =4, y, =3. Vay phuong trinh tiép tuyén y =4(x—1)+3=4x—1— C diing.
Chon A.
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Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Ta c¢6 y'=3x"+4x—-1=y'(1)=6. Khi d6 phuong trinh tiép tuyén tai M(1;0) Ila

a==6

y=6(x—1)=6x—-6,nén {b = ab=36.

Chon D.
2
Thcé)”z&f—2x+2:3ﬂf—zw+l)+§:3[x—lj-H§2§:>mm)”=§]dﬁx=x0=l.
3 9) 3 3 3 3 3 3
Chon C.
Ta c6 y'= ~<0,Vx=1. Tiép tuyén tai diém M (x,;y,)e(C) tao v6i Ox gbc60°

(x=1)

—3
(xo - 1)2

=3 (x, -1 =1

= i(3) =2 tan 60 = £33 — pi(x) =3 =

NS 2= 0= 2\/3. Céc tiép tuyén tuong ing c6 phuong trinh 13 {y =3 +4\/§.
x,=0=y,=0 y:—\/gx

Chon B.

Ta ¢6 y'=3x"-6mx +3(m+1). Do Ke(C,) va c6 hoanh do bang -1, suy ra

K(—l;—6m—3).

Khi d6 tiép tuyén tai K c6 phuong trinh
A:y=y'(-D(x+1)—-6m—-3=OOm+6)x+3m+3.
Puong thing A song song véi duong thang d
{9m+6:—3 {m:—l
=>3x+y=0y=-3x< = .
3m+3+#0 m#—1
Vay khong tdn tai m , ta chon &.
Chon A.
Tacd y'=4x’ +mx va duong thang x —3y +1=0 viét thanh y =%x+§.
Theo yéu cau bai toan, phii c6 y'(-1)=-3 < 4-m=-3 o m=-1.

Chon C.

Tacd y'= . Goi x, 1a hoanh db tiép diém cta d va (C).

1
V2x +1
1

Theo yéu cau bai toan, ta ¢6 y'(x0)=l@—=l@2xo+1=9@xo =4.

30 2x, +1
Chon C.

Duong thing di qua M (1;3) c6 hé s6 goc kco dang d : y =k (x—1)+3.
y . . ) ) 3x—4x3:k(x—1)+3 (1)
d 1a tiép tuyén cua (C) khi va chi khi h¢ sau c6 nghiém: . Thay
3-12x* =k (2)
(2) vao (1) ta duoc

X =

0
k=3
3x—4x' =(3-12¢)(x-1)+3 =8 - 12X =0 | 3= :
xX=— k=-24
2
Vay c6 2 tiép tuyén.
Chon B.
Phwong phap ty luan

Tacod y'=3x"+1= y'(1)=4,suyra tiép tuyén tai N(;4) 1a A:y=4x.
Phuong trinh hoanh d6 giao diém cua A va (C) la

Trang 17/25



Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

3 3 x=1
X+x+2=4xcx -3x+2=0& .
x=-2=>y=-8
Phwong phap tric nghiém
2x, +x,, __b (V6i y = ax® + bx* + cx + d 1a ham s6 ban dau)
a

©2+x, =0 x, =-2= M(-2;-8).
Chon C.
Phwong phap ty luan
Duodng thang A di qua diém M (—1;-2) c6 hé s6 goc k c6 dang A:y=k(x+1)-2.
A 14 tiép tuyén ctia (C) khi va chi khi hé sau c6 nghiém:
X —x’+x+l=k(x+1)-2 (1)

{3x2—2x+1:k (2)

Thay (2) vao (1) ta dugc

=-1
x3—x2+x+1:(3x2—2x+1)(x+1)—2<:>(x+1)2(x—1):O<:>[x = N(1;2).Phw
x=l=>y=2
ong phap tric nghiém
2x, +x,, __b (V6i y = ax® +bx* +cx +d 1a ham s6 ban dau)
a

o2y +(-)=1ex, =1= N(1;2).
Chon B.
Tacd y'=3x"+6mx+m+1.Goi M(x,;y,) latiép diém ctia tiép tuyén can lap.

. , y'(_1)=4_5m X . X £ \
Khi d6 x,=-1= , suy ra phuong trinh tiép tuyén la

Vo =2m—1
A:y:(4—5m)(x+1)+2m—1.
Do A(l;3)eA:>3:(4—5m)(1+1)+2m—1<:>m:%.
Chon D.
Taco y'= " Khido y'(0)=3 e 1+m=3cm=2.
(x+1
Chon B.
Taco y' :( )2 >0,Vx #—-1. Goi M(xo;yo) 1a tiép diém cua (C) véi tiép tuyén can lap.
x+1

Tam giac OAB can tai O nén OA4 = OB, suy ra
1

y'(xo):il—mo y'(xo):1<:>—2 :1@|: .
(Xo-l-l) x(]:_z
e Véix,=0=y, =0 (loai,do M (0;0)=0).

e V6i x, =-2= y, =2, suy ra phuong trinh tiéptuyén A: y=x+4.

Chon C.

OB
Do —=36=y' =436.
ey y'(x)

e Vi y'(x,)=-36 < —4x’ —2x, =36 < 4x, +2x,-36=0 < x, =2.
Vay y, = ¥(2) =—-14. Suy ra phuong trinh tiép tuyén y=-36x+58.
e Vi y'(x,)=36 < —4x’ —2x, =36 < 4x, +2x,+36=0 < x, = 2.
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Cau 47.

Cau 48.

Cau 49.

Vay y, = y(=2) =-14. Suy ra phuong trinh tiép tuyén y =36x+58.

Chon A.
e Goi M xo;xo—_1 e(C) véi x, =1 1a diém can tim.
2(x0+1)
e Goi A tiép tuyén cua (C ) tai M ta co phuong trinh.
x,—1 1 x,—1
Ay =f'(x)(x—x,)+—=2 = (x—x,)+—=2 :
' 720k +1) (x0+1)2 7 2(x, +1)

o —2x, 1 2 _ox, -1
Goi A=ANOx = 4 —u;o ViB=ANOy=B O;XO Yo — .
2 2(x, +1)

Khi do A tao véi hai truc toa d0 AOAB c6 trong tam la

G[_xé —2x0—1.x§ —2x0—1]

6 " 6(x, +1)
2 2
e Do G thugc duong thing 4x + y =0 = —4. 0 ~2% =1 % 2x°21=0
6 6(x, +1)
<:>4=;2 (vi 4, B khong trung O nén x; —2x, —1#0)
(x0+1)

X, +1=— xO:—l
X +1——l X __3
‘ 2 )

e Vi x, > —1 nén chi chon x, :—l:M(—l;—g]:xo+2yo __7

2 22 2
Chon B.
e Ae(C,)nén A(1;1-m).Ngodira y'=4x" —4mx = y'(1)=4—4m.
e Phuong trinh tiép tuyén cua (C,,) tai 4 1a y—1+m=y'(1).(x—1), hay

(4—4m)x—y—3(1—m)=0.

-1 ,

| | = <1,Dau ‘="xdyra<>khi m=1.
J16(1=m) +1
e Do d6 d(B;A) 16n nhat bing 1 khi va chikhi m=1.
Chon C.

e Khido d(B;A)=

_2x0+3
x, +1 '

o Giasit M(x,;9,)e(C) = v,

- 3 4y,—-12=0
e Taco d(M,d])zzngzé{ Xo T3

[32 442 3x, +4y,+8=0
X, =0=M,(0;3)
o 2x,+3
e V61 3x,+4y,-12=0<3x,+4 " -12=0& 1 (1 11)
Xo + 2| 0

Xy === ==
3 3 4
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X, =—5= M, (—5;9

R

2x,+3

e Voi 3x0+4y0+8=0c>3x0+4( ]+8=Oc>

x, +1

Suy ra c6 4 tiép tuyén.
Cau 50. ChonC.
Phwong phap tw luan.
2a-1

e Giao diém cua hai tiém can 1a ](1;2). Goi M(a;b) € (C) =b= " (a > 1) .
a_
X . X I . . 1 2a-1
e Phuong trinh tiép tuyén cia (C) tai M 1a y=— ~(x—a)+ .
(a-1) a—1
e Phuong trinh dudng thing MI 13 y = ﬁ(x -+2.
a —
e Tiép tuyén tai M vudng goc véi MI nénta co
1 1 a=0=>b=1
- o =1 :
(a_l) (a_l) a:2:>b:3

Vi yéu cau hoanh d¢ 16n hon 1 nén diém can tim la M (2;3).
Phuwong phép tric nghi¢m
Goi M (x,;,)€(C), di€ém M thoa yéu cau bai toan c6 hoanh d¢ dugc tinh nhu sau:

X, —1=22.(-1) - 1.(-1)| & x,~1=%1 @[2 :i z)y‘) >
Vay M (2;3).

Cau 51. Chon A.
e Phuong trinh hoanh d6 giao diém cta d va (C ) la

1
—-x+1 X+ =
=x+m 2

2x -1

g(x):2x2+2mx—m—1:0 (*)

. . -m-1 .
e Theo dinh 1i Viet ta c6 x, +x, =—m; xlxzzmT.Glé st A(x;5,),B(x%5,).

e Ta co y':( )2, nén tiép tuyén cia (C) tai 4 va B ¢6 hé sb goc lan lugt 1a
2x—1
1 1
k =— va k, =— Vay
Lo -1 T (2x,-1)
2 2
K+, = 1 1 _ 4G X)) -4y +xy)+2

2x-1)* (2x,-1)’ - [4x1x2 —2(x, +x,)+ 1]2
=—(4m® +8m+6)=—4(m+1)’ ~2<-2
e Diu"="xayra< m=—1.
Vay k, +k, dat gia tri 16n nhat bang —2 khi m = —1.
Cau 52. Chon A.

Phwong phap ty luan

e Goi M(x,;,) latoadd cua tiép diém = y'(x,) :ﬁ< 0.
Xo
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e AOAB cin tai O nén tiép tuyén A song song v&i duong thang y = —x (vi tiép tuyén c6 hé

) , 1 X, =-1=y,=1
s0 goc &m). Nghia la y '(x,) = =-1= .

(2xo+3) Xp=-2=y,=0
e V6ix,=-1 y,=1 =>A y-1=—(x+1)< y=—x (loai).
e V6ix,=-2,y,=0=>A: y-0=—(x+2) < y=—x—2 (nhén).
Vay phuong trinh tiép tuyén can tim1a y = —x—2.
Phwong phap tric nghiém
e Tam giac OAB can tai géc topadd O néntacd OA=0B=>n=1.
acx; +2bex, +bd #0=>2x] +8x,+6# 0 < x, = —1;x, # -3

=-1(L
ex, +d = \fnfad —bd = 2x, +3= £ L[] & 2:—2((N))'

e V6ix,=-2,y,=0=>A: y-0=—(x+2)< y=—x—2 (nhén).

Cau 53. Chon A.
e Gia s tiép tuyén d cia (C) tat M(x,;y,) €(C) cit Ox tai A, Oy tai B sao cho
OA=40B.

: B 1 . 1 1
e Do AOAB vudng tai 4 nén tan 4 = % = = H¢ s0 gbc ciia d bang 7 hodc R

° Viy'(x,))=- )2 <0 nén hé sb goc cua d bang —%,suyra
x, -1
1 1 ‘xO_—1 :>y0:
_ ==
R R
y=—l(x+1)+— y=—lx+§
e Khi d6 o 2 tiép tuyén thoa man la: 41‘ s = 41‘ f3.
=——(x-3)+= =——x+—
y=-7(x-3) Y=gty
Cau 54. Chon D.
Phwong phap ty luan
e Taco y' = -1 2;1(1;1).
x—1
. GQiM(xO; 1je(C), (x, #1). Phuong trinh tiép tuyén tai M c6 dang
X, —
Ary=———(x x0)+ S x+(x,—-1)’y-x;=0.
(x,—1) Xo —
. 2% -1 _ 2 L2 5

\/1+ xo_1 \/(xol—l)z +(x0—1)2 2

xdy ra khi va chi khi

e Diu"=
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Tung d nay gan véi gia tri % nhét trong cac dép an.

Phwong phap tric nghiém

X =2=y,=2(N)
Taco IM LA= cx,+d =+J|ad —bc| = x,—1=%,/|-1-0| & :
x,=0 (L)

Cau 55. ChonC.
Phuong phap tu ludn

e Tacod y'= 3 5.
(x+1)
) 2x,—1 LA £, .
e Goi M| x,; . €(C).(x, #—1). Phuong trinh tiep tuyen tai M la
X, +
3 2x, 1 .
= X—X,)+ < 3x—(x,+1)" y+2x, —2x,-1=0.
y (x0+1)2( 0) 1l (X +1)"y +2x; = 2x,
6|x, +1
o d(LA)= ol 6 =6.

o+ (x, +1)* \/( AR \/2\/_
Xo

xdy ra khi va chi khi

e Diu"=
9 xO:—1+\/§:y0=2—\/§(L)
(x, +1)° xO:—l—\/§:>y0:2+\/§(N).

Tung do ndy gan voi gia tri e nhit trong cac dap an.
Phwong phap trac nghiém
Tacd IM LA= cx,+d =+J|ad —bc| = x, +1=+]]2+]]

X, :—1+\/§:>y=2—\/§(L)
= ——1-BB=y=2+3(N)

= (x, +1)° <:>(x0+1)2 =3<:{

Cau 56. Chon D.

Phuong phap tu ludn
2x,-3
X, —2

e Goi M [xo; J € (C ),(xo # 2) . Phuong trinh tiép tuyén tai M c6 dang

1
Ary=——"—(x—x,)+2+ :

e Giao diém ciia A v6i tiém can ding la A(Z;Z + 2 2] .
XO -

e Giao diém cia A voi tiém can ngang la B (2x0 - 2;2) .

1 . . 2 1
o Tacod AB® =4|(x,-2) +—— |>8. Déu "=" xay rakhi (x,~2) =———
{(xo ) (xo_z)z} ’ (-2) (x0—2)2
X, =3= 3, =3= OM (33)=|OM|=3J2(N
=
%, =1=y, =1=OM (11) = |oM|=+2 )

Phuwong phép tric nghi¢m
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e AB ngin nhit suy ra khoang cach tr I d&n tiép tuyén A tai M ngin nhét
x,=3=>y,=3
= IM LA=> cx, +d =+Jlad —bc| = x,, —2=%[|-4+3[ < | :
Y | | Y | | x,=1=y, =1
:>|W|=3x/§.
Cau 57. ChonD.
Phuong phap tu ludn

e Goi M[xo;xo—_?] € (C), (xo # —1), I(—l;l). Phuong trinh tiép tuyén tai M c6 dang
X, +
A:y= 3 2(x—xo)ero_z.
(xo +1) Xo +1

e Giao diém citla A véi tiém can dimg 1a 4| —1:20=> |,
x, +1
e Giao diém cuia A véi tiém can ngang 1a B(2x,+11).
6

e Ta co IA=|—1, IB=2|x,+1|= IA.IB=12. Ban kinh duong tron ngoai tiép AI4Bla
X, +

S,z =DPr,suyra
. S,  1AIB IA.IB < IA.IB _23-6.

p  IA+IB+AB 44 B+~JIL +1B°  2IAIB +~2.I41B
Xy, :—1+\/§:>y0 -1-3
Xy, :—1—\/§:>y0 :1+\/§.

e Suyra rmax=2\/§—\/6<:>IA=IB<:>|xO—1|2=3<:{

¢ T (5B 7] .
Phuwong phép tric nghiém
o /A=IB= AIAB vudngcantai [ = IM LA.
=-1+V3=y, =1-+3
e cx, +d== |ad—bc|:>xM+1:i |1+2|<:> e V3 Y V3
xM:—l—\/gzyM:H\/g
= [1#7] =46
Cau 58. ChonD.
Phuong phap tu ludn

o Goi M [x0;2 + j € (C),(xo # 1) . Phuong trinh tiép tuyén tai M c6 dang

x,—1
-3 = (x—x)+2+ 3
(xo—l Xg —

Giao diém ctia A voi tiém can ding la A[l; 2+ 6 1].
Xy —

Giao diém ctia A véi tiém can ngang la B (2x0 —1; 2) .

Tacd Sy =%IA.IB:%-ﬁ-2|xO -1|=23=6.
0

A IAB vudng tai I c¢6 dién tich khong d6i = chu vi A I4AB dat gia tri nho nhét khi
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X, =1+3
X, :1—\/§'
e V0i x, = 1+/3 thi phuong trinh tiép tuyén 1a A: y =—x+3+23. Suy ra

3+243

a7
e V0i x, = 1-/3 thi phuong trinh tiép tuyén 1a A:y = —x+3-23. Suy ra
34243

gan v6i gia tri 5 nhat trong cac dap an.

I4=1IB @L=2|x0—1|:
% 1]

d(0,A)=

d(0,A)=

3+2\/§

NG

Vay khoang cach 16n nhat 1a

Phwong phap tric nghiém
Xy :1+\/§:>y:2+\/§

Xy, —1-3=>y=2-3

o IA=IB= cx, +d==%/lad—bc| = x, —-1=%/|2-1| &

3+243
22 ).

=d(0,A)=

Cau 59. Chon A.

Phwong phap ty luan
o Goi M [xo; 2%, _ZIj €(C),(x, #2). Phuong trinh tiép tuyén tai M c6 dang
X, —
A:y= —%(x—x0)+ 2% —1 :
(x,—2) X, —2

. .2 .. 2 2
e Giao diém cta A véi tiém can ding 1a A(Z; Yo +2 j )
xO —

e Giao diém ciia A véi tiém can ngang 1a B(2x,—2; 2).
X, +x5=2+2x,—-2=2x,

o X¢ét 2x,+2

2x, -1 = M 1a trung diém cla 4B .
YVatTVs =

+2=2.0 =2y,

X, —2 X, —

e AIAB vudngtai I nén M la tim dudng tron ngoai tiép tam giac I4B .

2
=>S=rR=xIM’=7|(x,-2)"+ ST [ P (xo—z)%rL2 > 67
X, —2 (x,—2)

. = \/§+2:> = \/§+2
o Diu "=" xay ra khi (xo—z)zzﬁ@{x‘) o
xo—

X, =—\B3+2= p, =342

o Vb6i x,= x/§+2:>A:y:—x+2\/§+4 cit 2 truc toa d0 tai E(0;2\/§+4) va
F(243+4;0), suy ra S, =%0E.OF =14+83 ~ 27,8564

o V6i x,=—\B+2=A:y=-x-23+4 cit 2 tuc toa do tai E(0;-2V3+4) va

F(-243+4;0), suyra S, :%OE.OF:14—8\/§zO,1435

Phuong phép tric nghi¢m
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o IM 16nnhit < IM L A= cx,+d =+ |ad—bc|:>x0—2:i |—4+1|.

x,= 342=y,= B3+2
= Yo . Giai tuong tu nhu trén.

Xp=—N3+2=y,=—3+2
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